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The  combining  properties  of  serum-complement  have  been  studied  in 
two  chief  relationships.  In  the  first  place,  its  combination  with  red 
corpuscles  or  bacteria,  through  the  medium  of  the  appropriate  immune- 
body,  has  Ijeen  investigated  to  a  certain  extent,  and  facts  of  consider- 
able importance  have  been  obtained.  Taking  the  case  of  haemolytic 
sera,  we  may  for  the  present  put  aside  the  question  whether  the 
immune-body  acts  as  a  link  (amboceptor)  between  the  molecule  of  the 
red  corpuscle  and  complement  (Ehrlich's  view),  or  whether  complement 
enters  into  direct  combination  with  the  molecules  of  the  red  corpuscles 
through  the  influence  of  the  immune-body.  If  we  represent  the  com- 
bining molecules  or  receptors  of  the  red  corpuscles  by  R,  and  the 
immime-body  by  IB,  it  is  sufficient  for  our  present  purpose  to  recognise 
that  C  combines  with  R  +  IB,  In  the  second  place,  complement  enters 
into  combination  with  the  anti-complement  developed  in  the  serum  of 
an  animal  of  different  species  by  injection  of  complement  into  that 
animal ;  we  may  thus  speak  of  the  combination  of  C  with  anti-C.  It 
may  be  recalled  that  Ehrlich  regards  complement  as  consisting  of  two 
chief  atom  groups,  viz.,  a  haptophore  or  combining  group,  and  a 
qrmotoxic,  by  which  it  produces  its  characteristic  effect.  He  also 
concludes,  as  the  result  of  an  ingenious  series  of  experiments*  in 
conjunction  with  Morgenroth,  that  the  anti-complement  fills  up  the 
haptophore  group  of  complement,  and  thus  prevents  combination  with 
red  corpuscles  united  to  immune-body,  i.e.,  with  R  +  IB  molecules. 

•  Ehrlich  and  Morgenroth,  Berlin,  *  Klin.  Woch.,*  1900,  No.  31. 
VOL.  LXXIV.  ^ 
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A  particular  anti-complement  has,  as  a  rule,  the  greatest  neutralising 
effect  on  the  complement  used  for  its  production,  though  it  may  have 
an  action  also  on  the  complements  of  some  other  animals,  whilst  on 
others  still  it  has  little  or  no  effect.     This  would  point  to  a  difference 
in  the  haptophore  groups  of  the  several  complements.     Yet  these  may 
be  effective  in  haemolysis,  i.e,,  they  may  combine  with  the  R  +  IB 
molecules,   and  therefore  the  haptophore  groups  of    these  different 
complements  would  appear  to   be  the  same.     This  apparent  contra- 
diction has  been  discussed  by  Bordet*  and  by  Ehrlich  and  Morgenroth,t 
and  the   latter  observers  suggest  that  there  may  be  more  than  one 
immune-body,  one  combining  with  the  complement  of  animal  A  and 
another  combining  that  of  animal  B.     It  seemed  to  us  that  this  and 
other  questions  might  be  investigated  by  the  method  devised  by  one  of 
us,  J  by  means  of  which  the  amount  of  complement  taken  up  by  th^ 
R  +  IB  molecules  can  be  estimated.     We  can  thus  determine  whether^ 
these  molecules  saturated  for  the  complement  of  one  species  are  also 
saturated  for  that  of  another  species.     The  present  paper  falls  into  two 
chief  parts,  the  first  dealing  with  the  combining  afl&nities  of  complement> 
for  anti-complement  and  for  R  +  IB  molecules  respectively,  the  seconcL 
dealing  with  complementoids. 

The  methods  used  of  estimating  the  value  of  immune-body  and  oC 
complement  are  those  of  Ehrlich  and  V.  Dungern,  as  explained  in  a 
previous  paper.  We  shall  use  the  following  abbreviations: — C  = 
complement,  anti-C  =  anti-complement,  IB  ==  immune  body,  R  =  th© 
receptors  of  the  red  corpuscles  which  combine  with  immune-body, 
M.H.D.  ==  minimum  haemolytic  dose.  When  we  are  speaking  of 
doses,  a  numeral  is  placed  before  the  symbol,  thus,  SIB  will  mean  three 
times  the  amount  of  immune-body  necessary  for  haemolysis  in  presence 
of  excess  of  complement,  and  3R  +  SIB  will  signify  three  doses  of  IB, 
combined  with  the  corresponding  number  of  receptors  of  the  red  cor- 
puscles ;  R  +  IB  +  C  will,  of  course,  indicate  a  condition  leading  to  com- 
plete haemolysis. 

I. — On  the  Combining  (Hapt^hwe)  Group  of  Coinplement. 

(a)  On  the  Firmness  of  the  Combinations  of  Complement. — In  the  first 
place  we  may  consider  the  relative  stability  of  the  combination 
C  +  R  -H  IB  on  the  one  hand  and  the  combination  C  -h  anti-C  on  the  other 
hand.  It  has  been  shown  by  one  of  us  in  a  previous  communication  that 
in  the  particular  instance  studiedg  there  is  no  evidence  that  C  after 

•  Bordet,  *  Aniiftles  de  Tlnst.  Pasteur/  1901,  p.  303. 
t  Ehrlich.  and  Morgenroth,  op,  cit. 
X  Muir,  •  The  Lancet,'  1908,  toI.  2,  p.  446. 

§  It  must  be  noted  that  the  results  obtained  apply  only  to  t)ie  particular  condi- 
tions investigated,  and  must  be  interpreted  in  that  light. 
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combination  with  R  +  IB  can  be  dissociated,  but  it  will  be  well  to  give 
a  detaUed  experiment  in  illustration.  The  red  corpuscles  of  the  ox 
saturated  with  the  corresponding  IB  obtained  from  the  rabbit  can  take 
tip  about  8 — 9  haemolytic  doses  of  guinea-pig's  C,  and  if  we  make  the 
suspension  of  red  corpuscles  four  times  the  usual  strength,  i.e.,  20  per 
cent.,  then  1  c.c.  of  such  a  suspension  will  take  up  more  than  30  doses 
of  C,  We  can  then  test  whether  any  of  the  C  is  recoverable.  The 
following  are  the  details : — 

1.  1  CO.  of  a  20-per-cent.  suspension  of  ox's  corpuscles  in  salt  solution  is  placed 
in  a  test-tube,  and  there  are  added  (a)  more  than  sufficient  IB  to  saturate  the 
corpuscles,  (6)  1  c.c.  of  guinea-pig's  C  (the  M.H.D.  is  0'055  c.c),  so  that  nearly 
twenty  doses  are  added. 

2.  The  tube  is  placed  in  the  incubator  for  2  hours  at  37^  C,  the  contents  being 
well  shaken  from  time  to  time. 

3.  At  the  end  of  2  hours  0'5  c.c.  of  a  5-pcr-cent.  suspension  of  ox  corpuscles, 
treated  with  IB,  is  added  (the  lieBmoljtic  dose  of  C  for  this  is,  of  course,  0*027  c.c.)  ; 
the  tube  is  placed  in  the  incubator  for  another  hour. 

4.  The  contents  of  the  tube  are  then  centrifugalised,  and  the  corpuscles  are 
washed  with  salt  solution  to  remove  the  red  fluid.  T]ie  corpuscles  are  then  laked 
with  water,  and  compared  with  0*5  c.c.  suspension  of  red  corpuscles  similarly 
treated. 

The  result  is  that  no  perceptible  haemolysis  of  the  added  corpuscles 
has  taken  place.  By  the  method  employed  the  haemolysis  of  less  than 
a  fifth  of  the  corpuscles  is  readily  detected,  i.e.,  if  0*005  c.c.  of  C  were 
recoverable,  this  would  be  shown  by  the  resulting  haemolysis.  Such 
an  experiment,  therefore,  shows  (a)  that  practically  complete  com- 
bination of  the  added  complement  takes  place,  and  {b)  that  of  the 
combined  complement  not  1  per  cent,  can  be  dissociated. 

When  the  saturation  point  has  been  reached,  i.e.,  when  C  is  first 
obtainable,  any  C  then  added  remains  free  to  a  large  extent.  In  a 
former  paper  it  was  stated  that,  as  a  rule,  a  single  dose  of  C  added 
remains  free,  but  further  experiments  show  that  this  is  rather  the 
exception.  It  sometimes  occurs,  but  usually  after  the  saturation  point 
more  than  one  dose  of  C  requires  to  ])e  added  to  give  one  dose  free. 
Considerable  variations  occur  in  this  respect,  and  we  are  unable  to 
explain  them,  though  possibly  the  presence  of  a  certain  proportion  of 
complementoid  mixed  with  the  complement  may  be  the  cause.  This, 
however,  does  not  affect  the  statement  regarding  the  firmness  of  the 
union  of  C  with  R  +  IB  after  combination  has  taken  place. 

When  we  come  to  the  combination  of  C  with  anti-C,  we  find  that 
quite  another  condition  obtains.  Here  we  have  an  exaggerated 
instance  of  what  Ehrlich  found  in  the  case  of  a  toxin  and  anti-toxin, 
viz.,  that  when  a  neutral  mixture  of  these  substances  is  made,  and 
time  is  allowed  for  combination,  the  addition  of  several  lethal  doses  of 
toxin  may  be  necessary  before  a  lethal  dose  remains  free.  The 
following  may  be  taken  as  examples : — 
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1.  C  of  guinea-pig ;  M.H.D.  ^  0*03  c.o.  , 

An(i-C  to  guinea-pig's  C  obtained  bj  injecting  a  rabbit  with  guinea-pig's  serum. 

To  each  of  a  series  of  tubes  containing  0*5  c.e.  salt  solution  0*1  c.c.  anti-C  is  added, 
and  to  the  several  tubes  0*03,  004,  05  c.c,  etc.,  of  guinea-pig's  C  is  added.  The 
tubes  are  placed  in  the  incubator  at  37°  C.  for  an  hour. 

The  amount  of  C  obtainable  in  each  tube  is  tested  bj  adding  to  each  1  c.o. 
suspension  of  red  corpuscles,  treated  with  IB,  and  incubating  for  an  hour,  the 
tubes  being  afterwards  placed  in  a  cool  chamber  for  16  hours. 

It  is  found  that  in  the  tube  containing  0*03  c.c.  C  a  mere  trace  of 
lysis  has  occurred,  in  the  tube  0*04  c.c.  C  half  the  corpuscles  have 
undergone  solution,  but  it  is  not  till  the  tube  containing  0*12  c.c.  C  is 
reached  that  complete  hemolysis  of  the  corpuscles  has  occurred.  In 
other  words,  if  we  take  the  tube  where  C  is  first  obtainable  from  the 
mixture  of  C  and  anti-C,  three  additional  doses  of  C  must  be  added 
before  a  full  hsemolytic  dose  is  obtainable. 

2.  In  this  case  0*05  c.c.  anti-C  is  used,  and  the  M.H.D.  of  C  is  0*05  c.c.  The 
procedure  is  the  same  as  before.  The  result  is  that  eren  from  the  tube  containing 
0*03  c.c.  of  C  a  trace  of  C  is  obtainable,  but  a  full  hasmoljtio  dose  is  got  first  in  the 
tube  containing  0*1  c.c.  of  C,  i.^.,  one-and-a*half  hssmolytic  doses  must  be  added  ere 
one  remains  free.  (It  is  to  be  noted  that  here  the  amount  of  anti-C  is  onlj  half  of 
what  it  was  in  the  previous  case.) 

Such  results,  which  agree  with  those  of  Bordet,  clearly  show 
that  with  a  mixture  of  C  and  anti-C  there  is  no  sharp  line  of 
neutralisation.  On  the  contrary,  even  with  relatively  small  amounts 
of  C  and  anti-C,  if  we  determine  the  point  at  which  C  is  first 
obtainable,  then  several  doses  of  C  must  be  added  before  a  full 
dose  is  obtainable.  We  have  avoided  using  the  term  "  free  C  **" 
with  reference  to  the  C  which  is  obtainable  from  such  mixtures, 
because  we  believe  that  part  of  the  C  is  got  by  dissociation.  Of 
this  there  is  distinct  evidence.  In  every  case  where  red  corpuscles^ 
treated  with  IB  are  added  to  a  mixture  of  C  and  anti-C,  and  complete 
lysis  has  not  occurred,  it  is  found  that  after  the  corpuscles  have  been 
allowed  to  settle,  a  zone  of  diffusion  of  haemoglobin  is  seen  above  the 
sedimented  corpuscles.  This  is  evidently  to  be  explained  on  the 
supposition  that  in  such  a  tube  there  is,  in  addition  to  the  combined  C, 
a  minute  trace  of  free  C.  This  latter  combines  with  the  red  corpuscles^ 
and  according  to  the  law  regarding  substances  loosely  combined,  a- 
small  quantity  of  C  is  dissociated  from  the  combination  C  +  anti-C  to 
take  its  place.  This  process  is  repeated  during  the  sedimentation 
of  the  red  corpuscles,  and  the  result  is  an  additional  amount  of 
solution  of  haemoglobin.  Such  a  phenomenon  is  not  seen  in  ordinary 
test-tube  experiments,  where  there  is  incomplete  lysis  with  a  mixture 
merely  of  C  and  IB.  It  follows  from  what  we  have  said  that  we 
consider  it  to  be  impossible  to  determine  by  such  methods  the  exact 
point  at  which  C  remains  free  in  a  mixture  of  C  and  anti-C ;   we  can 
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only  determine  how  much  C  is  obtainable,  and  this  amoimt  will  be 
in  excess  of  the  free  C,  because  part  of  it  is  got  by  dissociation. 

As  is  well  known,  Ehrlich  explained  the  analogous  phenomenon  in  the 
case  of  diphtheria  toxin  and  anti-toxin  by  supposing  that  in  the  **  toxin  " 
there  is  a  mixture  of  toxin  in  the  proper  sense  and  degenerated  toxin  or 
toxoid,  the  latter  having  little  toxic  action  and  also,  as  a  rule,  a  feebler 
combining  affinity.  Bordet,*  on  the  other  hand,  explains  the  phenomenon 
in  the  Ciise  of  complement  and  anti-complement  by  the  hypothesis  that 
an  anti-complement  molecule  has  no  fixed  combining  relationship,  but 
may  become  united  to  one,  two,  three,  etc.,  complement  molecules,  so 
that  we  have  AC^  AC-,  AC^  combinations.  Madsen,  Dreyer,  and 
Arrhenius,t  from  a  number  of  very  important  researches  on  tetanolysin 
and  diphtheria  toxin,  come  to  the  conclusion  that  the  union  of  toxin 
and  anti-toxin  follows  the  chemical  law  of  Guldberg  and  Waage  for 
substances  whose  combining  affinity  is  somewhat  feeble.  In  other 
words,  the  combination  belongs  to  the  category  of  reversible  actions, 
the  amount  of  the  two  substances  in  combination  having  always  a 
definite  relationship  to  the  amount  of  each  of  the  two  substances  free. 
We  have  not  worked  out  with  sufficient  fullness  the  behaviour  of  C 
and  anti-C  to  make  a  definite  statement  on  this  point ;  we  may, 
however,  state  that  the  results  which  we  have  got  present  a  close 
analogy  to  those  of  the  Danish  observers.  It  should  be  noted, 
however,  that  the  nature  of  the  union  of  toxin  or  complement  with  its 
anti-substance  is  one  matter,  the  question  as  to  the  existence  of  toxoids 
and  complementoids  is  another. 

{h)  Oil  tlie  Specific  Affinities  of  the  Haptophwe  Group. — There  is 
another  way  in  which  the  combinations  of  C  with  anti-C  and  R  +  IB 
molecules  respectively  may  be  compared,  namely,  as  regards  specific 
affinities. 

1.  Using  the  anti-C  to  guinea-pig's  C  obtained  from  the  rabbit, 
we  find  in  confirmation  of  Ehrlich  and  Morgenroth  that  this  anti-C 
has  some  effect  on  rabbit's  C,  though  it  is  very  slight.  In  a  given 
case,  for  example,  we  found  that  the  addition  of  0*1  c.c.  aiiti-C  to  the 
M.H.D.  of  rabbit's  C  scarcely  diminishes  the  amount  of  lysis  which 
follows  when  the  test  amount  of  red  corpuscles  treated  with  IB  is 
added ;  there  is  merely  a  slight  deposit  in  the  tube  as  compared  with 
the  control,  and  0*6  of  a  M.H.D.  of  C  has  to  be  added  before  this 
disappears,  i.e.,  1'6  M.H.D.  treated  with  0*1  c.c.  anti-C  produces  quite 
complete  haemolysis.  With  guinea-pig's  complement  0*1  c.c.  anti-C 
with  a  little  more  than  the  M.H.D.  of  C  prevents  lysis  almost  com- 
pletely, and  three  additional  doses  of  C  must  be  added  to  the  mixture 
before  complete  lysis  occiu*s  when  the  test  is  made  in  the  same  way 

•  Bordet,  *  Annales  de  I'liist.  Pasteur,'  vol.  17,  1903,  p.  161. 
t  Vide  *  Festekrift  ved  Indvielsen  af  Statens  Serum  Institut,'  Copenhagen,  1902 ; 
also  Madsen,  '  Centralbl.  f.  Bakteriol.,*  vol.  34,  p.  630. 
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(vide  supra)y  t.^.,  4M.H.D.  treated  with  O'l  c.c.  anti-C  produces  Ijsls. 
The  anti-C  has  thus  a  marked  effect  on  guinea-pig's  C  as  compared 
with  that  on  rabbit's  C.  One  would  conclude  that  while  some  of  the 
molecules  in  the  rabbit's  C  and  in  the  guinea-pig's  C  have  the  same 
combining  affinity,  most  of  the  molecules  in  the  rabbit's  C  do  not 
combine  with  the  anti-C,  ue.,  have  a  different  haptophore  group  from 
that  of  the  molecules  of  guinea-pig's  complement. 

2.  How  do  the  complements  behave  towards  the  same  R  +  £B 
molecules  ?  As  is  well  known,  ox's  corpuscles,  treated  with  IB  from 
the  rabbit,  are  lysed  on  the  addition  either  of  guinea-pig's  C  or  of 
rabbit's  C.  This  would  point  to  the  haptophore  groups  of  the  two 
complements  being  the  same.  Ehrlich  and  Morgenroth  have  supposed 
in  the  corresponding  case  of  the  IB  to  rabbit's  corpuscles  obtained 
from  the  guinea-pig,  that  there  are  really  two  IB's  present,  one  of 
which  combines  with  the  rabbit's  complement  and  one  with  the 
guinea-pig's,  and  point  out  in  favour  of  this  view  that  when  rabbit's 
C  is  used,  the  M.H.D.  of  IB  is  about  ten  times  greater  than  when 
guinea-pig's  C  is  used.  We  have  accordingly  investigated  the  case 
of  the  immune-body  obtained  by  injecting  the  rabbit  with  ox's 
corpuscles.  As  both  rabbit's  and  guinea-pig's  complements  are  taken 
up  by  ox's  corpuscles  combined  with  immune-body,  the  question  comes 
to  be  whether  both  complements  combine  with  the  same  molecules. 
Does  the  combination  of  guinea-pig's  complement  prevent  the  combina- 
tion of  rabbit's  complement  and  tire  versd'i  We  have  conducted  a 
large  number  of  experiments  of  this  nature,  and  the  result  has  always 
been  to  give  an  answer  in  the  affirmative.  The  experiments  are  on 
the  same  lines  as  those  already  described.  Suppose  we  wish  to  test 
how  much  guinea-pig's  complement  is  kept  from  combination  by  the 
previous  combination  of  a  given  amount  of  rabbit's  complement.  To 
one  series  (A)  of  tubes,  each  containing  the  test  amount  of  corpuscles 
combined  with  the  same  amoimt  of  IB  (generally  3 — 4  D),  we  add 
increasing  amounts  of  guinea-pig's  complement  and  t^t  how  much 
the  treated  corpuscles  will  take  up.  In  another  series  (B)  of  similar 
tabes,  we  add  a  given  amount  of  rabbit's  C,  allow  combination  to  take 
place  for  an  hour  at  37°  C,  and  then  test  as  before  how  much  guinea- 
pig's  C  will  be  taken  up.  (It  is  convenient  in  such  experiments  to 
produce  lysis  first  of  all  in  all  the  tubes,  in  a  case  such  as  the  present 
by  guinea-pig's  C.  The  amount  of  C  used,  of  coru*se,  is  added  to  the 
final  result.)  The  excess  in  the  amount  of  guinea-pig's  C  taken  up 
in  series  A  over  that  taken  up  in  series  B  gives  the  amount  which  has 
been  kept  out  by  the  amount  of  rabbit's  C  used.  The  following  may 
be  cited  as  examples : — 

1.  Xo.  3.  M.ir.D.  of  guinea-pig's  C  =  0  05  c.c. ;  M.II.D.  of  rabbit's  C  =  022  c.c. 
About  3D  of  IB  added  to  each  of  two  series  of  tubes,  each  tube  containing  1  c.c. 
fOfpension  of  red  corpuscles. 
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Series  A.    Guinea-pig's  C  alone  added.    Amount  taken  up  »  0*24  c.c. 

Series  B.  0*25  c.c.  rabbit's  C  first,  and  then  guinea-pig's  C.  Amount  of  guinea- 
pig's  C  taken  up  =  0*19  c.c. 

Therefore,  0*25  c.c.  of  rabbit's  C  has  kept  from  combination  about  0*05  c.c. 
guinea-pig's  C. 

2.  Ko.  24.  M.H.D. of  guinea-pig's  0  =  004 c.c. ;  M.H.D. of  rabbit's  C  =  0*3 c.c. 
About  3D  of  IB  added  to  each  tube  as  before. 

Series  A.     Babbit's  C  alone  added ;  amount  taken  up  »  1*35  c.o. 

Series  B.  0*04  c.c.  of  guinea-pig's  C  first,  and  then  rabbit's  C.  Amount  of 
rabbit's  C  taken  up  »  0*9  c.o. 

Therefore,  0*04  c.c.  of  guinea-pig's  C  has  kept  out  0*45  rabbit's  C. 

8.  No.  31.  M.H.D.  of  guinea-pig's  C  =  00175  c.c. ;  M.H.D.  of  rabbit's  C  = 
0*1  c.c,  4D  of  IB  added  to  each  tube. 

Series  A.     Guinea-pig's  C  alone  added.     Amount  taken  up  =  0*11  c.c. 

Series  B.  0*1  c.c.  of  rabbit's  C  first,  and  then  guinea-pig's  C.  Amount  of 
guinea-pig's  C  taken  up  ==■  0*09  c.c. 

Therefore,  0*1  c.c.  rabbit's  C  hits  kept  out  0*02  c.c.  guinea-pig's  C. 

Another  method  is  to  determine  whether  K  +  IB  molecules  saturated, 
say,  for  rabbit's  complement  are  also  saturated  for  guinea-pig's  comple- 
ment. To  one  series  (A)  of  tubes,  each  containing  the  same  amount  of  red 
corpuscles  and  the  same  amount  of  IB,  complement  of  rabbit  is  added 
in  increasing  amounts,  and  the  tubes  are  placed  in  the  incubator  for 
2  hours  at  37"  C.  The  same  procedure  is  carried  out  in  another 
series  (B),  but  at  the  end  of  the  2  hours  a  hemolytic  dose  of  guinea-pig's 
C  is  added  to  each  tube.  The  tubes  of  both  series  are  placed  in  the 
incubator  for  another  hour,  and  the  presence  of  free  C  is  tested  for 
in  the  usual  way.  It  is  evident  that  the  first  series  will  give  the 
point  of  saturation  with  rabbit's  C,  and  the  corresponding  tube  in 
the  second  series  will  show  whether  such  a  tube  can  still  take  up 
guinea-pig's  complement.  As  an  example,  in  one  experiment  it  is 
found  that  in  series  A  the  tube  with  0*2  c.c.  rabbit's  C  added  gives 
a  fifth  of  a  h  hemolytic  dose  of  free  C,  whilst  in  series  B  the  tube 
containing  0*2  c.c.  rabbit's  C  gives  a  full  hsemolytic  dose  of  free  C. 
Thus  it  is  shown  that  the  tube  saturated  with  rabbit's  C  took  up  not 
more  than  a  fifth  of  a  dose  of  guinea-pig's  C.  (A  separate  estimation 
carried  out  at  the  same  time  gave  0*14  c.c.  as  the  amount  of  guinea- 
pig's  C  taken  up  by  the  same  amount  of  red  corpuscles  treated  with 
IB.)  It  will  be  shown  below  that  a  corresponding  result  is  obtained 
by  saturation  with  complementoids. 

We  have,  therefore,  shown  that  in  the  case  studied  practically  all 
the  molecules  of  the  guinea-pig's  complement  combine  with  the  same 
R  +  IB  molecules  of  the  ox  as  the  molecules  of  the  rabbit's  comple- 
ment combine  with. 

Another  interesting  point  which  presents  itself  is  whether  the 
hemolytic  value  of  a  complement  corresponds  with  the  combining 
value.     The  haemolytic  dose  of   normal   rabbit's  serum  in  the  (ia&^ 
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studied  is  always  several  times  that  of  guinea-pig's  complement.  Thi 
m;iy  be  because  there  are  fewer  complement  molecules  in  a  givei 
amount  of  rabbit's  serum  or  because  the  zymotoxic  group  of  thi 
rabbit's  complement  is  less  active  than  that  of  the  guinea-pig' 
complement.  In  the  former  case  a  haemolytic  dose  of  rabbit's  comple 
ment  will  prevent  the  combination  of  a  hemolytic  dose  of  guinea-pig' 
complement;  in  the  latter  it  will  prevent  the  combination  of  more 
Our  experiments  are  not  sufficiently  extensive  to  give  a  definite  state 
ment  on  this  point,  especially  in  view  of  the  fact  that  during  the  pro 
gress  of  an  experiment  the  haemolytic  action  of  complement  maj 
diminish,  and  this  change  in  the  value  does  not  always  occur  ir 
the  two  complements  in  the  same  proportion.  We  may  say,  however 
that  we  have  obtained  in  several  instances  a  correspondence  betweei 
the  combining  and  the  hajmolytic  ratio,  i.e.,  a  haemolytic  dose  of  guinea 
pig's  complement  keeps  out  a  dose  of  rabbit's,  and  vice  reisd.  \V< 
are  inclined  to  think  that  this  may  be  the  rule  in  the  case  before  us 
and  that  probably  the  divergences  in  these  ratios  which  wc  have  als< 
met  with  are  the  result  of  accidental  distiu-bing  causes.  We  do  noi 
consider  this  point  as  satisfactorily  settled.  It  is  to  l>e  noted  that  th( 
M.H.D.  of  the  IB  is  practically  the  same,  with  the  two  complemcntf 
used,  provided  that  the  natural  IB  of  the  guinea-pig's  serum  for  th( 
ox's  corpuscles  be  first  removed.  In  other  cases  recently  investigated 
by  us  where  this  does  not  hold,  a  distinct  difierence  between  com 
bining  relationships  and  haemolytic  action  has  been  brought  out. 

CoHciusion. 

It  is  seen  (1)  that  the  firmness  of  combination  is  much  greater  in  th€ 
case  of  C  with  R  -h  IB  molecules  than  of  G  with  anti-C,  and  (2)  that 
differences  in  the  combining  affinities  of  the  C's  of  two  animals  brought 
out  when  tested  with  anti-C  may  not  obtain  when  tested  with  K  -I-  IB. 
The  latter  result  involves  an  apparent  contradiction,  but  is  probably; 
to  be  explained  by  the  energy  of  combination  in  the  two  cases.  It  is 
quite  intelligible  that  differences  shown  to  exist  where  the  chemical 
imion  is  of  a  loose  nature  may  not  be  detectable  when  the  combining 
affinity  is  strong.  The  relation  of  a  toxin  or  complement  to  it< 
corresponding  anti-substance  is  often  compared  to  that  of  a  key  to  « 
lock,  but  the  above  results  show  that  this  is  not  accurate,  as  the  com 
pirison  would  involve  that  two  different  keys  can  be  forcexi  into  th( 
same  lock.  Complements  which  may  be  shown  by  their  behaviour  t< 
anti-complements  to  be  different,  may  still  act  as  if  they  were  similai 
in  the  processes  of  haemolysis  and,  probably,  of  bacteriolysis. 

II. — On  Complementoiils  and  ihtir  ComlAnutio^ii. 

Ehrlich  has  pointed  out  the  analogy  which  exists  between  comple 
ments  and  toxins  of  various  kinds.     Looked  at  from  the  point  of  vie^ 
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of  the  red  corpuscle  or  bacterium,  the  complement  is  the  toxic  agent 
which  leaHs  to  its  partial  or  complete  destruction,  the  auxiliary  action  of 
the  immune-body  being,  however,  necessary.  From  his  study  of  changes 
which  occur  in  toxins  and  their  neutralisation  by  anti-toxin,  he  came 
to  the  conclusion  that  the  toxophore  group  might  undergo  degene- 
ration while  the  haptophore  group  survived,  though  its  combining 
-energy  might  be  weakened.  To  such  an  altered  toxin  he  gave  the 
name  toxoid.  The  results  of  hemolytic  studies  led  him  to  the  con- 
-clusion  that  a  similar  change  might  occur  in  complements,  the  result 
being  complementoids.  The  chief  evidence  for  the  existence  of  com- 
plementoids  is  the  following  : — 

In  most  cases  when  normal  sera  are  heated  to  55*"  C.  for  an  hour,  the 
^characteristic  action  (hjemolysis,  l)acteriolysi8)  of  complement  is  lost, 
but  such  a  serum  when  injected  into  an  animal  of  different  species  has 
the  faculty  of  leading  to  the  formation  of  anti-complement.     Hence, 
apparently  the  zymotoxic  group  of  the  complement  has  been  destroyed, 
while  the  haptophore  remains.      Again,  Ehrlich  and  Sachs*  showe^  in 
the  case  of  the  haemolytic   action  which  the   dog's   serum   normally 
possesses  towards  the  guinea-pig's  corpuscles,  that  the  combining  group 
of  the  R  -h  IB  molecules  might  be  filled  up  by  complementoid,  and  thus 
the  action  of  complement,  i.e.,  haemolysis,  might  be  prevented.     In 
most  insUmces,  however,  this  is  not  the  case,  and  we  must  conclude 
either  that  complementoid   does   not  usually   combine   with   R  +  IB, 
or  that  if  it  does,  it  can  be  displaced  by  complement.     So  far  as  we 
know,  the  existence  of  complementoids  in  such  heated  sera  has  not 
been  shown  by  test-tube  experiments,  though  the  production  of  anti- 
complements  by  them  is  strong  presumptive  evidence  in  favour  of  their 
■existence.    We  accordingly  bring  forward  the  following  methods  which 
prove  their  existence : — 

Is   COMPLEAIENTOID   PRESENT  IN  SeRUM  HEATED   AT  55**   C.  1 

We  have  demonstrated  the  existence  of  complementoids  by  two 
Jnethods,  \dz. :  (1)  by  showing  that  they  combine  with  K-I-IB 
molecules  after  lysis,  and  thus  prevent  a  certain  amount  of  C  from 
being  taken  up ;  (2)  by  showing  that  they  combine  with  anti-C,  and 
thus  diminish  the  amount  of  C  which  can  be  neutralised  by  a  given 
amount  of  anti-C.  We  may  state  that  the  complement  to  be  tested  has 
usually  been  heated  for  1^  hours  at  57**  C,  and  in  every  case  a  test 
was  made,  to  show  that  it  was  devoid  of  haemolytic  power. 

(1)  As  was  shown  by  Ehrlich  and  Morgenroth,  the  addition  of  Cd 
to  red  corpuscles  treated  with  IB  does  not  prevent  the  combination  of 
€  and  the  occurrence  of  lysis.  We  may  represent  this  as  follows,  the 
^mall  circle  indicating  a  red  corpuscle  : — 

•  Ehrlich  and  Sachs,  'Ber]m  KUn.  Wocli.,'  1902.  ]So.  21. 
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O 


{ 


R 
IB 


+  Cd 


+  C 


Eesult  =  lysis. 


The  vertical  dotted  line  indicates  a  period  of  vicnbation  for  1  haur^ 
unless  when  othervrise  stated. 

After  lysis  has  occurred,  howevef ,  Cd  can  combine  with  the  R  +  IB 
molecules.  It  has  been  shown  that  a  large  amount  of  C  can  be  taken 
up  through  the  medium  of  multiple  doses  of  IB,  and  that  the  combina- 
tion of  C  is  a  firm  one.     Thus : — 


2  hrs. 


o^l 


R 
IB 


+  4C 


^o{5 


Result  =  no  lysis  in  added 
corpuscles. 


If,  however,  we  add  in  the  same  case  3Cd  after  lysis  by  IC,  but 
before  the  addition  of  the  other  3C,  the  result  is  different,  thus  : — 


2  hrs. 


o^{ 


R 

IB 

Lysis 


+  C 


+  3Cd 


+  3C 


+  0 


{ 


R 
IB 


Result  =  l^'-sis  in 
added  corpuscles. 


In  other  words,  the  Cd  molecules  have  united  with  the  R  +  IB 
molecules  after  lysis,  and  have  prevented  the  added  C  from  being 
taken  up;  this  is  shown  by  the  test  corpuscles  undergoing  lysis  by 
means  of  the  free  C. 

To  avoid  repetition,  we  may  here  state  that  the  stages  of  all  such 
experiments  are  the  following : — 

1.  To  each  of  a  series  of  tubes  containing  the  standard  amount  of  corpuscles,  a 
certain  amount  of  IB  is  added,  usually  three  to  four  hemolytic  doses. 

2.  To  each  tube  is  added  a  little  more  than  the  hemolytic  dose  of  complement^ 
and  a  certain  amount  of  complementoid  (heated  serum).  The  tubes  are  placed  in 
the  incubator  for  an  hour  at  37°  C.  Hemolysis,  of  course,  occurs,  and  time  it 
allowed  for  the  Cd  to  combine  with  the  B  +  IB  molecules. 

8.  To  the  several  tubes  in  series  complement  is  then  added  in  increasing  amount. 
Experience  shows  bow  much  C  is  likely  to  be  taken  up,  and  the  last  tubes  should^ 
of  course,  contain  more  than  this.    The  tubes  are  incubated  at  37°  C.  for  2  hours. 

4.  To  each  tube  is  added  the  standard  amount  of  red  corpuscles,  treated 
previously  with  3D  of  IB,  and  the  tubes  are  placed  in  the  incubator  for  another 
hour.  Hfemolysis  will,  of  course,  take  place  in  the  added  corpuscles  according  to 
tlie  amount  of  uncoinbined  C  present  in  each  tube.  The  tubes  are  then  placed  in 
a  cool  chamber  till  next  morning ;  the  red  fluid  in  each  tube  is  pipetted  off,  and  the 
amount  of  sedimented  corpuscles  left  is  estimated  as  above  described. 

In  a  oontrol  set  of  tubes  complement  only  is  added,  and  we  thus  ascertain  how 
>h  0  it  taken  up  when  no  Cd  it  present.    It  is  then  seen  how  much  C  hat  been 
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prerented  from  combining  with  tho  B  +  IB  moleoules  by  means  of  a  giren  amount 
of  Cd, 

(2)  Complementoid  combines  with  anti-complement,  and  prevents 
the  union  of  the  latter  with  complement. 

If  the  ordinary  action  of  anti-complement  is  shown  thus, 


Anti-C  -h  C 


+o{S 


Eesult  =  no  lysis, 


then  we  may  represent  the  effect  of  Cd  by  the  following  scheme- 


Anti-C  +  Ckl 


+  C 


■^o{il 


Result  =  partial  lysis. 


The  following  are  the  details  of  such  an  experiment : — 

Two  series  (A  and  B),  of  nine  tubes,  each  containing  0*5  c.c.  salt 
solution. 

C  of  guinea-pig  M.H.D.  =  0*03  c.c,  CJd  =  the  same  serum  heated. 
Anti-C  is  the  serum  (heated  at  57*  C.)  of  a  rabbit  injected  with 
guinea-pig's  serum. 

Series  A.     Each  tube  receives  0*1  c.c.  anti-C  and  0*1  c.c.  Cd. 

Series  B.     To  each  tube,  0*1  c.c.  anti-C  alone  is  added. 

All  the  tubes  are  placed  in  the  incubator  for  an  hour  at  ST**  C. 

To  the  several  tubes  of  both  series  alike  are  then  added  increasing 
amounts  of  C,  viz.,  0*03,  0*04,  0*05  c.c,  etc  Incubation  for  another 
hour.  To  each  tube  the  standard  amount  of  red  corpuscles  treated  with 
IB  is  then  added,  and  the  tubes  are  incubated  for  another  hour. 

The  results  are  shown  in  the  following  table  : — 


Amoont      of      C 

added  in  c.c.  .  • 

Series  A — 

I     Amountof  Ijsis 

in  added  cor- 

puscles 

Series  B,  ditto . . . 


1. 


2.    \    3. 


0-03  004;  0-05 


4. 


5. 


6. 


7. 


8. 


9.       10. 


006   0  08 


0  1 


0-78  0-88 
0  1     0-55 


'    V. 


0-9 
0-62 


Almost  complete 
0-7    'o-77   0-80 


012 


OU 


0  16  0  18 


Complete 


0-88 


Almost 


Com- ! 


complete     plete 


The  effect  of  Cd  in  preventing  the  combination  of  C  is  thus  seen 
throughout.  If  we  take  the  first  tube,  it  is  seen  that  the  previous 
addition  of  0*1  c.c  Cd  has  kept  out  sufficient  C  to  produce  lysis  of 
0'68  of  the  added  corpuscles,  t.«.,  about  0*02  cc  C. 
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On  the  Amount  of  Complemenioid  derived  from  Comphmeni, 

We  have  seen  that  the  evidence  for  the  existence  of  complementoid 
is  supplied  by  its  preventing  complement  from  combining  with  certain 
molecules  (R  +  IB  and  anti-C  respectively).  The  amount  of  comple- 
mentoid present  may  be  measured  by  the  amoimt  of  complement  which 
is  thus  kej)t  out  of  combination.  Thus,  if  each  molecule  of  com- 
plement gives  rise  to  one  molecule  of  complementoid,  then  0*1  c.c.  of 
heated  serum  (Cd)  should  prevent  the  combination  of  the  complement 
in  0*1  c.c.  of  the  same  serum  unheated,  pro\ided,  however,  that  the 
complement  cannot  displace  the  complementoid  after  it  has  combined. 
Suppose  we  wish  to  estimate  how  much  complement  will  be  kept  out 
by  a  given  amount  of  complementoid,  we  proceed  as  follows.  Two 
series  of  tubes  (A  and  B)  are  taken,  and  to  each  tube  is  added  the 
same  amount  of  IB  (say  four  doses) ;  lysis  is  produced  in  all  the  tubes 
by  a  dose  of  C.  To  each  tube  in  series  A  a  given  amount  of  Gd  is 
added,  and  1  hour  at  37'  C.  is  allowed  for  combination.  We  then  add 
increasing  amounts  of  C  to  the  tubes  in  each  series,  and  find,  by  the 
method  described  above,  how  much  C  is  taken  up  in  the  two  series. 
The  difference  l^etween  the  amounts  in  the  two  series  gives,  of  course, 
the  amount  of  C  which  has  been  prevented  from  combining  by  the  Cd 
used.  We  can  in  the  same  way  compare  the  amount  of  guinea-pig's  C, 
kept  out  by  a  given  amoiuit  of  rabbit's  C  and  Cd  respectively,  and  the 
amoimt  of  rabbit's  C  kept  out  by  guinea-pig's  C  and  Cd.  Of  course,  in 
every  experiment  of  this  kind,  the  Cd  is  a  heated  portion  of  the  same 
C  as  that  used  for  comparison. 

A  considerable  number  of  experiments  of  this  kind  have  been  per- 
formed both  with  rabbit's  and  guinea-pig's  complementoids,  and 
differences  are  found  in  the  two  cases.  In  five  experiments  in  which 
rabbit's  complementoid  was  used,  it  was  found  that  there  was  kept 
out  of  combination  a  quantity  of  complement,  approximately  equal  to 
the  amoimt  of  complementoid  used.  In  the  case  of  the  guinea-pig's 
complement,  on  the  other  hand,  the  amount  of  complement  kept  out 
was  always  distinctly  less ;  on  the  average,  0*6  c.c.  of  C  corresponded 
to  1  c.c.  of  complementoid.  We  may  therefore  say  that  a  molecule 
of  rabbit's  C  gives  rise  to  a  molecule  of  Cd,  which  has  an  affinity  for 
the  R  -I-  IB  molecules  after  lysis,  practically'  equal  to  that  of  C ;  whereas, 
with  the  guineii-pig,  in  the  process  of  heating,  either  some  of  the  C 
becomes  entirely  destroyed,  or  the  Cd  formed  has  a  lower  combining 
affinity,  and  some  of  it  can  be  displaced  by  C. 

On  the  Relative  Firmness  of  Union  of  C  and  Cd  respectively  vnth 

11  +  IB  Molecules  after  Lysis. 

To  determine  this,  we  have  compared  in  the  usual  way  the  amount 
of  unaltered  C  which  can  bo  taken  up,  with  the  amount  of  a  mixture 
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of  C  and  Cd  in  equal  parts.  If  the  C  and  Cd  molectdes  have  the  same 
combining  power,  it  is  evident  that  the  saturation  of  the  K  +  IB 
molecules  will  occur  after  the  addition  of  the  same  amounts  in  the  two 
cases.  After  the  saturation  point  has  been  reached,  however,  twice 
as  much  of  the  C  +  Cd  mixture  as  of  the  undiluted  C  would  have  to  be 
added  before  a  free  dose  of  C  would  be  obtained.  As  a  matter  of 
fact,  this  is  pretty  much  what  happens. 

The  following  may  be  taken  as  examples  : — 

I.  Two  series  of  tubes,  A  and  B,  3D  of  IB  added  to  each  tube,  and 
lysis  is  produced  in  all  by  ID  of  C  =  0*05  c.c.  C  is  then  added  in 
increasing  amounts. 

A. 


Amount,  of  C  added  in  c.c. . 
Amount  of  C  left  over 


Amount  of  C  and  Cd  mixed 

in  equal  parti 

Amount  of  C  left  oyer 


1. 

2. 

3. 

4. 

5. 

6. 

0  1 
0 

0-13 
0 

0-2 
trace 

0-25 
much 

0-3 
1D  + 

0-35 
1D+  ; 

0  1 
0 


B. 

0-16 
0 


0-2  !  0-25 
first  I  trace 
trace 


0-8 
more 


0-35 
ID- 


0-4 
ID  4 


0-4 
1D  + 


II.  51)  of  IB  to  each  tube.     M.H.D.  of  C  =  003. 

A. 


Amount  of  C  added  in  c.c. 
Amount  of  C  kf  t  oyer  in 
doses 


Amount  of  mixture  of , 
C  and  Cd,  equal  parts 
added 0-08 

Amount  of  C  left  oyer  ia  . 
doses '  0 


1. 

2. 

3. 

4. 

5. 

1 
6. 

0  08 
0 

0  12 
0 

0-16 
0-65D 

0-2 
1D  + 

0-24 
1D  + 

1 
0-28 

1D  + 

7. 


8. 


9. 


0-32   0-36  0-4 


0-12 
0 


B. 

I 
0  -16   0  -2 

017D0-65D 


0-24  0-2S 

I 
1D+  1D  + 


0-32 
1D  + 


0-36 
1D  + 


It  appears  from  these  examples  that  the  points  at  which  free  C 
appears  in  the  two  cases  ( (a),  where  pure  C  is  used,  and  {b)  where  a 
mixture  of  C  and  Cd  in  equal  parts  is  used)  approximately  correspond 
— only  a  little  more  of  the  mixture  of  C  and  Cd  has  to  be  added  before 
saturation  of  the  R  +  IB  molecules  occurs.  It  is  also  seen  that,  after 
the  saturation  point  has  been  reached,  fully  twice  as  much  of  tKe 
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mixture  as  of  pure  C  has  to  be  added  before  a  free  dose  of  C  is 
obtained.  Of  course,  if  the  C  molecules  had  a  much  greater  affinity 
than  the  Cd  molecules,  the  act^uil  amount  of  C  added  would  be  approxi- 
mately the  same  in  the  two  instances.  This,  however,  is  very  far 
from  being  the  case.  In  other  experiments  we  have  found,  when 
lysis  is  produced  first,  then  a  small  quantity  of  Cd  added  and  allowed 
to  combine,  and  then  increasing  amounts  of  C,  that  the  surplus  C 
appears  to  come  off  less  sharply  than  when  C  alone  has  been  added. 
This  would  appear  to  indicate  that  a  certain  amount  of  Cd  is  displaced 
by  C ;  it  must,  however,  be  a  small  amount. 

We  may  therefore  conclude  that  the  C  and  Cd  have  appi-oxtmutely 
the  same  combining  affinity  for  the  R  +  IB  molecules  after  lysis.  If 
there  is  a  difference  in  favour  of  the  energy  of  combination  of  the 
former,  it  is  a  slight  one. 


On  the  llelative  Firmne^  of  Unian  of  C  and  Cd  with  Anti-C, 

Here  the  mode  of  procedure  is  of  the  same  nature.  A  given  amount 
of  anti-C  is  added  to  salt  solution  in  two  series  of  tubes.  To  the  A 
tubes  increasing  amounts  of  pure  C  are  added ;  to  the  B  tubes  the 
same  amounts  of  a  mixture  of  C  and  Cd  in  equal  parts.  One  and 
a-half  hom*s  at  37  **  C.  are  allowed  for  combination,  and  then  red 
corpuscles  treated  with  IB  are  added  to  each  tube  to  find  how  much 
C  is  obtainable. 

Examples : — 

1. — 0'.1  c.c.  anti-C  in  each  tube. 


A. 

1.       2.  i    3.  1     4. 

! I I 


6.       6.       7.      8.  ■    9. 


0-12 


Amount  of  C  added  in  j 

c.c 0040-050-060  '07  0*08  0*09  0*1 

Amount  of  C  obtain-  I         |         !         |  '         '  | 

able  from  the  mix-  {         '  {  ' 

ture  in  doses  (D). . .  0       0       0       |  first  0  -12  0  "27  0" 27 0  -4 

I         I         .         I  trace,         !  I         I 


10.1  11. 
0  140-16|0  18 


0  -73  0  -82  0  -88 

i     : 


Amount  of  C  and  Cd  '         | 

in  equal  parts  added  0  04^0 '  05|0  06 
Amount  of  C  obtain- 


able 


0        0 


B. 


0*07  0 -081 0  09  0  1    0  12  0  14 


0  -16  0  -18 


first  0-15   X*   0-3   0*65  0-68 
trace^ 


*  This  tube  "waa  accidentally  broken. 
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2.- 

-0-05 

C.C.  anti-C 

in  each  tube. 

A. 

Amount    of       C 

1. 

2. 

3. 

4. 

4. 

5. 

7. 

8. 

9. 

10. 

added  in  c.c.  . . 

0-03 

0  04 

0  05 

0-06 

0  07 

0-08 

0  09 

0  1 

0-12 

0-14 

Amoiint     of      C 

obtainable,     in 

doses  (D) 

0-09 

0  12 

0-4     0  -48  ;  0  -06 

0-73 

0-9 

1-0   1  1  + 

1  + 

B. 

Amount  of  C  and  | 

1 

1 

Cd      in     equal 

ptvrts  added  . . . 

0  05 

0  06 

0  07 

0-09 

0-1 

0-12 

0-14 

0  16 

0-18 

0-2 

Amount  of  C  ob- 

1 

tainable  0  05 

1 

0  15,  0  •28;  0-4 

0-6 

0-73 

0-88 

1 

1  + 

1  + 

In  this  case  of  course,  as  already  explained,  the  surplus  C  comes  off 
much  more  gradually,  and  a  more  accurate  result  might  be  expected. 
The  theoretical  consideration  of  all  the  factors,  however,  is  one  of 
much  complexity,  and  we  do  not  claim  to  explain  it  fully.  The 
following  points  are  to  be  noted  however: — (1)  The  amoimt  of  C 
o})tainable  has  been  estimated  by  the  amount  of  lysis — the  two,  how- 
ever, only  approximately  correspond — it  is  not  possible  to  detect  the 
smallest  amount  of  C,  we  can  only  note  the  first  appreciable  lysis ; 
(2)  as  has  been  stated,  the  combining  value  of  C  (fresh  serum) 
usually  falls  somewhat  when  converted  into  Cd.  (Unfortunately  a 
separate  estimation  of  the  exact  value  of  Cd  in  the  experiments 
before  us  was  not  made) ;  (3)  when  there  is  a  surplus  of  C  and  Cd 
molecules  the  former  are  taken  up  by  the  intact  corpuscles  treated 
with  IB,  the  latter  not  at  all;  the  balance  of  dissociation  may  thus 
be  affected. 

Looking,  however,  at  the  results  in  a  general  way,  we  see  that  C 
is  kept  out  of  combination  by  Cd,  that  the  points  at  which  surplus 
C  is  obtained  are  not  far  distant  from  each  other  in  the  two  series, 
and  that  the  interval  from  the  point  at  which  C  is  first  obtainable  to 
that  at  which  a  full  dose  is  got  is  much  lengthened  in  series  B, 
though  it  is  not  quite  doubled.  If  we  take  the  tube  in  series  B 
(mixture  of  C  and  Cd  added),  which  gives  a  third  lysis  in  the  added 
corpuscles,  we  find  that  the  corresponding  tube  in  series  A  (C  alone 
added)  gives  about  two-thirds  lysis.  We  may  thus  conclude  that 
with  anti-C  also  the  firmness  of  union  of  Cd  does  not  differ  greatly 
from  that  of  C. 

On  the  Union  of  Complementoid  with  R  -H  IB  Molecules  before  Lysis. 

As  has  been  mentioned  above,  the  addition  of  complementoid  to  red 
corpuscles  treated  with  IB  does  not  prevent  the  subaequetvt  aeXioiv  oi 
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complement  and  the  production  of  lysis.  This  may  be  due  either  (a) 
to  complementoid  failing  to  combine  with  the  R  +  IB  molecules,  or 
(5)" to  its  being  displaced  by  complement  after  it  has  combined ;  both 
factors  may  be  partly  concerned.  There  are  two  methods  by  which 
the  question  may  be  investigated,  and  we  have  carried  out  both  of 
them. 

In  the  first  place  we  may  add  a  given  amount  of  heated  serum  (Cd) 
to  red  corpuscles  treated  with  IB,  allow  time  for  combination,  then 
remove  the  fluid  by  centrifugalisation,  and  then  test  the  amount  of 
Cd  present  in  the  fluid  by  finding  how  much  C  it  will  prevent  from 
combining  with  R  +  IB  molecules  after  lysis.  We  shall  call  the  Cd 
treated  in  this  way  Cdx.  A  control  is  made  with  the  same  amount  of 
heated  serum  (Cd)  which  has  not  been  in  contact  with  red  corpuscles 
treated  with  IB.  We  have  performed  a  number  of  experiments  of 
this  kind,  and  the  result  has  always  been  to  show  that  only  a  fraction 
of  the  Cd  combines  with  the  R  +  IB  molecules.  In  one  experiment  it 
was  found  that  the  Cdx  of  the  rabbit  kept  out  two-thirds  of  the 
amount  of  guinea-pig's  C  kept  out  by  rabbit's  Cd,  i.e.,  only  one-third 
of  the  Cd  molecules  had  combined  with  the  intact  red  corpuscles 
treated  with  IB.  With  guinea-pig's  Cdx,  in  one  case  a  similar  result 
was  obtained,  whilst  in  another  a  half  of  the  Cd  molecules  had  been 
removed  by  combination. 

Another  method  is  to  bring  Cd  into  contact  for  a  given  time  with 
red  corpuscles  treated  with  IB  (say,  SIB),  then  to  centrifugalise  and 
wash  these  corpuscles,  and  then  test  how  much  C  they  will  take  up. 
The  control  will  be  red  corpuscles  treated  with  the  same  amount  of 
IB,  but  not  with  Cd.  Similar  results  emerge  from  experiments  of  this 
kind.     The  following  may  be  taken  as  an  example  : — 

Three  sets  of  tubes  containing  the  standard  amount  of  red  corpuscles, 
fully  3D  of  IB  added  to  each  tube. 

1.  Series  A. — We  estimate  how  much  guinea-pig's  C  will  be 
taken  up. 

2.  Series  B. — We  estimate  how  much  C  will  be  taken  up  after  the 
addition  of  0*04  c.c.  Cd  (lysis  having  been  first  produced). 

3.  Series  C. — The  corpuscles  are  treated  with  0*6  c.c.  Cd  for  an  hour 
at  37°  C,  then  centrifugalised  and  washed  to  remove  the  free  Cd. 
We  then  estimate  how  much  C  the  corpuscles  will  take  up. 

The  result  is  that  in — 

Series  A 0*175  c.c.  of  C  is  taken  up. 

n      B 0*15      ,,  „  „ 

„      C 0-165 


»>  >>  n 


In  other  words,  after  lysis  the  addition  of  004  c.c.  of  Cd  has  kept 
out  0025  c.c.  of  C,  whereas  before  lysis  the  addition  of  0*6  c.c.  of  Cd 
(fifteen  times  the  amount)  has  only  kept  out  0*015  c.c.  of  C.     It  is 
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thus  seen  that  a  mere  fraction  of  Cd  entered  into  combination  with 
the  R+IB  molecules  before  lysis.  We  may  add  that  the  largest 
amount  observed  was  in  an  experiment  with  rabbit's  Gd,  where  it 
came  out  that  of  0*25  c.c.  of  Cd  added  before  lysis  an  amount  was 
taken  up  equal  to  O'l  c.c.  of  Cd  added  after  lysis. 

From  all  these  experiments  it  is  shown  that  before  lysis  Cd  has  a 
weak  affinity  for  B  +  IB  molecules,  and  that  in  any  given  case  only 
a  fraction  of  the  amount  added  enters  into  combination.  This  result 
is  of  high  importance  in  connection  with  the  general  question  as  to 
the  action  of  these  substances,  since  it  implies  that  the  action  of  one 
substance — complement — increases  the  combining  affinity  of  another 
substance — complementoid. 

On  the  Saturation  of  the  R-^  IB  Molecules  tmth  CanipleinentoidSy  aftei- 

Lysis  hus  occurred. 

Seeing  that  red  corpuscles  treated  with  multiple  hsemolytic  doses  of 
IB  take  up  multiple  doses  of  C,  we  may  produce  lysis  by  a  single  dose 
of  C,  and  then  find  whether  the  affinities  of  the  remaining  B  +  IB 
molecules  can  be  satisfied  with  Cd.  The  different  stages  of  such 
experiments  are  (a)  The  addition  of  several  doses  of  IB  to  the 
corpuscles,  time  being  allowed  for  combination ;  (b)  Lysis  by  a  single 
dose  of  C ;  (c)  The  addition  of  Cd  in  excess ;  2  hours  at  37'  C.  are 
allowed  for  combination ;  (d)  The  addition  of  about  one  dose  of  C ; 
1  hour  at  37'  C.  for  combination ;  (<?)  The  addition  of  red  corpuscles 
treated  with  IB  to  test  for  the  presence  of  free  C.  (In  case  the 
hsemoljrtic  value  of  C  should  fall  during  the  experiment,  the  same 
amoimt  of  C  as  that  used  in  (d)  should  be  added  to  a  little  salt  solution 
and  placed  in  the  incubator  at  the  same  time  for  an  hour ;  its  value  is 
then  tested  by  adding  red  corpuscles  treated  with  IB.)  We  can  in 
this  way  test  the  saturating  power  of  rabbit's  or  guinea-pig's  Cd  with 
rabbit's  or  guinea-pig's  C — four  possible  combinations.  A  considerable 
number  of  experiments  of  this  kind  have  been  carried  out,  but  the 
general  result  may  be  stated  that  after  saturation  with  Cd  not  more 
than  a  fraction  of  a  dose  of  the  added  C  has  been  taken  up. 

Examples  1  and  2. — Saturation  with  Babbifs  Cd, 

Test  with  Rabbifs  and  Guinea-pig's  C. 

M.H.D.  of  IB  =  0002c.c. 

„  guinea-pig's  C  =  0045  c.c. 

„  rabbit's  C  =  0*1 1  c.c. 

(0*5  c.c.  of  suspension  of  red  corpuscles  is  used,  so  that  the  doses  will 
be  half  the  amount.) 
5D  of  IB  added  to  4  tubes,  A,  B,  C,  D. 

TOL.  LXXJV.  C 
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Lysis  in  all  with  0*07  cc,  rabbit's  C. 

0*6  cc.  rabbit's  Cd  added  to  each  tube ;  2  hours  at  37**  C,  then  add 

A.  B.  C.  D. 

0065  cc.       0-09  cc        0-03  cc.        0*05  cc 


■> '  ' V- 


Babbit's  C.  Guinea-pig's  C. 

1  hour  in  incubator. 

Add  to  each  the  test  amount  of  red  corpuscles  treated  with  IB. 

The  result  is  that  complete  lysis  of  all  the  added  corpuscles  occurs. 
This  Shows  that  at  most  not  more  than  a  fifth  of  a  M.H.D.  of  rabbit's 
C  and  not  more  than  a  third  of  a  M.H.D.  of  guinea-pig's  C  has  been 
taken  up. 

3.  Saturation  with  Guineorpiffs  Cd. 

Test  with  Guineorpig's  C, 

M.H.D.  of  guinea-pig's  C  =  0*04  cc  (at  beginning  of  experiment), 
5D  of  IB  added  to  1  cc.  corpuscles,  lysis  with  C  and  addition  of  0*5  cc 
of  Cd,  2  hours  at  37"  C. ;  006  cc  of  C  added,  1  hour  at  37'  C. ;  red 
corpuscles  treated  with  IB  added,  I  hour  at  37*"  C.  Eesult,  0*8  of  the 
corpuscles  underwent  lysis,  but  in  a  control  with  0*06  cc.  of  G  alone 
O'l  remained  undissolved.  Here,  accordingly,  not  more  than  about  a 
tenth  of  a  dose  of  G  entered  into  combination  with  the  R-(-IB 
molecules. 

4.  SaturaUon  with  Guinea-pi^s  Cd. 

Test  with  Robbies  C. 

M.H.D.  of  guinea-pig's  G  =  0*07  cc 
,,  rabbit's  G  =  0*27  cc 

Three  tubes  taken  containing  I   cc  suspension   of   red  corpuscles, 
treated  with  6  IB. 

Lysis  with  0*09  cc  guinea-pig's  G ;  1  hour  in  incubator.  Addition 
of  0*5  cc,  0*75  cc  and  I  cc  of  guinea-pig's  Gd  to  the  several  tubes ; 
2  hours  in  incubator. 

Addition  of  0*3  cc  rabbit's  G ;  1  hour  for  combination. 

Addition  of  the  test  amount  of  corpuscles  treated  with  IB.  Result 
in  xhe  tube  with  0*5  cc.  Gd,  two-thirds  of  the  corpuscles  underwent 
lysis ;  in  the  other  tubes  with  0*75  cc  and  I  cc  Gd,  complete  lysis 
took  place.  Gomplete  satiu'ation  had  not  occurred  with  0*5  cc.  Gd, 
but  with  the  other  amounts  it  had,  so  that  at  most  about  a  tenth  of  a 
dose  of  the  rabbit's  G  was  taken  up. 

It  is  thus  seen  that  it  is  possible  to  practically  saturate  with  Gd  the 
surplus  R  -H  IB  molecules  after  lysis.  Other  experiments  have  indicated 
that  probably  a  certain  amount  of  Gd  is  displaced  by  G  added  after- 
wards. But  the  above  results  show  that  when  an  excess  of  Gd  is 
used,  the  amount  displaced  is  reduced  to  a  trifling  amount. 
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These  results  also  confirm  the  result  already  obtained,  namely,  that 
in  the  case  under  consideration  the  haptophore  groups  of  the  rabbit's 
and  guinearpig's  complements  unite  with  the  same  R  +  IB  molecules 
(vidf  supra). 

Conclusions. 

The  following  are  the  chief  results  obtained  from  the  experiments 
described.  It  is,  of  coiu'se,  to  be  luiderstood  that  they  are  held  to 
apply  only  to  the  cases  investigated,  viz.,  the  immune-body  for  ox's 
corpuscles  obtained  from  the  rabbit,'  used  along  with  rabbit's  and 
guinea-pig's  complements  and  complementoids.  Further  observations 
will  be  necessary  to  determine  whether  they  obtain  generally. 

(1)  The  existence  of  complementoids  in  heated  sera  can  be  shown 
in  ordinary  test-tube  experiments,  by  their  preventing  (a)  the  union 
of  complement  with  anti-complement,  (b)  the  union  of  complement 
vrith  R  -f  IB  molecules  after  lysis. 

(2)  The  amount  of  complementoid  derived  from  complement,  as 
tested  by  the  combining  relationships,  varies ;  in  the  case  of  the  rabbii^ 
it  ia  approximately  equal  to  the  original  amount  of  complement ;  in 
the  case  of  the  guinea-pig  it  is  considerably  less  than  that  amount. 

(3)  The  combining  afiinity  of  complementoid,  both  for  anti-comple- 
ment and  for  R  -H  IB  molecules  after  lysis,  is  not  much  inferior  to  that 
of  complement. 

(4)  On  the  other  hand,  complementoid  has  a  *feeble  affinity  for 
B-f  IB  molecules  before  lysis,  i.e.,  for  intact  red  corpuscles  treated 
with  immune-body ;  of  the  complementoid  added  only  a  small 
quantity  enters  into  combination ;  hence  complementoid  does  not 
prevent  lysis  by  complement. 

(5)  When  red  corpuscles  united  with  multiple  doses  of  immune-body 
are  lysed  by  a  single  dose  of  complement,  the  surplus  R  +  IB 
molecules  can  be  saturated  with  excess  of  complementoid,  so  that 
almost  no  complement  can  subsequently  be  taken  up.  This  result  is 
obtained  also  with  rabbit's  complementoid  and  guinea-pig's  comple- 
ment, and  with  guinea-pig's  complementoid  and  rabbit's  complement. 
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'*  On  the  General  Circulation  of  the  Atmosphere  in  Middle  and 
Higher  Latitudes."  By  W.  N.  Shaw,  F.RS.,  Secretaiy  of  the 
Meteorological  Council.  Eeceived  May  16, — Kead  June  2, 
1904. 

In  the  coiu'se  of  an  investigation  into  the  trajectorier.,  or  actual 
paths  of  air,  hy  means  of  synoptic  charts,  which  is  still  in  progress,*  it 
hecame  apparent  that  the  paths  of  air  taking  part  in  cyclonic  dis- 
turbances near  the  British  Isles  when  traced  backward  did  not  always 
originate  in  anti-cylonic  areas,  but  followed  a  track  skirting  the 
neighbouring  high-pressure  areas  and  traversing  sometimes  a  very 
large  part  of  a  belt  of  the  earth  in  a  direction  more  or  less  parallel  to 
a  line  of  latitude,  and,  on  the  other  hand,  air  moving  in  the  neighbour- 
hood of  a  cyclonic  depression  did  not  invariably  seek  the  nearest  baro- 
metric minimum,  but  sometimes  passed  on,  leaving  the  circulation  of 
the  depression  on  the  left  hand. 

Two  suggestions  at  once  arise  from  these  results  : — First,  that  the 
anti-cyclonic  areas  of  the  Atlantic  take  far  less  part,  as  sources  of  air 
supply  for  travelling  storms,  than  is  usually  attributed  to  them,  and 
secondly,  that  the  motion  of  air  in  middle  latitudes  is  more  of  the 
nature  of  a  passage  .round  the  pole  in  a  general  easterly  direction,  some- 
times from  north-west,  sometimes  from  south-west,  than  is  generally 
supposed. 

The  e\4dence  in  support  of  these  suggestions  will  be  considered 
when  the  results  of  the  investigation  referred  to  are  presented,  but  it 
may  be  remarked  here  that  the  first  suggestion,  which  would  indicate 
that  the  anti-cyclonic  areas  are  of  the  nature  of  stable  inert  masses  of 
air  round  which  the  winds  circulate  rather  than  regions  out  of  which 
winds  blow,  is  not  inconsistent  with  the  phenomena  of  anti-cyclonic 
weather,  and  is  borne  out  by  the  monthly  wind  charts  of  the  South 
Atlantic  recently  prepared  by  the  Meteorological  Council,  and  now  in 
course  of  publication  by  the  Hydrographic  Office  of  the  Admiralty ; 
and  further  that  the  existence  of  a  general  circulation  of  the  atmos- 
phere  from  west  to  east  along  middle  latitudes  right  roimd  the  earth, 
diverted  to  the  northward  along  the  eastern  sides  of  the  oceans  and 
back  again  to  the  southward  across  the  land  areas,  is  supported  by  the 
recent  summary  of  cloud  observations  by  Hildebrandsson.t  It  is  alsa 
supported  by  the  isobaric  distribution  for  the  4000  metre  level  com- 

•  Some  of  the  results  of  this  inrestigatiou  have  been  already  published,. 
*  Quarterly  Journal  Roy.  Met.  Soc.,*  toI.  29,  p.  233,  and  toI.  30,  p.  57  ;  *  Monthly 
Pilot  Chart  of  the  North  Atlantic  and  Mediterranean,*  February,  1904. 

t  *  Bapport  Bur  les  Observations  Internationales  des  Nuages  au  Gomite  Inter^ 
national  Mot^rolo^^que,'  al:o  '  Brit.  Assoc.  Beport,'  Southport  meeting,  1903. 
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puted  by  Teisserenc  de  Bort,  with  which  the  observed  motions  of 
the  upper  clouds  are  in  agreement. 

It  is  the  second  suggestion,  the  general  circulation  in  middle  latitudes 
round  the  pole,  with  which  the  present  paper  deals. 

I  propose  to  refer  to  certain  representations  of  the  average  distribu- 
tion of  pressure  and  the  corresponding  average  winds  for  January.  It 
may  be  conceded  at  once  that  the  motion  of  air  represented  by  any 
synoptic  chart  of  a  considerable  part  of  the  earth's  surface  in  middle  or 
higher  latitudes,  including  ocean  areas,  for  any  day  in  January  could 
not  by  any  stretch  of  the  imagination  be  regarded  as  a  "steady*' 
motion  round  the  polar  axis.  The  conspicuous  features  are  large  cyclonic 
systems  travelling  irregularly,  and  the  actual  motion  is  exceedingly 
complicated.  The  chart  of  mean  isobars  for  the  month,  fig.  1,  displays 
a  large  area  of  low  pressure  over  the  North  Atlantic,  south-east  of 
Greenland,  the  axis  of  which  lies  along  the  path  frequently  followed 
by  centres  of  depressions,  and  indicates  prevailing  westerly  winds  on 
the  southern  side  of  the  low  pressure  and  prevailing  easterly  winds  on 
the  northern  side. 

But  it  is  also  well  known  that  the  cyclical  distribution  of  isobars 
round  local  centres  and  corresponding  rotatory  winds  are  specially 
characteristic  of  the  surface  as  distinguished  from  the  upper  air.  For 
a  section  taken  at  successively  higher  levels  the  pressure  diminishes 
more  rapidly  over  cold  areas  than  over  warm  areas,  because  the  air,  to 
the  weight  of  which  the  pressure  at  the  base  of  t^e  stratum  is  due,  is 
denser  in  cold  regions  than  in  warm  ones.  The  turbulent  character  of 
the  motion  is  moderated  as  higher  levels  are  reached,  and  its  rotatoiy 
character  may  be  lost  at  a  sufficient  height.'"' 

In  general  accordance  with  the  obliteration  of  cyclical  motion  at 
great  height  the  system  of  isobars  computed  by  Teisserenc  de  Bort  for 
the  4000  metre  level,  fig.  2,  shows  no  isolated  low  pressure  areas,  and 
the  lines  suggest  a  circum-polar  circulation  instead  of  the  system  of 
local  cyclonic  circulations.  The  isobars  are  deflected  in  certain  parts 
from  the  lines  of  latitude,  but  they  form  complete  circum-polar  rings. 
It  is  not  unreasonable  therefore  to  regard  the  actual  motion  at  that 
level  on  any  day  as  the  result  of  disturbances  of  **  steady  "  motion,  the 
steady  motion,  about  which  the  actual  motion  fluctuates,  being  repre- 
sented by  flow  along  the  mean  monthly  isobars. 

Since  two  consecutive  isobars  are  not  strictly  speaking  parallel  to 
each  other  throughout  their  course,  but  diverge  in  some  regions  and 
converge  in  others  the  velocity  is  diflerent  at  diflerent  points  of  an 
isobar.  Upon  the  principles  of  hydrodynamics  the  change  of  velocity, 
in  the  absence  of  any  impressed  force  to  produce  such  a  change,  implies 
an  alteration  of  pressure ;  hence,  where  the  isobars  are  widening,  the 

*  See  Hann,  '  Meteorologie/  p.  538,  and    TeiBsereno  do  Bort,  *  Brit.   Assoc. 
Beport,'  1903. 
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flow  of  air  must  diverge  from  strict  parallelism  with  the  isobar  towards 
the  region  of  higher  pressure,  and  vice  versd.  The  angle  of  diTcrgence 
at  any  point  would  be,  however,  too  small  to  affect  the  considerations 
put  forward  in  this  paper. 

Neglecting  the  effect  of  frictional  resistance,  the  condition  of  persistent 
motion  along  parallel  isobars  is  that  the  force  due  to  the  distributioa 
of  pressure,  t.«.,  the  pressure  gradient,  shall  supply  the  acceleration 
which  is  necessary  to  keep  a  particle  of  air  in  its  path;  this  condition  is 
expressed  by  the  relation  between  the  pressure  gradient  y,  expressed  in 
inches  of  mercury  per  degree  (60  nautical  miles),  and  the  velocity  Y  of 
the  moving  air  in  statute  miles  per  hour,  as  follows  : — 

y  =  D  (V2 cot p  X  0-000016  +  V sin  A  x  0033), 

where  A  is  the  latitude,  p  the  angular  radius  of  the  small  circle  oscu- 
lating the  path,  and  D  the  density  of  the  moving  air  in  pounds  per  cubic 
foot. 

Of  these  two  terms,  that  containing  p  depends  upon  the  curvature  of 
the  path  and,  from  the  magnitude  of  the  numerical  coefficient,  it  is 
clearly  insignificant  unless  the  velocity  of  the  wind  is  very  great  or 
the  radius  of  curvature  of  the  path  very  small.  It  becomes  very 
important  in  the  case  of  revolving  storms  of  small  diameter.  The 
other  term  is  that  depending  upon  the  rotation  of  the  earth,  and  repre- 
sents 2cuV  sin  A,*  where  w  is  the  angular  velocity  of  the  earth's 
rotation.  Omitting  the  first  term  we  get  for  the  condition  of  steady 
motion 

y  =  DV  sin  X  x  0*0330  inches  per  degree  of  60  nautical  miles. 

On  fig.  2  the  gradient  is  already  indicated  by  the  separation  of 
the  isobars,  the  pressures  being  noted  on  the  diagram  in  nullimetres ; 
the  wind  velocity  which  is  necessary  for  steady  motion,  assuming, 
for  the  purpose  of  computing  D,  a  fixed  vertical  temperature  gradient, 
and  neglecting  the  effect  of  the  divergence  or  convergence  of  the 
isobars,  is  given  in  figures  in  various  parts  of  the  diagram.  The 
velocities  here  indicated  refer  to  the  air  at  the  4000  metre  level,  but 
it  may  be  noticed  that  since  the  pressure  gradient  for  a  given  velocity 
is  proportional  to  the  air  density,  and  the  pressure  is  due  to  the  weight 
of  the  superincumbent  air,  steady  motion  along  parallel  isol>aric  lines 
with  the  same  velocity  at  all  altitudes  would  result,  if  the  nm  of  the 
isobaric  lines  were  the  same  at  every  altitude.  That  condition  would 
be  satisfied  if  at  each  altitude  the  isobars  were  also  isothermal  lines. 

The  wind  velocity  near  the  surface  is  diminished  by  surface  friction, 
but  it  follows  from  this  relation  between  gradient  and  velocity  that 
beyond  the  range  of  appreciable  surface  friction  the  velocity  does  not 

*  See  Ilanii,  '  Meteorologie/  p.  421. 
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increase  with  height  in  an  atmosphere  in  which  the  distribution  of 
isobaric  lines  is  similar  at  all  heights. 

llie  velocities  entered  upon  the  diagram  lie  between  20  and  66  miles 
per  hour,  and  these  are  not  inconsistent  with  observed  cloud  velocities, 
ao  that  a  steady  motion  with  the  velocities  indicated  is  a  reasonable 
representation  of  the  average  conditions  so  far  as  they  are  known. 
As  regards  the  direction  of  the  slope  of  pressure,  that  direction  is 
determined  by  the  relation  of  the  direction  of  motion  of  the  air  to  the 
<iirection  of  rotation  of  the  earth.  Whatever  be  the  direction  of  motion 
of  the  air,  the  horizontal  acceleration  arising  from  the  earth's  rotation 
is  along  the  normal  to  the  path,  and  to  the  left,  in  the  northern  hemi- 
sphere. On  that  side,  therefore,  the  low  pressure  must  lie.  For 
motion  along  a  parallel  of  latitude  the  slope  of  pressuie  will  be 
**  downward  "  towards  the  pole  for  motion  from  west  to  e-ast,  and  for 
motion  from  east  to  west  "  downward  "  towards  the  equator. 

Hence  we  may  conclude  that  the  distribution  of  pressure  at  the 
4000  metre  level  is  favourable  for  a  steady  circulation  of  air  round 
the  poiar  axis,  with  an  average  velocity  of  about  50  miles  per  hour. 
The  direction  of  the  motion  is  from  west  to  east,  with  divergence  in  the 
northern  hemisphere  towards  the  north  over  the  Pacific  and  Atlaiitic 
oceans,  and  back  again  to  the  south  over  the  Continental  land  areas. 
In  the  southern  hemisphere  the  motion  follows  the  lines  of  latitude 
more  closely  and  the  deflections  are  less  marked,  though  the  influences 
of  the  land  projections  are  similar.      .' 

Below  the  4000  metre  level  is  a  region  of  cyclonic  depressions  with 
rotatory  motion,  lying  between  the  tropical  high-pressure  belt  and 
other  anticyclonic  regions  to  be  found  in  the  far  north.  The  motion 
near  the  surface  level  corresponds  with  the  surface  distribution  of 
pressure,  which  is  made  up  of  the  distribution  at  the  4000  metro 
level,  transmitted  to  the  surface,  and  the  pressure  duo  to  the  weight 
of  the  stratum  below  the  4000  metre  level.  I  now  exhi'oit  (fig.  3)  the 
distribution  of  this  remainder  of  the  surface  pressure  when  the  distri- 
hution  at  the  4000  metre  level  has  been  deducted.  It  has  been 
obtained  by  plotting  the  diflerence  between  the  surface  •  distribution  of 
%.  1,  and  Teisserenc  de  Bort's  distribution  at  the  4000  metre  level, 
%.2. 

The  result  is  very  remarkable.  A  comparison  of  figs.  2  and  3  shows 
^  once  that  the  general  trend  of  the  lines  is  very  similar  to  that  for 
^  upper  air  but  the  direction  of  the  gradient  is  reversed.  This  is  in 
accord  with  the  theoretical  calculation  of  the  direction  of  the  gradient, 
Wuse  the  direction  of  motion  for  such  a  pressure  distribution  is  the 
Averse  of  that  represented  in  fig.  2.  The  result  of  tlie  p-essure  disiii- 
^«^  diie  to  the  lower  stratum  alone  vxndd  he  a  circulation  round  (he  polar 
^from  east  to  west  along  lines  alimst  identical  with  tJie  lines  of  flow  for 
^  vpper  airbuiin  the  reverse  direction. 
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I  now  refer  to  fig.  4,  showing  the  average  distrihution  of  surface 
temperature  for  the  same  month,  January.  Again  the  similarity  of 
the  trend  of,  the  lines  to  those  of  figs.  2  and  3  is  obvious.  It  is  o£ 
course  not  in  any  way  remarkable  that  figs.  3  and  4  should  show 
similar  lines,  for  figure  3  shows  the  amount  of  barometric  pressure  to 
be  deducted  from  the  surface  pressure  for  a  layer  of  air  4000  metres 
thick,  and  the  calculations  of  the  deductions  have  been  based  upon  the 
surface  temperatures.  The  diminution  of  pressure  for  a  given  height 
is  the  same  at  all  points  of  an  isothermal  line,  assuming  the  vertical 
temperature  gradient  to  be  the  same  at  all  points  along  the  line  ;  but 
that  the  remainders  representing  the  pressure  of  the  upper  atmosphere 
at  4000  metres  should  also  be  very  similar  in  shape,  is  indeed  remark- 
able, especially  when  one  considers  that  the  gradient  is  in  the  reverse 
direction  from  that  of  the  pressure  values  for  the  lower  stratum. 

It  is  imnecessary  to  call  special  attention  to  the  points  of  similarity 
even  in  detail  between  the  shapes  of  the  **  partial "  isobars  for  the  lower 
stratum,  fig.  3,  and  the  upper  stratum,  fig.  2,  with  reversed  gradient. 
The  isolated  minima  in  fig.  3  about  the  equator,  corresponding  to 
isolated  maxima  in  the  same  regions  in  fig.  2,  are  very  striking,  but  one 
point  of  difference  may  be  noted.  In  fig.  2  the  circulation  indicated  is 
approximately  about  the  geographical  pole,  where,  in  consequence,  a 
minimum  of  pressure  is  indicated.  In  fig.  3,  the  circulation  is  clearly 
round  a  pole  of  extreme  cold  in  north-east  Siberia,  where  there  is  a 
maximum  of  pressure  for  the  lower  air. 

It  thus  appears  that  the  forces  represented  by  the  average  distribu- 
tion of  pressure  for  the  month  of  January  may  be  divided  into  two 
parts,  viz.  :— 

A,  that  due  to  the  upper  atmosphere,  above  4000  metres,  which 
would,  if  it  acted  alone,  correspond  with  a  steady  motion  from  west  to 
east  along  paths  following  closely  the  lines  of  the  average  isotherms  ; 
and  B,  that  due  to  the  lower  stratum  of  the  atmosphere  which,  if  it 
acted  alone,  would  correspond  with  a  steady  motion  also  approximately 
along  the  isotherms  but  from  east  to  west. 

The  actual  distribution  is  represented  by  the  superposition  of  A  and 
B.  Since  pressure  gradient  and  velocity  are  both  vector  quantities,, 
and  are  related  to  each  other  in  simple  proportionality,  the  super- 
position of  force  distribution  corresponds  with  the  composition  of  the 
velocities  due  to  the  separate  distributions.  Hence,  in  the  combina- 
tion of  the  two  distributions  of  force  at  the  surface  where  A  is 
predominant,  i.e.,  in  the  middle  latitudes  on  either  side  of  the  equator, 
there  is  a  resultant  circulation  from  west  to  east ;  where  B  is  pre- 
dominant, t.e.,  in  higher  latitudes,  there  is  a  resultant  circulation  from 
east  to  west. 

The  superposition  of  the  two  systems  gives  a  line  of  minimum 
pressures,  with  a  westerly  flow  of  air  on  the  equatorial  side,  and  an 
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easterly  flow  of  air  on  the  polar  side.  It  is  very  irregularly  marked 
in  the  northern  hemisphere,  owing  to  the  distance  of  the  pole  of  cold 
from  the  geographical  pole ;  in  the  southern  hemisphere,  the  arrange- 
ment is  probably  much  more  symmetrical,  owing  to  the  coincidence  of 
the  pole  of  cold  with  the  geographical  pole. 

The  line  of  minimum  average  pressure  forms  the  storm  track  of  the 
circular  storms,  resulting  from  the  merging  of  the  two  circulations. 
It  Is  evident  that  such  merging  must  take  place.  If  circumstances 
were  so  adjusted  that  there  was  an  equilibrium  condition  along  any 
level,  the  difference  of  density  of  air  at  different  temperatures  would 
cause  a  departure  from  equilibrium  conditions,  in  one  direction  above 
the  prescribed  level,  and  in  the  opposite  direction  below  it.  And  to 
this  primary  cause  of  disturbance  of  the  steady  motions  corresponding 
to  the  two  separate  distributions  of  pressure,  must  be  added  the 
instability,  which  is  due  to  the  condensation  of  water  vapour.  The 
region  of  minimum  pressure  becomes,  therefore,  the  scene  of  great 
changes  of  energy,  cyclonic  circulations,  and  variable  winds.  It  may, 
indeed,  be  noticed  that  increase  of  entropy  when  mixing  takes  place, 

is  represented  by  —  rwZy,  (supposing  T-T  to  be  small  com- 
pared with  T  or  T),  where  H  is  the  quantity  of  heat  transferred  in 
mixing,  and  T  and  T  are  the  absolute  tem[)eratures  of  the  amounts  of 
air,  supposed  equal,  which  mix.  Hence  the  entropy  change  is  greatest 
where  there  is  the  greatest  temperature  diflerence,  but,  for  the  same 
temperature  difference,  where  temperatures  are  lowest. 

To  sum  up  the  result  that  has  been  arrived  at,  the  average  dis- 
tribution of  pressure  can  be  divided  into  two  parts,  neither  of  which 
shows  the  characteristics  of  local  cyclonic  distribution  ;  one  part,  due  to 
the  upper  atmosphere,  favours  a  westerly  circulation,  the  other,  due 
to  the  lower  atmosphere,  favours  an  easterly  circulation,  and  both 
circulations  follow  roughly  the  lines  of  the  average  isotherms. 

This  result  leads  to  many  suggestions  of  considerable  importance. 
The  second  component  of  the  distribution  is  obviously  directly 
dependent  upon  surface  temperature,  and  must  be  changed  when 
surface  temperature  changes;  the  first  may  also  be  regarded  as 
depending  ultimately  upon  surface  temperature,  for  its  lines  follow 
those  of  surface  temperature  on  the  average,  but  the  connection  must 
be  less  direct.  It  may  possibly  indicate  differences  of  thickness  of  the 
atmospheric  layer  as  distinguished  from  differences  of  density  in  a 
layer  of  uniform  thickness.  The  first  effect  of  a  change  in  the  dis- 
tribution of  surface  temperature  will  be  to  change  the  character  of  the 
second  component,  leaving  the  first  component  imchanged,  except  in  so 
far  as  expansion  of  air  in  the  lower  strata  alters  the  pressure  at  a  given 
level  in  the  upper  strata.  The  study  of  the  effects  of  recognised 
changes  of  temperature  distribution  upon  the  second  component,  which 
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are  easily  calculable,  may  have  very  important  consequences  in  relation 
to  classifying  the  facts  within  our  knowledge  of  weather  changes  in 
middle  latitudes.  It  seems  to  follow  directly  that  easterly  winds  are, 
as  a  rule,  winds  of  relatively  speaking  low  altitudes,  due  to  surface 
temperature,  and  that  local  areas  of  high  pressure,  with  an  anti-cyclonic 
circulation,  may  lie  underneath  regions  of  general  westerly  flow  in  the 
upper  air. 

Another  conclusion  that  follows  directly  from  this  method  of 
analysis  of  the  distribution  of  forces  corresponding  to  the  surface 
circulation,  is  the  confirmation  that  it  affords  of  the  suggestion  of  the 
existence  of  a  high-pressure  area  over  the  Antarctic  Continent,  made 
by  Sir  J.  Murray,  in  the  discussion  of  the  "  Challenger  "  observations. 
Such  indications  of  the  results  of  Antarctic  explorations  as  have  been 
already  received  are  consistent  with  the  suggestion, '*^  and  the  detailed 
results  of  the  recent  expeditions  must  furnish  very  valuable  additions 
to  the  material  for  the  study  of  this  interesting  question.  It  is  clear 
that  the  effect  of  the  component,  due  to  the  lower  atmosphere  in  the 
southern  latitudes,  will  become  intensified  where  the  intensity  of  the 
low  temperatures  becomes  effective;  and  the  pole  of  extreme  cold, 
which  in  the  southern  hemisphere  must  be  nearly  coincident  with  the 
geographical  pole,  will  have  associated  with  it  a  component  distribu- 
tion for  easterly  circulation  similar  to  the  low-temperature  pole  of 
north-east  Siberia,  in  the  northern  hemisphere.  The  intensity  of  the 
cold  in  the  south  polar  regions  is  undoubted,  and  the  existence  of  the 
distribution  for  an  easterly  circulation  round  a  high-pressure  centre, 
due  to  the  weight  of  the  lower  air,  follows  directly  therefrom. 

A  third  effect  of  the  distribution  of  pressure  in  lower  regions  of  the 
atmosphere,  and  the  corresponding  air  circulation,  may  perhaps  be 
traced  in  the  series  of  wind  charts  of  the  South  Atlantic  already 
referred  to,  where  there  is  obvious  evidence  of  a  tendency  of  the  winds 
to  run  tangentially  to  the  coast  line.  The  coast  line  is  equally 
obviously  a  line  of  separation  between  regions  of  different  surface 
temperature  distribution,  and  hence  a  locality  of  steep  temperature 
gradient.  Thence  follows  a  steep  pressure  gradient  for  the  lower 
atmosphere,  and  associated  therewith  a  distribution  favourable  for  the 
flow  of  air  in  opposite  senses  on  the  two  coast  lines  for  the  same 
latitude. 

The  division  of  the  atmosphere  into  an  upper  and  a  lower  stratum 
at  the  4000  metre  level  is  perfectly  arbitrary,  and  that  level  is  only 
chosen  because  M.  Teisserenc  de  Bort  selected  it  for  constructing  his 
charts  of  mean  isobars  of  the  upper  air  18  years  ago.t     It  is  in  the 

*  See  Mr.  Bemacclii's  paper  on  **  Winds  and  Temperature  at  Cape  Adare  *'  in 
*  Magnetic  and  Meteorological  Observations  made  bj  the  "  Southern  Grots " 
Antarctic  Expedition '  (published  by  the  Royal  Society),  pp.  40  and  48. 

t  '  Annales  du  Bureau  Central  M^teorologique  de  ITrance,'  1887,  Part  I,  p.  CI. 
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region  of  the  clouds  of  intermediate  height  and  probably  does  not 
correspond  with  any  specific  discontinuity  in  the  atmospheric  layer. 
It  is  accordingly  remarkable  that  the  separation  of  the  surface,  or 
resultant  distribution,  into  two  distributions  of  opposite  type  should 
be  so  complete  when  the  level  of  4000  metres  is  taken  as  the  surface 
of  separation.  It  is  not  desirable  to  follow  out  the  consequences  of 
small  differences  that  might  be  found,  because  the  calculation  of  the 
isobaric  distribution  at  high  levels  is  itself  as  yet  not  susceptible  of 
very  great  accuracy,  and  indeed  the  distribution  of  pressure  at  sea 
level  even  in  the  northern  hemisphere  is  not  entirely  free  from 
uncertainty,  owing  to  the  uncertainty  of  the  reduction  for  altitude. 

The  remarks  in  this  paper  refer  to  the  circulation  in  middle  and 
higher  latitudes,  because  the  determining  force  for  steady  motion -is 
assumed  to  be  dependent  upon  the  velocity  of  motion  of  the  air  and 
rotation  of  the  earth.  The  acceleration  computed  from  these  elements 
contains  sin  A.  as  a  factor,  and  it  is  therefore  without  serious  influence 
in  the  equatorial  regions. 

It  is  fortunate  that  this  is  so,  because  the  drift  of  upper  air  over  the 
equator  is  generally  accepted  as  being  from  east  to  west,  and  about 
80  miles  per  hour  may  be  assigned  as  the  rate  of  this  drift.  From  the 
results  of  Sir  J.  Eliot's  work  on  the  cloud  observations  of  India,*  it 
appears  that  at  Simla,  in  latitude  31*"  N.,  the  westerly  current  in  the 
upper  air  is  extraordinarily  steady  throughout  the  year,  whereas  at 
Madras  the  upper  current  shows  considerable  variation  with  the  season. 
Between  the  westerly  current  at  Simla  and  the  easterly  equatorial 
upper  current  there  must  be  a  region  where  the  conditions  in  the  upper 
air  are  in  many  ways  similar  to  the  surface  conditions  in  temperate 
latitudes,  that  is  to  say,  steady  motion  would  involve  the  existence  of 
two  oppositely  directed  streams  of  air  at  the  same  level,  but  in  not 
far  distant  latitudes.  It  would  appear  that  for  rotatory  storms 
originating  in  that  region  the  gradient  must  depend  only  upon  local 
centrifugal  action  and  the  velocities  for  given  barometric  variations 
must  be  correspondingly  great.  I  am  not  sufficiently  well  'acquainted 
with  the  sequence  of  events  in  a  tropical  hurricane  to  be  able  to  follow 
out  the  suggestion  that  those  phenomena  have  their  origin  in  the 
upper  air;  I  hope  to  be  able  on  a  subsequent  occasion  to  cite 
examples  to  show  that  storms  in  the  region  of  the  minimum  pressure 
in  temperate  latitudes  may  arise  from  special  surface  c/mditiatu^  and 
there  is  at  least  some  evidence  for  the  correlative  origin  of  tropical 
hurricanes. 

I  have  made  no  comparison  of  the  first  results  of  this  method  of 
analysis  of  the  average  barometric  distribution  with  the  conclusions 
arrived  at  by  J.  Thomson  and  Ferrel,  for  the  general  circulation  of  the 

*  *  Indian  Meteorological  Memoira.'  toI.  15,  Fart  I,  1908. 
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atmosphere,  nor  with  those  more  recently  obtained  by  Bigelow,  because 
the  method  of  treatment  is  in  some  respects  novel  and  it  seems 
desirable  to  wait  for  its  further  application  before  making  any  such 
comparison.  I  may  remark,  however,  with  regard  to  the  theories  of 
the  two  authors  first  mentioned,  that  a  steady  circulation  round  the 
polar  regions  requires  only  the  supply  of  the  comparatively  small 
amount  of  energy  necessary  to  make  up  the  loss  occasioned  by  surface 
friction,  and  consequently  no  great  transference  of  energy  from  the 
equatorial  regions  to  middle  or  higher  latitudes  in  the  form  of  heat  or 
otherwise  is  demanded  for  the  maintenance  of  the  circulation. 

Moreover,  I  have  confined  my  observations  to  the  barometric 
distributions  for  the  month  of  January.  So  far  as  I  have  examined 
the  distributions  for  July,  the  conclusions  to  be  drawn  from  them  are 
in  many  respects  similar,  but  the  separation  of  the  pressure  component 
for  easterly  circulation  from  that  for  westerly  is  not  complete  at  the 
4000  metre  level  as  it  is  in  the  case  of  January. 

In  conclusion,  I  desi|*e  to  acknowledge  the  assistance  I  have  received 
from  Mr.  G.  T.  Bennett,  M.A.,  of  Emmanuel  College,  Cambridge,  with 
whom  I  have  discussed  especially  the  dynamical  questions  involved, 
and  from  Mr.  R.  G.  K.  Lempfert,  M.A.,  and  other  members  of  the 
staff  of  the  Meteorological  Office,  who  have  supplied  me  with  much  of 
the  material  upon  which  the  general  conclusions  set  out  in  this  paper 
have  been  based. 
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*'  On  the  Structure  and  Affinities  of  Paleeodiscus  and  Agelacrinus." 
By  W.  K.  Spencer,  B.A.,  F.G.S.,  Burdett  Coutts  Scholar, 
Univei'sity  of  Oxford.  Communicated  hy  Professor  W.  J. 
SoLLAS,  F.RS.     Received  March  22. — Head  June  9,  1904. 

[Plate  1.] 

The  following  research  was  undertaken  at  the  suggestion  of 
Professor  Sollas.  It  endeavours  to  elucidate,  hy  the  aid  of  the  method 
descrihed  in  the  *PhiL  Trans.,'  B.,  vol.  196,  the  structure  of  two 
genera  of  rare  but  very  important  Palseozoic  Echinodermata,  namely, 
the  £kshinoid  Palaeodiscus  and  the  Edrioasteroid  Agelacrinus.  The 
fossils  were  gromid  at  imiform  distances  of  jV  t^^-*  ^ud  each  successive 
surface  photographed.  From  tracings  of  the  photographs  wax  models 
were  constructed.  On  the  results  of  these  investigations  views  are 
brought  forward  as  to  the  relationships  of  some  of  the  groups  of  the 
Echinodermata.  I  have  to  thank  Professor  Sollas  for  his  never-failing 
advice  and  assistance,  and  also  Dr.  Bather  for  his  courtesy  in  my  visits 
to  the  British  Museum  of  Natural  History. 

Pakeodisais  ferax  (Salter). 

Palaeodiscus  was  discovered  by  Salter  (1)  in  the  Lower  Ludlow  beds 
at  Leintwardine,  Shropshire.  The  specimen  was  in  the  form  of  a  cast, 
and  otherwise  imperfect.  Salter  was  unable  to  decide  whether  "  it  was 
an  Ophiurid  with  contracted  arm  plates  or  one  of  the  Asteriadse  with  a 
greatly  developed  masticatory  apparatus." 

Wyville  Thomson  (22)  in  1861  described  specimens  contained  in  the 
College  Museum  in  Belfast.  He  placed  Palaeodiscus  in  near  relation- 
ship with  Echinocystites,  a  genus  which  he  here  describes  for  the  first 
time.  Both  genera  were  recognised  as  Echinoids,  but  with  close 
relationships  to  the  Cystoids.  Wright  in  his  monograph  of  the  *  British 
Fossil  Echinodermata  of  the  Oolitic  Formations'  was  apparently  unaware 
of  Wyville  Thomson's  work,  and  merely  copies  Salter's  descriptions. 
Zittel,  in  1879,  while  recognising  the  Echinoid  affinities  of  Echino- 
cystites, yet  places  Palaeodiscus  amongst  the  Asteroidea.  Neumayr,  in 
1881,  regarded  Palwodiscus  and  Echinocystites  as  Very  nearly  related. 
**  Im  Ganzen  stellt  Palaeodiscus  einen  Typus  vor,  welcher  Charaktere 
von  Seestemen  mit  solchen  von  Cystocidaris  (Echinocystites),  der 
wichtigen.  Zwischenform  zwischen  Seeigeln  imd  Cystideen,  verbindet." 
(16,  p.  419.) 

Gregory  (5,  p.  130),  in  1897,  definitely  placed  Palaeodiscus  amongst 
the  Echinoids.  He  remarks,  "  the  general  characters  of  the  skeleton  are 
more  echinoid  than  asteroid;  the  absence  of  special  adambulacral 
plates,  the  occurrence  of  small  articidating  spines,  the  resemblance  of 


Dp.  W.  N.  Shaw.     On  Ihc  Bcna-al  [May  16, 


^ 

■'"»'■•- 

^  L  J  ^      ' 

k;  — 

^^-  '"" 

^^ni 

#y 

3 

-' 
^ 

S^i^ 

''r^ 

^^^vst^^iyi 

K 

^yv^ 

1 

Pi 

S 

^£ 

-^Ktri/  !^  ■—  1 KU^' 

^T^^^^ 

£3 

^ 

.4- 

4 

1904.]  Circulation  of  the  Almmpliere. 


34  Mr.  W.  K  Spencer.     On  the  Structure  and     [Mar.  22, 

<rf  Pabeosoic  Echinoids  shows  that  yarioas  genera  of  these  also  possess 
rhomboidal  inter-ambulacral  plates  distally,  but  these  rapidly  become 
polygonal. 

PabeodiscuSy  with  its  great  number  of  rhomboidal  interambulacral 
plates,*  shows  in  this,  as  in  all  other  respects,  very  primitive  features. 
The  plates  are  in  several  rows  radiating  from  the  initial  plate  in  a  fan- 
shaped  manner  (fig.  1).  It  is  this  arrangement  we  must  regard  as 
ancestral.     The  general  Asteroid  appearance  is  veiy  suggestive. 

Both  interambulacral  and  ambulacral  plates  are  imbricating.  The 
imbrication  obeys  the  general  Echinoid  rule,  namely,  the  ambulacral 
plates  imbricate  adorally,  the  interambulacral  aborally.  This  imbrica- 
tion also  occurs  in  the  Palaeozoic  Lepidocentrids  and  Lepidesthidae,  as 
also  in  the  Echinothurids.  Jackson  (9,  p.  237)  points  out  that 
imbrication,  since  it  appears  in  such  widely  separated  types,  is  ''a 
variation  built  upon  independent  lines." 

The  anus  is  situated  in  an  interambulacrum,  whether  on  the  dorsal 
or  ventral  surface  it  is  difficult  to  say,  but  certainly  at  a  considerable  dis- 
tance from  the  apex  (Plate  1,  fig.  1 ).  This  is  a  position  peculiar  amongst 
Echinoids  to  Palaeodiscus,  and  the  closely  related  genus  Echinocystites. 
It  was  surrounded  by  a  number  of  small  plates,  which  gave  it  a  very 
asteroid  appearance.  Gregory  (5,  p.  132)  has  suggested  that  the  apical 
plates  of  Echinoids  in  general  may  be  derived  from  the  five  valvular 
plates  which  surround  the  anus  in  Echinocystites.  The  large  number 
of  such  plates  in  Palseodiscus  cannot  be  reconciled  with  this  suggestion. 

There  is  no  trace  of  any  apical  disc  in  the  specimen  examined.  It  has 
been  pointed  out  that  Palaeodiscus  is  always  compressed  in  a  horizontal 
direction,  and  if  an  apical  plate  had  existed  its  remains  would  have 
been  driven  into  the  impression  of  the  lantern  of  Aristotle  and  lost.  If 
the  apical  disc  existed,  it  did  not  enclose  the  anal  region  either  in  this 
form  or  in  Echinocystites.  There  is  no  trace  of  a  Madreporite.  If  we 
judge  from  its  position  in  Echinocystites,  it  would  have  been  situated 
near  to  the  apex,  and  is  lost  for  the  same  reason  as  would  be  any 
apical  disc. 


Tbxt  Fio.  2. — a  Outer  ambulacral  plate  of  Fal€Bodi*cut  ferax ;    dotted  lines 
indicate  reconstructed  portion  put  in  from  cast ;  b,p,,  bilobed  pore. 

That  there  were  a  double  series  of  plates  in  the  ambulacrum  had 
been  inferred  by  Professor  Sollas.  The  outer  series  consisted  of 
a  number  of  pairs  of  long  thin  plates,  which  alternate  irregularly  with 
one  another  over  the  middle  line.  They  were  pierced  by  bilobed 
pores  situated  at  the  extreme  proximal  (mouth)  end  of  the  plate,  but 
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nevertheless  distinctly  enclosed  by  it  (fig.  6).  The  bilobed  pore  and 
its  marginal  position  are  primitiTe  conditions.  Echinoida,  I  ahall 
attempt  to  show,  must  hare  descended  from  ancestors  (Asteroids) 
which  possessed  a  single  pore  passing  between  the  ambulacral  plates. 
The  Echint^ds  more  than  any  other  Echinoderm  depends  for  ite 
existence  upon  the  strength  of  its  tube  feet.  The  bifurcation  of  the 
tube  foot  canal  by  the  formation  of  a  double  strand  of  tissue,  its 
arrangement  in  an  arch-like  manner,  and  its  enclosure  in  the  plate 
would  strengthen  the  power  of  the  tube  foot  considerably.  Palaeodiscus 
shows  the  beginnings  of  these  characters.  The  inner  series  of  these 
plates  in  the  cast  are  observed  to  dip  downwards  and  diatally.  They 
lie   in   a  groove  which  is  partially  filled  in  with  sandstone.    The 


Tixi  Fie-.   3. — Inner  ambnlMisl  platej   of  wme  ;  p.,   plates   in   moutli  region 
•epanrting  from  eaoh  other  g  ip.p^  iplajed  out  portion*  of  pUte>. 

existence  of  both  inner  and  outer  series  of  plates  is  confirmed  by 
the  series  of  sections  taken.  An  examination  of  the  specimen  showed 
that  the  outer  series  of  plates  have  suffered  much  from  solution,  but 
are  fortunately  best  preserved  over  the  ambulacral  groove,  probably 
because  of  the  greater  mass  of  calcite  in  this  region.  Iti  the  series  of 
sections  taken  the  outer  series  were  visible  from  I — 7,  showing  that 
they  had  a  thickness  of  ^  mm,  The  inner  series  then  appeared,  and 
persisted  for  \  mm.  The  outer  plates  were  pressed  down  over  the 
inner  series  so  that  little  trace  of  an  ambulacral  groove  appeared.  It  is 
this  displacement  combined  with  solution  which  has  in  ill-preserved 
specimens,  and  these  are  the  majority,  left  little  or  no  trace  of  a 
distinct  inner  series.  The  evidence  of  the  behaviour  of  the  inner  series 
in  the  mouth  region  was  quite  conclusive,  however,  as  to  their 
individuality.  Here  they  separate  out  just  as  do  the  ambulacral 
osdclee   forming  the    mouth    of    the  skeleton  of    Asteroids.     This 
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separation,  which  is  quite  diatiact,  causes  the  inner  series  to  occupy 
&  poeition  which  is  incompatible  with  the  view  that  they  are  the 
intumed  edges  of  the  outer  series  of  the  ambulacral  plates. 

Traces  of  the  aboral  ambulacrum  may  be  seen  squeezed  duvugh  on 
to  the  ventral  surface.  The  ambulacral  plates  in  this  region  as  noticed 
by  Gregory  appear  much  narrower  than  thoee  of  the  ventral  surface^ 
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Text  Figs.  4  mud  5.— Portions  of  Half  Pjramid  of  Pal/rodurm  ferox.  Fig.  4, 
iliieraii'neyi.p.l., proCHtut  It^iialit;  l.i.p.,  Unta emiHtMtn pgramidalew  t 
c,  nut  Avt^j  portion  of  pjrsmid.  Fig.  6,  eitemsi  view  ;  c.p„  ronoie 
outer  lurraoe  ;  r.,  ridges  on  pjTSQiid. 

In  two  of  the  inter-radii  examined  were  portions  of  pyramids.  It  was 
found  possible  to  reconstruct  the  proximal  portion  of  one  of  these. 
The  lateral  surfaces  still  preserved  the  ridges  which  served  for  the 
attachment  of  the  interpyramidal  muscles.  They  were  concave,  aa 
they  are  in  the  youiig  Echinoid  (Lov^n  11),  and  thus  present 
another  of  the  embryonic  features  bo  peculiar  to  Palteodiscus.  The 
external  surface  is  deeply  cut  away.  The  median  eleviition  forma  a 
well-defined  "  procesBus  labialis."  Towards  the  proximal  end  of  the 
exterior  surface  there  is  a  notch,  which  is  continued  distaily  in  the 
substance  of  the  pyramid.  This  I  cannot  find  represented  in  recent 
Urchins.  The  "  Linen  eminentes  pyramidales  "  (Val.)  are  well  defined. 
The  structure  of  the  teeth  in  recent  Echinoid  has  been  described  by 
Giesbrecht.  Gieabrecht,  from  a  study  of  the  root  end,  showed  that 
the  wings  of  the  tooth  arose  by  the  superposition  of  lamellse,  which, 
as  the  tooth  was  examined  as  it  approximated  to  the  mouth,  became 
intimately  connected  by  secondary  calcification.  Lov4n  (11,  p.  9) 
noticed  these  lamelln  in  the  tooth  of  the  very  young  Echinoid,  and 
also  that  these  lamellar  structures  soon  disappeared,  presumably  by 
secondary  calcifications.     The  tooth  of  Palteodiscus  shows  embryonic 
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feattires  in  the  distinctness  of  lamellse  through  by  far  the  greater 
portion  of  its  substance,  and  by  the  absence  of  secondary  calcifications. 


Tkst  Fig.  6. 


e  S. 


Text  Fig.  8. 


Text  Fig.  6. — Section  throagh  tooth  of  PalaodUctu  ferox ;  /  =  IsmelliB. 

TiXT  Fig.  7. — Diagrammatic  reproduction  of  cross  section  of  an  ambulacrum  of 

Palceodiscus  ferox ;  o.s.j  outer  series  of  plates  ;  t.«.,  inner  series. 
Tkxt  Fig.  8. — Diagrammatic  reproduction  of  cross  section  of  an  ambulacrum  of  a 

LepidodUcus   {Agelacrinua)  pileus ;  f.p.j    flooring   plate ;   sc.p.j    side- 

coTering  plate ;  ag,amb.^o,  =>  ambulacral  groove. 

The  carina  would  seem,  as  in  the  other  Echinoids,  to  be  formed  of 
dense  prisms. 


The  Edrioasferaidea  (Billings),  or  Thecoidea  {JaekeJ). 

History, — The  earliest  member  of  this  group  to  come  under  notice 
was  a  form  discovered  by  Dr.  Bigsby  in  Canada  and  described  by 
Mr.  G.  B.  Sowerby.  Mr.  Sowerby  compared  it  to  "  the  arm  of  an 
Asterias  lying  on  an  Echinoid,"  but  felt  himself  unable  to  determine 
its  near  affinities. 

Forbes,  in  1848,  described  an  English  specimen  of  the  same  group 
under  the  name  of  Agelacrinites  Bxichianus,  Forbes  remarks,  **  One 
important  point  is  strongly  suggested  by  the  structure  of  the  arms 
and  arm  grooves  in  this  curious  genus,  viz.,  that  it  is  possible  the 
ambulacral  avenues  of  all  Echinoidae  are  embodied  arms,  when  embodied 
usually  separated  by  ambulacral  plates ;  that  here  we  have  the  latter, 
but  no  avenues,  for  the  arms  themselves  are  the  avenues  freed  from 
the  body,  consequently  that  the  anomalous  genus  Palseechinus  (and 
perhaps  Archseocidaris  also)  is  an  intermediate  form  between 
Agelacrinites  and  true  Urchins,  an  abnormal  Agelacrinites,  so  to  speak, 
ill  which  the  arms  have  become  embodied." 

Billings,  in  1858,  described  two  species  which  he  calls  Edrioaster 
Bigsbyi  and  Agelacrinites  Dicksoni,  The  ambulacral  groove  of  Edrioaster 
Bigsbyi  was  composed  of  two  series  of  oblong  ossicles.     Between  the 
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ossicles  were  said  to  be  ambulacra!  pores.  This  structure  offers  points 
of  resemblance  to  that  of  star-fish.  Billings  himself  says,  ''I  have 
placed  E.  Bigsbyi  in  the  order  AsteriadsB  because  the  structure  appears 
to  me  more  like  that  of  the  star-fishes  than  those  of  the  Cystidese. 
None  of  the  CystidesB  have  ambulacra  whose  pores  penetrate  through 
the  covering  of  the  body,  and  therefore  all  such  genera  as  Edrioaster 
Agelacrinites  and  Hemicystites  belong  to  a  very  different  division  of 
the  Echinodermata.  When  we  know  more  of  their  structure  it  is 
probable  they  will  be  arranged  as  a  sub-order  for  which  the  name 
Edrioasteridae  would  be  appropriate,  as  it  would  suggest  their  sessile 
condition  on  the  one  hand  and  on  the  other  their  affinity  to  the 
AsteriadaB."  Schmidt,  in  1874,  in  his  description  of  Mesites  PusireffsH 
points  out  the  resemblance  of  Mesites  to  Edrioaster.  He  shows  that 
Mesites  has  a  double  series  of  plates,  and  that  between  the  upper 
series  of  covering  plates  are  pores.  These,  however,  lead  only  into 
the  ambulacral  groove  which  is  quite  closed  from  the  body  cavity. 
Schmidt  on  this  ground  cannot  agree  that  Mesites,  at  any  rate,  has 
any  affinities  with  the  Asteridse. 

The  theory  that  Agelacrinus  and  Mesites  were  connecting  links 
between  the  Cystideans  and  the  Eleutherozoa  was  further  advanced  by 
Neumayr.  Neumayr  (16,  p.  420)  supports  his  hypothesis  by  a  state- 
ment which  he  attributes  wrongly  in  "  Die  Stamme  des  Thierreiches  " 
to  J.  Miiller.  "Wohl  weiss  man  durch  die  Untersuchungen  des 
grossen  Zoologen  und  Anatomen  Johannes  Miiller,  dass  in  friiher  Jugend 
auch  bei  den  Seesternen  die  Ambulacralcanale  innen  liegen,  und  dass 
da  bei  weiterem  Wachsthume  eine  Aenderung  in  der  Art  eintritt,  dass 
sich  nun  erst  die  definitiven  Ambulacral-platten  bilden  und  die  Wasser- 
gefasse  vom  Innern  abschliessen,  wahrend  der  sie  nach  aussen 
bedeckende  Theil  refiorbirt  wird  und  verschwindet."  This  double 
series  of  plates  present  in  the  developing  Asteroid  is,  according  to 
Neumayr,  readily  capable  of  interpretation  by  comparison  with  the 
double  series  of  plates  in  Mesites. 

An  earlier  paper  shows  that  the  authority  for  this  statement  con- 
cerning the  developing  Asteroid  was  A.  Agassiz.  Professor  Ludwig 
has  given  a.  very  complete  account  of  the  development  of  Asteroids  and 
kindly  answering  my  inquiry  categorically  denies  Agassiz's  statement. 

Schmidt  had  already  exposed  the  weak  point  in  this  theory,  namely, 
that  there  are  no  passages  in  Mesites  which  would  compare  to  the 
ambulacral  pores  of  star-fishes.  Mesites  has  now  been  definitely 
relegated  to  the  Diploporite  Cystideans.  The  theory  that  Edrioaster 
and  Agelacrinus  represent  the  Eleutherozoic  ancestor  has  however 
survived,  and  Bather*  claims  an  independent  status  for  this  group  as 
definite  ancestors  of  free-moving  Echinoderms. 

'  Treatise  on  Zoology,'  Lankester,  toI.  8,  "  Echmoderma/'  and  in  yariouB  other 
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We  have  seen  that  Billings  demanded  pores  through  the  series  of 
ambulacral  plates  in  E,  Bigsbyi^  and  Bather  has  established  this  fact,  as 
also  that  there  is  present  an  uppermost  series  of  covering  plates.  This 
demolishes  Jaekel's  suggestion  (8,  p.  45)  that  the  plates  through  which 
the  pores  pass  might  be  covering  plates.  Whether  these  pores  serve  for 
the  passage  of  ampullse  or  podia  is  an  open  question  and  we  propose  to 
discuss  it  in  the  later  portions  of  this  paper.  Hall  claims  to  have 
discovered  pores  in  Agelacrinus.  Various  authors  have,  however, 
with  regard  both  to  Agelacrinus  and  other  genera,  given  accounts 
which  directly  contradict  the  views  expressed  above. 

Eoemer,  in  1851,  obtained  a  cast  of  Ageldcrinus  rheanus  which  led 
him  to  surmise  that  the  ambulacral  grove  was  occupied  by  single 
flooring  plates. 

F.  B.  Meek,  1873,  who  described  a  peculiarly  preserved  specimen  of 
A.  dneinncUiensis  says,  "  The  shell  (of  the  Brachiopod  upon  which  it 
was  sessile)  had  separated  in  such  a  manner  as  to  take  with  it  the 
under  side  of  the  Agelacrinites,  and  leave  its  upper  side  in  the  matrix 
so  situated  as  to  expose  its  inner  surface.  The  inner  side  of  each  arm 
or  ray  is  here  seen  to  be  composed  of  a  single  series  of  quadrangular 
pieces  that  are  not  imbricating." 

Hendcystis  UUiusciday  described  by  Jaekel  (8,  p.  17)  agrees  in  structure 
with  the  above.  "  Die  Einnen  werden  hier  deutlich  unterlagert  von 
einer  einfache  Beihe  querverlangerter  etwas  winklig  vorgezogener 
Plattchen." 

None  of  these  authors  discovered  in  these  genera  any  trace  of  pores 
in  the  ambulacral  groove. 

Description, — The  evidence  of  the  structure  of  the  ambulacra  of  the 
Edrioasteroidea,  brought  forward  in  this  paper,  is  based  upon  ground 
sections  through  specimens  of  Agelacrinus,  especially  through  a  well- 
preserved  specimen  of  Agelacrinus  (Lepidodiscus)  pHeus  (Hall) ;  as  also 
upon  investigations  on  a  uniquely  preserved  specimen  of  Agelacrinus 
cineinnatiensis  (F.  Eoemer). 

In  all  cases  when  the  anal  pyramid  could  not  be  observed,  the  anal 
inter-radius  was  identified  from  the  fact  that  the  rays  adjacent  to 
the  anus  always  curve  towards  it.  Following  the  nomenclature  of 
Jaekel,  the  ambulacrum  to  the  left  of  the  anus  would  be  called  I,  and 
the  remainder  coimted  clockwise  II,  III,  IV,  V. 

Viewed  externally  the  ambulacra  of  Lepidodiscm  pikus  are  seen  to 
be  roofed  over  by  an  alternating  series  of  plates  which  are  shaped 
like  a  bent  finger,  fig.  9.  These  do  not  completely  enclose  the  groove, 
there  being  small  interspaces  between  each  covering  plate.  Both 
longitudinal  and  transverse  section  show  that  these  plates  also  form 
the  sides  of  the  groove.  There  is  no  trace  of  any  separate  side 
plates.  We  may  therefore  call  this  upper  series  of  plates  *' side- 
covering  plates."     There  are  often  slight  interspaces  between  them 
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diroaghout  moet  of  their  depth.  An  exKminatioQ  of  the  sericfl  of 
photograplu  as  abo  the  wax  models  show  that  no  pores  are  present 
leading  into  the  interior  of  the  test.  These  plates  were  on  an  average 
13  turn,  in  thickness,  the  plates  covering  the  month  are  merely 
enlarged  side  covering  plates.  They  occupy  the  angles  of  those 
inter-radii  which  border  the  mouth  region.     These  inter-radii  are  Dot 
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TiXT  FiOB.  9,  10,  11,  12. — ProgreMiTe  Tievi  of  rFoomtructed  w&i  model  of 
Lepidodiicui  {AyelacTimm)  piletu ;  I,  II,  III,  If,  I'—  unbulaen ; 
*.cp.,  aide.coTering  pl&tes ;  n.ai'.,  mouth  pUte  of  anal  inter-tailitu ; 
m.ep.,  mouth  comer  plate  ;  J'.p.,  flooring  plates.  Bg  trror  in  tht  figura, 
the  anhalacra  hate  hen  aumbtred  F,  i,  //,  III,  IV  imfead  of 
I.  II,  III,  ir,  r. 

Fio.  9. — OuleriDOst  view. 


five  in  number  but  three,  namely  those  between  II  and  III,  III  and 
IV,  rv  and  T.  This  is  because  a  secondary  triradiate  symmetry  has 
been  imposed  upon  the  primitive  pentamerous  symmetry  of  this  genus, 
vide  infra. 

Two  of  the  mouth-covering  plat«s  are  of  equal  size.  They  are 
smaller  than  the  third,  which  occupies  the  angle  of  the  anal  inter- 
radius. 

The  ambulocral  groove  is  floored  by  a  series  of  single  oblong  plates, 
which  stretch  across  the  groove,  and  show  no  trace  of  median  suture  or 
pore,  figs.  10, 11.  They  do  not  correspond  in  number  to  the  side  covering 
plates, butaresomewhatlargeTifigs.  10,11.  Jaekel(6,p.  lT)haathesame 


1904.]  Affiniiiea  of  PaUeodiscits  and  Agelacrinua.  41 

obserrationirith  regard  to  the  flooring  platea  of  HemicyBtiB.  "  Deren  Zahl 
nicht  immer  genau  so  grosB  tat  wie  die  Zahl  der  Saumplattcben,  so  daas 
wohl  bisweilen  je  3  auf  einer  Bolchen  SubambuUcral-Flatte  aufdtEen." 
I  can  find  no  correspondence  in  number  between  the  side^overing  and 
the  flooring  plates.  At  times,  two  aide  covering  plates  appear  to  reet 
on  one  flooring  plate  on  one  side  of  the  groove,  figs.  10,  11,  but,  on  the 
•other  side,  the  corresponding  plates  lie  on  portions  of  more  than  one 
flooring  plate.    This  may  be  due,  however,  to  secondary  distortion. 

The  above  account  of  the  structure  of  the  ambulacral  groove  is 
confirmed  by  a  study  of  a  specimen  of  Agelacrinm  dndntiatienm,  in 
which  the  side-covering  plates  have  been  dissolved  away  along  most  of 
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the  ambulacra.  The  flooring  plates,  which  agree  precisely  with  those 
of  A.  piieus,  have  been  thus  exposed.  They  show  grooves  along  their 
bolder,  which  are  the  articulation  of  the  upper  series,  Plate  1,  fig.  2. 

The  flooring  plates  enclose  the  mouth,  except  in  the  anal  inter- 
radius.  In  the  ground  specimen  of  A.  pileus  they  have  been  slightly 
displaced.  They  are  more  naturally  preserved  in  the  A.  cindnnatimsis 
examined,  Plate  1,  fig.  2.  The  fact  that  the  flooring  plates  do  not 
enclose  the  mouth  in  the  anal  inter-radius  is  a  necessary  consequence  of 
enlargement  of  this  inter-radius.  The  plates  of  the  mouth  are  merely 
the  flooring  plates  of  the  ambulacra.  The  ambulacra  I  and  V  do  not 
meet  in  the  angle  of  the  anal  inter-radius,  and  consequently  the  mouth 
ring  cannot  be  completed  by  these  plates.    The  enlargement  of  the 
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anal  iDter-radius  baa  also  prodaced  the  secondary  fusion  of  radii 
I  and  II,  and  lY  and  V,  a  phenomenon  not  confined  to  Agelacrinus, 
but  one  found  commonly  in  the  Pelmatozoa.  Jaekel  (8,  p.  8)  has  called 
attention  to  this,  "Diese  Verschiebung  der  Oabelungzwei  Strahlen  findet 
aber  iiberall  bei  Pelmatozoen  im  analen  Inter-radius  statt,  wo  sich  die 
Primarporen,  das  Parietalseptum  und  der  After  swischen  zwei  Strahlen 
einachieben.  Dadurcb  wird  die  AbgliedenmgsBtelle  der  Eadien  I 
und  V  etwas  nach  den  Seiten  verBchoben."  The  calcification  of  the 
plates  must  be  secondary  to  the  location  of  the  internal  organs,  for 
these  are  formed  first  during  ontogeny.  Secondary  symmetries  in  the 
ambulacral  pUtes  are  thus  readily  accounted  for. 


Fie.  12.— Tb«  H  mm.  ramoTcd 
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The  mouth  ring  is  further  strengthened  by  plates,  which  underiy 
the  mouth-coyering  plates.  These  occupy  the  angles  between  II  and 
III  and  III  and  IV.  The  third,  which  underlies  the  large  mouth- 
covering  plate  of  the  anal  inter-radius,  completes  the  mouth  ring  in 
this  region.  It  has  been  somewhat  attacked  by  solution  in  both  cases 
examined.  The  flooring  plates  of  the  mouth  ring  are  thicker  than 
those  of  the  remainder  of  the  ambulacra.  No  trace  of  any  plates 
are  to  be  observed  underneath  them.  This  would  seem  to  indicate 
that  the  central  part  of  the  ventral  region  of  Agelacrinus  was  occupied 
by  a  membrane  with  calcification  weakly,  or  not  at  all  developed.  A 
similar  appearance  has  been  described  in  Edrioaster  by  Forbes  and 
Bather.  Bather  has  supposed  that  by  the  pulling  in  of  this  membrane 
a  vacuiun  would  be  produced,  thus  fixing  the  animal  to  the  sea  floor. 

No  trace  of  any  Madreporite  was  observed  in  Agelacrinus.  Jaekel 
demands  the  absence  of  this  organ  throughout  the  Edrioasteroidea. 
Bather  has,  on  the  contrary,  interpreted  a  structure  on  the  thecal  plate 
near  the  mouth  in  the  anal  inter-radius  of  Edrioaster  as  a  Madreporite. 

Theoretical  Conclusions. — We  have  seen  that  there  are  two  distinct 
views  as  to  the  structure  of  the  ambulacrum  in  the  Edrioasteroidea. 

1.  That  which  has  found  its  latest  supporter  in  Jaekel  asserts  that 
the  ambulacral  groove  possesses  single  flooring  plates.  No  openings 
are  present  between  these,  or,  if  they  were  present,  they  served  as 
genital  orifices. 

2.  That  which  is  advocated  by  Dr.  Bather,  founded  upon  a  study  of 
Edrioaster.  This  states  that  there  was  a  double  series  of  alternate  flooring 
plates.    Between  these  were  openings,  through  which  passed  ampullae. 

The  results  of  the  above  investigation  shows  that  Jaekel  is  correct 
with  respect  to  the  structure  of  the  ambulacral  groove  in  the 
Agelacrinidae.  There  appears  no  reasonable  doubt,  however,  that 
Edrioaster  possesses  a  double  series  of  alternating  flooring  plates,  and 
between  these  pLates  are  pores.  Dr.  Bather  has  been  kind  enough 
to  show  me  an  exceptionally  well-preserved  specimen  of  Edrioaster 
Bigshyiy  which  leaves  no  doubt  upon  this  point.  Dr.  Bather's  view 
that  through  these  pores  protruded  either  podia  or  ampullae,  is, 
however,  open  to  criticism.  The  pores  are  at  the  extremity  of  a 
groove,  in  such  a  position  that  they  lie  immediately  under  the  hinge 
of  the  covering  plates.  The  groove  which  leads  to  the  pore  opens  out 
gradually,  and  suggests  that  it  served  to  carry  water  to  the  pore, 
which  would  then  have  a  respiratory  function.  That  some  members  of 
the  Edrioasteroidea  should  show  respiratory  pores,  whilst  others  do 
not,  is  in  accordance  with  the  structure  of  the  group  as  a  whole. 
Jaekel  divides  the  Edrioasteroidea  into  two  sub-groups.  The  The- 
cocystideae,  including  Edrioaster ;  and  the  Agelacrinidae.  The  former 
are  characterised  by  their  firm  skeletons,  the  latter  by  their  imbri- 
cating plates.   The  forms  with  firm  skeletons  would  require  respiratory 
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pores.  The  Agelacrinoidea  would,  on  the  contrary,  present  large 
surfaces  of  membrane  to  the  surrounding  sea-water  when  they  were 
not  in  the  state  of  collapse  in  which  they  are  generally  found. 

There  is  very  strong  eridence  that  no  member  of  the  group, 
primitive  as  it  is,  lay  in  a  direct  ancestral  line  between  Pelmatozoa 
and  Eleutherozoa,  as  advocated  by  Hseckel  and  Bather.  No  Edrio- 
asteroid  is  known  which  does  not  possess  both  covering  and  flooring 
plates.  The  Asteroids,  which  lay  at  the  base  of  the  Echinoid  stem, 
as  we  shall  now  seek  to  show,  possess  only  a  single  series  of  ambulacral 
plates.  The  assertion  of  the  presence  of  a  double  series  in  the 
embryo  is  without  foundation.  It  is  impossible  to  suppose  that  the 
complicated  ambulacrum  and  firm  skeleton  of  Edrioaster  gave  birth  to 
the  primitive  simple  ambulacrum  and  movable  skeleton  of  the  Asteroids. 
With  regard  to  the  relationships  between  the  Asteroids  and  Echinoids, 
Johannes  Miiller  remarked  in  1853 :  "  Die  Yergleichung  eines  Seeigel 
und  eines  Seestemes  war  immer  ein  anziehender  Punkt  fiir  die  Specu- 
lation." In  this  same  paper,  Miiller  (15,  p.  170)  draws  comparisons 
which  have  since  become  classical  "Stellen  wir  uns  vor,  die 
Ambulacralplatten  des  Echinus  weichen  auseinander,  und  werden  durch 
Haut  vereinigt,  mnwachsen  aber  das  Ambulacralgefass  und  den  Nerven 
von  imten,  so  erhalten  wir  aus  dem  Echinus  die  Asterie ;  stellen  wir  uns 
eine  Asterie  vor,  bei  welcher  die  hautigen  Gebilde  iiber  die  Nerven  und 
Gefasse  von  den  Ambulacralplatten  aus  ossificiren,  und  lassen  wir 
die  Nath  der  wirbelartigen  Fortsatze  unter  den  Crefassen  weit  klaffen, 
so  erhalten  wir  aus  der  Asterie  die  Verhaltnisse  der  Echinen.  Ein 
dritter  Fall  ware,  dass  die  Ambulacral-platten  zugleich  die  Vereinigung 
der  Echinen  iiber  dem  Nerve  und  Gefass  erzielen,  als  die  Fortsatze 
der  Asterien  entwickeln.  Dieses  kommt  in  der  That  bei  Cidaris  am 
vorderen  Theil  der  Ambulacra  vor,  wo  die  Ambulacral-platten  an  der 
innem  Seite  der  Porenreihen  Fortsatze  senkrecht  nach  innen  gegen 
die  Hohle  der  Schale  abschicken,  welche  von  beiden  Seiten  die  Stanmie 
der  Ambulacralgebilde  zwischen  sich  nehmen." 

"Ausser  Cidaris  hat  auch  Clypeaster  rosaceus  und  altus  oder 
iiberhaupt  die  Gattung  Echinanthus  denjenigen  Theil  der  Ambulacral- 
platten, welcher  den  vertebralen  Fortsatzen  der  Asteriden  analog  ist, 
in  der  innem  Tafel  ihrer  Ambidacral-platten.  Hier  nehmen  alle 
Ambulacral-platten  daran  Theil  und  es  tritt  sogar  die  Vereinigung 
von  rechts  und  links  durch  Nath  ein.  Dieser  Ambulacralboden  liegt, 
wie  bei  den  Asteriden,  unter  den  Stammen  der  Ambulacralgefasse  und 
Nerven.  Dagegen  ist  die  aussere  Tafel  der  Ambulacral-platten  iiber 
dem  Nerven-  und  Gefasstanune  analog  der  hautigen  Bedeckung  der 
Ambulacra  der  Asteriden.  Damit  ist  nunmehr  sattsam  bewiesen,  dass 
in  der  That  der  Bau  der  Ambulacra  in  den  Echiniden  und  Asteriden 
ganzlich  abweicht  und  diirfen  Cidaris  und  Echinanthus  als  der 
Schliissel  zum  Verstandniss  dieser  Abweichimgen  angesehen  werden.'' 
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The  justice  of  these  observations  is  strikingly  illustrated  by  the 
discovery  of  the  double  series  of  plates  in  Palaeodiscus.  The  lower 
series  of  ambulacral  plates  in  Palaeodiscus  must  be  regarded,  just  as 
the  auricles  of  Echinus  and  the  ambulacral  processes  of  Cidaris,  as  the 
representatives  of  the  ambulacral  plates  of  the  Asteroids. 

Lov^n  (11,  p.  38)  has  shown  "  that  the  auricles  of  the  Ectobranchiates 
are  seen  to  adhere  to  the  ambulacra  as  distinct  and  independent  parts 
joined  mainly  to  them  by  means  of  articulation,  and  to  increase  by  their 
own  growth,  both  surfaces,  the  auricular  and  the  ambulacral,  during 
the  constant  fluctuations  of  absorption  and  renewal  mutually  main- 
taining their  firm  connection." 

This  statement  shows  that  embryology  justified  the  homologies  drawn 
al)ove,  and  that  we  have  in  the  embryo  two  distinct  series  of  plates, 
the  outer  of  which  are  the  true  Echinoid  plates,  the  inner  which  become 
auricles  are  the  Asteroid  ambulacrals. 

Semon  and  Lang  have  suggested  that  the  true  Echinoid  plates  may 
be  derived  by  the  overgrowth  of  the  adambulacral  plates  of  Asteroids, 
a  view  which  would  support  this  theory. 

We  must  conclude,  therefore,  that  whilst  a  double  series  of  plates, 
namely,  an  outer  series  peculiar  to  the  Echinoid,  perhaps  derived  from 
the  adambulacrals  of  Asteroids,  and  an  inner  series  homologous  with 
the  plates  of  an  Asteroid  occur  in  the  ambulacrum  of  all  the  Echinoids, 
a  complete  double  series  occurs  in  Palseodiscus,  which  is  therefore 
entitled  to  be  placed  at  the  base  of  the  Echinoid  stem.  It  is  not  alone 
in  the  structure  of  the  ambulacra  that  Palseodiscus  shows  itself  to  be 
the  most  primitive  of  Echinoids,  for  we  have  seen  that  the  inter- 
ambulacral  areas  present  many  ideally  primitive  Echinoid  structures. 

That  the  transition  must  have  been  from  Asteroid  to  Echinoid 
and  not  viu  versdy  the  possession  of  a  lantern  of  Aristotle  by  the  latter 
forms  is  quite  sufficient  proof. 

MacBride  (12,  p.  316)  in  a  recent  paper  has  adduced  embryological 
evidence  to  derive  the  Echinoids  from  the  Asteroids ;  he  shows  :  "  That 
in  the  just  metamorphosed  sea  urchin  the  humped  dorsal  surface  is 
greater  in  extent  than  the  flat  ventral  one,  and  the  radial  canals  extend 
straight  outwards  from  the  water  vascular  ring  and  end  in  prominent 
terminal  tentacles,  both  of  which  are  Asteroid  features."  MacBride  also 
remarks  upon  the  ''highly  developed  Pedicellariae  amongst  the 
Echinoidea."  Amongst  Asteroidea  they  are  by  no  means  universal,  and 
numerous  transitional  forms  are  foimd  showing  their  origin  from  the 
spines;  in  a  word,  pedicellariae  have  been  developed  amongst  the 
Asteroidea  and  inherited  ready-made,  so  to  speak,  by  the  Echinoidea. 

As  to  the  Pelmatozoan  ancestor  of  the  Eleutherozoa  it  is  better  to 
leave  that  in  the  realms  of  controversy.  Asteroids  are  known  from  the 
Cambrian  period,  and  it  is  very  probable  that  this  ancestor  was 
pre-Cambrian. 
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"  On  the  Action  of  Sadium  Emanations  on  Diamond."  By  Sir 
William  Crookes,  F.E.S.  Eeceived  June  9, — Eead  June  16, 
1904 

When  diamonds  are  exposed  to  the  impact  of  radiant  matter  in 
a  high  vacuum  they  phosphoresce  of  different  hues,  and  assume  a 
dark  colour,  becoming  almost  black  when  the  bombardment  is  long 
continued.* 

Some  diamonds  blacken  in  the  course  of  a  few  minutes,  while  others 
require  an  hour  or  more  to  discolour. t  This  blackening  is  only  super- 
ficial, and  although  no  ordinary  means  of  cleaning  will  remove  the 
discoloration,  it  goes  at  once  when  the  stone  is  polished  with  diamond 
powder.  The  fact  that  the  black  stain  is  not  affected  by  ordinary 
oxidising  reagents  would  seem  to  show  that  it  is  not  due  to  a  layer  of 
amorphous  carbon;  but  it  might  be  graphite,  which  is  much  more 
resistant  to  oxidation.  Becquerel  has  shown  that  graphite  is  con- 
verted into  graphitic  oxide  by  long  digestion  in  a  warm  mixture  of 
potassium  chlorate  and  strong  nitric  acid,  while  diamond — even  in  a 
very  finely  powdered  state — is  absolutely  unaffected  by  the  mixture.}: 

Some  forms  of  graphite  dissolve  in  strong  nitric  acid ;  others  require 
a  mixture  of  highly  concentrated  nitric  and  potassium  chlorate  to  dis- 
solve them,  and  even  with  this  intense  oxidising  agent  some  graphites 
resist  longer  than  others.  M.  Moissan  has  shown  that  the  power 
of  resbtance  to  nitric  acid  and  potassium  chlorate  is  in  proportion  to 
the  temperature  at  which  the  graphite  has  been  formed,  and  with 
reasonable  certainty  we  can  estimate  this  temperature  by  the  resistance 
of  the  graphite  to  this  reagent. 

Judging  from  the  long  time  required  to  remove  the  superficial 
darkening  from  diamond,  the  graphite  is  as  resistant  as  that  formed  at 
the  temperature  of  the  electric  arc. 

On  one  occasion  when  I  had  blackened  the  surfaces  of  diamonds  by 
molecular  bombardment  in  vacuo  M.  Moissan  was  present,  and  took  some 
away  with  him  for  further  examination.  He  subsequently  reported  the 
results  in  the  '  Comptes  Be7idu8.*%  He  heated  the  diamond  to  60*"  in  an 
oxidising  mixture  of  potassium  chlorate  and  fuming  nitric  acid  prepared 
from  mono-hydrated  sulphuric  acid  and  potassium  nitrate  fused  and 

•  *  PhiL  Trans.,'  1879,  Part  II,  p.  658,  par.  626. 

t  At  a  lecture  before  the  Rojal  Institution  on  June  11,  1897, 1  exposed  a  flat 
made  crystal  of  diamond  to  radiant  matter  bombardment  before  the  audience  for 
about  5  minutes,  a  strip  of  metal  ooTering  part  of  the  stone.  On  removing  the 
diamond  from  the  yaouum  tube  and  projecting  its  image  on  the  screen  with  the 
electric  lantern,  the  image  of  the  darkening  was  Tery  apparent. 

t  *  Ann.  de  Chim.  et  de  Phys.,'  [4],  toI.  19,  p.  392. 

§  Vol.  124,  No.  13. 
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quite  free  from  moisture.  The  action  on  the  black  layer  is  very  slow. 
There  is  produced  graphitic  oxide,  which  at  an  increased  temperature 
yields  pyrographitic  acid,  easily  destroyed  by  nitric  acid.  Hence 
the  variety  of  carbon  which  coated  the  diamond  was  graphite. 
The  transformation  of  diamond  into  graphite  requires  the  high  tempera- 
ture of  the  electric  arc.  The  higher  the  temperature  to  which  graphite 
is  raised  the  greater  is  its  resistance  to  oxidation.  M.  Moissan  concludea 
that  the  temperature  reached  by  the  surface  of  the  diamond  in  my  radiant 
matter  tubes  is  probably  about  3600*. 

The  /S-rays  from  radiiun  having  like  properties  to  the  cathode  stream 
in  a  radiant  matter  tube,  it  was  of  interest  to  ascertain  if  they  would 
exert  a  like  difference  on  diamond.  Two  Bingara  diamonds,  A  and  B^ 
weighing  respectively  0  960  and  1*020  grains,  were  selected  as  near  as 
the  eye  could  judge  of  the  same  size  and  colour — very  pale  yellow^ 
technically  known  as  "  off  colour."  Diamond  A  was  put  in  a  drawer 
far  removed  from  radium  or  any  radio-active  body.  Diamond  B  was 
kept  close  to  a  quartz  tube  containing  about  15  milligrammes  of  pure 
radium  bromide  sealed  in  vacuo.  It  phosphoresced  brightly  and  con- 
tinued to  glow  the  whole  time  of  the  experiment. 

After  a  fortnight  the  two  diamonds  were  put  side  by  side  and  com- 
pared. I  could  see  no  appreciable  difference  in  colour  between  them. 
Diamond  B  was  now  replaced  close  to  the  quartz  tube  of  radium,  and 
they  were  kept  in  contact  for  six  weeks.  At  the  end  of  that  time 
examination  again  showed  scarcely  any  difference  between  the  two. 
The  one  which  had  been  near  the  radium  might  be  a  little  the  darker 
of  the  two,  but  the  difference  was  too  slight  to  enable  me  to  speak 
positively. 

Diamond  B  was  now  put  inside  a  tube  with  radium  bromide,  the 
salt  touching  it  on  all  sides,  as  it  was  thought  possible  that  a  screen  of 
quartz  might  interfere  with  the  passage  of  emanations  which  would  act 
on  the  diamond.  The  comparison  diamond  was  kept  removed  from 
the  emanations  as  before.  The  experiment  was  continued  for  78  days, 
when  the  two  diamonds  were  again  examined.  There  was  now  a 
decided  difference  in  colour  between  them ;  diamond  A  was  of  its 
original  pale  yellow  "off  colour,"  and  diamond  B  was  of  a  darker 
appearance  and  of  a  bluish-green  tint,  with  no  yellow  colour  apparent. 

It  thus  appears  that  the  property  which  radium  emanations  possess 
of  darkening  transparent  bodies  which  they  impinge  upon — a  property 
very  marked  in  the  case  of  glass,  and  less  with  quartz — ^also  holds 
good  in  the  case  of  diamond. 

Diamond  B  was  now  heated  to  50**  C.  in  a  mixture  of  strongest 
nitric  acid  and  potassiiun  chlorate  for  10  days,  the  mixture  being 
renewed  each  day.  At  the  end  of  this  time  the  diamond  had  lost  its 
dull  surface  colour,  and  was  as  bright  and  transparent  as  the  other- 
stone,  but  its  tint  had  changed  from  yellow  to  a  pale  blue-green. 
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The  radium  emanations  have  therefore  a  double  action  on  the 
diamond.  The  jS-rays  (electrons)  effect  a  superficial  darkening,  con- 
verting the  surface  into  graphite  in  a  manner  similar  to,  but  less 
strongly  than,  the  more  intense  electrons  in  the  cathode  stream.  But 
the  alteration  of  the  body  colour  of  the  stone  by  emanations  which  are 
obstructed  by  the  thinnest  film  of  solid  matter,  even  by  a  piece  of  thin 
paper,  is  not  so  easy  to  understand.  A  superficial  action  might  be 
expected,  but  not  one  penetrating  through  the  whole  thickness  of  the 
diamond.  I  believe  the  alteration  of  colour  is  a  secondary  effect ;  in 
presence  of  radium  the  diamond  is  extremely  phosphorescent,  and  it 
<;ontinues  to  shine  during  the  whole  time  of  the  experiment.  This 
constant  state  of  vibration  in  which  the  diamond  was  kept  for  many 
weeks  may  have  caused  an  internal  change  revealing  itself  in  a  change 
of  colour.  Indeed,  it  is  not  difficult  to  suppose  that  a  chemical  as  well 
AS  a  physical  action  may  result.  If  the  yellow  colour  is  due  to  iron  in 
the  ferric  state  a  reduction  to  the  ferrous  state  would  quite  account  for 
the  change  of  colour  to  a  pale  blue-green. 

This  alteration  of  colour  may  be  of  commercial  importance.  If  *'off 
colour  "  stones  can  be  lightened  their  value  will  increase,  while  if  the 
prolonged  action  of  radium  is  to  communicate  to  them  a  decided  colour 
they  would  be  worth  much  more  as  "  fancy  "  stones. 

[Added  June  16,  1904. — After  the  10  days'  heating  in  the  above  acid 
mixture  the  two  diamonds  were  put  together  in  a  glass  tube  and  carried 
nbout  for  25  days,  sometimes  loose  and  sometimes  in  the  tube.  They 
then  were  laid  near  together  on  a  sensitive  film  in  total  darkness  for  24 
hours.  On  developing,  diamond  B  had  impressed  a  strong  image  on 
the  film,  but  only  a  very  faint  mark  could  be  seen  where  the  other 
•diamond  had  been.  Probably  this  slight  action  was  due  to  a  little 
radio-activity  induced  in  A  during  its  25  days'  proximity  to  B. 

The  experiment  was  then  repeated  for  confirmation,  allowing  the 
diamonds  to  remain  on  the  sensitive  surface  for  only  5  hours.  On 
<ievelopment,  a  good  image  of  diamond  B  was  seen,  but  not  so  black 
j&s  in  the  former  case. 

The  fact  that  diamond  B  was  strongly  radio-active  after  it  had  been 
Away  from  radium  for  35  days,  for  10  of  which  it  was  being  heated  in 
A  mixture  powerful  enough  to  dissolve  off  its  outer  skin  of  graphite, 
dseems  to  me  proof  that  radio-activity  is  by  no  means  a  simple 
phenomenon.  It  not  merely  consists  in  the  adhesion  of  electrons  or 
emanations,  given  off  by  radium,  to  the  surface  of  an  adjacent  body, 
but  the  property  is  one  involving  deep-seated  layers  below  the  surface, 
And  like  the  alteration  of  tint  is  probably  closely  connected  with  the 
intense  phosphorescence  the  stone  had  been  experiencing  during  its 
78  days'  burial  in  radium  bromide.] 
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"On  a  Direct  Method  of  Measuring  the  CoefiScient  of  Volume 
Elasticity  of  Metals."  By  A.  Mallock,  F.K.S.  Received 
April  19,— Read  June  2,  1904. 

For  most  hard  materials  the  coefficient  of  vohime  elasticity  is  usually 
calculated  from  measurements  of  Young's  modulus  or  of  the  coefficient 
of  rigidity,  either  of  which,  when  Poisson's  ratio  is  known,  suffices  for 
its  determination.  Although,  however,  the  total  alteration  of  volume 
for  a  given  pressure  can  be  calculated  from  the  coefficient  thus  obtained, 
it  is  only  for  isotropic  material  that  the  alteration  of  dimensions  in  any 
given  direction  can  be  inferred  from  it. 

The  following  direct  method  of  measuring  the  coefficient  of  volume 
elasticity  is  of  some  interest,  as  it  allows  of  the  linear  contraction  or 
extension  in  any  given  direction,  caused  in  a  substance  by  fluid  pressure, 
to  be  measured  independently  of  other  changes  of  form. 

When  a  long  circular  cylinder  is  acted  on  by  internal  fluid  pressure, 
if  the  walls  are  very  thin  compared  to  the  diameter  of  the  cylinder, 
the  stress  in  the  material  parallel  to  the  axis  is  just  half  the  stress  at 
right  angles  to  the  axis  in  the  tangent  plane.  The  conditions  of  strain 
and  stress  in  the  walls  of  the  cylinder  can  be  expressed  in  terms  of  the 
volume  elasticity  and  rigidity  of  the  material  as  follows : — 

Ck)nsider  a  small  cube  of  the  material,  with  edges  parallel  to  the  axis 
(X),  radius  (Y),  and  tangent  of  circular  section  (Z)  of  the  cylinder 
respectively.  Let  K  be  that  part  of  the  stress  which  produces 
alteration  of  volume,  and  N^;  and  Ny^  the  parts  which  produce  shear  in 
the  planes  XZ  and  YZ. 

The  total  force  acting  parallel  to  Y,  t.«.,  in  the  direction  of  the 
radius,  vanishes  in  comparison  with  the  forces  at  right  angles  to  it 
when  the  walls  of  the  cylinder  are  thin,  for  while  the  radial  force  is  O 
at  one  surface  of  the  cylinder,  and  equal  per  unit  area  to  the  fluid 
pressiu-e  (P)  on  the  other,  in  the  two  directions  at  right  angles  to  the 
radius  the  stress  is  of  the  order  Yrjt  ( =  2F),  where  r  is  the  radius  and 
t  the  thickness  of  the  wall. 

Hence  we  have  the  following  relations  between  K,  N,  and  F : 

K  +  N«  +  Ny,  =  2F (1). 

K-N«  =    F (2), 

K  -Ny.=    O (3), 

whence  K  =  F  (4). 

That  is,  the  alteration  in  the  length  of  a  cylinder  caused  by  fluid 
pressure  depends  solely  on  the  coefficient  of  volume  elasticity.* 

Since  K  is  that  part  of  the  applied  force  which  goes  to  produce 
alteration  of  volume,   we  have,   if   k  be  the  coefficient  of    volume 

*  It  may  be  shown  that  this  result  is  independent  of  the  thicltness  of  the  waUs 
of  the  circular  cylindrical  tube. 
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elasticity  (k  =  K^  +  Ky  +  K,)  and  e,,  e^,  e^,  the  alterations  of  dimensions 
caused  in  the  cube  by  volume  expansion  in  X,  Y,  Z, 


In  isotropic  materials  k^  =  k^  ^  k,  and  ex  =  ey  =•  e„  so  that 

The  ease  vitfa  which  minute  variations  of  length  can  be  measured 
in  the  case  of  rods  or  tubes  allows  of  a.  very  accurate  determination  of 
that  component  of  K  which  refers  to  stress  parallel  to  the  axis  of  the 
tube.  For  this  purpose  it  ia  merely  necessary  to  so  mount  a  suitable 
length  of  tube  of  the  material  to  be  experimented  on  that  it  can  be 
subjected  to  strain  by  internal  fluid  pressure,  and  the  variation  of 
length  caused  by  that  pressure  Iw  obser\~ed. 

I  have  used  this  method  with  steel,  copper,  and  brass  tubes  in  order 
to  see  whether  annealing  altered  the  value  of  k.  The  arrangement 
employed  is  shown  in  fig.  (I). 

Fra.  1. 


The  tube  AB  is  closed  by  caps  at  each  end.  Through  the  c 
a  small  pipe  connected  with  a  pressure  pump  and  gauge  is  introdui^ed. 
The  cap  at  A  has  a  small  hole  in  it,  which  can  be  closed  with  a  plug 
after  the  tube  has  been  filled  with  water. 

The  tube  is  embraced  at  C  and  D  by  gymbal  rings  fig.  (2)  where  the 
steel  points  EE'  are  closed  on  the  tube,  and  the  pivots  FF'  rest  at 
(D),  fig.  (1)  on  a  fixed  support,  and  at  C,  fig.  (1)  on  a  rocking  support 
G.  This  rocking  support  carries  a  small  reflecting  prism  H,  whose 
upper  surface  is  parallel  to  the  axis  of  v     v 

the  tube,  and  passes  through  the  axis 
FF  of  the  gymbal  ring.  The  move- 
ment of  a  mark  on  this  surface  of  the 
prism  was  measured  by  the  microscope 
M,  fig.  (2)  a  J-inch  objective  being  used. 

The  only  practical  difficulty  met  with 
was  the  variation  of  temperature  of  the 
room  during  the  experiments.  From 
this  cauM  it  was  generally  found  that  the  zero  was  slowly  altering, 
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but  the  temperature    effect    can    be    readily  eliminated   from    the 
observations. 

In  the  experiments,  the  results  of  which  are  recorded  below,  the 
maTimnm  fluid  pressure  in  the  tube  was  400  lbs.  per  square  inch. 
The  longitudinal  extension  was  measured  at  100,  200,  300,  and 
400  lbs.  pressure,  and  the  extensions  when  corrected  for  temperature 
and  plotted  in  terms  of  pressure  lay  on  a  straight  line  within  the 
limits  of  error. 

Table  of  Results. 


Condition. 

Length 

between 

supports 

in 

inches. 

Outside 
diam. 

in 
inches. 

Thickness 

ofwaU 
in  inches. 

Total 
extension  at 

400  lbs. 

per  square 

inch. 

8c« 

in  C.G.S. 

units. 

1 

from  experi- 
ments.* 

Seamless  Steel  Tube. 

Hard 

eo 

1 

0*7S             n*AiOA 

• 

2  -8  X  10-> 

18  -4  X  10" 

18-41x10" 

Annealed 

V    #u 

vr    \j  ^fryj 

2-76    „          18-2    „ 

SoUd  Drawn  Brass  Tube. 

Hard 

60 

0-415 

0  0186 

2  -12  X  10-» 

1106  X  10»» 

Different 

samples 

from 

10-85  X  10»» 

to 

10-02 

Annealed 

2-09     „ 

1075     „ 

Solid  Drawn  CJopper  Tube. 

Hard 

50 

0*4485 

0*0382 

6-62X10-* 

28  X  10>» 

16  -84  X  10" 

Annealed 

7  1    „ 

16-2  „ 

•  From  Everett's  "  C.G.S.  System  of  Units." 

The  value  of  3k^  is  given  in  the  table  to  facilitate  comparison  with 
other  measures,  as  ^k^  is  the  value  #c  would  have  if  the  material  had 
the  same  properties  in  all  directions  as  it  has  in  that  of  the  axis  of  the 
tube. 

The  case  of  copper  is  remarkable,  for  in  its  hard  drawn  state  it 
extends  less  in  the  direction  of  the  drawing  than  a  similar  tube  of  steel 
would  when  equally  strained. 
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**  On  the  Belation  between  the  Spectra  of  Sunspots  and  Stars." 
By  Sir  Nohman  Lockyek,  K.C.B.,  LL.D.,  F.K.S.  Received 
June  8,— Read  June  16,  1904. 

As  the  period  throughout  which  the  observations  of  widened  lines 
have  been  made  at  South  Kensington  now  includes  two  maxima  and 
three  minima  epochs  of  solar  activity,  it  has  seemed  desirable  to 
discuss  the  results  obtained,  taking  into  account  the  chemical  origins 
of  the  lines  affected  in  passing  from  the  photosphere  to  the  sunspot 
nuclei.  This  is  going  on,  but  in  anticipation  of  its  publication,  I 
desire  to  direct  attention  to  one  of  the  conclusions  arrived  at  in  its 
bearing  upon  the  question  of  the  temperature  conditions  of  the 
Arcturian  and  lower  type  stars,  which  formed  part  of  the  subject  of 
a  recent  paper.* 

Since  1894,  when  the  last  discussion  of  the  widened  line  results 
was  published,!  nearly  10,500  observations  of  lines  in  sunspot  spectra 
have  been  made  at  South  Kensington.  An  analysis  of  these  lines, 
in  respect  to  their  origins,  shows  that  the  elements  chiefly  affected  during 
the  period  1892 — 1903,  inclusive,  were  Vanadium  and  Titanium. 

The  great  importance  of  Vanadium  and  Titanium  in  sunspot  spectra 
has  also  been  demonstrated  by  Father  Cortie  during  his  observations 
in  the  B — D  region  at  Stony  hurst.  J 

It  was  foreshadowed  in  a  previous  paper  on  the  chemical  classifica- 
tion of  the  starsg  that  it  seemed  probable  that,  as  the  result  of  further 
work,  the  "  genera "  then  proposed  might  have  to  be  split  up  into 
"species."  During  the  more  recent  research  mentioned  above  the 
temperature  classification  was  tested  by  comparing  the  relative 
intensities  of  the  red  and  ultra-violet  ends  of  the  spectra  of  stars, 
situated  on  various  horizons  of  the  temperature  curve,  including 
Capella  and  Arcturus,  which,  according  to  the  original  general 
classification,  belong  to  the  same  type,  viz.,  "  Arcturian."  It  was 
found  that  the  spectrum  of  Capella  extended  on  an  average  about 
70  tenth-metres  further  into  the  ultra-violet  than  that  of  Arcturus, 
whilst  the  red  portion  of  the  spectrum  is  certainly  stronger  in  the 
latter.  That  is  to  say,  the  general  tempei'ature  of  Arcturus  is  p'olnibly 
appreciahly  lower  than  that  of  Capella, 

The  next  step  was  to  see  if  chemical  change  accompanied  this 
reduction  of  temperature,  and  if  so,  whether  the  change  was  in  any 
way  related  to  the  change  from  the  photosphere  to  the  sunspot 
spectrum. 

•  •  Boy.  Soo.  Proo.,'  vol.  73,  pp.  227—238,  1904. 

t  *  Boy.  Soc.  Proc.,'  toI.  67,  p.  199,  1894. 

X  •  Monthly  Notices  (K.A.8.)/  Yol.  63,  No.  8,  pp.  479—480,  June,  1903. 

f  '  Boy.  Soc.  Proc.,'  vol.  65,  p.  191,  1899. 
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In  comparing,  for  this  purpose,  the  spectra  taken  with  the  6-inch 
Henry  prismatic  camera  it  was  noticed  that  certain  lines  were 
relatively  intensified  in  passing  from  the  spectrum  of  Capella  to  that 
of  Arcturus. 

Similar  comparisons  of  the  Fraunhoferic  spectrum  with  the  spectra 
of  Capella  and  Arctunis  respectively  were  next  made.  This  work  led 
to  the  following  conclusions  : — (1)  That  the  line  absorptions  of  Capella 
and  the  sun  are  practically  identical ;  (2)  that  although,  speaking 
generally,  the  same  lines  occur  in  the  spectra  of  the  sun  and  Arcturus, 
yet  in  the  latter  many  lines  are  relatively  more  intense  than  in  the 
former.  Moreover,  in  the  great  majority  of  such  cases  the  lines  so 
intensified  are  prokihly  due  to  Vanculium  and  Titanium, 

Thus  we  see  that  whilst  the  temperature  classification  mentioned 
above  certainly  places  Arcturus  on  a  lower  temperature  level  than 
Capella  and,  therefore,  the  sun,  the  evidence  obtained  from  a  study  of 
the  line  absorptions  of  Arcturus  and  of  sunspots  indicates  very  clearly 
that  the  temperature  of  the  Arcturian  absorbing  atmosphere  is  about 
the  same  as  that  of  the  sunspot  nuclei  during  the  above-mentioned 
period. 

This  conclusion  justifies  the  ideas  formulated  by  De  la  Rue,  Stewart, 
and  Loewy  that  the  spots  are  produced  by  the  downrush  of  cooler 
material. 

In  a  recent  publication,*  which  has  been  received  here  since  the 
above-mentioned  comparisons  were  completed.  Professor  Hale  suggests 
that  because  the  lines  which  arc  widened  in  sunspots  appear  as  strong 
dark  lines  in  Piscian  stars,  the  effect  may  be  produced  because  sun- 
spots  are  more  numerous  in  such  stars.  From  the  evidence  adduced 
above  it  seems  a  far  more  probable  explanation  to  suppose  that  these 
lines  are  intensified  in  sunspots,  and  strengthened  in  those  stars  which 
have  been  placed  on  lower  temperature  levels  than  the  sun,  because 
the  general  temperature  conditions  are  similar.  That  is  to  say,  the 
fall  of  temperature  experienced  by  the  metallic  vapours  in  passing 
from  the  photosphere  to  the  spot  nucleus  is  of  the  same  order  as  that 
to  which  an  absorbing  atmosphere  is  subjected  in  passing  from  the 
temperature  conditions  of  Capella  or  the  siui  to  that  of  Arcturus  or 
the  lower  temperature  stars. 

•  "  The  Spectra  of  Stars  of  Secclii's  Fourtli  Type  "  (*  The  Decennial  Publications,* 
Chicago  University,  1903). 
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••  On  the  Physical  Relation  of  Chloroform  to  Blood."     By  A.  D. 
Waller,  M.D.,  F.R.S.     Received  May  5, — Read  June  9, 1904. 

In  connection  with  the  preliminary  communication  by  Moore  and 
Roaf  on  certain  physical  and  chemical  properties  of  solutions  of  chloro- 
form in  water,  saline,  serum,  and  haemoglobin,*  it  may  be  of  interest 
to  publish  the  following  communication.  The  close  similarity  of  the 
conclusions  arrived  at  independently  by  different  observers  is  such  as 
to  render  the  two  communications  mutually  corroborative,  and  although 
the  present  communication  forms  part  of  a  report  by  A.  D.  Waller  and 
J.  H.  Wells,  which  is  technically  the  property  of  a  Special  Chloroform 
Committee  of  the  British  Me<lical  Association,  there  is  obviously  no 
reason  why  it  should  be  withheld  from  publication.  It  was  originally 
presented  as  long  ago  as  June  19,  1903,  and  I  have  since  that  time 
extended  the  experimental  data  upon  which  the  conclusion  rests.  In 
order,'  however,  to  preserve  the  complete  independence  of  the  two 
contributions  I  have  preferred  to  communicate  it  in  its  original,  and 
perhaps  imperfect,  form.  The  importance  of  the  blood  as  a  chloroform 
carrier,  by  reason,  presumably,  of  an  easily  dissociable  compound,  is 
the  conclusion  of  principal  importance  arrived  at  in  lx)th  series  of 
investigations. 

The  original  text  of  the  report  is  as  follows  : — 

"  Our  attempts  to  recover  a  known  weight  of  chloroform  from  blood, 
by  the  French  method  (extraction  in  vacuo  followed  by  digestion  with 
alcoholic  potash  and  titration  of  chlorides),  led  us  to  make  two  simple 
experiments  that  very  strikingly  illustrate  the  fundamenUd  difference 
between  blood  and  simple  salt  solution  or  water  as  regards  their 
absorptive  power  towards  chloroform  vapour.  The  first  of  these 
experiments  shows  that  equal  volumes  of  ])loo<l  and  of  normal  saline 
are  capable  of  absorbing  very  different  volumes  of  chloroform  vapour. 
The  second  shows  the  converse  fact  that  very  different  volumes  of 
chloroform  vapour  are  obtainable  by  evacuating  equal  volumes  of 
blood  and  of  water,  or  of  normal  saline.  In  the  first  experiment  the 
absorption  by  blood  is  greater  than  that  by  water.  In  the  second 
experiment  the  delivery  from  blood  is  less  than  that  from  water.  The 
inference  from  these  two  data  is  that  blood  possesses  greater  affinity 
for  chloroform  than  does  water,  and  that,  therefore,  in  the  transfer  of 
chloroform  by  blood  from  the  pulmonary  air  to  the  nervous  centres 
that  fluid  does  not  act  as  a  simple  solvent,  l)ut  rather  as  a  temporary 
retaining  and  restraining  medium,  that  helps  to  convert  irregular  into 
constant  flow.  The  blood  has  thus  a  controlling  effect  upon  the 
process  of  anaesthesia  that  may  be  compared  to  the  action  of  a  fly- 

•  Communicated  by  Professor  Sherrington,  received  April  12,  read  May  6, 1904. 
[AtUe,  pp.  382—412.] 
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wheel,  or  to  that  of  the  arterial  elasticity,  by  which  intermittent  force 
effects  constant  flow.  The  blood  acts  as  a  chloroform  reservoir  (or  as 
an  ether  reservoir  if  ether  be  the  anaesthetic  employed). 

In  the  first  experimerU  we  compared  manometrically  the  absorptive 
power  of  blood  and  of  water  by  introducing  a  known  volume  of  eacb 
liquid  in  the  two  identical  closed  flasks  connected  with  two  petroleum 
manometers,  and  previously  filled  with  chloroform  and  air  of  identical 
percentage. 

The  figiu*es  of  a  first  trial  were  as  follows  for  50  c.c.  of  blood*  and 
of  water  respectively  in  flasks  of  600  c.c.  capacity  filled  with  chloroform 
vapour  at  17  per  cent. : — 


Time  of 
absorption. 

Flask  A. 

Water-absorption 

pressure. 

Flask  B. 

Blood-absorption 

pressure. 

1  min. 
20  mins. 
60 

186  mm. 

191 

192 

243  mm. 

246 

246 

A  second  trial,  with  the  blood  and  water  transposed,  and  the  flasks 
charged  by  chloroform  and  air  at  lower  CHClg  percentages  gave : — 


Time  of 
absorption. 

Flask  A. 

Flask  B. 

CHCl,  in  flask. 

Blood^bsorption 

Water-absorption 

pressure. 

pressure. 

10  per  cent. 

4  mins. 

110  mm. 

56  mm. 

7 

140 

82 

12 

156 

88 

16 

167 

90 

21 

170-6 

92 

6 

0 

35 

84 

4 

62-5 

48 

9 

69 

44 

18 

71 

45 

17 

72 

50 

60 

75 
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*  The  blood  in  this  experiment  was  taken  from  the  chloroformed  animal,  t.0., 
contained  some  chloroform.  Blood  fully  saturated  with  chloroform  has  no  further 
absorptive  power.  Blood  from  an  unchloroformed  animal  has  a  maximum  absorp* 
tiye  power.  We  hare  made  preliminary  trials  to  learn  whether  a  rapid  method  of 
estimating  the  degree  of  saturation  of  blood  with  chloroform  can  be  based  on  this 
principle,  but  our  results  at  present  are  not  sufficiently  advanced  for  report.  The 
figures  given  in  the  text  are  preliminary  approximations,  obtained  by  a  first  trial  of 
a  method  which  will  require  much  further  elaboration  as  regards  its  apparatus.  It 
will  be  noticed  that  the  gross  difference  in  fAYOXLr  of  blood  comes  out  in  spite  of 
the  fact  that  the  water  value  and  solvent  power  of  blood  are  about  0*8  that  of  water. 
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The  first  part  of  the  absorption  is  lost  in  each  case  during  iiitrc)- 
duetion  of  fluid  into  the  bottles.  The  first  pair  of  readings  are 
taken  at  the  end  of  the  second  minute.  The  second  readings  at  the 
end  of  the  fourth  minute,  when  both  bottles  are  equally  shaken  for  half 
a  minute,  after  which  the  third  readings  are  taken.  The  fourth  and 
fifth  readings  are  similarly  taken  at  the  seventh  minute,  the  bottles 
being  shaken  a  second  time,  S2. 

The  bottles  are  left  at  rest  for  7  minutes  before  the  last  readings, 
which  show  that  the  absorption  has  been  nearly  but  not  quite 
completed. 


10  mm. 


160- 


160- 


aoo 
cm. 


ii^witer. 


S. 


B 

-o  Blood. 


Figure  showing  Absorption  Onrym  of  Chloroform  Vapour  bj  Water  and  bj 

Blood. 


The  vapour  in  the  two  bottles  was  then  passed  into  and  through 
two  densimeter  bulbs  by  water  displacement.  The  increments  of 
weight  in  the  two  cases  were  :  in  A  0*054  gramme,  in  B  0*032  gramme, 
showing  that  the  residual  atmosphere  in  A  (water)  contained  more 
chloroform  vapour  than  that  in  B  (blood). 
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In  the  second  experiment  the  apparatus  consisted  of  (1)  a  distilling 
flask  (containing  the  fluid  to  be  eracuated,  and  a  known  weight  of 
chloroform  in  a  small  glass  bulb),  (2)  a  receiver,  and  (3)  a  Gleryk  air- 
pump. 

The  receiver  is  first  evacuated  while  shut  off  from  the  distiller.  It 
is  then  shut  ofl*  from  the  pump,  and  placed  in  connection  with  the 
distilling  flask,  with  the  result  that  the  liquid  in  the  latter  boils  and 
gives  up  its  dissolved  gases,  which  are  for  the  most  part  drawn  over 
into  the  receiver. 

The  evacuation  of  CHCls  is  completed  (in  the  case  of  saline ;  it  is  not 
completed  in  the  case  of  blood)  by  gentle  heat,  and  by  opening  the 
inlet  of  the  distilling  flask  so  that  a  rush  of  air  takes  place  through  the 
distiller  to  the  receiver.  The  inlet  tube  is  drawn  out  to  a  fine  point, 
and  reaches  to  the  bottom  of  the  distilling  flask ;  the  outlet  tube  is 
provided  with  a  froth-bulb.  Finally  the  quantity  of  CHCls  in  the 
receiver  is  estimated  by  Harcourt's  method. 

In  dk  first  trial  of  this  experiment  with  water  in  the  distilling  flask  the 
result  was  as  follows  : — 

Weight  of  CHCls  taken    0-082  gramme 

„  recovered 0*065        „ 

Deficit 0-017 

or  21  per  100. 

This  considerable  deficit  was  attributable  to  an  insufficient  capacity 
of  the  receiver  as  compared  with  that  of  the  distiller  and  froth-bulb. 
That  this  was  the  case  is  shown  by  the  figures  of  a  second  trial,  in 
which  a  larger  receiver  was  taken  (of  1332  c.c.  capacity  in  place  of 
400  c.c.  capacity  in  the  previous  trial). 

In  this  second  irud  the  figures  came  out : — 

Weight  of  CHCls  taken    0-112  gramme 

„  recovered 0109        „ 


Deficit 0-003 


>> 


or  3  per  100. 

The  similar  experiment,  with  blood  in  place  of  water,  gave  a  very 
(liflerent  result,  the  deficit  of  evacuation  being  much  greater,  and 
clearly  signifying  that  the  chloroform  is  not  merely  in  solution,  but 
held  in  combination.  In  a  carefully  conducte<l  trial  made  with  50  c.c. 
of  whipped  bullock's  blood,  to  which  0-108  gramme  of  CHCls  had 
been  added,  the  weight  recovered  was  only  0*014  gramme;  i,e,,  the 
deficit  was  0-092  gramme,  or  85  per  cent.  It  is  evident,  therefrom, 
that  the  absorption  of  chloroform  by  blood  does  not  follow  Henry's 
law. 
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This  conclusion  is  in  agreement  with  that  arrived  at  by  previous 
observers,  Hermann,  Schmiedeberg  and  others,  to  the  effect  that 
chloroform  combines  with  the  lecithin  of  blood.  It  is  also  in  harmony 
with  the  modem  theory  of  anaesthesia  as  presented  by  recent  writers 
(H.  Mayer,  Overton,  H.  Meyer)*  to  the  effect  that  the  action  of 
anaesthetics  upon  the  several  tissues  and  fluids  of  the  body  depends 
upon  a  '*  coefficient  of  partage,  in  which  the  affinity  between  anaesthetic 
and  fatty  matter  is  the  principally  effective  factor/' 

From  the  foregoing  observations  (which  should  properly  have  been 
published  by  the  Special  Chloroform  Committee  in  July  of  last  year)  it 
is  clear  that  the  conclusions  are  substantially  identical  with  that  arrived 
at  by  Moore  and  Boaf,  viz.,  that  the  absorption  of  chloroform  vapoiu* 
is  greater  by  blood  than  by  saline,  and  that  blood  acts  as  chloroform 
carrier  to  the  tissues  just  as  it  acts  as  oxygen  carrier.  It  is  a  minor 
point  of  difference  between  the  two  independently  presented  conclu- 
jsions,  that  whereas  Moore  and  Roaf  find  no  proof  of  any  special 
combination  between  chloroform  and  **  lipoids  "  as  previously  urged  by 
<jerman  observers,  we  have  in  the  report  of  our  experiments  admitted 
that  the  combination  which  certainly  takes  place  between  chloroform 
-and  protoplasm  may  possibly  be  accounted  for  on  the  lipoid  theory. 

But  the  question  whether  chloroform  can  combine  with  all  protoplasm 
indifferently,  or  with  its  fatty  constituents  (lecithin,  cholesterin)  more 
particularly  is  a  subsidiary  issue,  in  respect  of  which  neither  the 
observations  of  Moore  and  Roaf,  nor  our  own,  contain  any  decisive 
.evidence.  On  the  one  hand  we  are  in  presence  of  the  fact  that  all 
protoplasm  is  subject  to  the  influence  of  chloroform,  on  the  other  with 
the  fact  that  all  protoplasm  is  associated  with  fatty  constituents  of 
which  lecithin  is  the  most  universal  representative.  Lecithin  is  widely 
^distributed  in  vegetable  as  well  as  in  animal  protoplasm  ;  it  is  present 
in  blood-serum,  which,  as  shown  by  Moore  and  Koaf,  has  a  solvent 
power  towards  chloroform  not  far  short  of  that  possessed  by  blood. 

•  Schmiedeberg,  '  Grundriss  der  Fharmakologie ' ;  Overton,  *  Ffliiger's  Arcliiv  * ; 
H.  Meyer,  *  Arch.  f.  exp.  Path.  u.  Pharm.,  toI.  42,  p.  109,  1899 ;  llObor,  *  Physikal- 
asche  Chemie';  Gottlieb,  *£rgebni«Be  der  Physiologie,'  "Theorie  de  Narkose/' 
«rol.  2,  p.  666,  1902. 
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"  On  the  Magnetic  Changes  of  Length  in  Annealed  Eods  of 
Cobalt  and  Nickel."  By  Shelford  Bidwell,  M.A.,  Sc.D., 
F.E.S.    Eeceived  May  16,— Bead  June  2, 1904. 

The  dimensions  of  a  piece  of  magnetic  metal  are,  in  general,  changed 
by  magnetisation.  When  subjected  to  a  longitudinal  field  gradually 
increasing  from  a  small  value,  an  ordinary  iron  wire  is  at  first  extended, 
then,  after  passing  a  maximum,  it  recovers  its  original  length,  and 
finally  becomes  shorter  than  when  unmagnetised.*  In  a  paper  com- 
municated to  the  Society  in  1894t  I  showed  that  the  changes  usually 
observed  were  modified  if  the  iron  had  been  annealed.  In  annealed 
iron  the  maximum  extension  is  diminished  and  contraction  begins  in  a 
weaker  magnetic  field ;  the  elongation  curve  is,  in  fact,  lowered  to  an 
extent  dependent  upon  the  completeness  of  the  annealing.  In  the 
case  of  a  certain  soft-iron  ring  which  had  been  raised  to  a  bright  red 
heat  and  allowed  to  cool  slowly  for  about  14  hours,  there  was  no 
preliminary  elongation  at  all,  retraction  beginning  (just  as  in  nickel) 
with  a  very  small  magnetising  force.  It  is  of  interest  to  note  that 
after  the  lapse  of  10  years  the  ring  still  retains  its  peculiar  quality  ; 
on  May  9,  1904  a  perceptible  diminution  of  its  diameter  was  observed 
with  a  force  of  no  more  than  3  C.G.S.  imits,  the  diminution,  of  course^ 
becoming  greater  with  stronger  forces.  An  unannealed  ring  of  the 
same  iron  attained  its  greatest  elongation,  33  ten-millionths,  in  a  field 
of  80,  and  did  not  begin  to  contract  until  the  field  reached  420. 

In  the  course  of  some  recent  work  it  became  desirable  to  ascertain 
whether  the  changes  of  length  exhibited  by  magnetised  cobalt  were 
analogously  affected.  Cobalt  in  the  ordinary  condition  behaves 
oppositely  to  iron,  contracting  in  weak  fields  and  lengthening  in  strong 
ones.  It  might  be  expected,  therefore,  that  if  the  metal  were  annealed 
it  would  begin  to  lengthen  at  an  earlier  stage  of  the  magnetisation, 
possibly  without  any  initial  contraction.  In  searching  the  literature 
of  the  subject  before  undertaking  the  experiment,  I  found  a  very 
interesting  paper  by  the  Japanese  physicists  Honda  and  Shimizu 
entitled  *'  Change  in  Length  of  Ferromagnetic  Substances  under  High 
and  Low  Temperatures  by  Magnetisation. ''|  Among  the  numeroua 
curves  given  are  two  showing  the  changes  of  length  produced  by 
magnetisation  in  '*  cast  cobalt "  and  **  annealed  cobalt ''  at  ordinary 
temperatures.     The  curve  for  '*  cast  cobalt "  is  of  the  same  character  a& 

•  Bidwell,  *  PhU.  Trans.,'  A,  1888,  p.  205. 

t  *  Proc.  Roy.  Soc.,*  toI.  65,  p.  228. 

{  *  Tokyo  Sugaku-Buturigakkwai  Hokoku,'  No.  19,  p.  197.  The  authors  wer» 
good  enough  to  send  me  a  copy  of  the  paper  in  1908 ;  unfortunately  it  was  not 
read  with  the  core  it  deserved  until  May,  1904. 
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the  one  published  by  myself  16  years  ago*  (curve  (a),  fig.  1);  that 
for  ''  annealed  cobalt "  is  an  almost  straight  line,  lying,  however,  not 
above,  but  below  the  axis  of  H ;  up  to  the  field  of  800  units,  at  which 
the  experiment  was  stopped,  there  is  no  evidence  that  the  contraction 
was  tending  to  a  limit.  The  authors  make  no  comment  whatever 
upon  this  remarkable  effect,  which  may  perhaps  be  well  known  in 
Japan,  though  I  have  never  seen  any  reference  to  it  in  European 
publications. 

The  experiments  described  in  the  present  paper  were  made  with  two 
different  samples  of  cobalt,  the  one  a  cast  rod,  9  cm.  long  and  0*56  cm. 
in  diameter,  the  other  a  rolled  strip,  10  cm.  in  length,  0*6  cm.  in  width 
and  0*08  cm.  in  thickness.  These  were  enclosed  in  porcelain  tubes, 
and  placed  side  by  side  in  the  middle  of  a  hot  fire,  not  being  removed 
untU  the  fire  had  died  out  some  5  or  6  hours  later. 

In  fig.   1,  curve  (b)  shows  the  result  of  an  experiment  with  the 

Fio.  1. 


Cast  cobalt,    (a)  unannealed,  (6)  annealed. 

annealed  cast  cobalt.  It  will  be  noticed  that  the  points  of  observation 
appear  to  indicate  a  slight  sinuosity,  but  hardly  greater  than  might  be 
accounted  for  by  experimental  errors  ;  a  straight  line  drawn  from  the 
origin  to  the  final  point  seems  to  pass  evenly  enough  through  the 
others.  The  curve  agrees  well  with  that  given  by  Honda  and  Shimizu, 
and  though  the  field  was  carried  to  a  much  higher  value  than  was 
reached  by  them,  there  is  still  no  sign  that  the  contraction  was 
approaching  a  limit.  Curve  (a),  fig.  1,  shows  the  changes  of  length  exhi- 
bited by  another  piece  of  the  same  cast  cobalt  when  in  the  unannealed 
state. 

The  effect  of  annealing  upon  the    rolled  cobalt  was  altogether 

•  •  Phil.  Trans.,'  loe.  eit. 
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different.  The  behaviour  of  the  unannealed  piece  is  indicated  by 
curve  (c),  fig.  2  ;  it  differs  from  that  of  the  cast  metal  chiefly  in  the  fact 
that  the  maximum  retraction  occurs  in  a  much  weaker  field.  The  curve  {d) 
for  the  annealed  strip  indicates  a  maximum  retraction  greater  in  degree, 
though  it  is  reached  in  about  the  s;ime  field.     The  ascending  limbs  of 


Fl€h.  2» 


Boiled  cobalt,     (c)  unannealed,  {d)  annealed. 

the  two  curves  are  nearly  parallel,  but  it  is  probable  that  the  curve  for 
the  annealed  strip  would  in  very  strong  fields  become  asymptotic,  never 
meeting  the  axis  of  H ;  an  observation  made  with  a  field  of  1750,  350 
units  beyond  the  limit  of  the  diagram,  showed  that  the  retraction  wa» 
still  9  ten-millionths  of  the  length. 

The  results  of  two  experiments  made  with  nickel  before  and  after 
annealing  are  given  in  curves  {e)  and  (/),  fig.  3.  The  piece  used  was  a. 
thick  wire  9  cm.  in  length  and  0-35  cm.  in  diameter.  After  the  first 
series  of  observations  had  been  made,  the  wire  was  annealed  in  exactly 
the  same  manner  as  the  cobalt,  and  again  tested,  with  the  result  shown 
in  curve  (/).  The  modification  effected  in  the  form  of  the  retraction 
curve  is  quite  similar  to  that  which  annealing  produces  in  the  curve  of 
magnetisation,  and  is  probably  due  to  nothing  more  than  increased 
magnetic  susceptibility.  No  siich  simple  explanation  can  of  coui*se  l>e 
given  of  the  changes  which  are  brought  about  in  the  behaviour  of  iron 
and  cobalt.  The  fact  that  the  two  nickel  curves  intersect  in  a  field  of 
1150  units  may  be  merely  an  effect  of  temperature.  The  magnetic 
retraction  of  nickel  is,  as  I  have  remarked  in  former  papers,  sensibly 
affected  by  small  changes  of  temperature,  and  the  intersection  would  be 
accounted  for  if  the  annealed  wire  happened  to  be  a  few  degrees  warmer 
than  the  unannealed. 

As  a  consequence  of  the  reciprocal  relation  1)etween  the  changes  of 
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Drawn  nickel.     (0)  unannealed,  (f)  annealed. 

length  produced  by  magnetisation,  and  the  changes  of  magnetisation 
attending  mechanical  strain,*  it  may  be  inferred  that  there  would  be  no 
Villari  reversal  in  well-annealed  iron,  like  that  of  which  the  ring  above 
referred  to  consisted,  nor  in  annealed  cast  cobalt.  In  the  rolled  cobalt, 
however,  to  which  the  curves  in  fig.  2  relate,  it  might  be  expected  that 
the  effect  would  be  considerably  increased  by  annealing. 

*  J.    J.    Thomson,  'Applications  of    Dynamics    to  Physics  and   Chemistry/ 
pp.  47—69. 
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"A  Generalisation  of  the  Functions  r(7i)  and  af."  By  Rev. 
F.  H.  Jackson,  RN.  Communicated  by  Professor  J.  Larmor, 
Sec.  RS.  Received  December  7, — Read  December  10,  1903. 
Received  in  revised  form  June  15, 1904. 

COITTBKTS. 

» 

Infcrodiiction ;  §1.  DiffereDce-equation  of  the  generalised  gamma-fimction ; 
§  2.  Weierstrassian  forms  of  the  function  ;  §  3.  Extension  of  the  multiplica- 
tion 'theorem  of  Ghiussand  Legendre;  §4.  Definition  of  C^)*;  §  5.  Extension 
of  Lommel's  product  of  two  Bessel  functions ;  §  6.  The  generalisation  of  the 
Beta  function ;  §  7.  Multiplication-theorem ;  §  8.  Logarithmic  deriyatiTos  and 
other  series ;  §  9.  The  form  of  a  generalised  G-  function. 

It  IB  interesting  to  develope  from  simple  principles  a  generalisation 
of  the  functions  a^  and  T(n),  Ck)nsider  an  infinite  sequence 
(1>  Pi  JP^  i^>  •  •  •  ^*>  •  •  •)>  ^^®^  write 

[1]  =  1. 

[2]  =  1  +p, 


[n]  =  1  +p+jE?2  +  .  .  .  +j?»"i  (n  positive  and  integral), 
[  -  n]  =  -/?"!  -2?"2  -  .  .  .  -p-n  ^n  integral). 

In  general  for  all  values  of  a;,  we  take  [x]  =  {p^  -  l)/(p  -  1).  The 
object  of  this  note  is  to  carry  on  this  extension,  to  determine  the 
generalised  forms  of  the  gamma  function,  and  to  investigate  some  of 
its  properties. 

1.  Consider  the  expression 

[l][2][3]...[n]  =  [«]!. 
We  can  form  a  function  [n] !  in  general,  which  is 


r^([n  +  l])=L 


[1]  [2] 


=  «  [n  +  l][n  +  2; 


[3J .  .  .  [k] 


n  +  3]  .  .  .  [n  +  k] 


[k]*>p*«<«  +  »)     (;>>1) 


(1). 


The  infinite  product  is  convergent  if  />>  1.     Wherever  in  this  expres- 
sion terms  of*  the  type  p'  occur,  the  principal  value  of  ^  alone  is 
meant.     If  n  be  a  negative  integer,  the  product  is  clearly  divergent. 
The  Difference  Equation. — We  have 

r^ ([»+ 1])  =  M  r, ([«])  X  L  M-.r- 

K  =  00  L^  +  f  J 


But 


.hin^^"  =i./--^i^"  = '  <^>^>  =  ^  ^<'^- 
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Therefore 


rp([n+l])  =  [«  r,(W)     (;»1). 


Since  the  infinite  product  (1)  is  also  convergent,  if  ^<1,  the  expres- 
sion for  the  function  in  this  case  is 


rp([n+l])=    L 


[1] 


=  oo[n+r 


2]  [3 


»  +  2 


In  the  limit  when  ^  =  1,  these  expressions  (1)  and  (2)  reduce  to 
Gauss's  expression  for  Euler's  gamma  function. 

2.  The  Weierstrassiom,  Form  for  the  Function — We  obtain  without 
difficulty  from  (1)  that 


'n  {(i+r'[^J)"^w}  (3). 


Since  j?>l, 


Lin.it{log^-±l]}  =  log_^-^-, 


1 


also  the  series  1  +  r^  +  roi  "*"  •  •  •  ^®  absolutely  convergent,  so  that  we 

«     n         •*  '-^     "-^ 

nnally  write 


in  which 


^  =  ^+[i]+[3i-*----'^*'*-^--*°«'i,--i 


In  the  case  when  j?  <  1 


(*)• 


^"■^"'[Vfi"*' ■■■'^'"■^■"'''^'i^ 


P  and  Q  are  extended  forms  of  Euler's  constant  y. 

3.    Muliiplicaiion    Theorem. — Since    Tp\{[na:-^n])    may    be    written 


3-1 


denotes  p^^  and 


...      — j-  r,  {[nx]),   in   which,   for  brevity,  q 


3-1 


S] 


we  have 


Y  ^ 
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'r^([«r+n])  =  [^+^^]  [^+^  •  •  •  W'*  [i]""r^(M)- 

Let/(aj)  denote 

r,(W)r,([xa])...r,([«-.«-i])         ^ 


l-lfuj-l 


a 


-1 1 


then,  by  means  of  the  difference  equation,  we  obtain 

f(x+l)=f{x). 

If  now  throughout  the  infinite  products,  all  expressions  of  the  type 
p^  denote  principal  values  only,  then  f(x)  is  a  single-valued  function 
with  a  period  unity,  and  for  positive  values  of  z  has  no  singularities. 
It  must  therefore  be  a  constant,  and  we  find 

'<')-/© -'([g)'-.(G])--'([^'])- 

So  that  finally 

rp([.)irp([x+l])....r,([.+«-i]) 


n-1 

a>  2 


^k:)Kt)-k-.'") 


(5). 


S(a)  denoting  a  pseudo-periodic  function   analogous  to  sin  a. 
define  S  (a)  as 


We 


(0 


S(coa) 


=  M«l)  Tp  ([1  -  «]),         <«>*  =  r^(ffl). 


When/  =  1,  this  theorem  reduces  to  the  multiplication-theorem  of 
Grauss  and  Legendre. 

4.  In  this  article  a  generalisation  of  the  function  ar»»  will  be  formed 
by  means  of  the  generalised  factorial  Pp. 

To  deal  with  simple  forms  first.  In  [n] !  we  replace  p  by  p^,  and 
obtain 

^^  *  p23i  •  •  •  ^^ZJ  =  ^^  ([^"^  ^])     (^  positive  and  integral). 


80  that 


(1 +11)  (1 +?•).. 


.a+r)-(i.+.)"|:;fiif 
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The  expression  (1  +  j?)  (1  -k-j^) ...  (1  +^**)  is  written  (2)n,  this  nota 
tion  being  both  natural  and  convenient  in  investigating  the  properties 
of  the  generalised  Bessel  function* 

J,.,(..X)  =  ^<-V]  ![«  +  ;•]  1(2),  (2).,/ 
Sunilarly 

When  a;  and  n  are  both  positive  integers, 

The  function  we  are  seeking  is  clearly  for  all  values  of  z  and  n 
(subject  to  limitations  of  convergence) — 

(^)n  =  M'^^St!T!3! (6), 


which  reduces  Up  =  1,  to  the  function  j^. 
5.  Extension  of  LommeVs  product. — 


n+1 


^   ^  /m  +  n  +  2r\ 

J«  (x)J„  (.)  =  ^^j;->'r(.;.^i;r(nl.i)  (1) 

To  illustrate  the  use  of  the  function  (2)„,  we  take 


m+ii+2r 


*■  =  *  a:n+2i 


in  which  m  and  n  are  not  restricted  to  integral  values,  so  that  [n  +  r]  ! 
denotes  Tp  ([n4-r4- 1]).  The  function  If^i  may  be  derived  from  j£,„]  by 

inverting  the  base  jp,  when  J[]7]  becomes  p^^[m\  (~)  •     We  proceed  to 
show  that 

Jih:  («)  |[«]  («) 

^  ]2/_,w {2w 4-  2n 4-  4r[ ! a^+»+2r  (7) 

{2m  +  2»  +  2r}l(2m4-2r}!{2n  +  2r}!{2r}!  ' ^  '' 

{25} !  denoting  (2).rp([s+ 1]),  or  [2]'rp-([3+ 1]). 

•  'Boy.  Soo.  Edin.  Trans./  toI.  41,  part  1,  No«.  (1),(6).     *Lond.  Math.  Soc. 
Proc.,'  Series  2,  toU .  1  and  2. 
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Multiplying  together  the  two  infinite  series  J  and  |,  the  coefficient 
of  a;wk+n+2r  j^  ^jjg  resulting  series  is 


«  =  r 


We  can  sum  this  series  of  r  + 1  terms  simply,  as  follows  : — 

In  the  case  (p  =  1),  we  see  that  the  expression  is  Vandermonde's, 

and  in  the  general  case  it  is  included  under  the  following  extension  of 

Vandermonde's  theorem 

Substituting  m  +  r  for  x,n  +  r  for  y,  and  changing  the  base  p  into  p*,  we 
find 

{2m  +  2n+4r]r 

=  {2m  +  2r} ,  +  tp/^C"*')  ^^^_^|jj^,'         {2m  +  2r) ,_.  {2«  +  2r! .  (10), 

in  which,  since  r  -  5  is  integral, 

{2m  +  2r]r_,  denotes  [2m  +  2r]  [2w  +  2r  -  2]  .  .  .  to  r  -  *•  factors. 

Dividing   both   sides  of    (10)   by    |2m  +  2r} !  {2n  +  2r} !   {m  and  n 
unrestricted)  we  obtain 

{2w  +  27i  +  4r}r 


{2m  +  2r}!{2w  +  2r}!{2r}! 


"  ,  =  0^^  "'^'^  {2m  +  2s} !  {2n  +  2r  -  2^} !  {2r  -  2s} !  {2s}  1  *"    ^^^^' 

which  series  we  have  seen  to  be  coefficient  of  sf^-^n+2r^  gQ  that  (7)  is 
established.     In  the  notation  of  the  generalized  gamma  function 

J[n](»)|[m](«)  =  |[n]  (a;)  J[m]  (aj) 

=  *"  y?  ^y  Tp^{[m  +  n  +  2r+l]) ^___ 

rto       rp.([m  +  n  +  r  +  l])rp.([m  +  r+l])rp.([n  +  r  +  l])rpt([r+l]) 


/  X  \m+n+2r 


.[2]/ 

By  means  of  this  product  various  series  of  squares  of  Bessel 
functions,  and  series  of  products  of  pairs  of  Bessel  functions,  may  be 
generalized ;  for  example, 

-  -   {J*}  ^  +  3  { Jf }  2  +  5  { Ji}  2  + (Lommel.) 

IT 
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[|{r  ((|])}'°  2^*'"'^-i^^J[H^>](-^)lFf'](-)-  m 


It  is  easily  established  that 

J[ii]|n-»]  +  J[-»]|[-i+H]  = 

This  reduces  to 


M 


xr^([n])T^{[l^n]) 


2    . 


...    (14). 


J*  J_n+1+ J-n  Jn-l   =    —  sin  WT. 

TTX 


As  remarked  in  article  (3) 


1 


^    is  a  pseudo-periodic 


function  of  n  analogous  to  sin  nw.     The  period  is  given  by 

6.  The  Function  'Bp([x][y]), — Let  ¥([n-l]xP^)  denote  the  conver- 
gent infinite  series 


(15). 


If  /?  =  1,  this  series  reduces  to  (1  -  a?)*"^ 
Consider 


;>-"*  [  F([n-  l]a^)a;Mm-i]rfx  =  Bp([m],[7i])     (16). 

Jo 

Integrating   the  series  term  by   term,   we  obtain,   after  obvious 
reductions 

i>-"  ;  1  ,  ^n  [1  -  n]  M       ,,  [1  -  n]  [2  -  r]  [m]  [m  4-1]  T 

IH  I    ^^  [iTt^iTl]^^       [rr[2][m+l][m  +  2]    +•••/• 

The  series  within  the  large  brackets  is  a  particular  case  of  Heine's 
series 


l+py 


-a-fi 


1 


+       =  n  [y-^+"][y-"+"] 


^^r,([y-a-g])r,([y])     (^^jj^ 


whence 


rp( 


y-«])rp([y-i8]) 


j_r(M)r,([n])^B(H,[n]) 

/>•»»     Tp  ([m  + »])  ^"^   ^  ••  ■" 


(17). 
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7.  T?ie  MidtiplicoHon  Theorem  for  the  Fv/ndion  Bp : — 


Bp([4[r])-.-Bp([x+^],b]) 


Bj^([y],[y])...Bpi([n-l.y],[y]) 

i>  .  /r     1  r     ns      »(«-i)l'6'-U/«-»«* 


{[a©.-.}" 


(18). 


A  particular  case  of  this  is 
Bp([4M)Bp([a!+i][a;  +  «)  =  i(i)^=li|^|M[il)L!^-«.-(.+»(x+*)  (19). 


If  |>  =  1,  we  obtain 


2^-^x 


(Binet.) 


8.   The    Logarithmic    Derivatives    of    the    Function    Fp.-— From     the 
expression 

{^P  (M)}  -'  =  !»*'<'-"  M  *'•'' n*  {  (i  +i'-'H)  «"K }    (i»  1) 


we  obtain 


f-{iogrp([x])}  =  -p-iiogj,+«iog;,=^^g 


da 


From  this 


+  i(l-  l2i£._l_\ (20). 

lip]   (;'-i)[-^+«]J         > 

-P  =  r/([i])+jiog|,+^i^(i-^°f-^)^i^ (21). 


which  reduces  whenjp  =  1  to  r'(l)  =  -y. 
Similarly, 

S  llog  Tp  (M)}  =  log;.  +  X's"  r^ 


da? 


d^ 


^  {log  r^  (M)} 


.roP+4^ 

[s  +  xp 


(fa* 


iiogrp(L»:])}  = 


\     (22). 


Iogi> 
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Gei-tain  series  of  interest  in  connection  with  the  function  Vp  are — 

rp(M)rp([c+il) 
r,([z+c]) 

rp([x])  ^p»    1   ^  [j]  m  m  •  •  •  [H^]  1      .„,. 

(25). 


=  logi>  +  x2<-H?|L 


a 

■  ■ 

X 

\a-\] 

•  11           1                    * 

•        •      • 

a -71  +  1 

[«+!] 

•        •        • 

iC  +  7l  — 1 

-I  c«» 


C,   =    J,j[n]jp«'+*«(«-l)  -  M  [^       ^]yn-l)x+|(n-l)(n-2;^^  ,  .  +  (-.l)»| 


12] 


In  case  /»  =  1,  the  series  (25)  is 


a;     *  i  («  + 1)     ^x  («"+ 1)  (i  +  2) 


9.  The  Function  Gp  ([«]). — A  function 


^^""^  1.L [(^+i)*^'-'^^'-'Mr(n+i)}-i  n'  r (i+K)]     (^6) 

with  the  properties 

G(«+l)  =  r(«)G(«),     G(l)  =  l, 

is  given  in  Whittaker's  Modem  Analysis,  p.  201,  and  is  there  referred 
to  Alexeiewsky.  This  function  has  been  discussed  in  detail  in  a  more 
general  form  by  E.  W.  Barnes.*  From  (26)  we  obtain  without 
diflSculty 


G(«+l) 
=  L 


r(i)r(2)r(3)...r(K) 


«  =  •  r  («+ 1)  r  (a;+2)  r  («  +  3) . . .  r  (a;+ k) 


{r(i  +  K);*(K+i)i--('-i). 


•  *  Lond.  Math.  Soc.  Proo.,'  vol.  31,  pp.  358  et  seq. 
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Let  us  form  a  function 


{rp([K  +  l])}*[K+l]i'(-^-i)|?i'('-i)('-2) (27). 

We  notice  that  this  function  will  reduce,  factor  by  factor,  to  6  (a;), 
if  we  put^  =  1. 
Difference  Equation, — 

Gp([a;+l])  =  ry([a:])Gp(M). 
From  the  infinite  product  we  have 

X  L    ^P  (["  +  ^1)  r^+  l-|J«(»-l)-J(x-I)(x-2)pJx<x-I)(»-»)-J(»-l)(x-2)(x-») 

In  the  case  (^>1)  the  evaluation  of  the  limit  is  not  difficult,  for 
since 

rp(['c+i])  =  [i][2]...[4 

the  expression 


so  that 


Gp([/  +  l])  =  rp([x])G^([;r])    (28). 
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"  The  Advancing  Front  of  the  Train  of  Waves  emitted  by  a 
Theoretical  Hertzian  Oscillator."  By  A.  E.  H.  Love,  F.RS., 
Sedleian  Professor  of  Natural  Philosophy  in  the  University 
of  Oxford.     Received  May  9, — Read  June  2,  1904. 

[Plates  2—6.] 

The  waves  emitted  by  Hertz's  oscillator  have  been  identified  with 
those  due  to  a  vibrating  electric  doublet,  that  is  to  say,  to  a  singular 
point  (of  a  certain  type)  of  the  electromagnetic  equations.  In  air  or 
in  free  «ther  these  equations  may  be  written  in  the  forms 


j|-(X,Y,Z)  =  curl(a,A7) 
-3|(a,)8,7)  =  curl(X,Y,Z) 


(1). 


in  which  c  is  the  velocity  of  radiation,  (X,  Y,  Z)  denotes  the  electric 
force  measured  in  electrostatic  units,  (a,  j8,  y)  denotes  the  magnetic 
force  measured  in  electromagnetic  units.  These  equations  are  nearly 
identical  with  those  which  have  been  used  by  Hertz.*  They  differ 
from  the  latter  in  that  c  is  here  written  for  the  quantity  which  Hertz 
wrote  1/A,  and  they  differ  also  in  the  signs  of  the  right-hand  members. 
The  reason  for  the  latter  difference  is  that  Hertz  used  a  left-handed 
system  of  axes  of  x,  y,  ^ ;  but  it  is  on  many  grounds  more  convenient 
to  use  a  right-handed  system,  as  will  be  done  here.  The  field  due  to  a 
variable  doublet  at  the  origin,  with  its  axis  parallel  to  the  axis  of  ^,  is 
expressed  by  equations  of  the  form 


[    ...     (2), 


in  which  r  denotes  the  distance  of  any  point  (a:,  y,  z)  from  the  origin, 
and  }p  (ct)  is  the  moment  of  the  doublet  at  time  t.  In  Hertz's  work 
the  function  ^  is  taken  to  be  a  simple  harmonic  function  of  its 
argument,  and  written  in  a  form  equivalent  to  E/  sin  n  {t  -  r/o). 
This  supposition  would  be  adequate  if  the  vibrations  were  maintained, 

•  "  Die  Kr&fte  elektrisoher  Schwingunj^en,  behandelt  iiach  der  Maxwell'schen 
Theorie,"  'Ann.  Phys.  Chem.'  (WiederaanD),  vol.  36  (1888).  Reprinted  in  Hertz, 
'  Untersuchangen  ii.  d.  Ausbreitung  d.  elektrischen  Kraft '  (Leipzig,  1892),  p.  147» 
and  in  '  £leciric  Waves  *  (English  edition),  p.  137.  The  detailed  references  in 
the  text  are  to  the  pages  of  the  English  edition. 


74       Prof.  A.  E.  H.  Love.     The  Advancing  Front  of  the    [May  9, 

or  if  the  damping  due  to  radiation  were  very  slight.  The  actual 
damping  of  Hertz's  oscillator  has  been  investigated  experimentally  by 
V.  Bjerknes,*  and  shown  to  be  very  considerable.  Accordingly,  we 
ought  to  take  for  ^  a  function  of  the  form 

^  =  Ag-A<*^'-'->sin^(c/-r  +  €) (3), 

where  X  is  the  wave-length,  A  a  constant  depending  upon  the  amplitude 
of  the  vibrations,  c  a  constant  expressing  the  phase,  and  v  a  constant 
expressing  the  damping.  According  to  the  experiments  of  Bjerknes 
already  cited,  v  may  be  taken  to  be  about  0*4  when  the  wave-length  X 
is  about  10  m.  The  effect  of  the  introduction  of  the  exponential 
factor  into  the  expression  for  ^  has  been  investigated  in  an  elaborate 
memoir  by  K.  Pearson  and  A.  Lee.t  In  that  memoir  it  is  supposed 
that  the  fixed  epoch  from  which  time  is  measured  is  the  instant 
at  which  the  vibrations  begin,  so  that,  at  any  instant,  the  field 
expressed  by  (2)  and  (3)  is  confined  to  the  region  within  the  sphere 
r  =  ct.  In  the  expression  for  xp  the  phase-constant  c  is  omitted  by 
these  authors.  They  have  thus  tacitly  assumed  that  ^  vanishes  at  the 
front  of  the  advancing  wave. 

This  front  is  a  moving  surface  which  is  a  surface  of  discontinuity  in 
regard  to  the  electric  and  magnetic  forces.  Within  the  surface  these 
forces  are  expressed  by  the  formulae  already  written  down ;  outside 
the  surface  they  must  be  expressed  by  some  other  formulae.  The 
waves,  in  fact,  advance  either  through  a  pre-established  electrostatic  or 
electromagnetic  field  of  some  kind,  or  possibly  through  a  region  of 
space  in  which  there  is  no  electric  or  magnetic  force.  Whatever  view 
may  be  taken  of  the  nature  of  the  field  outside  the  wave-front,  definite 
conditions  must  be  satisfied  at  this  surface.  These  conditions  are 
known,  but  they  have  not  been  applied  to  the  problem  in  hand.  It 
seems  worth  while  to  make  this  application,  and,  in  particular,  to 
ascertain  the  effect  of  these  conditions  in  modifying  the  results  obtained 
by  Pearson  and  Lee. 

Let  S  denote  in  general  a  moving  surface  which  separates  two 
electromagnetic  fields.  Then  it  is  known  that  ^  moves  normally  to 
itself  with  the  velocity  c.  Let  (Xq,  Yq,  Zq)  and  (oo,  j8o»  7o)  denote  the 
electric  and  magnetic  forces  on  that  side  of  2  towards  which  ^  advances, 
let  /,  7/1,  n  denote  the  direction  cosines  of  the  normal  to  2  drawn 
towards  this  side,  and  let  (X,  Y,  Z)  and  (a,  jS,  y)  denote  the  electric 
and  magnetic  forces  on  the  other  side.  Then  at  any  point  of  2  it  is 
known  that  the  following  six  equations  must  be  satisfied  : — 


•  *  Ann.  Phys.  Chem.'  (Wiedemann),  vol.  44  (1891). 
t  *  Phil.  Trans..'  A,  vol.  193,  1900. 
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X-Xo  =  n(P-Po)-m(y-ya),         a-ao  =  m  (Z  -  Z„)  -  n  (Y  -  Yo), 
Y-Yo=  i(7-y«)-n(«-a«),  )8-y8o  =  «  (X  -  X„)  -  /  (Z  -  Zo), 

Z-Zo=   m(cL-iio)-l(fi-Po%        7-yo= '(Y-Yo)-»h(X-Xo), 

(*)• 

These  equations  may  be  expressed  in  words  in  the  statements  that 
the  components  of  electric  and  magnetic  force  along  the  normal  to  2 
are  continuous,  and  that  the  discontinuities  of  the  tangential 
components  of  the  electric  and  magnetic  forces  are  equal  in  magnitude 
and  are  directed  along  lines  at  right  angles  to  each  other  in  such 
a  way  that  the  discontinuity  of  electric  force,  the  discontinuity  of 
magnetic  force,  and  the  normal  to  the  surface,  in  this  order,  are 
parallel  to  the  axes  of  a:,  y,  ^  in  a  right-handed  system.*  The  case  in 
which  there  is  no  electric  or  magnetic  force  on  the  side  of  i'  towards 
which  it  advances  is  included  by  putting  (Xo,  Yq,  Zq)  and  (oo,  )8o,  70) 
equal  to  zero,  and  the  case  in  which  the  field  on  this  side  of  the 
surface  is  electrostatic  is  included  by  putting  (oo,  )3o,  70)  equal  to  zero. 

The  conditions  (4)  have  been  established  by  a  rather  troublesome 
process  which  may  be  replaced  by  the  following  simpler  argument : — 
The  ordinary  equations  (1)  of  the  field  fail  at  the  surface  of  dis- 
continuity ]S  through  the  infinity  of  some  of  the  differential  coefficients 
2bt;/d^,  ....  Consider  the  axis  of  x  to  be  parallel  to  the  normal  to  w  at  a 
point  P.  Then  as  2  passes  over  P  the  state  of  the  medium  at  P 
changes  from  that  expressed  by  (X^,  ...  oo,  ...)  to  that  expressed  by 
(X,  ...,  a,  ...).  Suppose  the  change  to  take  place  in  a  very  short 
time  ^,  and  multiply  both  sides  of  the  equations  (1)  by  c^.     Then  in 

9X 
the  left-hand  members  we  must  write  X  -  So  for  _  8/,  and  similarly 

Of 

for  the  other  quantities  of  the  same  kind.    Again,  we  may  put  cU  =  &r<, 
where  &c  is  the  distance  over  which  the  small  part  of  2  near  to  P  moves 

in  the  interval  8/ ;  and  then  the  limit  of  -^  c8/  or  ^  &c  is  the  differ- 

ox  ox 

ence  of  the  values  of  j3  just  before  and  just  behind  the  surface  w,  or  it  is 

^0  -  P'     The  limits  of  such  quantities  as  — -  Ctt,  in  which  the  differen- 

tiation  is  performed  with  respect  to  any  co-ordinate  other  than  x,  are 
zero. 

From  the  six  equations  (1)  we  deduce  in  this  way  the  six 
equations 

X-X«  =  0,  Y-Y«=  -(yo-y),  Z-Z«  =  y8„-y8, 

a-oo-O,      -  08  -  )8»)  =  -  (Zo  -  Z),      -  (y -yo)  =  Y«- Y. 

*  Theee  retalta  were  giren  effectively  in  a  paper  bj  the  author  in  '  Proc. 
London  Math.  Soo.*  (Ser.  2),  toI.  1,  p.  87  (1908).  Equivalent  conditions  appear  to 
liave  been  employed  by  O.  Heaviiide,  *  Electrical  Papers,'  vol.  2,  pp.  405  et  aeq. 
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These  equations  express  the  same  relations  between  the  forces  and  the 
direction  of  the  normal  to  3  as  are  expressed  by  (4). 

In  the  application  of  conditions  (4)  to  the  problem  of  the  Hertzian 
oscillator,  the  external  field  (Xo,  Yo,  Zo),  (a^,  j3o)  yo)  is  that  which  is 
established  at  the  instant  when  the  vibrations  begin.  At  this  instant 
the  brass  balls  of  the  oscillator  are  so  highly  charged  that  the  electric 
strength  of  the  air  between  them  gives  way.  The  initial  field  is  that 
due  to  the  charges  at  this  instant,  so  that  it  can  most  appropriately  be 
represented  as  the  electrostatic  field  of  a  fixed  doublet.  If  B  denotes 
the  moment  of  this  doublet,  the  field  in  question  is  expressed  by  the 
equations 

(Xo,Y»,Zo)  =  (^,^,-)!j^  ^5^ 

(ao,  ^0,  yo)  =  0 

Now  write  down  the  complete  expressions  for  X,  Y,  Z,  and  a,  )8,  y, 
in  accordance  with  equations  (2).  Denoting  differential  coefficients  of 
the  function  ^  with  respect  to  its  argument  by  accents,  these  expressions 
are 


j:z 


X  =     .(3v^  +  3rf +  r-V"), 


/■^ 


Y  =  y^(3v^  +  3r^'  +  r2f'), 


^  =    -  -^  (3V^  +  3/-^'  +  r^")  +  2  (^  +  ,n^'), 


!^  (6). 


X 


In  like  manner,  complete  expressions  for  Xo,  Yo,  Zo,  as  given  by  (5), 


are 


Xo  =  J-3B, 


Yo  =  ^^3B.         Z.=  -£+i^^3B+2B,...(7). 


Let  /  =  0  be  the  instant  when  the  vibrations  begin.  Then  r  =  c^  is 
the  equation  of  the  surface  separating  at  time  t  the  field  expressed  by 
(6)  from  that  expressed  by  (7),  and  the  direction  cosines  /,  ia,  n  of  the 
normal  to  this  surface  are  a:/r,  yjr,  z/r.  When  these  values  of  X,...  are 
substituted  in  (4)  it  will  be  found  that  v^"  disappears,  and  that  the 
equations  (4)  give 

3(v^-/8)  +  2i^'  =  0,  2(v^-B)  +  2r^'  =  0, 

which  must  hold  when  r  =  o/,  i.e.,  when  the  argument  of  \p  is  zero. 
Hence  we  must  have 

^(0)  =  B,  f(0)  =  0. 

Now  take  ^  to  have  the  form  (3).     We  find 


A.      2V€  -n 

sm  -^  =  B, 

A 


A  V 


(S). 
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The  Second  of  these  equations  determines  €  and  the  first  determines 
A  in  terms  of  B.  It  appears  that  6  (the  moment  of  the  initial 
doublet)  is  the  maximum  moment  of  the  vibrating  doublet.* 

It  has  now  been  shown  that  the  waves  expressed  by  (2)  in  which  \^ 
is  given  by  (3)  can  advance  through  the  field  expressed  by  (5),  provided 
the  constants  A,  B,  v,  c,  are  connected  by  the  equations  (8).  Incidentally 
it  has  been  shown  that  the  waves  expressed  by  (2)  in  which  ^  is  given 
by  (3)  cannot  advance  through  a  region  in  which  there  is  no  electric 
or  magnetic  force,  and  that  the  phase  constant  c  cannot  vanish.  In 
fact,  the  function  ^  instead  of  vanishing  at  the  front  of  the  wave  has 
there  its  numerically  greatest  value. 

Expressions  may  be  formed  for  the  radial  and  transverse  components 
of  the  electric  force  and  for  the  magnetic  force.  The  lines  of  electric 
force  lie  in  planes  through  the  axis  of  the  doublet,  and  the  lines  of 
magnetic  force  are  circles  about  that  axis.  The  radial  component  K  of 
the  electric  force  is  given  by  the  equation 


R  =  ^^A.-I*'^-'^  [(l  -^^n^^iCt-r  +  e) 


+  ^co8  2^(C<-r  +  «)]    (9), 


when  ct  >  r,  but  when  c/  <  r  we  have 

R  =  2c^^gj^2x* (jQj^ 

6  being  the  angle  which  a  line  drawn  from  the  origin  to  a  point  at 
distance  r  makes  with  the  axis  of  the  doublet. 

The  transverse  component  0  of  the  electric  force  is  given  by  the 
equation 

^?^(l.^^yos^-ict-r  +  .)j    (11). 

when  d  >  r,  but  when  ct  <  r  we  have 

^  _  sin^  27r€  - 


*  THe  result  that  the  maximum  moment  of  the  vibrating  doublet  ought  to  be 
the  same  as  the  moment  of  the  doublet  existing  at  the  instant  when  the  yibrations 
begin  is  noted  by  M.  Brillouin,  '  Propagation  de  I'l^leotricit^,  Histoire  et  Th^orie  ' 
(Paris,  1904),  p.  813. 
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The  magnetic  force  H  ie  given  by  the  equation 

H  =  -^^A.-I-<«-'>[(^-1''ir^±'^))  Bin^'(c<-r+.) 

-^(l-^)co8?^(c<-r+«)]  (13). 

when  c/  >  r,  but  when  ci  <  rit  vanishes. 

The  radial  electric  force  is  continuous  at  the  front  of  the  wave,  ».«., 
at  the  surface  r  =  ct.  The  discontinuity  of  the  transverse  component 
of  the  electric  force  at  the  front  of  the  wave  is 

sin^A  /  o  ,  A  9\  :    2x€  ,,  .V 

-^^2('"  +  *^)^^'*X  ^     ^' 

and  this  is  equal,  as  it  should  be,  to  the  magnetic  force  at  the  front  of 
the  wave. 

The  lines  of  electric  force  are  the  intersections  of  the  planes  through 
the  axis  of  the  doublet  with  a  certain  family  of  surfaces  Q  =  constant.* 
If  we  denote  by  p  the  distance  of  a  point  from  the  axis,  so  that 

/)  =  r  sin  6,  the  quantity  Q  is  /)  -^—  (  5lV  and  the  components  of  electric 

force  parallel  to  the  axis  and  at  right  angles  to  it  are   respectively 

-  ^   ^   and   -  ^.     The  flux  of  electric  force  through  any  circle 
P    op  p  oz 

with  its  centre  on  the  axis  of  the  doublet  may  be  expressed  as 

-  27rQ.     The  form  of  Q  is  given  by  the  equations 

Q=   -?l5!^Ae-I-<--^>{(l-^^)sin^(C/-r  +  c) 

+  ?Jcos^(c/-r  +  €)|   (15), 

when  erf  >  r,  and 

Qsin'^^  A    .    27r€  /,^x 

= Asm-r-    (16), 

when  c/  <  r.  At  the  separating  surface  Q  is  continuous,  just  as  the 
radial  component  R  of  electric  force  is  continuous,  and  in  fact  we 
have 

Q=-i1^^« (!')' 

throughout  the  field. 

The  particular  case  where  there  is  no  damping  by  radiation  is 
included  in  the  foregoing  by  putting  v  =  0,  2t€/X  =  ^x ;  and  then  we 
have 

^  =  A  cos  ^"^  (c/ -  r),  B  =  A. 

A 
*  The  TiBe  of  the  function  Q  in  these  problems  was  initiated  by  Herts,  loc.  eit. 
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This  is  the  case  discussed  by  Hertz,  but  his  discussion  has  no  very 
definite  reference  to  the  front  of  the  waves.  The  field  due  to  the 
initially  existing  doublet  is  the  well-known  electrostatic  field  of  a 
doublet,  the  lines  of  electric  force  being  identical  with  the  lines  of 
piagnetic  force  due  to  a  magnet  or  to  an  uniformly  magnetised  sphere, 
or  with  the  lines  of  flow  of  incompressible  fluid  through  which  a 
sphere  is  moving.  These  lines  have  been  traced  often,*  a  few  of 
them  are  traced  in  fig.  A. 

Fro.  A. 


Hertzt  has  figured  the  lines  of  force  within  a  distance  of  J  A.  of  the 
oscillator  at  a  number  of  instants  during  the  progress  of  a  vibration. 
It  would  be  easy  to  determine  the  modifications  that  ought  to  be  made 
in  his  figures  on  account  of  the  existence  of  a  front  to  the  advancing 
wave-train  and  of  the  existence  outside  that  front  of  an  electrostatic 
field.  The  moment  of  the  doublet  which  gives  rise  to  this  field  is  the 
maximum  moment  of  the  vibrating  doublet.  At  any  instant  during 
the  vibration  the  electromagnetic  field  of  the  vibrator  will  be 
established  within  a  distance  from  the  doublet  equal  to  the  distance 
which  light  would  travel  in  the  time  that  has  [elapsed  since  the 
comimencement  of  the  vibrations.  After  one-eighth  of  a  period,  for 
instance,  this  field  will  be  confined  to  the  region  within  a  sphere  of 
radius  \  X,  and  outside  this  sphere  the  field  is  the  above-described 
electrostatic  field.  It  follows  that,  to  obtain  the  lines  of  force  during 
the  first  three-quarters  of  a  period,  a  circle  of  suitable  radius  should  be 

•  See,  e.g.y  J.  J.  Thomson,  *  Elements  of  ElectricityJand  Magnetism,*  p.  223, 
Lamb,  *  Hydrodynamics,'  p.  137. 

t  *  Electric  Waves,'  pp.  144,  145.  The  figures  are  reproduced  by  M.  Brillouin, 
loc.  cit.,  pp.  292,  298;  and  by  A.  Gray,  *  Magnetism  and  Electricity,*  voU  1 
(London,  1898),  pp.  406—408. 
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described  round  the  centre  of  one  of  Hertz's  figures,  and  the  parts  of 
his  lines  of  force  which  lie  outside  that  circle  should  be  suppressed 
and  their  places  taken  by  curves  of  the  family  traced  in  fig.  A.  The 
result  that  at  the  beginning  of  the  vibration  the  moment  of  the 
doublet  is  a  maximum  would  be  expressed  by  taking  his  figures  in  the 
order  29,  30,  27,  28.  After  the  electromagnetic  field  has  become 
established,  these  figures  represent  the  field  near  the  vibrator  at 
instants  which  are  the  beginning  of  a  period,  ^  of  a  period  later,  \  of 
a  period  later,  ^  of  a  period  later.  If  the  arrow  heads  in  his  figures 
are  reversed,  they  represent  in  the  same  order  the  field  after  |  a 
period,  f  of  a  period,  f  of  a  period,  |^  of  a  period  from  the  beginning 
of  a  particular  vibration,  which  is  not  the  first  vibration.  To  trace 
the  course  of  the  first  vibration  we  should  proceed  as  follows : — ^At 
the  instant  when  the  vibrations  begin  the  field  is  that  shown  in  fig.  A 
After  ^  of  a  period  draw  on  Hertz's  figure  30  a  circle  of  radius  \  X,* 
suppress  the  part  of  the  figure  outside  this  circle  and  replace  it  by  the 
part  of  fig.  A  which  is  outside  the  same  circle.  To  obtain  the  fields 
after  \  period  and  ^  period,  similar  work  should  be  done  upon  Hertz's 
figures  27  and  28  with  circles  of  radii  \\,  ^X.  After  J  a  period, 
reverse  the  arrow  heads  in  Hertz's  figure  29,  draw  on  this  figure  a 
circle  of  radius  ^X,  suppress  the  part  of  the  figure  which  is  outside 
this  circle  and  replace  it  by  the  part  of  fig.  A  which  is  outside  the 
same  circle.  To  obtain  the  fields  after  |  period,  J  period,  ^  period, 
similar  work  should  be  done  upon  the  figures  30,  27,  28  with  circles 
of  radii  fX,  |X,  ^X.  These  modified  figures  have  not  been  drawn  here 
because  a  similar  procedure  will  be  adapted  presently  to  the  figures 
of  Pearson  and  Lee  in  which  account  is  taken  of  the  damping  by 
radiatioti. 

The  notation  of  this  paper  can  be  identified  with  that  of  Pearson  and 
Lee  by  means  of  the  equations 

t'^t  +  €/c,     E/=~A(?-/\     2t  =  X/c,     x  =  5-^...     (18), 

in  which  the  quantities  E/,  r,  x  are  used  by  these  authors, t  and  f  is 
the  quantity  which  they  denote  by  t  They  have  traced  the  lines  of 
electric  force,  given  by  Q  =  constant,  for  certain  chosen  values  of  Q,  for 
a  region  of  space  between  the  spheres  ^  =  yV  ^  *^^  ^  =  i  ^  and  for 
fifty-six  values  of  t\  viz. :  f  =  2t  (|,  J,  ...7).  The  chosen  values  of  Q 
are  such  that  QX/27rEZ  =  ±  yj^,  ±  y^y,  ±  -^,  ±  ^.  The  curves  thus 
formed  are  shown  in  their  Plates  1 — 7,  each  plate  containing  eight 
figures.  J     The  chosen  value  of  v  is  0*4. 

*  In  Hertz's  notation  it  would  be  iX.  Hertz  hae  used  the  letter  X  to  denote  tb« 
half  waye-length. 

t  2r  is  the  period. 

J,  A  number  of  these  figures  haye  been  reproduced  by  M.  Brillouin  in  plfttee  at 
the  end  of  his  treatise  already  cited. 
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The  lines  of  force  drawn  in  some  of  these  figures  need  some  modifica- 
tion on  account  of  the  existence  of  a  front  of  the  wave-train.  At  any 
instant  the  electromagnetic  field  that  is  propagated  with  the  waves  will 
have  reached  a  distance  Ct  from  the  oscillator,  and  therefore  those  parts 
only  of  the  curves  which  lie  within  circles  of  radii  X  (/72t  -  e/X)  are 
lines  of  force  in  the  actual  vibrations.  Outside  spheres  having  these 
radii  the  actual  field  is  the  electrostatic  field  due  to  the  fixed  doublet, 
viz. :  it  is  the  field  expressed  by  (5)  and  figured  in  fig.  A.  In  the 
notation  of  (18)  the  lines  of  force  in  this  field  are  given  by  the 
equation 

_Qi=«i!^Ae-/A8in2-. 
27rE/  r     2ir  A. 

The  continuations  of  the  lines  of  force  outside  the  wave-fronts  at  the 
various  times  in  question  are  obtained  by  equating  this  expression  to 
the  values  ±y^,  ±tV»  ±A»  ±i-  "^^^  heavy  dotted,  heavy 
continuous,  fine  dotted  and  fine  continuous  curves  in  fig.  A  have  been 
drawn  to  correspond  with  these  four  pairs  of  values,  \  being  represented 
by  1  inch  (=  2*54  cm.). 

The  value  of  v  being  0*4,  the  following  numerical  values  are  found 
for  the  various  quantities  : — 

Um^^  =  57r,  ?^^  =  1-5071389,  1  =  0*239868, 

A  A  A 

~  =  0*0959474,        e-^'f^=  0-908512,        ej-»'*>8in  ?^  =  0906676, 

A  A 

27r<f -M  cosec  ?^^  =  6-99403. 

A 

The  circles  outside  which  the  lines  of  force  drawn  in  the  figures  of 

Pearson  and  Lee  have  to  be  replaced  by  other  lines  are  given  by  the 

equation 

r  =  X(a- 0-239868)    (19), 

in  which  a  has  the  values  |^,  J,  . . .  .  In  fig.  1  of  their  Plate  1 ,  r  would 
be  negative ;  this  figure,  in  fact,  relates  to  an  epoch  before  the  vibrations 
begin,  and  no  part  of  it  represents  lines  of  force  that  are  formed.  In 
fig.  2  of  their  Plate  1,  r  would  be  about  yj^  of  a  wave-length,  so  that 
the  circle  is  too  small  to  be  drawn.  In  fig.  3  of  their  Plate  1,  r  =  01 35 
of  a  wave-length,  so  that  the  front  of  the  waves  cannot  be  distinguished 
clearly  from  the  inner  circular  boundary  of  the  figure.  Those  parts 
only  of  the  lines  drawn  in  this  figure  which  lie  between  the  inner 
circular  boundary  and  a  circle  of  radius  (0-135)  X  are  actual  lines  of 
force  at  the  instant  in  question.  Figs.  1,  2,  and  3  of  Plate  1  should, 
therefore,  be  omitted.  In  the  remaining  figures  of  Plate  1,  and  in 
figs.  9,  10  and  11  of  Plate  2,  parts  only  of  the  lines  of  force  that  are 
drawn  are  actual  lines  of  force  at  the  corresponding  instants  during 
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the  vibrations.  These  parts  lie  within  the  circles  obtained  from  (19) 
by  giving  to  a  the  values  ^)  !>  •••  V)  ^^^  ^^^  corresponding  instants 
are  <  =  (0*26,  0-385,  0-51,  0-635,  0-76,  ...1-135) x  (period).  The 
corresponding  lines  of  force  outside  these  circles  are  given  by  the 
equation 

^^^1  =  ^  (6-99403)6  (20), 

r  A 

in  which  h  has  the  values    ±y^,  ±tV>    ^tV*   ^i-     These  are  the 

curves  drawn  in  fig.  A  above.     The  remaining  figures  (12 — 56)   of 

Plates  2 — 7  are  unaffected  by  the  conditions  that  hold  at  the  front  of 

the  waves.     The  figures  by  which  Pearson  and  Lee's  figs.  4 — 11  of 

their  Plates  1  and  2  should  be  replaced  are  the  figures  numbered  4 — 11 

on  Plates  2 — 5  accompanying  this  paper. 

In  these  figures  the  fine  continuous  circle  represents  the  wave-front 

at  the  time  /  [  =  f  -  (0-24)2t].    The  discontinuity  of  the  electric  field 

at  the  wave-front  is  shown  by  the  change  of  direction  of  the  lines  of 

force  at  this  circle.     Those  lines  of  force  which  are  determined  by 

QA 
putting  o  jv  equal  to   ±  y  J^,  ±  ^,  ±  ^,  and  ±  i,  are  shown  by  the 

heavy  dotted,  heavy  continuous,  fine  dotted,  and  fine  continuous  lines 
respectively.  The  dotted  circles  that  lie  within  the  fine  continuous 
circle  are  curves  at  which  Q  vanishes,  or  the  electric  force  has  no 
radial  component.  A  surface  Q  =  0  travels  outwards  at  a  varying 
rate  so  as  to  lie  within  the  wave-front  r  =  c/  and  to  tend  to  overtake 
it  as  i  increases.  This  is  shown  by  the  inner  dotted  circles  in 
figs.  5 — 8,  and  by  the  outer  dotted  circles  which  in  figs.  9 — 11  lie 
within  the  fine  continuous  circle.  It  appears  that  no  spherical  surface 
of  the  set  given  by  Q  =  0  is  the  front  of  the  advancing  wave-train,  but 
that  one  of  these  surfaces  tends  to  coincidence  with  this  front  as  the 
wave-train  advances. 

The  discontinuity  of  the  electromagnetic  field  may  also  be  shown  in 
a  striking  manner  by  tracing  curves  to  represent  at  particular  instants 
the  values  of  the  transverse  component  0  of  the  electric  force,  which 
correspond  with  all  values  of  r,  the  distance  of  a  point  from  the 
oscillator.  Consider  points  in  the  equatorial  plane  of  the  oscillator, 
for  which  d  —  ^tt.  The  form  of  0  as  a  function  of  r  is  determined  by 
the  equations 


0=  ^, --.«"-■> 


lirr 


when  tJl  >  r,  and 


^       A   .    2ir€ 

0  =  .  _  sm  —  , 

7-3  A    ' 


Itoj/.  Soe.  Proe.,  vol.  74,  i'laU  2. 


-  ~t, . 

I  ~  (O-M)  2r. 


Hoy.  So-:  Pror,.,  vol.  74,  Plule  3. 


Eolj.  .Soc.  I'lW.,  vol  74,  Piale  4. 


,  S«.  Proc.,  ^l  74.  P^^  5- 


t-{ioi)*^- 


Love, 


Roy.  Soc,  Proc,  vol.  74,  Plate  6. 


Fio.  1 


Fig.  2. 


Front  of  wares  after  two  periods. 


Front  of  wayes  after  three  periods. 


Fia.  8. 


FroDt  of  waves  after  thirteen  perioda. 
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when  c/<r.  Figs.  1 — 3  of  Plate  6,  represent  parts  of  the  curves,  of 
which  0  is  ordinate  and  r  is  abscissa,  at  instants  which  are  the  ends  of 
the  second,  third,  and  thirteenth  periods  from  the  beginning  of  the 
vibrations.*  The  parts  of  the  curves  in  figs.  1  and  2,  which  are  very 
near  the  oscillator,  are  omitted,  and,  in  the  three  curves,  the  parts 
which  lie  beyond  the  advancing  wave-fronts  are  indistinguishable  from 
the  axis  of  abscissae.  In  figs.  1  and  2,  as  originally  drawn,  A  was 
given  the  value  O'l,  and  v  and  c  have  the  same  values  as  in  the 
previous  discussion.  In  fig.  3  A  was  given  the  value  1.  The 
curve  in  fig.  3  has  been  drawn  for  values  of  r  between  r  =  lOX  and 
r  =  13A.  In  each  case  the  terminal  point  of  the  curve  towards  the 
right  represents  the  value  of  0  at  the  advancing  wave-front  at  the 
instant  in  question.  Near  the  oscillator,  the  maxima  and  minima 
values  of  0  diminish  as  the  distance  of  them  from  the  oscillator 
increases,  as  is  shown  in  figs.  1  and  2.  This  is  due  to  the  pre- 
ponderance of  the  factor  1/r®  when  r  is  small.  When  the  front  of  the 
train  of  waves  has  travelled  over  as  few  as  three  wave-lengths,  this 
tendency  is  already  checked  by  the  tendency  of  the  factor  e»^/^  to 
increase  with  r,  as  is  seen  in  fig.  2,  where  the  last  minimum  is  almost 
exactly  equal  to  the  previous  maximum.  When  the  front  of  the 
train  of  waves  has  travelled  over  a  larger  number  of  wave-lengths,  the 
maxima  and  minima  near  the  front  exceed  those  at  a  little  distance 
behind  the  front,  as  is  shown  in  fig.  3,  where  there  is  a  regular 
increase  in  the  maxima  and  minima  values  as  the  front  of  the  train 
of  waves  is  approached.  A  comparison  of  figs.  1  and  2  with  each 
other  shows  the  diminution  of  the  maxima  and  minima  at  the  same 
places  as  time  goes  on.  This  is  due  to  the  damping  of  the  oscillations 
by  radiation.  The  same  comparison  shows  also  that  the  maxima  and 
minima  near  the  front  of  the  train  of  waves  do  not  suffer  diminution 
to  the  same  extent,  and  the  same  thing  is  shown  by  comparing 
fig.  3  with  these,  allowance  being  made  for  the  difference  of  scale. 
In  fact,  the  disturbance  at  the  front  of  the  wave-train  suffers  diminu- 
tion through  spherical  divergence  only,  for  the  factor  e-»'<c<-r)/A  h^s  the 
value  unity  at  the  front  of  the  waves,  and,  when  r  is  at  all  large,  the 
value  of  0  at  the  front  is  very  nearly  equal  to 

-  A  sin  (27r6/X)  (47r2  +  v2)/XV, 

so  that  it  is  very  nearly  proportional  to  r~^ 

*  In  the  arithmetical  work  which  is  requisite  for  tracing  these  curves  and  in 
some  of  the  remaining  arithmetical  work  of  the  paper,  I  had  the  good  fortune  to 
secure  the  coUaboration  of  Mr.  J.  W.  Sliarpe,  formerly  Fellow  of  Gonrille  and 
Caius  College,  Cambridge,  who  made  the  necessary  calculations.  The  paper  is 
much  more  complete  than  it  would  have  been  without  his  help. 
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"  On  Flame  Spectra/*  By  Charles  de  Watteville.  Communi- 
cated by  Arthur  Schuster,  F.R.S.  Received  May  28, — 
Read  Jmie  16,  1904. 

(Abstract.) 

In  order  to  obtain  the  spectrum  of  any  substance,  it  has  generally 
been  considered  sufficient  to  introduce  a  small  quantity  of  it  into  an 
already  formed  flame.  In  the  course  of  a  photometrical  investigation 
of  flames  which  had  been  coloured  by  injecting  the  spray  from  saline 
solutions  into  the  gas  to  be  burnt,  M.  Gouy  discovered  in  the  spectra 
of  the  flames  several  new  lines  belonging  to  the  metal  contained  in  the 
solution.*^  Instead  of  appearing  throughout  the  whole  flame,  as  did 
the  previously  known  lines,  these  new  lines  were  only  emitted  in  the 
vicinity  of  the  inner  blue  cone — the  origin  of  the  Swan  spectrum.  The 
observations  of  M.  Gouy  were  limited  to  the  examination  of  certain 
lines  of  the  visible  portion  of  the  spectrum,  and,  with  the  advice  of 
Professor  Schuster,  and  under  his  direction,  I  have  taken  up  this  study 
with  the  object  of  extending  it,  by  means  of  photography,  to  the  ultra- 
violet portion  of  the  flame,  and  also  of  detecting  lines  which  are  too 
feeble  to  be  visible  to  the  eye. 

The  method  employed  for  the  production  of  the  flame  is,  in  short, 
that  which  has  been  introduced'  by  M.  Gouy,  and  described  by  him  in 
his  memoir,  to  which  reference  should  be  made  for  a  description.  The 
very  slight  modifications  which  have  been  made  in  the  apparatus  of 
this  scientist  are  due  to  the  necessity  of  having  an  arrangement  which 
should  be  as  automatic  as  possible  during  the  8  hours  which  were  often 
found  necessary  for  the  photographic  exposures.  These  modifications, 
however,  have  an  important  bearing  upon  the  success  of  the 
experiments. 

The  spectroscopical  apparatus  used  has  been  of  two  kinds — a  fine 
Rowland  concave  grating  of  1-metre  radius  and  prism  spectroscopes. 
The  results  obtained  by  means  of  the  grating  have  been  completed,  as 
regards  the  very  weak  lines,  with  the  help  of  the  prism  spectroscope. 

The  lines  in  the  spectra  obtained  imder  the  conditions  of  my 
experiments  are  very  much  more  numerous  than  is  the  case  when  all 
the  portions  of  the  flame  do  not  participate  in  the  production  of  the 
phenomenfL.  Kot  only  are  all  the  lines  present  which  were  seen  by 
Professor  Hartley  in  the  oxy-hydrogen  blowpipe  flame,  but,  in  addition, 
there  are  a  large  number  of  other  lines  which  only  extend  to  the 
height  of  the  blue  inner  cone.  Moreover,  the  flame  spectra  extend 
sufficiently  far  into  the  ultra-violet  in  order  to  enable  the  line  2194  of 
tin  to  be  observed. 

If  we  compare  the  flame  spectra  thus  produced  with  those  of  the  arc 
and  the  spark,  it  will  be  noticed  that,  as  a  rule,  the  lines  which  are 

•  *  Annalee  de  Chiinie  et  de  PhjtJque/  5th  Series,  voL  18, 1879. 
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found  in  the  flame  spectrum  are  those  which  are  the  strongest  lines  in 
the  arc  spectnim.  In  certain  cases,  some  of  the  more  intense  arc  lines 
are  absent,  whereas  less  intense  arc  lines  are  to  be  found  in  the  flame 
spectrum.  On  the  other  hand,  none  of  the  characteristic  lines  of  the 
spark  spectrum  are  ever  seen  in  the  flame  spectrum.  The  resemblance, 
however,  is  very  marked  between  the  flame  spectrum  and  that  of  the 
spark  which  has  been  made  oscillatory  by  the  introduction  of  a  self- 
induction  into  the  discharging  circuit  of  a  condenser.  In  the  latter 
case,  as  is  well  known  from  the  work  of  Dr.  Hemsalech,  the  spark 
spectrum  is  considerably  simplified.*  Moreover,  although  the  flame 
spectrum  will  contain  only  the  lines  which  belong  to  the  spectrum  of 
the  oscillatory  spark,  yet  all  the  lines  of  the  latter  will  not  be  found  in 
the  flame  spectrum,  the  missing  lines  being  those  which  are  peculiar  to 
the  ordinary  spark  spectrum,  and  which  only  exist  in  the  immediate 
neighbourhood  of  the  electrodes,  becoming  shorter  and  shorter,  and 
finally  disappearing  as  the  self-induction  is  increased. 

The  preceding  paragraph  refers  to  metals  other  than  those  belonging 
to  the  iron  group.  On  the  contrary,  there  is  a  most  striking  similarity 
between  the  flame  spectra  of  iron,  of  nickel,  and  of  cobalt,  and  the 
oscillatory  spark  spectra  of  the  same  metals  in  the  region  included 
between  about  4300  and  2700  Angstrom  units.  The  similarity  of 
the  two  spectra  is  so  great  that,  except  for  very  small  differences  of 
intensity,  the  oscillatory  spark  spectrum,  which  is  photographed  as  a 
comparison  spectrum  in  the  centre  of  the  flame  spectrum,  appears  to  be 
a  prolongation  of  the  latter.  It  should  be  noticed  that  if  in  the  visible 
portion  of  the  spectrum  certain  lines  appear  to  be  missing,  it  is 
doubtless  because  the  continuous  spectrum  prevents  these  feeble  lines 
from  being  seen.  This  explains  why  M.  Gouy  was  not  able  to  observe 
the  nickel  lines  which  are  found  on  the  photographs  taken  with  various 
salts  of  nickel,  viz.,  the  sulphate,  chloride,  and  ammoniacal  chloride. 
In  the  ultra-violet  the  apectrum  of  the  flame  appears  to  fade  away  a 
little  more  rapidly  than  that  of  the  oscillatory  spark,  but  it  is  probable 
that  this  difference  would  be  reduced  by  prolonging  the  time  of 
exposure ;  smce  it  is,  of  course,  the  radiations  of  the  shortest  wave- 
length which vare  most  absorbed  by  different  media. 

It  is  very  probable  that  the  reason  for  this  similaricy  between  the 
spectrum  of  the  flame  and  the  spectrum  of  the  oscillatory  spark  is 
entirely  a  question  of  temperature.  On  the  one  hand,  the  increase  in 
the  number  of  lines  of  the  flame  spectrum  obtained  by  the  use  of  the 
sprayer  may  be  attributed  to  the  fact  that  the  hottest  regions  of  the 
flame  take  part  in  the  production  of  the  phenomena,  and,  on  the  other 
hand,  the  diminution  in  the  number  of  lines  in  the  spark  spectrum 
when  the  spark  becomes  oscillatory  is  due  to  a  diminution  of  its 
temperature. 

*  *  Sur  lea  Spectres  d*£tmcelles.'     Paris,  Hermana. 
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"The  Eetardation  of  Combustion  by  Oxygen."  By  Hbnry  K 
Armstrong,  Ph.D.,  F.RS.  Received  June  9, — Read  June  16, 
1904. 

In  the  course  of  his  researches  on  gaseous  explosions,  H.  B.  Dixon 
has  laid  stress  on  the  fact  that  carbon  monoxide,  rather  than  the 
dioxide,  is  the  initial  product  of  the  combustion  of  carbon  and  of  its 
gaseous  compoimds;  moreover,  he  has  shown  that  water  plays  a 
peculiar  and  all-important  part  in  the  combustion  of  the  monoxide ; 
and  he  has  proved,  in  a  number  of  cases,  that  oxygen  is  by  far  the 
most  effective  diluent  in  retarding  combustion.  These,  in  some 
respects,  paradoxical  conclusions  have  not  yet  been  sufficiently 
explained.  Recent  researches^  emanating  from  the  Manchester 
school  have  brought  new  facts  to  light,  however,  which  have  an 
important  bearing  on  the  interpretation  of  explosive  changes — so 
much  so,  indeed,  that  it  is  no  longer  difficult  to  paint  a  consistent  and 
fairly  complete  picture  of  the  mechanism  of  combustion.! 

1.  It  would  seem  that,  in  the  case  of  hydrocarbons,  there  is  no 
preferential  combustion  either  of  hydrogen  or  of  carbon  :  initially, 
the  hydrocarbon  merely  undergoes  hydroxylaiion.  As  hydroxylation 
proceeds  more  readily  when  it  has  once  taken  place — owing  to  the 
attraction  of  oxygen  for  oxygen — the  first  product  may  easily  escape 
observation :  thus.  Bone  and  Wheeler  were  luiable  to  detect  the 
formation  of  hydroxymethane  (methyl  alcohol)  from  methane ;  Bone 
and  Stockings,  however,  succeeded  in  obtaining  ethyl  alcohol,  C2H5OH, 
from  ethane,  C2H6. 

2.  A  stage  in  the  hydroxylation  is  soon  reached  when  tliermoschisnis 
begin  to  take  place.  Thus,  dihydroxymethane  breaks  up  as  soon  as  it 
is  formed  into  water  and  formaldehyde,  which  is  in  turn  easily 
resolved  into  hydrogen  and  carbon  monoxide  : 

CH2(OH)2  — ^  CH2O  +  OH2  -^  CO  +  H2  +  OH2. 

Dihydroxyethane,  in  like  manner,  gives  rise  to  acetaldehyde,  which, 
under  some  conditions,  breaks  up.  into  methane  and  carbon  monoxide : 

C2H4(OH)2   — ^   CH8.COH  +  OH2  -^   CH4  +  CO  +  OH2. 

•  W.  A.  Bone  and  R.  V.  Wlieeler,  "  The  Slow  Oxidation  of  Metliane  at  Low 
Temperatures,"  '  Chem.  Soc.  Trana.,*  1902,  toI.  81,  p.  536;  1903,  toI.  83,  p.  1074. 
W.  A.  Bone  and  W.  E.  Stockings,  "  The  Slow  Combustion  of  Ethane,"  ibid.,  1904, 
Tol.  85,  p.  693. 

■t  Compare  H.  £.  Armstrong,  "  The  Mechanism  of  Combustion,"  ibid.y  1903, 
Tol.  83,  p.  1088. 
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3.  It  is  to  be  supposed  that  the  more  complex  hydrocarbons  are, 
to  a  large  extent,  resolved  into  simpler  thermoschists  prior  to  oxida- 
tion, e.^., 

C6Hi4  — >-  CsHs  +  CsHg ;  CjHo  — >-  C2H4  +  H2. 

The  change  may  extend  even  to  the  formation  of  carbon,  when 
a  relatively  small  proportion  of  oxygen  is  present.  In  high  tem- 
perature changes  (explosions),  such  thermoschisms  probably  play  an 
all-important  part. 

4.  The  precise  manner  in  which  oxygen  is  introduced  into  the 
hydrocarbon  molecule  is  a  matter  of  some  interest.  If  oxygen 
molecules  were  dii*ectly  active  as  wholes  and  the  actual,  immediate 
and  sole  cause  of  the  oxidation,  there  would  seem  to  be  no  reason 
why  the  dihydroxy-derivative  should  not  be  directly  produced  rather 
than  the  monhydroxy :  the  observation  made  by  Bone  and  Stockings, 
that  ethyl  alcohol  is  producible  from  ethane,  therefore,  is  of  crucial 
importance.  But,  on  general  groimds,  regarding  the  change  as 
electrolytic  in  character,  it  is  probable  that  the  electrolyte,  t.«., 
conducting  water,  is  the  immediate  source  of  the  oxygen ;  and  that 
the  oxygen  molecule*  plays  the  part  of  depolariser.  From  the  same 
point  of  view,  it  appears  probable  that  the  water  molecules  contribute 
hydroxyl  rather  than  oxygen.  The  process  may  be  formulated  as 
involving  the  conjugation  of  hydrocarbon  (probably  through  its 
carbon)  with  water  (acting  primarily  as  the  catalyst  or  associating 
agent)  and  oxygen,  thus  : 

HsC     OHH     0    ^ CH3.OH    HO 

H'*'0HH"*"0   '*     ^       HOH'^'HO 

5.  According  to  the  view  here  advocated,  carbon  dioxide  is  neces- 
sarily a  later  product  of  change  than  the  monoxide — in  fact,  the  final 
product.  It  is  to  be  supposed  that,  in  its  formation  from  the 
monoxide,  the  latter  is  first  converted  into  formic  acid.  On  this 
assumption,  it  is  easy  to  imderstand  that  the  presence  of  so  large  a 
proportion  of  water  is  required  in  order  that  the  explosive  wave  may 
attain  to  its  greatest  velocity,  as  the  affinity  of  water  for  carbon 
monoxide  is  relatively  slight  and  the  reversible  change  one  which 
takes  place  mainly  in  the  direction  : 

HCO(OH)  — ^  CO-hOH,. 


*  The  need  of  distinctiye  names  for  oxygen-stnfP  or  atomic  oxygen  and  of  the 
molecular  oxygen  we  handle  is  verj  obTious  in  discussirg  such  a  point  as  this. 


88  Prof.  H.  E.  Armstrong.  [June  9, 

The  figures  given  by  Dixon  are  as  follows : — * 

Per  cent,  of  Mean  rate  in 

Condition  of  mixture.      steam  present.         metres  per  seoond. 

WeU  dried  1264 

Dried   1305 

Saturated  at  10*"  C 1-2  1676 

20  2-3  1703 

28  3-7  1713 

35  5-6  1738 

45  9-5  1693 

55  15-6  1666 

65  24-9  1526 

75  38-4  1266 

The  gradual  retardation  observed  when  the  proportion  of  steam  is 
increased  beyond  5*6  per  cent,  may  be  due  to  a  variety  of  causes  :  to 
the  steam  acting  as  a  diluent ;  to  an  increase  in  the  extent  to  which 
water  is  unburnt  by  the  carbon  monoxide ;  and,  perhaps,  in  no  slight 
measure,  also  to  the  tendency  of  the  steam  to  hold  back  the  oxygen. 

6.  It  is  to  this  last  circumstance  that  the  marked  influence  of 
oxygen  in  retarding  combustion  is  probably  attributable.  This 
influence  is  especially  noteworthy  in  the  case  of  electrolytic  gas, 
inasmuch  as  excess  of  hydrogen  has  precisely  the  opposite  effiect  and 
nitrogen  retards  the  explosion  less  than  does  an  excess  of  oxygen. 
According  to  Dixon,  the  rates,  in  metres  per  second,  at  which  various 
mixtures  of  hydrogen  and  oxygen  and  of  electrolytic  gas  and  nitrogen 
explode,  are  as  follows  : — 

4H2  :  ^0-2  3532 

3H,>  :  lOy  3527 

2Ho  :  iOo  3268 

H2  :  IO2  2821 

H2  :    O2  2328  Ho  :  ^02  +   ^Na     2426 

H2  :  2O2  1927  H2  :  ^2  +  l^Na     2055 

Ho  :  3O2  1707  H2  :  IO2  +  2^X3     1822 

H2  :  4O2  1281 

In  seeking  for  an  explanation  of  this  remarkable,  if  not  paradoxical, 
behaviour  of  hydrogen,  it  is  necessary  to  remember  that,  whereas 
both  oxygen  and  water  molecules  diminish  in  stability  as  the  tem- 
perature rises,  the  stability  of  hydrogen  peroxide  must  be  at  a 
maximum  at  a  high  temperature! — since  its  formation  from  oxygen 

•  *  Phil.  Trans.,'  A,  1893,  toI.  184,  p.  97. 

t  Nemst,  'Zeit.  phjsikal  Cliem.,*  1903,  toI.  46,  p.  720,  has  endeavoured  to 
dednce  numerical  estimates  of  the  stability  of  lijdrogen  peroxide  at  high  tempera- 
tnres;  the  results  arrixed  at,  however,  are  not  satisfactory  owing  to  the  paucitj  of 
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• 

and  water  is  an  endothermic  process.  In  fact,  it  is  to  be  supposed 
that  water  is  readily  oxidised  at  temperatures  such  as  prevail  in 
combustions.  K,  however,  the  formation  of  water  be  regarded  as 
involving  the  changes 

H    OHH     O  HOH    HO 

H  "^  OHH  "^  6  ^         HOH  "^  HO 
2H2O2  ^ ^  2H2O  +  O2 

it  follows  that  water  and  oxygen  will  mutually  hold  each  other  in 
check :  so  that  when  electrolytic  gas  is  exploded  there  will  be  a 
deficiency  of  oxygen,  as  it  were,  owing  to  its  conversion  into  hydrogen 
peroxide,  which  may  be  regarded  as  relatively,  if  not  entirely,  in- 
operative as  an  oxidising  agent  at  high  temperatures  in  presence  of 
oxygen.  On  the  other  hand,  when  excess  of  oxygen  is  present,  the 
water — which  is  the  effective  catalyst — will  be  more  or  less  held  back, 
also  in  consequence  of  its  oxidation  to  hydrogen  peroxide.  The 
marked  influence  of  hydrogen  in  promoting  the  combustion  of  electro- 
lytic gas  is  in  full  harmony  with  this  conclusion ;  indeed,  it  is  difl&cult 
to  explain  it  in  any  other  way  than  by  supposing  that,  when  present 
in  excess,  the  hydrogen  serves  to  promote  the  dissociation  of  the 
peroxide  by  diminishing  the  proportion  of  active  oxygen  present :  in 
other  words,  according  as  hydrogen  or  oxygen  is  in  excess,  equilibrium 
is  disturbed  in  one  direction  or  the  other.  The  interaction  of  hydrogen 
and  oxygen  may,  perhaps,  be  supposed  to  be  incomplete  at  high  tem- 
peratures, less  because  the  steam  is  partially  dissociated  than  on 
account  of  the  division  of  the  oxygen  between  the  hydrogen  and 
water. 

[Note  added  June  29. — The  experiments  on  the  oxidation  of  ethane 
at  so  low  a  temperature  as  300,  recently  described  by  Bone  and 
Stockings,  have  shown  that  change  proceeds  with  surprising  rapidity 
in  the  case  of  mixtures  containing  ethane  and  oxygen  in  the  ratio 
2  : 1  or  1 : 1,  the  oxygen  disappearing  within  30 — 45  minutes;  whereas 
when  sufficient  oxygen  was  present  to  burn  the  hydrocarbon  completely 
to  steam  and  carbon  dioxide  (1  :  3'5),  a  considerable  quantity  of 
oxygen  and  some  ethane  remained  unchanged  even  after  2  days. 
There  can  be  little  doubt,  therefore,  that  oxygen  has  a  specific  retarding 
effect  even  at  so  low  a  temperature  as  300" ;  and  there  would  seem  to 
be  no  reason  to  suppose  that  the  changes  which  occur  at  low  tem- 
peratures are  in  any  essential  respect  different  from  those  at  high 
temperatures.] 
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*'  A  Probable  Cause  of  the  Yearly  Variation  of  Magnetic  Storms 
and  Aurorae."  By  Sir  Norman  Lockyer,  K.C.B.,  LL.D., 
F.R.S.,  and  William  J.  S.  Lockyer,  M.A.  (Camb.),  Ph.D. 
(Gott.),  F.E.A.S.,  Chief  Assistant  Solar  Physics  Observatory. 
Received  June  3, — Read  June  16,  1904.   . 

The  ordinary  meteorological  elements,  such  as  atmospheric  pressure, 
temperature,  etc.,  have  a  yearly  change  satisfactorily  explained  as  due 
to  changes  of  the  position  of  the  earth's  axis  in  relation  to  the  sun,  or, 
in  other  words,  the  variation  of  the  sun's  declination.  There  are, 
however,  other  phenomena,  such  as  magnetic  disturbances  and  aurorse, 
which  have  been  explained  differently. 

Thus,  in  regard  to  this  seasonal  variation  Mr.  Ellis*  has  written, 
"  The  related  physical  circumstance  is  that  at  the  equinoxes,  when 
disturbance  is  more  frequent,  the  whole  surface  of  the  earth  comes 
imder  the  influence  of  the  sun,  whilst  at  the  solstices,  when  magnetic 
disturbance  is  less  frequent,  a  portion  of  the  8U)'face  remains  for  a 
considerable  period  in  shadow." 

The  object  of  the  present  communication  is  to  put  forward  another 
possible  cause. 

It  has  been  previously  pointed  outt  that  a  very  close  relationship 
exists  between  the  epochs  of  occurrence  of  prominences  in  the  polar 
regions  of  the  sim  and  Ellis's  "  great "  magnetic  disturbances.  This 
synchronism  showed  that  either  the  polar  prominences  themselves,  or 
the  disturbances  thus  indicated  in  these  polar  regions,  were  the  origin 
of  these  "great"  magnetic  storms,  or  that  they  were  caused  by  a 
more  general  stirring-up  of  a  greater  extent  in  latitude  of  the  solar 
atmosphere. 

A  further  investigation  J  indicated,  however,  that  in  all  probability 
it  was  either  the  actual  polar  prominences  themselves,  or  the  activity 
in  the  solar  polar  regions,  that  initiated  these  magnetic  distiu'bances, 
for  it  was  there  pointed  out  that  the  presence  of  polar  prominence 
activity-tracks  synchronised  with  the  appearances  of  large  "  polar " 
coronal  streamers.  Here  we  have  an  indication  of  a  local  cause  and 
effect. 

It  will  be  gathered,  then,  that,  even  as  regards  terrestrial  magnetic 
phenomena,  considerable  importance  must  be  attached  to  action  taking 
place  in  the  regions  about  the  solar  poles. 

Since  the  axis  on  which  the  sun  rotates  is  inclined  to  the  plane  of 
the  ecliptic,  there  will  be  times  throughout  the  coiuse  of  a  year  when 
the  solar  polar  regions  will  be  exposed  most  and  least  to  the  earth. 

•  *  Monthly  Notices/  toI.  61,  p.  540. 

t  *  Roy.  Soc.  Proo.,'  voL  71,  p.  244 ;  also  '  Monthly  Notices,  R.A.8.,*  toI.  63, 
Ippendiz  I,  p.  6. 
t  'Monthly  Notices,  R.A.8.,*  vol.  63,  p.  481. 
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It  should  be  expected,  then,  that  if  the  polar  regionB  of  the  sun  have 
any  action,  as  above  suggested,  the  effects  of  the  action  on  the  earth 
should  vary  according  to  the  positions  of  the  solar  poles  relative  to  the 
earth. 

The  actual  inclination  of  the  aun'a  axis  being  82'  45',  and  the 
longitude  of  the  ascending  node  being  74°  25',  or  the  tilt  of  the  axis 
being  in  the  direction  of  about  19  hours  in  right  ascension,  it  follows 
that.  Id  each  year,  the  south  pole  of  the  sun  is  most  turned  towards 
the  earth  in  the  beginning  of  March  (about  the  6th),  and  the  north 
pole  moat  towards  the  earth  in  the  beginning  of  September  (about  the 
5th).  At  the  two  intermediate  epochs,  in  June  (about  5th)  and 
December  (about  6th),  neither  pole  is  turned  towards  or  away  from 
the  earth,  but  occupies  an  intermediate  position.  Hence  we  see  that 
the  equinoxes  occur  in  the  same  months  as  those  in  which  one  or  other 
of  the  solar  poles  is  turned  towards  the  earth,  while  the  neutral 
positions  of  the  solar  poles  in  relation  to  the  earth  occur  in  the  same 
months  as  the  solstices. 

The  accompanying  diagram  shows  graphically  the  relation  between 
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i. — Currea  iliowiag  tlie  relation  between  the  cliitDge  ot  declination  of  the 
Sun  (brotcn  curre)  and  the  poeitione  of  the  San's  north  and  south  poles  nilh 
regard  to  the  earth  (continnoiu  curre)  throughout  a  jear. 


the  two  curves  representing  the  variation  of  the  sun's  declination  and 
the  change  of  the  latitude  of  the  sun's  [centre  or  the  variation  of  the 
amount  of  the  tilt  of  the  sokr  poles,  in  rehttion  to  the  earth  throughout 
a  year. 

It  will  be  seen  that  the  curve  representing  the  tilt  of  the  solar  azis 
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is  nearly  (a  little  less  than)  a  quarter  of  a  phase  in  advance  of  that 
indicating  the  declination  change,  so  that  the  maximum  or  minimum 
point  of  the  latter  curve  is  only  slightly  in  advance  of  the  mean  points 
respectively  of  the  former  curve. 

If,  therefore,  these  solar  polar  regions  are  capable  of  disturbing 
the  magnetic  and  electric  conditions  on  the  earth,  as  has  been 
above  suggested,  then,  when  they  are  most  directed  to  her  at  the 
equinoxes,  the  greatest  effects  during  a  year  should  be  recorded,  and 
when  they  are  least  directed  the  effects  shoidd  be  at  a  minimiun. 

It  will  not  be  necessary  here  to  refer  at  any  great  length  to  statistics 
relating  to  the  annual  inequality  of  magnetic  disturbances  and  aurore, 
for  these  have  been  very  efficiently  worked  out  and  the  results 
published  by  Mr.  William  Ellis.* 

Mr.  Ellis  has  shown  that  the  curves  of  frequency  of  magnetic 
disturbances  at  Greenwich  and  Paris  are  very  similar,  "showing 
maxima  at  or  near  the  equinoxes,  and  minima  at  or  near  the  solstices.'' 
These  also,  he  further  points  out,  are  similar,  with  regard  to  the  epochs 
of  maxima,  to  the  cm*ve  representing  the  frequency  of  the  aurora  at 
London.  In  the  case  of  aurorse  observed  in  Edinburgh,  North-East 
Scotland  and  in  different  regions  in  Scandinavia,  the  months  in  which 
the  greatest  frequency  is  recorded  are  September  and  October  (perhaps 
more  generally  October),  and  March  and  April  (perhaps  more  generally 
March).  Mr.  Ellis  is  inclined  to  the  opinion  that  there  is  a  small 
tendency  for  the  autiunn  maximum  to  become  a  little  later  (from 
September  to  October)  and  the  spring  maximum  somewhat  earlier 
(from  April  to  March)  as  higher  latitudes  are  approached. 

Further,  he  points  out  that  in  more  northern  latitudes  the  mid- 
winter minimum  of  lower  latitudes  appears  to  diminish  and  eventually 
disappears,  so  that  the  curve  of  frequency  of  the  aurora  between 
October  and  March  is  practically  flat  with  a  small  intermediate 
maximiun  about  January.  This  change  in  form  of  the  frequency  curve 
in  regions  in  close  proximity  to  the  magnetic  pole,  and  where  the  con- 
ditions of  day  and  night  are  so  different,  is  of  great  interest,  but 
requires  careful  consideration  before  it  can  be  regarded  as  representing 
real  auroral  changes. 

The  accompanying  curves,  fig.  2,  illustrate  the  relation  throughout  a 
year  between  the  positions  of  the  earth's  poles  with  reference  to  the 
sun ;  the  positions  of  the  sun's  poles  as  regards  the  earth ;  the 
frequency  of  magnetic  storms  at  Greenwich  and  Paris ;  and  lastly,  the 
frequency  of  the  aurora  as  observed  at  Edinburgh  and  at  stations  in 
Scandinavia  below  latitude  GS**  N.  The  first  two  curves  are  those  that 
have  already  been  given  in  fig.  1 ,  but  plotted  differently.  They  have 
here  been  so  arranged  that  the  maxima  points  represent  the  epochs 
when  each  of  the  poles  is  most  inclined  to  the  sim  or  earth  as  the  case 

•  *  Monthly  Notices,  R.A.S.,*  toI.  60,  p.  142  j  vol.  61,  p.  537 ;  toI.  64,  p.  229. 
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may  be.     Both  the  magnetic  and  auroral  curves  represent  four  of  the 
set  of  curves  vMch  Mr.  Ellin*  has  recently  published. 

It  need  scarcely  be  pointed  out  that  che  low  minima  of  the  auroral 
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diaturbanccs  and  Burore  throughout  a  year. 

curves  during  the  amnmer  months  are  due  in  great  part  to  the  short- 
ness of  the  nights,  and  therefore  to  the  restriction  of  the  time 
available  for  aurora  obaervatiouB. 

The  coincidence  in  time  between  the  epochs  of  the  maxima  of  the 


*  •  Moothl;  Koticea,  R.A.3.,'  toI.  6^  p.  229. 
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frequency  of  magnetic  disturbances  and  aurorse,  and  those  of  the 
greatest  inclination  towards  the  earth  of  the  north  and  south  solar  polar 
regions  is  clearly  indicated. 

It  is  interesting  to  inquire  in  what  way  this  yearly  inequality  of 
terrestrial  magnetic  phenomena  is  influenced  when  the  sun's  polar 
regions  are,  for  different  groups  of  years,  in  an  undisturbed  and 
disturbed  condition. 

It  would  be  expected  that  the  oscillation  of  more  disturbed  solar 
polar  regions  towards  and  away  from  the  earth  would  tend  to  increase 
the  difference  between  the  frequency  of  magnetic  disturbance  at  the 
equinoxes  and  solstices,  while  this  difference  for  those  years  when  the 
less  disturbed  solar  polar  regions  are  in  action,  should  be  somewhat 
reduced.  That  this  is  actually  the  case  is  brought  out  by  the  figures 
which  Mr.  Ellis  has  given  in  the  publication  of  which  mention  has 
already  been  made. 

Since  the  greatest  magnetic  storms  are  closely  associated  in  point  of 
time  with  prominence  disturbances  in  the  polar  regions  of  the  sun,  to 
make  the  necessary  comparison,  therefore,  the  years  in  which  "  great " 
magnetic  storms  occurred  should  be  grouped  together  and  tjie  yearly 
inequality  determined,  and  another  group  of  years  in  which  "  great " 
magnetic  storms  were  less  frequent  formed  and  the  yearly  inequality 
also  determined.  Fortunately  a  computation  already  made  can  be 
utilised  for  this  comparison,  for  Mr.  Ellis  has  determined  the  number 
of  days  of  greater  frequency  (near  sunspot  maximum),  and  lesser 
frequency  (near  sunspot  minimum),  of  magnetic  disturbance,  both 
groups  practically  including  the  conditions  required.  Thus  he  has 
formed  groups  of  the  years  1848—51,  1858—61,  1869—72,  1882—85, 
1892 — 95,  which  include,  at  any  rate  for  the  last  three  groups,  the 
years  where  prominences  were  in  high  latitudes  and  another  series  of  . 
groups  of  years,  1854—57,  1865—68,  1876—79,  1887—90,  which  are 
years  when  prominences  were  less  frequent  in  these  regions.* 

The  interesting  conclusion  to  which  Mr.  Ellis  arrived  was  that  "  the 
excess  of  the  equinoctial  frequency  over  the  solstitial  frequency  is 
greater,  the  greater  the  degree  of  disturbance." 

This  result  thus  helps  to  endorse  the  suggestion  made  in  a  previous 

*  The  fact  that  continuous  obserration  of  solar  prominences  was  only  com- 
menced in  1870  accounts  for  our  lack  of  knowledge  of  the  frequency  of  this 
class  of  phenomena  before  that  date.  Since,  however,  during  the  last  three  sun- 
spot  cycles  it  has  been  observed  that  polar  prominences  are  most  frequent  just  a 
little  after  a  sunspot  minimum  and  up  to  and  at  the  epoch  of  the  following  sunspot 
maximum,  it  may  be  concluded  that  their  appearance  previous  to  the  year  1870 
occurred  at  the  same  times  in  relation  to  the  sunspot  cycle.  EUis's  f^ups  of  years 
previoiiB  to  that  date,  namely,  1848—61  and  1858 — 61,  may  on  these  grounds  be 
classed  as  years  in  which  polar  prominences  were  present,  whilst  the  groups 
1854 — 57  and  1865 — 68  may  be  taken  as  epochs  when  polar  prominences  were  not 
80  frequent. 
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paragraph  that  the  greater  the  disturbed  solar  polar  regions,  the 
greater  the  difference  between  the  magnetic  frequency  at  the  equinoxes 
and  solstices. 

Conclusions. 

The  conclusions  arrived  at  in  the  above  paper  may  be  briefly  stated 
as  follows : — 

1.  The  seasonal  variation  in  the  frequency  of  magnetic  storms  and 
aurorse  depends  on  the  positions  of  the  sun's  axis  in  relation  to  the 
earth. 

2.  The  epochs  of  the  greatest  inclinations  of  the  sun's  axis  towards 
or  away  from  the  earth,  or  in  other  words  the  greatest  exposure  of  the 
N.  or  S.  solar  polar  regions  to  the  earth  during  a  year,  correspond  to 
those  of  greatest  magnetic  and  auroral  frequency. 

3.  The  epochs  (groups  of  years),  when  the  solar  polar  regions  are 
meet  disturbed,  synchronise  with  those  when  the  excess  of  the 
equinoctial  over  the  solstitial  frequency  of  magnetic  storms  is  greatest. 


**  The  Fossil  Flora  of  the  Culm  Measures  of  North-west  Devon, 
and  the  Palaeobotanical  Evidence  with  regard  to  the  Age  of 
the  Beds."  By  E.  A.  Newell  Arber,  M.A.,  F.L.S.,  F.G.S., 
Trinity  College,  Cambridge,  University  Demonstrator  in 
Palaeobotany.  Communicated  by  Professor  McKenny  Hughes, 
F.K.S.     Eeceived  May  30,— Eead  June  9,  1904. 

(Abstract.) 

The  carboniferous  rocks  which  occupy  an  area  of  1200  square 
miles  in  Devon,  Somerset,  and  Cornwall,  are  generally  known  as 
the  Culm  Measures,  a  name  first  appUed  to  them  by  Sedgwick  and 
Murchison  in  1838;  the  word  "culm"  being  an  ancient  Devonshire 
term  for  the  impure  coal,  which  is  confined  to  one  horizon  in  these 
beds  in  the  neighbourhood  of  Bideford. 

Sedgwick  and  Murchison,  in  their  classic  memoir  on  the  physical 
structure  of  Devonshire  (1840),  instituted  a  twofold  division  of  these 
rocks,  the  Upper  and  the  Lower  Culm  Measures,  and  this  classification 
is  maintained  here.  At  the  present  time,  our  knowledge  of  the  Lower 
Culm  Measures  is  on  an  altogether  different  footing  to  any  which,  we 
possess  of  the  Upper  division.  This  is  largely  due  to  the  work  of 
Messrs.  Hinde  and  Fox  (1895),  who  showed  that  this  division  is  of 
Lower  Carboniferous  age.  The  Upper  Culm  Measures,  which  form  by 
far  the  greater  thickness  of  the  Devonshire  carboniferous  rocks,  are, 
however,  of  Upper  Carboniferous  age.  This  was  first  proved  by 
De  la  Beche  (1838),  on  the  evidence  of  the  plant  remains  of  the  beds 
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near  Bideford,  and  this  conclusion  was  confirmed  and  maintained  by 
Sedgwick  and  Murchison. 

The  present-  paper  is  an  attempt  to  extend  our  knowledge  of  the 
distribution  of  Carboniferous  plants  in  Devonshire,  and  also  to  deter- 
mine the  horizons  in  the  Upper  Carboniferous,  which  are  represented 
by  the  Upper  Culm  Measures. 

The  task  of  the  collection  of  well-preserved  plant  remains  from  these 
rocks  has  been  exceedingly  difficult,  partly  on  account  of  the  severe 
crushing  and  folding  which  the  strata  have  undergone,  and  partly 
because,  with  one  exception,  the  coal  or  culm  is  no  longer  worked  in 
the  district.  The  best-preserved  impressions  are  only  found  in  close 
association  with  the  culm,  and,  at  the  present  time,  few  traces  of 
former  culm  workings  remain,  and  these  are  fast  disappearing.  Thus, 
the  specimens  described  here,  are  in  some  respects  imique,  and,  in  many 
cases,  only  a  single  example  of  the  species  is  known. 

The  coal  or  '*  culm  **  forms  a  number  of  inconstant  bands  of  no  great 
thickness,  which  run  from  the  western  coast-line  through  Bideford  for 
a  distance  of  12  miles  to  the  east,  near  Chittlehampton.  These  bands 
are  practically  confined  to  one  horizon,  and  this  is  one  of  the  very  few 
horizons  which  can  be  recognised  in  the  great  series  of  the  sandstones 
and  shales  of  the  Upper  Culm  Measures  by  its  lithological  character. 
In  the  present  paper,  attention  has  been  confined  to  the  flora  of  these 
beds. 

Several  species  of  plant  remains  have  been  already  recorded  by 
De  la  Beche,  Sedgwick  and  Murchison,  and  T.  M.  Hall,  and,  of  most 
of  these,  further  specimens  have  been  collected,  and,  in  addition, 
many  records  new  to  Devonshire  have  been  made.  Among  the  latter 
may  be  mentioned  the  first  British  record  of  Neuropteris  Schlehaniy 
Stur,  a  frond  of  common  occurrence  in  the  Coal  Measures  of  the 
Continent,  and  a  leaf  new  to  Britain,  which  somewhat  recalls  Dawson's 
genus,  Megalopieris,  chiefly  known  from  the  Coal  Measures  of  Canada 
and  the  United  States. 

Determinations  from  the  Bideford  District. 

Equisetales, 

Catamites  {CaJamitina)  undulcUus,  Sternb. 
Calamiies  {EucaJamites)  raimsus^  Artis. 
CalamiUs  (StylocdlamUes)  Suckom,  Brong. 
Calamites  {CalamUina)  varians,  Sternb. 
Calamites  sp.  (external  surface). 
Annularia  radiata,  Brong. 
Annvlaria  galioides  (L.  and  H.). 
Calamocladus  eqidsetiformis  (Schl.). 
Calamodadus  chariBformis  (Sternb.). 
Calamosiachys  kngifolia  (Weiss). 
Pinnularia  sp. 
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SphmophyUdUs. 

Sphenophyllum  cuneifolium  (Sternb.). 
CyeadoJUices. 

Neuropteris  obliguu  (Brong.). 

Neuropteris  Scldehani,  Stur. 

Alethopieris  Serli  (Brong.). 

Alethopteris  lonchitica  (Schl.). 
Filicales  (/). 

Mariopleris  muricaia  (Schl.). 

Umatopteris  teriella  (Brong.). 

lienaultia  foatneri  (Marrat). 

Benaultia  schaizlarensis  (Stur)  ()). 

Megalopteris  {?)  sp. 
Lycapodiales. 

Lepidodendron  aeulecUum,  Sternb. 

Lepidodendron  obovcUum,  Sternb. 

Lepidodendron  fusifarme,  CJorda. 

Lepidophlmos  acerosus  (L.  and  H.). 

SigUlariii  scutellaia,  Brong. 

SigUlaria  tessellata,  Brong. 

Stigmaria  Jicoides  (Sternb.). 
CardaUaUs, 

Cordaites  (Artisia)  sp. 
Incerla  sedis, 

Trigonoearpus  Parkinsoniy  Brong. 

The  opinions  which  have  been  held  with  regard  to  the  age  of 
the  Upper  Culm  Measures  of  Devon,  and  the  horizons  which  they 
represent,  may  be  briefly  summarised  as  follows : — De  la  Beche,  and 
SedgMrick  and  Murchison  regarded  these  beds,  as  has  been  already 
stated,  as  the  equivalents  of  the  Upper  Carboniferous  in  other  British 
Coal-fields,  and  by  the  year  1840  this  conclusion  was  generally 
accepted.  There  appears  to  have  been  some  doubt,  however,  in  more 
recent  times  as  to  ihe  exact  subdivision  of  this  great  series  to  which 
the  Bideford  beds  should  be  referred.  Townshend  Hall  (1866—1878) 
regarded  them,  on  lithological  groimds,  as  the  equivalents  of  the  Mill- 
stone Grit.  Pengelly  (1867),  and  Murchison  (1872)  referred  them  to 
the  Coal  Measures,  and  Mr.  H.  B.  Woodward  (1887)  doubtfully  to  the 
Lower  Coal  Measures.  Mr.  Ussher  (1888 — 1901)  has  not  expressed 
any  decided  views  on  this  subject;  he  appears  to  be  inclined  to 
support  Hall's  view  that  these  beds  are  equivalent  to  the  Millstone 
Grit  in  other  areas. 

We  see,  therefore,  that  previous  conclusions,  based  on  grounds 
other  than  palaeontological,  have  apparently  not  been  put  forward 
with  much  confidence. 
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It  may  be  also  noticed  that  there  would  seem  to  be  a  tendency  at 
the  present  time  in  certain  quarters  to  regard  the  Culm  Measiu'es 
as  essentially  a  Lower  Carboniferous  series  of  deposits.  Professor 
Hull's*  (1881)  opinion  that  ** the  flora  of  the  *culm'"  belongs  "to 
the  Lower  Carboniferous  series  of  Devonshire"  is  a  case  in  point. 
This  view  is  not,  however,  shared  by  all  British  geologists.  It  has 
arisen  partly  from  the  fact  that  the  older  literature  has  to  some 
extent  been  lost  sight  of,  and  partly  from  the  great  interest  aroused 
by  the  work  of  Messrs.  Hinde  and  Fox,  which  has  brought  into 
special  prominence  that  portion  of  the  Culm  Measures  which  is  of 
Lower  Carboniferous  age.  We  have  also  in  recent  years  gained  a 
more  intimate  acquaintance  with  the  flora  of  the  so-called  "culm" 
or  "  kulm "  of  Germany,  Austria,  and  elsewhere  on  the  Continent ; 
deposits  of  Lower  Carboniferous  age,  as  shown  by  the  character  of 
their  fossil  remains. 

In  recent  years  we  have  come  to  know  more  of  the  distribution  of 
fossil  plants  in  the  Coal  Measures  of  this  country,  chiefly  as  the 
result  of  Mr.  Kidston's  researches,  and  it  is  now  possible  to  distinguish 
clearly  a  certain  number  of  horizons  in  the  Upper  Carboniferous. 
During  Upper  Carboniferous  and  Permian  times,  perio<^ls  which  belong 
to  the  same  botanical  epoch,  the  general  character  of  the  flora  in  its 
broad  outlines  remained  constant.  Yet  detailed  study  has  shown  that 
it  is  possible  to  detect  the  gradual  changes  which  took  place  during 
this  interval,  and  the  underlying  principle  of  zoning  the  Carboniferous 
system  depends  upon  the  recognition  of  definite  periods  in  which 
these  changes  became  more  marked.  Thus  the  general  character 
of  the  flora  of  the  Bideford  district  is  identical  with  that  found 
elsewhere  in  Britain  in  Middle  Coal  Measure  times.  The  majority 
of  the  species  recorded  here  are  known  to  occur  in  both  the 
Middle  and  Lower  Coal  Measures.  But  there  are  also  others,  such  as 
AUthopteris  Serli,  and  CaJamocladus  charcvformiSy  which  are  unknown 
from  the  Lower  Coal  Measures,  and  others  again,  such  as  Sigillaria 
tesselkUa  and  Neuropteris  obliqiia,  which  are  markedly  more  abundant  in 
the  Middle  than  the  Lower  Coal  Measures.  In  other  words,  the 
change  in  the  general  character  of  the  flora  of  the  Upper  Carboniferous, 
as  traced  from  the  base  to  the  summit,  is  already  marked  on  this 
horizon  by  the  presence  of  species  which  are  not  found  in  the  lower 
beds.  On  the  other  hand,  there  is  an  entire  absence  of  certain  genera 
and  species,  especially  of  the  genus  Pecopteris,  which  are  character- 
istic in  this  country  of  higher  horizons  such  as  the  Upper  Coal 
Measures.  Thus  the  horizon  in  the  Upper  Carbonifeivus  represented  hy 
that  portion  of  the  Upper  Culm  Measures  in  which  th^  coal  (rr  culm  occurs  in 
the  Bideford  district  is  equivalent  to  the  Middle  Coal  Measures  in  other 

•  '  Coal  Fields  of  Great  Britain/  4th  edit.,  p.  64. 
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British  coalrfields ;  a  higher  horizon  than  has  so  far  been  assigned  to 
these  beds. 

There  is  also  evidence  of  a  different  nature  which  points  to  the 
conclusion  that  the  Lower  Coal  Measures  are  also  represented  in 
Devon.  In  beds  at  Instow,  some  2^  miles  to  the  north  of  Bideford, 
which  are  admitted  to  occupy  u  lower  horizon  than  those  at  Bideford, 
fish  and  Goniatite  remains  have  been  recorded  by  the  late  Townshend 
Hall  (1876).  The  fish  remains  are  estuarine,  and  belong  to  the 
following  species : — 

Cidacanthus  eleganSj  Newb. 
Ehnichthys  aUkenij  Traq. 

The  Goniatites  are  as  follows : — 

Gastrioc^rdS  carboiiarium  (von  Buch). 
Gastrioeeras  Listen  (Martin). 

Most  of  these  species  are,  I  belieye,  characteristic  of  the  Lower  Coal 
Measures,  although  not  confined  to  that  horizon. 

With  regard  to  the  higher  beds  of  the  Culm  Measures — the  Eggesf  ord 
Grits  in  Mr.  Ussher's  classification — there  is  no  evidence  of  horizon  at 
present,  but  it  is  hoped  that  the  examination  of  these  rocks  which  is 
shortly  to  be  imdertaken  will  be  successful  in  solving  this  problem  by 
means  of  the  plant  remains  which  are  known  to  occur  in  this  series. 

Lastly  it  may  be  pointed  out  that  the  use  of  the  term  "  culm "  or 
"kulm,"  with  regard  to  certain  series  of  deposits  in  Germany  and 
Austria,  is  particularly  unfortunate,  for  these  beds  are  entirely  of 
Lower  Carboniferous  age,  as  is  shown  by  the  character  of  their  plant 
remains,  now  well  known  from  the  researches  of  Stur,  Goppert, 
Potoni^,  and  others.  Although  Lower  Carboniferous  rocks  of  great 
interest  occur  in  Devon  and  the  adjacent  counties,  they  form  only  a 
small  fraction  of  the  thickness  of  the  Culm  Measures  which,  as  a 
whole,  are  essentially  Upper,  and  not  Lower  Carboniferous  in  age,  and 
to  which,  in  part  at  least,  the  ordinary  nomenclature  applied  to  other 
British  coal-fields  has  been  shown  here  to  be  applicable. 

I  am  under  great  obligations  to  many  geologists  for  assistance 
duiing  the  course  of  this  work,  obligations  which  will  be  acknowledged 
at  length  in  the  paper.  I  cannot  refrain,  however,  from  expressing 
my  great  indebtedness  to  Mr.  Inkermann  Rogers,  of  Bideford,  for  the 
time  and  patience  which  he  has  devoted  to  the  collection  of  plant 
remains  with  a  view  to  helping  forward  the  work. 
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The  present  investigation  arose  out  of  a  research  on  chemiotaxis,  in 
the  course  of  which  it  became  apparent  that  a  pre-condition  of  the 
correct  understanding  of  the  nature  of  chemiotaxis  is  the  quantitative 
determinauon  of  (1)  the  concentration  of  the  acid  and  alkaline  solutions 
employed  for  the  study  of  chemiotactic  phenomena,  and  also  of  (2)  the 
absolute  weight  of  Paramoecia  (or  other  organisms)  added  to  such 
solutions.  So  long  as  these  data  are  unknown,  chemiotaxis  can  only 
be  investigated  qualitatively,  and  such  facts  as  are  ascertainable  solely 
by  means  of  quantitative  observations  lie  beyond  the  limits  of  research. 

In  order  that  the  acid  and  alkaline  liquids  employed  may  be  readily 
comparable  one  with  another,  equimolecular  solutions  are  employed  in 
this  investigation.  The  absolute  volume  of  Paramoecia  employed  in 
the  different  experiments  was  determined  by  means  of  the  hsemocrit, 
as  in  the  case  of  red  blood-cells,  and  from  this  the  weight  of  Paramoecia 
was  ascertained.  In  those  experiments  in  which  an  approximate 
determination  of  the  weight  was  sufRcient,  the  Paramoecia  were  counted, 
a  modification  of  the  method  used  for  the  eniuneration  of  red  blood- 
cells  being  adopted. 

In  all  cases  the  Paramoecia  were  obtained  in  as  nearly  as  possible 
the  same  condition.  They  were  removed  by  centrifugalisation  from 
the  liquid  in  which  they  had  been  cultivated,  and  placed  in  a  large 
bulk  of  distilled  water  for  24  hours  before  use.  At  the  end  of  this 
time  they  were  again  concentrated,  by  centrifugalisation,  into  a  small 
bulk  of  fresh  distilled  water,  and  were  ready  for  use.  In  this  way 
contamination  of  the  acid  and  alkaline  solutions  employed  was  avoided, 
and  the  modification  of  chemiotactic  reaction  brought  about  by  the 
medium  used  for  cultivation  was  also,  as  far  as  possible,  avoided. 

The  method  of  investigation  adopted  for  determining  the  lethal 
concentration  of  acids  and  alkalies  consisted  in  placing  Paramoecia  in 
solutions  of  gradually  decreasing  molecular  concentration,  arranged  so 
as  to  form  a  geometrical  series,  each  succeeding  concentration  being 
half  that  of  the  preceding,  and  noting  the  time  at  which  death  occurred. 
In  all  the  experiments  quoted,  in  order  to  make  certain  that  the 
extremely  dilute  solutions  employed  were  accurately  prepared,  their 
relative  conductivity  was  determined.  The  latter  was  measured  by 
the  deflection  of  a   sensitive  galvanometer,  when  a  fixed   potential 
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difference  was  established  between   platinised  electrodes  immersed  in 
the  acid  and  alkaline  solutions  employed. 

The  action  of  acids  and  bases  upon  Paramoecia  is  shown  in  Tables  I 
and  n.  The  acids  employed  are  divided  into  three  groups,  according 
to  the  degree  to  which  they  are  dissociated ;  the  first  consisting  of  the 
strong  mineral  acids,  hydrochloric,  nitric  and  sulphuric;  the  second 
including  the  organic  acids,  formic,  lactic,  oxalic,  tartaric,  citric  and 
acetic,  together  with  phosphoric  acid ;  while  the  third  group  is  made 
up  of  extremely  weak  electrolytes,  namely,  carbonic,  carbolic,  hydro- 
cyanic and  boric  acids.  Similarly  the  bases  employed  may  be  arranged 
in  three  groups  :  the  first  consisting  of  the  strongly  dissociated  metallic 
alkalies;  the  second  being  represented  by  the  feebly  dissociated 
ammonium  hydrate ;  and  the  third  consisting  of  the  extremely  weak 
electrolyte  anilin.  In  the  second  column  of  the  tables,  the  figiu*es  in 
brackets  represent  the  time,  in  minutes,  which  elapsed  before  all  the 
Paramoecia  employed  were  killed.  The  latter  were  added  in  the 
proportion  of  about  thirty  to  every  10  c.c.  of  liquid,  and  did  not 
appreciably  affect  the  concentration.  The  temperature  of  experiment 
was  16'  C.  to  18**  C. 

In  0*0001  N  concentration*  the  strong  mineral  acids  are  nearly 
equally  lethal.  Some  of  the  weak  acids  of  the  second  group,  in  the 
same  concentration,  are  more  lethal  than  the  mineral  acids,  namely, 
acetic,  lactic  and  oxalic  acids ;  while  others  of  the  same  group  are  less 
80,  namely,  phosphoric,  citric  and  acetic.  On  the  other  hand  the  weak 
electrolytes  are  lethal  in  a  considerably  higher  molecular  concentration, 
reaching  in  the  case  of  hydrocyanic  acid  0  3  N. 

Since  the  rate  at  which  chemical  change  takes  place  is  dependent 
upon  ionic  concentration,  the  dissociation  co-efficient  calculated  from 
the  conductivity  (IS**  C.)  or  the  dissociation  constant  (25**  C.)  is  given, 
so  far  as  the  available  data  permit,  in  the  third  column  of  the  tables, 
and  the  corresponding  ionic  concentration  in  the  foiu*th  column,  the 
latter  being  the  product  of  the  concentration  and  dissociation 
coefficient. 

The  weak  acids  are  more  lethal  in  less  ionic  concentration  than  the 
strong  adds,  and  the  extremely  weak  electrolytes  exhibit  the  smallest 
ionic  .concentration,  that  of  phenol  forming  the  limit  of  the  series. 
Excluding  phenol,  however,  it  is  seen  that  when  the  acids  employed 
are  arranged  in  the  order  of  their  dissociation  (Table  I),  the  diminution 
in  ionic  concentration  proceeds  at  a  much  slower  rate  than  the  increase 
of  molecular  concentration. 

The  strong  alkalies  are  similarly  less  toxic  than  the  weak  alkali, 
ammonium  hydrate,  and  the  latter  again  is  considerably  less  so  than 

*  The  concentration  giren  in  the  tables  is  equiyalent,  except  for  carbonic  and 
boric  acids,  which  are  regarded  as  binary  compoands,  and  whose  concentration 
represents  gramme-molecules  per  litre. 


102    Dr.  J.  0.  Wakelin  Barratt.    Zeihal  Conecniration    [June  15, 


lit 

Mi 


=ii!li 


lull 


1904.]    of  Acuh  and  Bases  in  rcsjwct  of  Paramceciuin  aurelia.     103 

Table  II. 


1 

1 

! 

Lethal 

concentration  for 

Paramaecium 

aurelia. 

Dissociation 
coefficient. 

Cr»rresponding 

0H~  ionic 
concentration. 

KOH 

NaOH 

0-002N.    (60') 
0  -002         (40') 
0-00-'         (10') 
0-002         (10') 
0-002         (  5') 
0  002         (  6') 
0-001         (  2') 
0  -04           (15') 

0-96 
0-98 

0-98 

0-98 

0-998 

014 

0-000108 

0  -00192  X. 
0  00196 

LiOH 

—                     1 

Ca(OH)> 

S-(OH) 

Ba(0H)2 

N  H4OH  .  * 

C'gHsXH, 

0  -00196                ; 
0  00196 
0  00199 
0-00014 
0  000004 

1 

anilin,  whose  ionic  concentration  (4'3  x  10~®N)  is  about  one  five- 
hundredth  of  that  of  lithium  hydrate  (1960  x  10"*^N)  for  a  nearly 
equal  lethal  effect. 

The  metallic  alkalies  can  be  arranged  in  two  periodic  groups,  the 
mean  lethal  concentration  of  the  one  (K,  Na,  Li)  being  greater  than 
that  of  the  other  (Ca,  Sr,  Ba),  when  ParamcBcia  are  killed  in  nearly 
equal  times.  Further,  the  lethal  effect  runs  parallel  to  the  periodic 
order  of  these  metals,  as  is  exhibited  in  Table  III,  in  which  the  atomic 


Table  III. 

Deatli  caused 

Death  caused 

Group  T. 

bv  0  002  N. 

• 

solution 
(Table  11)  in 

Group  11. 

by  0002  N. 

solution 
(Table  11)  in 

Li. 

1 

at.  wt.    7 

difF.  16 

10  mins. 

Ca,  at.  wt.  40 

diff.  48 

10  mins. 

No, 

23 

di£f.  16 

40      „ 

Sr,       „       88 

diff.  49 

5   „ 

K. 

„       39 

60      „          1  Ba,      „      147 

5   „ 

weights  are  given,  and  the  lethal  periods  repeated  from  Table  II. 
AVhen  the  hydrates  of  calcium,  strontium  and  barium  are  employed  in 
solutions  of  weaker  concentration,  so  as  to  permit  of  a  more  accurate 
determination  of  the  lethal  period  than  is  .possible  when  observation 
extends  over  so  short  a  period  as  5  minutes,  it  can  be  shown  that 
strontium  hydrate  is  less  toxic  than  barium  hydrate,  but  the  difference 
l)etween  the  latter  hydrates  is  much  less  than  that  between  strontium 
and  calcium  hydrates.  Similarly  the  difference  in  lethal  character 
between  sodium  and  potassium  hydrates  is  much  less  marked  than  that 
between  sodium  and  lithium  hydrates.     It  is  not  possible,  owing  to 
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their  insolubility,  to  employ  the  remaining  members  of  the  above 
periodic  groups  in  the  present  investigation. 

The  considerable  difference  in  ionic  concentration  both  of  acids  and 
of  bases,  for  a  nearly  equal  toxic  effect,  shows  that  such  effect  is  not 
hydroljrtic  in  character,  for  in  such  a  case  the  concentration  of  H^  or 
OH~  ions  would  be  constant  for  each  series.  The  relation  between 
periodic  grouping  and  lethal  character,  exhibited  by  strong  alkalies, 
supports  the  view  that  the  latter  is  dependent  upon  a  chemical  reaction 
not  hydrolytic  in  character. 
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(From  the  Pharmacology  Laboratory  of  the  Uniyersity  of  Edinburgh.) 

(Abstract.) 

The  only  important  contributions  to  the  literature  of  the  subject 
with  which  we  are  acquainted,  are  those  recently  made  to  the  Royal 
Society  by  Captain  Leonard  Rogers,  I.  M.S. 

Whilst  acknowledging  the  value  of  these  papers,  we  desire  to  sUite 
that  our  work  was  planned  before  we  saw  them,  and  has  in  all  respects 
been  independent  of  them. 

The  veiwm^f  used  in  this  research  were  those  of  two  species  of  Sea- 
snakes  : — 

1.  That  of  Enhydnna  Valdkadien  (a)  expressed  in  Madras  by 
Dr.  Pinto  from  the  venom  glands  of  freshly  killed  large  snakes  and 
sent  to  us  in  the  dry  state,  and  {h)  extracted  by  us  from  the  dried 
glands  of  small  snakes  which  had  been  collected  by  the  same  gentleman, 
and, 

2.  That  of  Enhpdris  Curtiu%  prepared  in  the  same  wi^'  as  the  first- 
mentioned  specimen,  of  which,  however,  only  a  small  quantity  was 
procured  for  us  by  Dr.  Pinto. 

The  Mimmum-Leihal  Da^tes  of  the  Vanoiui  Specimen:'  of  Vtiwin. 

1.     (a)  Expressed  Enhydnna  Valakadien  venom  : — 

M.L.D.       for  rats  =  000009  gramme  per  kilo,  of  body  weight, 
for  rabbits  =  000006        „  „  „  „ 

for  cats  -  00002  „  „  „  „ 
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The  minuteness  of  these  doses  proves  that  sea-snake  venom  is  the 
most  lethal  of  all  substances  whose  lethal  power  has  been  determined. 

1.  (6)  Enhydrina  Valakadien  venom  extracted  by  us  from  dried 
glands : — 

This  proved  to  possess  a  lethality  rather  less  than  half  that  of  the 
expressed  venom. 

2.  Expressed  Enhydris  Curtus  venom : — 

M.L.D.  for  rats — between  0*0005  and  0  0006  gramme  per  kilo. 

The  minimum-lethal  doses  for  rabbits  and  cats  likewise  proved  to  be 
higher  than  those  of  the  Enhydrina  venom. 

We  mention  this  difference  in  lethality  between  Enhydrina  and 
Enhydris  venoms  without  laying  stress  on  it,  as  we  are  unable  to  be 
certain  that  it  was  not  due  to  some  change  which  the  Enhydris  venom 
had  undergone. 

Comparison  of  tJt^  Relative  Lethality  of  Enhydrina  and  Cobra  Venoma 
for  Various  Animals. — An  active  specimen  of  Cobra  venom  was  taken, 
the  M.L.D.'s  of  which  for  rats,  rabbits,  and  cats  had  been  found  to  be 
0*0005,  0*0006,  and  0*010  gramme  respectively,  per  kilo,  of  body 
weight  of  animal.  Expressing  the  smallest  M.L.D.  in  the  case  of  each 
venom  as  the  unit,  we  find  the  relative  lethality  for  the  different  kinds 
of  animals  to  be  the  following : — 

Cobra  venom,  rats  =  1 ;  rabbits  =  1*2 ;  cats  =  20. 
Enhydrina  venom,  rabbits  =  1 ;  rats  =  1*5 ;  cats  =  3*3. 

The  difference  in  the  cat-rodent  relationship  is  especially  suggestive 
of  a  marked  difference  in  the  physiological  actions  of  the  two  venoms, 
and  the  reversal  of  the  rat-rabbit  relationship  is  also  of  some  signifi- 
cance, in  the  same  connection. 

Symptoms  of  Seorsnake  Poisoning  in  Animals. — In  the  main  these 
symptoms  resemble  those  of  cobraism,  but  the  dyspnoea  is  more  urgent, 
probably  because  the  heart  is  not  directly  affected  by  the  venom,  as  it 
is  in  cobraism. 

We  have  observed  that  lid-rise  of  the  lower  lid  is  a  constant  sign  in 
Enhydrina  poisoning,  as  it  is  in  the  course  of  poisoning  by  the  venom 
of  the  Cobra  and  Krait.  It  appears  to  be  produced  by  an  elastic 
rebound  of  the  lid,  caused  by  paralysis  of  its  depressor  muscle,  probably 
central  in  origin,  and  it  is  closely  comparable  with  the  ptosis  met  with 
in  cobraised  men  and  monkeys. 

Of  the  two  points  dealt  with  above,  the  first  suggests  a  difference 
between  the  actions  of  Cobra  and  Enhydrina  venoms,  and  the  second  a 
resemblance  between  their  actions. 

The  Antagonism  of  Calmette*s  Serum  and  Enhydrina  Venom  Compared 
with  that  between  Cobra  Venom  and  the  same  Serum, — A  sample  of 
Calmette's  serum  which  proved  to  be  definitely  antagonist  to  Cobra 
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venom,  exerted  only  a  very  feeble  action  against  the  venom  of 
Enhydris  Curtus,  .  The  venoms  were  mixed  together  and  left  in  contact 
with  the  serum  in  vif.ro  for  half  an  hour  before  injection.  We  thus  have 
obtained  definite  evidence  of  a  chemical  differeuce  in  the  composition 
of  the  two  venoms,  from  which  differences  in  their  actions  may 
confidently  be  anticipated.   • 

Methods  of  Exj^teriment  Employed, — These  were : — 

(1)  Perfusion   of  the   frog-ventricle  with    solutions   of    Enhydrina 

venom. 

(2)  Perfusion  of   the  vessels  of    pithed    frogs   with   solutions  of 

Enhydrina  venom. 

(3)  Kymographic  experiments,  in  which  the  blood  pressiwe,  respira- 

tory movements,  etc.,  were  recorded  and  studied,  both  before 
and  after  the  intravenous  injection  of  Enhydrina  venom. 
The  movements  of  the  auricle  and  ventricle  were  also  studied  diuing 
life  by  removing  a  portion  of  the  chest  wall,  and  attaching 
levers  to  the  heart  by  hooks  and  silk  threads.  Venom  was 
intravenously  injected,  and  the  results  recorded  and  noted. 

(4)  The  state  of   the    phrenic,    sciatic    and  vagal  nerve-ends  was 

studied  immediately  on  the  occurrence  of  death  in  animals 
which  had  received  various  lethal  doses  of  Enhydrina  and 
Enhydris  venoms.  The  secondary  current  was  used  for  this 
purpose,  and  the  distance  of  the  secondary  from  the  primary 
coil,  when  a  muscular  contraction  was  observed,  was  noted  and 
stated  in  millimetres. 

(5)  The  medulla  oblongata  of  rabbits  was  exposed  and  Enhydrina 

venom  was  dropped  upon  the  medulla  at  the  region  of  the 
respiratory  centre.  Respiratory  movements  were  recorded  on 
a  dnmi.  with  the  aid  of  a  double  stethograph. 

Summary  of  liesnlts, 

(1)  Enhydrina  venom  has  no  direct  action  on  the  walls  of  the 
arterioles,  or  at  least  has  no  action  in  any  strength  of  solution  which 
could  be  present  in  the  blood  of  a  human  victim  of  Sea-snake  bite. 

(2)  Enhydrina  venom  acts  directly  on  the  isolated  frog  ventricle,^ 
producing  a  tonic  and  stimulating  effect,  but  this  action  is  produced 
only  by  very  strong  solutions  (1  :  5000).  The  heart-beat  is  quickened, 
and  the  result  is  therefore  similar  to  that  produced  by  very  weak 
solutions  of  Cobra  venom  (1  : 1,000,000  or  weaker). 

(3)  By  experimenting  with  the  mammalian  heart  exposed  in  sitUj  we 
have  clearly  shown  that  Enhydrina  venom  has  no  direct  action  on  the 
vagal  cardio-inhibitory  centre.  This  affords  a  striking  contrast  to 
the  condition  observed  in  Cobra  poisoning.  In  the  latter  case,  the 
powerful  tonic  and  stimulant  action  of  the  venom  on  the  heart-muscle 
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■(or  more  probably  on  its  nerve-ends)  is  masked  by  equally  powerful 
and  direct  stimulation  of  the  cardio-inhibitory  centre.  In  Enhydrina 
poisoning,  on  the  other  hand,  the  complete  absence  of  cardio-inhibition 
leaves  the  feeble  tonic  action  on  the  heart  free  to  manifest  itself,  as 
appears  to  be  displayed  in  several  of  our  tracings.  We  cannot  other- 
wise explain  the  increase  in  rate  of  the  heart-beats  which  we  have  not 
infrequently  met  with  in  our  experiments. 

(4)  Enhydrina  venom  has  apparently  no  direct  action  on  the  vaso- 
motor centre.  Rogers  found  that  on  the  injection  of  a  Viperine 
venom,  or  of  the  venom  of  the  Banded  Krait  (Btinganis  fasciaius),  into 
an  animal,  a  marked  fall  of  blood  pressure  occurred,  which  was  of 
central  origin.  In  an  investigation  made  by  one  of  us  with  Di-s.  Sillar 
and  Carmichael  (of  the  Materia  Medica  Laboratory,  Edinburgh),  it 
was  found  that  a  similar  and  powerful  action  is  exerted  by  the  venom 
of  the  common  Krait  (B.  cceruleus).  The  absence  of  any  such  action  by 
the  venom  of  Enhydrina  is  therefore  worthy  of  not«. 

(5)  The  blood-pressure  curve  in  Enhydrina  poisoning  is  a  remarkably 
steady  one,  provided  that  moderate  doses  of  venom  are  given  and  that 
care  is  taken  to  avoid  the  injection  of  large  volumes  of  fluid  into  the 
blood  vessels.  This  is  due  to  the  fact  that  the  blood  pressure  is 
exposed  neither  to  the  influence  of  the  rival  forces  which  act  on  the 
heart  so  strongly  in  cobraism,  nor  to  the  direct  vasomotor  changes 
with  which  we  have  dealt  in  the  preceding  paragraph. 

(6)  The  respiratory  mechanism  is  that  which  is  chiefly  aflected  by 
Enhydrina  venom.  If  large  lethal  doses  are  employed,  such  as  Rogers 
appears  to  have  confined  himself  to,  respiration  falls  rapidly,  and  a 
considerable  rise  of  blood  pressure,  asphyxial  in  origin,  may  precede 
death.  The  heart-beat  then  quickly  slows,  and  bloo<l  pressure  falls 
with  corresponding  rapidity. 

Obviously,  these  are  simply  the  phenomena  of  rapid  as[)hyxiation. 
If,  however,  smaller  doses  of  venom  are  employed,  no  marked  rise  in 
blood  pressure  occurs.  The  ordinary  level  is  maintained  until  near  the 
occurrence  of  death ;  the  beat  then  slows,  and  the  blood  pressure  falls. 
Here  we  have  an  expression  of  gradual  cardiac  failure,  ])rought  about 
by  slowly  progressive  asphyxiation.  The  absence  in  slow  Plnhydrina 
poisoning  of  the  large  asphyxial  rises  of  pressure,  which  are  so  charac- 
teristic of  the  final  stages  of  Cobra  poisoning,  is  readily  explained  by 
the  fact  that  Enhydrina  venom  has  no  direct  constrictive  action  on  the 
walls  of  the  arterioles,  such  as  Cobra  venom  possesses. 

(7)  As  to  the  part  of  the  respiratory  mechanism  that  is  aflfected  by 
Sea-snake  venom,  the  rapidity  with  which  respiration  is  aflected,  both 
when  venom  is  injected  into  a  vein,  and  also  when  it  is  applied  directly 
to  the  medulla  oblongata,  leaves  no  room  to  doubt  that  the  respiratory 
centre  is  directly  acted  on  by  the  venom.  On  the  other  hand,  we  have 
shown  that  some  degree  of  motor  nerve-end  paresis  is  constantly 


108  Messrs.  Elliot,  Sillar,  and  Carmichael.         [May  12, 

present  in  animals  dying  from  the  effects  of  subcutaneous  injections  of 
this  venom.  We  have  also  emphasised  the  fact  that,  in  experiments 
carried  out  by  dropping  venom  on  the  exposed  medulla  oblongata,  we 
have  failed  to  kill  animals  through  the  respiratory  centre  with  their 
motor  nerve-ends  still  undamaged.  In  this  respect,  we  have  shown 
that  Enhydrina  venom  differs  in  its  action  from  Cobra  venom.  It 
would  therefore  appear  that,  in  poisoning  with  Enhydrina  venom, 
motor  nerve-end  paresis  plays  a  much  greater  part  than  it  does  in 
cobraism.  It  is  not  difficult  to  suppose  that  a  blunting  of  the  motor 
nerve-end  mechanism,  even  though  far  from  absolute,  may  seriously 
add  to  the  embarrassment  of  a  centre  which  has  already  been  directly 
and  gravely  enfeebled.  We  hope  to  return  to  this  and  other  points 
in  a  future  communication. 

In  conclusion,  we  desire  to  express  our  sense  of  indebtedness  to  the 
India  Office,  to  the  Government  of  India,  and  last,  but  by  no  means 
least,  to  the  Madras  Government,  for  the  assistance  and  facilities 
which  they  have  given  us  in  the  carrying  out  of  this  research. 


"  On  the  Action  of  the  Venom  of  Bungarm  ccerideus  (the  Common 
Krait)."  By  Major  E.  H.  Eluot,*  I.M.S.,  W.  C.  Sillar, 
M.B.,  B.Sc,  Lecturer  on  Experimental  Pharm6U5ology,  Senior 
Assistant  in  the  Materia  Medica  Department,  University 
of  Edinburgh,  and  Gkorgk  S.  Carmichael,  M.B.,  Ch.B,, 
Assistant  in  the  Materia  Medica  Department,  University  of 
Edinburgh.  Communicated  by  Sir  Thomas  E.  Eraser,  MJD., 
F.E.S.     Eeceived  May  12,— Bead  June  9,  1904. 

(From  the  Pharmftoologj  Laboratory  of  the  University  of  Edinburgh.) 

(Abstract.) 

The  only  previously  recorded  work  known  to  us  on  this  subject  was 
performed  by  Captain  L.  Rogers,  I. M.S.,  and  his  results  were  published 
at  the  beginning  of  the  present  year. 

Experiments  were  performed  by  us  in  the  Pharmacological  Laboratory 
of  the  University  of  Edinburgh  with  the  following  results : — 

I.  We  determined  the  minimum-lethal  dose  of  the  dried  venom  for 
frogs  and  small  mammals,  rats  and  rabbits  only  being  chosen,  as  our 
stock  of  the  venom  was  very  limited.  We  foimd  that  the  M.L.D.  for 
the  frog  was  about  0*0005  of  a  gramme  per  kilo^  for  the  rat 
0*001  gramme  per  kilo.,  and  for  the  rabbit  the  remarkably  low  dose 
of  0*00008  gramme  per  kilo. 

*  On  special  duty  for  Snake-venom  research,  under  the  orders  of  the  S«cretaiy 
of  State  for  India. 
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II.  We  found  that  Calmette's  anti-venomous  serum  in  quantities 
sufficient  to  protect  rats  against  ten  minimum-lethal  doses  of  Cobra 
venom,  in  the  same  quantities  was  quite  powerless  to  protect  these 
animals  from  similar  doses  of  Krait  venom. 

IIL  We  studied  the  condition  of  various  nerve  terminals,  both  in 
animals  that  die  after  poisoning  by  Krait  venom  and  in  nerve  muscle 
preparations  from  the  frog,  and  found  that  the  integrity  of  these  nerve 
ends  was  invariably  involved  at  a  comparatively  early  stage  in  the 
poison. 

lY.  The  blood  was  carefully  examined  and  no  evidence  of  ante- 
mortem  clotting  or  intravascular  haemolysis  was  discovered. 

y.  We  examined  the  action  of  Krait  venom  when  its  solution  was 
perfused  through  the  isolated  vessels  and  heart,  respectively,  of  the 
frog.  We  found  that  this  venom,  while  resembling  in  action  that  of 
Cobra  venom,  differs  greatly  in  the  degree  of  constriction  of  vessels 
and  enhancement  of  ventricular  contraction  produced.  Cobra  venom 
exercises  an  action  in  these  directions  many  times  greater  than  that  of 
Krait  venom.     Cardio-plethysmographic  tracings  are  shown. 

VI.  Studjring  the  manner  in  which  the  vital  functions  of  mammals 
(rabbits,  cats,  and  dogs)  were  influenced  when  exposed  to  the  action  of 
this  venom,  we  show  by  means  of  kymographic  and  plethysmographic 
tracings  that  the  vaso-motor  centre  is  strongly  affected,  a  suspension 
of  the  activity  of  this  centre,  as  shown  by  the  great  splanchnic  dilata- 
tion,  rapidly  ensuing  after  its  transient  stimulation.  There  are  also 
indications  of  a  feeble  cardio-inhibitory  action.  The  experiments  and 
illustrative  tracings  likewise  show  that  death  is  brought  about  by 
destroying  the  activity  of  the  respiratory  centre. 

VII.  From  these  results  the  conclusion  may  be  arrived  at  that  while 
the  symptoms  produced  by  Krait  poisoning  are  similar  to  those  of 
Cobra  poisoning,  they  differ  so  much  in  relative  degree  as  to  render  it 
doubtful  if  Dhey  can  properly  be  spoken  of  as  identical. 
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**  The  Decomposition  of  Ammonia  by  Heat."  By  R  P.  Perman, 
D.Sc.,  and  G.  A.  S.  Atkinson,  B.Sc.  Communicated  by 
Sir  William  Eamsay,  K.C.B.,  F.RS.  Eeceived  May  3, — 
Read  June  16,  1904. 

This  subject  has  been  already  dealt  with  by  Samsay  and  Young,* 
who  heated  ammonia  in  glass  tubes  at  various  temperatures,  and 
found  that  decomposition  began  under  the  most  favourable  circum- 
stances at  a  little  below  500*",  and  that  the  amoimt  decomposed  depends 
on  the  extent  of  the  heated  surface  of  the  solid  with  which  the  ammonia 
is  in  contact,  on  the  natiure  of  the  surface,  and  on  the  time  of  exposiu'e 
to  heat. 

We  have  thought  it  desirable  to  extend  our  knowledge  of  the  subject 
fitill  further  by  investigating  the  rate  of  decomposition  at  various 
temperatures.  The  ammonia  was  contained  in  porcelain  vessels  heated 
in  a  muffle  furnace,  and  the  decomposition  was  traced  by  reading  the 
pressure  on  a  mercury  manometer,  the  sum  of  the  volumes  of  the  ammonia 
and  products  of  decomposition  being  kept  constant.  The  difficulty  of 
finding  the  amount  of  ammonia  in  the  vessel  at  the  beginning  of  the 
decomposition  was  overcome  by  heating  the  ammonia  at  the  end  of  a  series 
of  observations  until  complete  decomposition  was  caused ;  the  pressure 
and  temperature  were  then  noted,  and  the  original  amount  of  ammonia 
calculated.  We  have  confirmed  the  observations  of  Ramsay  and 
Young  that  the  decomposition  is  never  absolutely  complete,  but  after 
heating  at  a  temperature  of  11 00**  for  a  short  time  the  amount  of 
ammonia  remaining  is  so  small  that  it  can  be  neglected  for  practical 
purposes. 

Apparatus, — The  ammonia  was  heated  in  a  porcelain  globe  A  (fig.  1) 
of  about  2  litres  capacity  by  means  of  a  muffle  f urnaee  B ;  the  capillary 
stem  of  the  globe  was  connected  with  a  capillary  glass  tube  by  a  copper 
sleeve  and  some  fusible  alloy.  The  pressure  gauge  D  stood  2  metres 
high,  and  the  level  of  the  mercury  was  regulated  by  a  movable  reser- 
voir F.  The  pressure  was  read  on  a  millimetre  scale ;  G  is  a  movable 
piece  of  mirror  glass  of  rectangular  shape,  and  with  a  horizontal  line 
drawn  across  it ;  by  sliding  it  along  the  edge  of  the  millimetre  scale 
and  behind  the  glass  tubes  of  the  gauge,  the  readings  were  made  with 
great  facility. 

H  is  a  U-tube  with  a  stop-cock  at  the  bottom ;  its  object  was  to  cut 
off  the  ammonia  from  the  three-way  stop-cock  k  by  a  column  of  mercury, 
.and  so  prevent  or  indicate  leakage.  One  branch  of  the  stop-cock  /;  led 
to  a  water-air  pump,  and  the  other  to  a  long  tube  L  containing  caustic 
soda,  and  thence  to  a  cylinder  of  ammonia  with  a  safety  escape  M,  con- 
sisting of  a  tube  dipping  into  a  colmnn  of  mercury. 

•  *  Chem.  Soc.  Journ.,'  voL  44,  p.  88,  1884. 
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Mtasurejiienl  of  Temperature. — Temperature  waa  measured  by  means 
of  a  Callendar-Griffiths  pyrometer.  The  disturbing  effect  of  the 
current  of  bot  air  poasing  over  the  projecting  head  of  the  thermometer 
was  avoided  by  surrounding  the  head  with  several  turns  of  tinned 
iron.  The  temperatures  were  read  to  0*1°  C.  The  thermometer  was 
carefully  etandardiaed  with  melting  ice,  boiling  water,  and  boiling 
Bulphur,  and  we  do  not  think  that  the  temperature  error  can  in  any 
case  exceed  05°  C. 

Fia.  L 


Thernwslat. — To  maintain  the  temperature  constant  an  Ostwald 
pattern  regulator  was  used,  the  vessel  being  of  porcelain  and  con- 
taining air.  In  addition  to  this  a  Fletcher  gas  regulator  waa  fixed 
on  the  main  supply.  Any  variation  of  temperature  caused  by  altera- 
tion of  the  barometric  pressure  was  corrected  by  means  of  a  screw  at  the 
bottom  of  the  U-tube  containing  the  mercury.  It  was  found  con- 
venient to  adjust  the  gas  supply  to  give  the  required  temperature  by 
loading  the  valve  of  the  Fletcher  regulator. 

Material. — The  cylinder  of  ammonia  waa  obtained  from  the  Standard 
Anhydrous  Ammonia  Company,  and  was  found  to  contain  but  very 
little  impurity.  In  one  experiment  about  20  litres  of  ammonia  were 
passed  slowly  through  a  long  worm  surrounded  by  ice  and  hydrochloric 
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acid,  bat  nothing  appreciable  was  condensed.  The  gas  was  found  to 
be  free  from  carbon  dioxide.  A  quantity  of  pure  hydrochloric  acid 
was  neutralised  by  passing  the  gas  from  the  cylinder  through  it,  and 
the  solution  was  then  evaporated  to  dryness.  Chlorine  was  then  esti- 
mated in  the  sample  by  the  gravimetric  method,  and  the  percentage 
foimd  was  (1)  66*09 ;  (2)  6612;  mean,  66*105;  theoretical,  66*23. 

Method  of  Work, — The  furnace  was  heated,  and  when  the  tempera- 
ture was  sufficiently  constant,  the  filling  process  was  commenced. 
The  globe  was  exhausted,  and  ammonia  admitted  from  the  cylinder 
through  the  drying  tube  L;  this  was  repeated  from  eight  to  ten 
times,  when  the  filling  was  regarded  as  complete.  Readings  of 
pressure  were  then  made  at  definite  time  intervals,  and  the  tempera- 
ture was  also  carefully  noted,  as  nearly  as  possible  at  the  same  time, 
by  means  of  the  pyrometer.  In  one  or  two  of  the  experiments  the 
temperature  was  sufficiently  high  to  decompose  the  ammonia  com- 
pletely in  a  short  time,  but  in  most  of  them,  ^hen  a  sufficient  number 
of  readings  had  been  made,  the  temperature  was  raised  until 
(practically)  complete  decomposition  ensued  in  a  few  minutes.  The 
voliune  of  the  ammonia  and  decomposition  products  was  kept  constant 
by  raising  the  mercury  reservoir  F  so  as  to  keep  the  mercury  at  about 
the  same  level  in  the  upper  part  of  the  short  limb  of  the  pressure 
gauge.  As  each  time  interval  was  called,  the  level  of  the  mercury 
in  D  was  read,  and  that  in  the  open  limb  as  soon  as  possible  after- 
wards ;  it  did  not  change  quickly  in  the  latter,  owing  to  the  width 
of  the  reservoir. 

Some  observations  were  also  made  on  the  effect  produced  by  sudden 
change  of  pressure  on  the  rate  of  decomposition. 

Method  of  Calculation, — The  ultimate  decomposition  of  ammonia  is 
customarily  represented  by  the  equation  2NH3  =  Ng  +  SHo.  Let  pi  be 
the  pressure  of  the  ammonia  in  the  globe  at  any  instant  during  the 
decomposition,  jpi',  that  of  the  nitrogen,  p^,  that  of  the  hydrogen,  P, 
the  total  pressure  at  the  same  instant,  po,  the  initial  pressure  of  the 
ammonia  at  the  beginning  of  the  experiment. 

Then  Pi+Pi+p/  =  'P    (1), 

also  Pi  =  3pi'    (2), 

and  P1+P2  =  ^{Po-lh)  -. (3); 

expressing  that  (1)  the  sum  of  the  partial  pressures  is  equal  to  the 
total  pressure ;  (2)  the  pressure  of  the  hydrogen  produced  is  three 
times  that  of  the  nitrogen ;  (3)  the  sum  of  the  pressures  of  the 
nitrogen  and  hydrogen  is  double  the  pressure  of  the  ammonia 
decomposed. 

From  this  it  follows  by  substitution  that  pi  =  2po-F,  i.e.,  the 
pressure  of  the  ammonia  at  any  instant  is  double  the  initial  pressure 
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minus  the  total  pressure  at  the  instant  of  observation.  The  experi- 
mental data  furnish  values  of  P  and  2po,  and  2/?o  -  P  has  been  tabulated 
giving  the  pressure  of  ammonia  at  the  time  of  observation.  From 
these  numbers  corresponding  values  of  AP/A/  have  been  calculated  by 
taking  the  mean  of  the  two  consecutive  differences  and  dividing  by  the 
time  interval ;  but  AP/A/  =  dPjdt  approximately  within  the  limits  of 
experimental  error,  and  d^jdt  =  dpi/dt,  and  therefore  we  have  the  rate 
of  change  of  the  pressure  of  the  ammonia  at  definite  pressures,  they 
have  been  plotted  in  two  series  of  curves. 

Results, — The  rate  of  decomposition  was  found  to  be  much  influenced 
by  the  state  of  the  globe ;  it  invariably  increased  after  the  globe  had 
been  used  once  or  twice,  owing  probably  to  the  action  of  ammonia  or 
hydrogen  upon  the  porcelain ;  consequently  we  were  not  able  to  trace  the 
effect  of  temperature  on  the  rate  of  decomposition.  In  the  first  experi- 
ments the  projecting  stem  of  the  globe  was  allowed  to  become  too  hot, 
with  the  result  that  a  trace  of  the  alloy  at  the  joint  C  found  its  way 
into  the  globe,  and  by  its  catalytic  action  increased  enormously  the 
rate  of  decomposition  of  the  ammonia.  The  alloy  contained  a  small 
proportion  of  mercury,  and  a  film  of  this  metal  was  found  on  the 
interior  of  the  globe  when  it  accidentally  broke.  In  the  later  experi- 
ments great  precautions  were  taken  to  maintain  the  stem  of  the  globe 
at  a  low  temperature.  The  experiments  are  here  tabulated  to  serve  as 
a  key  to  the  curves. 


Mean 
mperature. 

79r 

Ghreatest 

Tariation  of 

temperature. 

±0-2^ 

750 

0-6 

841 

0-2 

894 

0-6 

833 

M 

1111 

0-35 

902 

0-8 

1061 

0-6 

815 

0-4 

797 

10 

1025 

0-4 

Semarks. 

Traces  of  mercury  present. 


»  » 


New  clean  globe,  pressure  fell 

only  20  mm.  in  2  hours. 
Globe  as  from  last  experiment. 


»»  >> 


Globe  freshly  cleaned. 

Globe  as  from  last  experiment. 


>>  »» 


Iron  wire  in  globe. 
Pt.  black  in  globe. 

The  measurements  made  at  1111'  and  1025°  are  given  in  full ;  they 
may  serve  as  samples. 
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Mean  Temperature  1 1 1 K. 


ime. 

Total  pretMure  (P). 

2po- 

P. 

^Pil 

dt. 

lins. 

mm. 

0 

1047-4 

330 

•1 

2 

1140-7 

236 

•8 

39 

2 

4 

1204-3 

173 

2 

27 

•4 

6 

1250-4 

127- 

1 

20- 

6 

8 

1286-8 

90' 

7 

15- 

5 

10 

1312-3 

65' 

2 

11- 

4 

12 

1332-5 

45- 

0 

8- 

35 

U 

1345-7 

31' 

8 

6 

0 

16 

1356-4 

21- 

1 

4 

2 

18 

1362-6 

14- 

9 

2' 

7 

20 

1367-1 

10 

4 

2 

35 

22 

1372-0 

5' 

5 

32 

1377-5 

0- 

0 

42 

1377-5 

0 

0 

^^^ 

It  will  be  noted  that  in  this  experiment  the  decomposition  was 
completed  without  raising  the  temperature. 


Olobe  rinsed  with  a  solution  of  platinum  chloride  and  heated 

to  bright 

redness.     Mean 

Temperature 

1025^ 

Time. 

Total  pressure (P). 

2po  -  P. 

dpijdt. 

mins. 

mm. 

0 

1126 

1 

242 

4 

— 

2 

1195' 

'8 

172- 

"7 

27' 

•95 

4 

1237' 

9 

130- 

6 

17 

4 

6 

1265- 

4 

103- 

1 

12' 

0 

8 

1285- 

'9 

82' 

6 

9 

•05 

10 

1301 

•6 

66 

9 

7 

•2 

12 
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2Pq  is  taken  as  1368*5,  which  was  obtained  by  extrapolation  of  the 
time-pressure  curve. 

These  results  are  best  understood  from  the  curves  shown  in  ^g,  2 
and  Gg.  3,  having  values  of  dpijdt  as  ordinates  and  of  p^  as  abscissae. 
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Fig.  2  shows  the  lower  and  fig.  3  the  higher  ratio  of  decomposition. 
The  curyes,  as  a  rule,  do  not  depart  much  from  straight  lines,  and  at 
the  highest  temperatures,  1061°  and  lllK,  become  straight  lines  or 


Fzo.  2. 


Fio.  8. 
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very  nearly  so.  These  results  indicate  that  at  the  highest  temperatures 
the  decomposition  is  of  the  first  order,  i.«.,  it  is  monomolecular,  pro- 
ceeding according  to  the  equation  NH3  =»  N  +  3H ;  the  union  of  the 
atoms  to  form  molecules  is  probably  so  quick  that  it  can  be  neglected 
when  compared  with  the  rate  of  decomposition  of  the  ammonia 
molecule.  The  departure  from  this  mode  of  decomposition  at  lower 
temperatures  is  possibly  caused  by  the  volume  and  mutual  attraction  of 
the  molecules.  No  formula  has  yet  been  devised  to  express  the  results 
satisfactorily. 

In  the  presence  of  substances  having  a  catalytic  action,  the  resulting 
curve  is  altered  in  character,  the  curvature  being  greater  at  the  higher 
pressures.  This  is  well  shown  in  the  curves  at  750**  and  791**  (fig.  2), 
mercury  vapour  being  present,  and  in  those  at  797°  and  1025°  (fig.  3), 
when  iron  wire  and  platinum  black  respectively  were  present.  In 
these  two  latter  experiments  it  will  be  noticed  that  the  rates  of 
decomposition  reached  and  passed  those  without  catalyser  for  about 
100'  higher. 

Ejfect  of  Sudden  Change  of  Pressure  on  the  Bate  of  Decomposition, 

As  a  final  experiment  the  effect  of  a  sudden  change  of  pressure  was 
tried,  the  globe  containing  both  iron  wire  and  finely  divided  platinum. 
The  change  of  pressure  was  brought  about  by  allowing  the  gases  in 
the  globe  to  blow  off  into  the  air  for  a  few  seconds,  and  a  reading  of 
the  pressure  gauge  was  made  as  soon  as  possible  afterwards. 


Time. 

7-4 
9 
14 

Pressure  gauge. 
335-2 
356-0 
375-6 

Bar. 
760-8 

» 
>» 

Total  pressure. 

1096-0 
1116-8 
1136-4 

aP. 

20-8 
19-6 

7-16 
21 
26 

58-2 
73-4 
88-0 

760-9 
761-0 

819-1 
834-3 
849-0 

15-2 
14-7 

The  ratio  of  the  pressures  before  and  after  the  change  is 
1136-4/819-1  =  1*39,  and  that  of  the  ratio  of  decomposition  (taken 
approximately  from  the  values  of  AP)  is  19-6/15*2  =  129. 

The  agreement  is  sufficiently  close  to  show  that  the  reaction  is 
essentially  of  the  first  order,  or  monomolecular,  apart  from  the  little- 
understood  disturbing  influences.* 

Summary  and  Conclusion, 

The  rate  of  decomposition  of  ammonia  has  been  investigated  under 
various  conditions;    the  containing  vessel  was  of  porcelain.      The 

*  See  yan't  Hoff's  '  Yorlesungen/  2nd  edition,  p.  234. 
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temperatures  varied  from  677^  to  1111'*.  It  was  found  that  the  reaction 
is  essentially  monomolecular,  being  similar  to  that  for  arseniuretted 
hydrogen,  as  found  by  van*t  Hoff.  The  rate  of  decomposition  is  much 
quickened  by  the  presence  of  traces  of  some  of  the  metals,  those  tried 
being  mercury,  iron,  and  platinum. 

We  are  indebted  to  the  Government  Grant  Fund  of  the  Royal  Society 
for  the  cost  of  most  of  the  apparatus  employed,  and  wish  to  express 
our  great  obligations  to  Principal  Griffiths  for  the  loan  of  some  of  his 
apparatus  for  platinum  thermometry,  and  for  his  kind  guidance  in  its 
use. 

Supplemeniary  Nole,  May  27,  1904. — We  have  assumed  that  the 
decomposition  of  ammonia  is  an  irreversible  reaction,  i.e.,  k'  =  0  in  the 
general  formula  dxjdt  =  k  (a-x)  (b-x)  .  .  .  -  k'  (a!  -\- x)  {h'  -\- x)  ,  .  . 
for  Ramsay  and  Young  showed*  that  on  passing  a  mixture  of  dry 
nitrogen  and  hydrogen  through  a  heated  glass  tube  containing  iron 
filings,  or  through  a  red-hot  iron  tube,  no  appreciable  quantity  of 
ammonia  was  formed,  a  result  which  we  confirmed  by  experiments  of 
our  own  some  years  back,  obtaining  the  same  result  also  with  a  glass 
tube  containing  porcelain.  We  find,  however,  that  this  view  of  the 
matter  is  not  generally  accepted;  Ostwald,  for  instance,  in  his 
'  Grundlinien  der  anorganischen  Chemie  't  states  that,  on  heating 
ammonia,  equilibrium  ensues  when  98  per  cent,  of  the  ammonia  is 
decomposed.  We  should  like  to  point  out  that  the  results  of  our 
experiments,  now  described,  show  no  indication  whatever  of  any  such 
equilibrium,  for  the  curves  all  run  towards  the  origin  within  the  limits 
of  experimental  error,  whereas^  if  there  were  any  equilibrium  before 
the  ammonia  was  all  decomposed,  they  would  cut  the  horizontal  axis 
to  th§  left  of  the  origin,  and,  moreover,  the  equilibrium  would  change 
with  the  temperature. 

We  have  mentioned  that  a  trace  of  ammonia  was  always  found  in 
the  globe  at  the  end  of  an  experiment,  but  this  probably  came  from 
the  cold  stem ;  and,  moreover,  since  the  rate  of  decomposition  may  be 
taken  as  proportional  to  the  amount  of  ammonia  present,  that  amount 
can,  strictly  speaking,  never  quite  reach  the  zero  point. 

Whether  a  minute  quantity  of  ammonia  remains  finally  undecomposed 
would  not  be  indicated  by  these  results,  and  we  intend  to  approach  the 
subject  from  another  direction,  and  to  examine  generally  the  conditions 
under  which  nitrogen  and  hydrogen  combine  to  form  ammonia. 

•  Loc.  cit, 

t  1900,  p.  346. 
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"An  Experiment  Illustrating  Harmonic  Undertones/*  By 
Herbert  Knapman,  B.A.,  Fellow  of  Emmanuel  College, 
Cambridge,  and  Assistant  Lecturer  in  Mathematics  at 
University  College,  Eeading.  .  Communicated  by  George  J. 
BuRCH,  D.Sc,  F.R.S.    Received  June  6, — Read  June  16, 1904. 

An  Experiment  Hhistraiing  Harmonic  Undertones. 

The  object  of  this  note  is  to  describe  a  phenomenon  of  which,  as 
far  as  I  have  been  able  to  learn,  no  published  account  has  hitherto 
been  given,  although  perhaps  its  extreme  simplicity  renders  it  unlikely 
that  it  has  altogether  escaped  detection.  If  a  vibrating  tuning-fork 
is  pressed  against  a  light  object,  such  as  a  piece  of  paper  or  a  stretched 
string,  this  object  will  in  general  follow  the  vibrations  of  the  fork 
until  they  die  away,  remaining  in  contact  with  the  fork  all  the  time. 
This  method  of  using  a  tuning-fork  is  mentioned  in  Lord  Rayleigh's 
"Theory  of  Sound,"  §  133.  If,  however,  a  piece  of  paper  is  touched 
.lightly  by  the  vibrating  fork,  the  elastic  force  opposing  displacement 
of  the  paper  may  be  so  small  that  it  does  not  remain  in  contact  with 
the  fork,  but  is  driven  away  by  the  tap  which  it  receives.  The  paper 
may  return  in  time  to  be  struck  by  the  fork  before  the  latter  has 
executed  a  complete  vibration,  and  the  process  being  repeated  again 
and  again  the  paper  will  vibrate  with  the  same  period  as  the  fork,  but 
with  a  motion  which  is  not  simple-harmonic,  on  account  of  the 
irregularity  caused  by  the  blows.  The  result  of  this  is  that  the  paper 
emits  a  note  in  which  the  harmonic 'overtones  are  of  considerable 
importance,  and  which,  therefore,  resembles  the  note  of  a  bowed  violin 
string  rather  than  the  almost  pure  tone  of  the  tuning-fork.  This 
resemblance  is  easily  perceived,  as  is  also  the  change  to  the  approxi- 
mately pure  tone  which  takes  place  when  contact  ceases  to  be  broken, 
on  account  of  increase  of  pressure  or  falling  off  in  the  amplitude  of 
vibration  of  the  fork.  (The  vibration  of  the  air  in  the  neighbourhood 
of  the  fork  has  also  an  effect  on  the  motion  of  the  paper,  but  this 
effect  is  probably  so  small  in  comparison  with  that  of  the  blows  that  it 
may  here  be  omitted.) 

'  If  the  paper  does  not  come  within  striking  range  of  the  fork  again 
until  the  latter  has  nearly  had  time  to  execute  two  complete  vibra- 
tions, the  note  given  by  the  paper  will  be  an  octave  below  that  of  the 
fork,  since  the  vibrations  of  the  paper  have  now  a  period  which  is 
double  that  of  the  fork.  Thus,  supposing  the  pitch  of  the  fork  to  be 
c'\  the  paper  will  give  the  note  c'.  If  the  fork  strikes  the  paper  at 
every  third  vibration  the  paper  will  give  /,  a  twelfth  below  the  note 
of  the  fork.  Similarly  contact  at  every  four,  five,  six,  or  seven  vibra- 
tions will  give  c,  A[^,  F,  or  a  note  a  little  sharper  than  D,  the  ratio  of 
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their  frequencies  being  64 :  63.  We  can  thus  obtain  from  the  paper 
the  series  of  harmonic  undertones 

c\  /,  c,  A  ,  F,  D  + ,  C,  B>,  A^b,  etc. 

It  is  easy  to  obtain  about  the  first  ten  of  these  when  a  small  slip  of 
paper  is  used  and  is  held  close  to  the  ear.  There  is  some  difficulty  in 
making  the  lower  notes  audible  on  a  large  scale  without  depriving  the 
experiment  of  the  simplicity  which  is  probably  its  chief  merit ;  it  is 
perhaps  best  to  use  a  large  sheet  of  paper  suspended  in  a  vertical 
plane  with  one  edge  pasted  to  a  vertical  edge  of  an  empty  wooden 
l)ox  which  may  reinforce  the  sound.  The  tuning-fork  can  be  held  in 
the  hand  or  clamped  so  as  to  touch  the  paper  near  its  edge ;  the 
undertone  usually  given  will  vary  with  the  position  of  the  point  of 
contact.  The  effect  might  be  prolonged  for  any  time  b}>  using  an 
electrically  maintained  fork. 

Some  further  information  as  to  the  behaviour  of  a  light  object 
under  the  influence  of  a  series  of  periodic  blows  was  obtained  by  means 
of  a  large  steel  tuning-fork  with  prongs  about  a  foot  long,  which  was 
clamped  in  such  a  position  that  one  of  its  ends,  vibrating  horizontally, 
struck  the  upper  end  of  a  small  vertical  card  (usually  an  ordinary 
visiting  card),  the  lower  end  of  which  was  fixed,  so  that  the  card 
behaved  somewhat  as  a  clamped-free  rod  of  considerable  width  in 
<x>mparison  with  its  length.  The  average  pressure  and  the  position 
of  the  point  of  contact  could  be  varied  at  will.  The  fundamental 
pitch  of  the  fork  was  itself  so  low  that  harmonic  undertones,  produced 
by  the  card  in  the  way  described  above,  were  practically  inaudible ; 
the  nature  of  the  vibration  was,  however,  examined  by  looking  through 
a  lens  at  the  upper  edge  of  the  card  against  a  dark  background.  The 
edge  appeared  to  be  drawn  out  into  a  continuously  shaded  band,  in 
which  occurred  at  intervals  somewhat  abrupt  white  lines,  indicating 
positions  at  which  the  card  was  nearly  or  quite  stationary.  When 
contact  was  being  broken  several  of  these  lines  were  usually  visible, 
and  it  was  possible  to  get  them  to  remain  steady,  though  sometimes 
they  flickered  rapidly.  The  line  at  the  end  of  the  band  nearest  the 
fork  was  usually  very  faint,  often  practically  invisible,  which  points 
to  the  suddenness  with  which  the  card  is  driven  away  from  the  fork 
when  they  come  into  contact 

The  presence  of  these  white  lines  shows  that  the  card  executes 
vibrations  corresponding  to  more  than  one  of  its  free  modes,  and  that 
the  resultant  vibration  differs  considerably  from  the  simple  harmonic 
form.  (This  agrees  with  the  audible  presence  of  harmonics  in  the 
experiment  first  described,  where  a  sheet  of  paper  is  struck  by  an 
ordi  nary  tuning-fork. ) 

As  the  vibrations  of  the  large  fork  diminish  in  amplitude  the  white 
lines  become  fewer,  until  generally  only  two  or  one  remain  in  the 
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interior  of  the  band,  in  addition  to  the  line  at  the  end  of  the  band 
away  from  the  fork.  If  the  amplitude  of  the  fork  dies  down  stiU 
further  or  the  pressure  between  the  card  and  the  fork  is  increased, 
the  lines  disappear  from  the  interior  of  the  band  and  that  at  the  end 
next  to  the  fork  becomes  as  strongly  marked  as  the  line  at  the  other 
end.  This,  of  course,  indicates  that  contact  has  ceased  to  be  broken, 
and  the  only  audible  note  given  by  the  card  is  now  the  fundamental 
note  of  the  fork. 


"  Further  Note  on  the  Kemains  of  Elephas  q/pnotes^Bsite,  from  a 
Cave-Deposit  in  Cyprus."  By  Dokothy  M.  A.  Bate.  Com- 
municated by  Dr.  Henry  Woodward,  F.E.S.  Received 
April  18,— Read  June  9,  1904. 

(Abstract.) 

This  paper  is  a  continuation  of  one  alreiidy  published  *  "  On  the 
Discovery  of  a  Pigmy  Elephant  in  the  Pleistocene  of  Cyprus,"  and 
enters  into  a  detailed  description  of  the  teeth  of  this  small  proboscidean, 
whose  remains  are  now  in  the  British  Museum  of  Natural  History. 

The  collection  includes  incisors,  milk  molars,  and  permanent  molars. 
Several  of  the  latter  still  retain  their  position  in  the  jaws  and,  in  some 
instances,  the  teeth  of  both  sides  of  the  same  individual  were  found. 

The  permanent  incisor  tusks  of  two  forms,  presumably  belonging  to 
males  and  females,  were  found.  They  differ  from  the  same  teeth  of 
the  Maltese  dwarf  elephants  in  being  considerably  compressed  laterally. 
The  largest  specimen  measures  29*7  cm.  along  the  outside  of  the  curve, 
with  a  maximum  diameter  of  3*7  cm. 

Of  the  upper  cheek  teeth  the  third  and  fourth  of  the  milk  series  as 
well  as  the  three  permanent  molars  are  described  in  detail.  There  was 
a  small  third  milk  molar  (mm.  2)  implanted  by  a  single  root,  but  no 
specimen  was  collected.  Of  the  lower  series  the  third  and  fourth  milk 
molars  and  the  three  permanent  teeth  were  represented  by  numerous 
examples  and  are  fully  described.  An  almost  entire  left  ramus  of  one 
young  individual  and  the  symphysial  portion  of  another  are  also 
described.  The  only  limb  bone  obtained  was  the  distal  portion  of  a 
femur. 

A  corrected  ridge  formula  for  the  molars  of  E.  Cypriotes  is  furnished, 
which,  exclusive  of  talons,-  will  stand  as  follows : — 

^     5     7—8     7—8     8—9     11—12 
•'5'  7—8'  7—8'  8—9'  11—12' 

♦  Head  before  the  Royal  Society,  May  7, 1903. 
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Dr.  Leith  Adams  gives  E.  nielitensis  as  follows : — 

3     5     8--9     8--9     10     12 
3  '  5  '  8—9  '  8—9  '  10 '  12  ■ 

There  appears  to  be  a  strong  resemblance  between  the  teeth  of 
E.  Cypriotes  and  those  of  the  Maltese  and  Sicilian  pigmy  forms,  more 
especially  E.  melUensu%  but  the  marked  lateral  compression  of  the  tusks 
in  E,  Cypriotes,  which  is  a  constant  character  in  all  the  specimens  so  far 
obtained,  would  in  itself  be  almost  sufficient  to  distinguish  this  species 
from  the  other  pigmy  elephants  of  the  Mediterranean  region.  There 
seems  to  be  good  evidence  that  E.  Cypriotes  was  isolated  and  sub- 
sequently differentiated  at  an  earlier  period  than  the  other  small 
Mediterranean  species  in  Malta  and  Sicily,  the  zoological  evidence 
giving  considerable  support  to  the  belief  that  Cyprus  became  an  island 
at  an  earlier  period,  an  idea  which  is  further  strengthened  by  the  fact 
that  the  whole  island  is  surroimded  by  deep  water,  and  is  not  connected 
with  the  neighbouring  lands  by  submerged  banks  as  is  the  case  with 
the  Maltese  Islands. 

The  Maltese  pigmy  species  have  been  considered  most  closely  allied 
to  E,  antiqaus  and  E,  Afncamis,  On  the  other  hand  it  seisms  probable 
that  E.  Cypriotes,  which  shows  no  affinity  to  the  African  species,  is 
rather  connected  with  E,  antiqaus  and  E.  uwridionalis. 

It  may  be  remarked  that  the  remains  of  E,  Cypriotes  and  of  Hippo- 
potamus minuius,  with  which  it  is  associated,  vary  but  little  in  size, 
whereas  in  the  dwarf  species  of  elephants  and  hippopotami  from  Malta 
and  Sicily  a  considerable  variation  in  size  is  observable,  so  much  so 
indeed  that  molars  may  be  seen  intermediate  in  size  connecting 
H.  melitensis  ( =  minutus),  U,  pentlandi  and  H,  amphUnus. 
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**The  Absorption  and  Thermal  Evolution  of  Gases  occluded  in 
Charcoal  at  Low  Temperatures."  By  Sir  James  Dewar, 
M.A.,  D.Sc,  LL.D.,  F.R.S.,  Jacksonian  Professor,  University 
of  Cambridge,  and  FuUerian  Professor,  Royal  Institution, 
London.     Received  June  15, — Bead  June  16,  1904. 

During  the  year  1874 — 5,  in  association  with  the  late  Professor  Tait, 
a  research  was  undertaken  which  involved  the  production  of  very 
perfect  vacua,  and  with  the  object  of  improving  on  the  then  known 
methods,  dense  charcoal  was  employed  as  an  efficient  absorbent  of 
traces  of  any  gaseous  residuum. 

An  account  of  these  experiments  communicated  to  the  Boyal  Society 
of  Edinburgh  appeared  in  'Nature,'  July  15,  1875,  mider  the  title  of 
"  Charcoal  Vacua." 

In  Professor  Clerk  Maxwell's  Notes  on  "  Molecular  Physics  "  the 
following  succinct  description  of  the  process  is  given : — 

"  Another  method  employed  by  Professor  Dewar  is  to  place  in  a 
compartment  of  the  vessel  a  piece  of  freshly  heated  cocoanut  charcoal, 
and  to  heat  it  strongly  during  the  last  stages  of  the  exhaustion  by  the 
mercury  pump.  The  vessel  is  then  sealed  up,  and  as  the  charcoal 
cools  it  absorbs  a  very  large  proportion  of  the  gases  remaining  in  the 
vessel. 

"  The  interior  of  the  vessel,  after  exhaustion,  is  found  to  be  possessed 
of  very  remarkable  properties. 

"  One  of  these  properties  furnishes  a  convenient  test  of  the 
completeness  of  the  exhaustion.  The  vessel  is  provided  with  two 
metallic  electrodes,  the  ends  of  which  within  the  vessel  are  within  a 
quarter  of  an  inch  of  each  other.  When  the  vessel  contains  air  at  the 
ordinary  pressure  a  considerable  electromotive  force  is  required  to 
produce  an  electric  discharge  across  this  interval.  As  the  exhaustion 
proceeds,  the  resistance  to  the  discharge  diminishes  till  the  pressure  is 
reduced  to  that  of  about  a  millimetre  of  mercury.  When,  however, 
the  exhaustion  is  made  very  perfect  the  discharge  cannot  be  made  to 
take  place  between  the  electrodes  within  the  vessel,  and  the  spark 
actually  passes  through  several  inches  of  air  outside  the  vessel  before 
it  will  leap  the  small  interval  in  the  empty  vessel.  A  vacuum, 
therefore,  is  a  stronger  insulator  of  electricity  than  any  other  medium." 

At  one  of  the  conferences  held  in  connection  >vith  the  Special  Loan 
Collection  of  Scientific  Apparatus*  in  the  year  1876,  I  showed  that 
with  a  vapour  like  bromine  the  absorptive  power  of  the  charcoal  was 
so  effective  that  a  space  filled  with  the  vapour  even  at  atmospheric 
pressure  could  be  made  into  a  fairly  high  vacuum  showing  very  wide 
striae. 

•  See  *  Science  Conferences,'  "  Physicfl  and  Mechanics,"  p.  154. 
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When  the  charcoal  was  heated  the  bromine  vapour  was  again 
expelled,  and  on  allowing  it  to  cool,  all  stages  in  the  appearance  of  the 
electric  discharge  as  the  vacuum  is  reached  could  be  conveniently 
oliserved  without  the  use  of  any  form  of  air-pump. 

When  in  the  coiu'se  of  low  temperature  investigations  the  perfection 
of  the  vacuum  vessels  for  the  storage  and  manipulation  of  liquid  air 
and  hydrogen  came  to  be  important,  the  effect  of  charcoal  on  heat 
isolation  in  such  utensils  was  fully  investigated  and  confirmed  in  a 
paper  entitled  "  Liquid  Air  as  an  Analytic  Agent."*  Still  no 
systematic  experiments  on  the  absorptive  power  of  charcoal  at  low 
temperatures  were  made  either  at  this  time  or  subsequently. 

It  is  the  object  of  the  present  preliminary  paper  to  contribute  some 
definite  quantitative  data  regarding  gas  absorption  and  thermal 
evolution  in  charcoal  at  the  temperature  of  liquid  air.  The  mode  in 
which  liquid  gases  like  oxygen  or  air  could  be  used  as  calorimetric 
agents  was  described  in  my  paper  on  the  **  Scientific  Uses  of  Liquid 

Air."t 

The  apparatus  was  further  improved  into  the  form  illustrated  and 
described  in  Madame  Curie's  Work,  "Recherches  sur  les  Substances 
Radio  Actives,"  2nd  edition,  p.  100,  as  used  for  the  determination 
of  the  heat  evolved  by  radium  bromide  either  in  liquid  oxygen  or 
hydrogen.  Such  calorimeters  are  easily  adapted  to  the  simultaneous 
observation  of  the  volume  of  any  gas  absorbed  by  charcoal,  and  of 
the  concomitant  heat  evolution. 

For  this  purpose  a  small  glass  bulb  C  containing  from  0*5 — 1  gramme 
of  charcoal  has  a  long  narrow  tube  C  attached,  so  that  it  can  be 
immersed  in  the  liquid  oxygen  or  air  in  the  calorimeter  A  B,  while 
still  allowing  a  part  of  the  tube  to  project  above  the  cork  A.  In 
order  to  dry  and  cool  the  40  c.c.  of  gas,  which  represents  the  largest 
volume  taken  in  by  the  charcoal  in  my  experiments,  a  little  annular 
space  is  arranged  at  D  into  which  liquid  air  is  poured  immediately 
before  the  experiment  is  made. 

The  charcoal,  after  being  placed  in  the  tube  C,  is  heated  to  a  low 
red  heat  and  simultaneously  exhausted  by  a  good  air-pump,  and  after 
all  the  gas  has  been  removed  the  stop-cock  E  is  closed.  In  this  con- 
dition it  is  placed  in  the  calorimeter. 

The  experiment  is  conducted  by  connecting  the  end  of  the  tube  at 
E  by  means  of  an  india-rubber  tube  with  a  graduated  vessel  F  con- 
taining the  gas.  When  all  is  ready  the  stop-cock  E  is  opened,  so  that 
the  gas  may  rush  into  the  charcoal,  and  the  heat  evolved  by  its 
absorption  distils  off  the  equivalent  quantity  of  liquid  air  from  the 
calorimeter,  which  is  measured  in  the  vessel  G. 

The  constant  of  the  calorimeter  being  known  (which  with  liquid  air 

•  *  Roy.  Inst.  Proc./  1898. 
t  *  Roy.  Inst.  Proo.,*  1891. 
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is  about  14'6  cc.  per  calorie),  we  get  the  actual  thermal  evolution 
together  with  the  volume  of  gaa  absorbed. 

The  heat  correction  for  the  rush  of  gas  into  the  same  exhausted 
glass  bulb  without  charcoal  is  smalt  in  proportion  to  the  total  heat 
evolved,  and  the  same  maybe  said  of  the  volume  correction  on  account 


of  the  cooling  of  the  space  external  to  the  charcoal.  With  a  variable 
material  like  cocoaliut  charcoal  I  have  in  the  ealorimetric  experimente 
used  the  eanic  sample  in  all  cases.  The  following  talile  emlxidies  the 
general  rcsultB  per  cubic  eentimetre  of  charcoal.  The  gas  aljsorptioii  is 
given  at  0°  and  760  mm.  If  the  volume  of  gas  alisocbed  had  been 
measured  under  the  same  conditioiia  of  pressure  at  -  185°  C,  then 
the  numbers  in  Colunni  II  would  all  have  to  be  divided  by  three. 


Hydrogen  

Nitrogen 

Oxygen    

Argon 

Helium    

Electrolytic  gas 

Carbonic  oxide   and 

oxygen 
Carbonic  oxide   


absorbed. 

Hfal  evolved 

-1B5''C. 

GrDtuuie  calori 

135  cc. 

9'3 

155   „ 

35-5 

230  „ 

34  0 

175  „ 

250 

15  „ 

2-0 

150  „ 

17-0 

195  „ 

Zi-d 
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In  all  cases,  it  will  be  observed,  the  amount  of  gas  occluded  has  been 
greatly  increased  at  the  low  temperature,  and  the  degree  of  condensa- 
tion is  generally  such  as  we  should  anticipate  from  the  known  physical 
constants  of  the  gases.  The  amount  of  heat  evolved  is  so  great  as  to 
be  in  excess  of  that  required  for  liquefaction  in  the  case  of  gases  like 
hydrogen,  nitrogen,  and  oxygen.  The  heat  produced  when  successive 
fractions  of  the  volume  of  gas  required  for  saturation  are  absorbed  has 
yet  to  be  determined.  In  the  time  required  for  the  absorption  no 
measurable  amount  of  chemical  combination  was  effected  between 
mixtures  of  hydrogen  and  oxygen  or  carbonic  oxide  and  oxygen  in  the 
pores  of  the  charcoal. 

Such  experiments  must  be  extended  to  the  use  of  platinised  charcoal 
and  other  catalytic  agents. 

Perhaps  the  most  striking  result  is  the  great  difference  in  properties 
exhibited  by  helium.  While  resembling  the  other  gases  in  showing 
increased  absorption  at  the  temperature  of  liquid  air,  the  absolute 
amount  occluded  per  unit  volume  of  charcoal  is  about  one-tenth  that 
of  the  other  gases  at  the  same  temperature.  There  can  be  little  doubt 
that  when  the  relative  absorption  of  helium  in  charcoal  is  measured 
at  the  temperature  of  liquid  hydrogen,  the  increased  absorption  will 
be  so  marked  as  to  make  it  comparable  to  that  of  hydrogen  in  the 
present  set  of  experiments.  In  this  case  charcoal  at  the  boiling  point 
of  hydrogen  will  become  an  efficient  condensing  agent  for  helium,  and 
this  property  will  have  important  applications  in  future  research. 

Separation  of  Highly  Concentrated  Oxygen  from  Air, 

In  order  to  examine  the  changes  taking  place  in  a  mixed  gas  like  air 
during  the  absorption,  a  quantity  of  about  50  grammes  of  charcoal  was 
after  heating  and  exhaustion  saturated  at  -  185"  in  a  current  of  pure 
dry  air ;  got  by  passing  the  air  current  through  a  U-tube  immersed  in 
liquid  air. 

For  a  time  the  air  rushed  into  the  charcoal  with  great  rapidity,  and 
in  about  10  minutes  between  5  and  6  litres  were  Uiken  in.  A  mano- 
meter attached  to  the  vessel  containing  the  charcoal  showed,  on  shutting 
off  the  air  current,  that  during  the  early  part  of  the  saturation  the 
absorption  was  so  effective  as  to  give  practically  no  measurable 
mercury  pressure.  As  soon  as  the  absorption  was  ended,  and  a  current 
began  to  pass  slowly  over  the  charcoal,  the  composition  of  the  air 
leaving  the  charcoal  showed  98  per  cent,  nitrogen.  After  the  current 
of  air  had  passed  for  half  an  hour,  the  total  gas  occluded  in  the 
charcoal  was  expelled  by  taking  the  vessel  in  which  it  had  been  treated 
out  of  the  liquid  air,  and  allowing  the  temperature  to  rise  to  15*  C. 

The  gas,  which  was  rapidly  expelled,  measured  5*7  litres,  and 
contained  56  per  cent,  of  oxygen.     If  the  saturated  charcoal  before 
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heating  up  was  subjected  for  an  hour  to  the  action  of  an  air-pump, 
capable  of  giving  a  steady  exhaustion  of  5  mm.,  no  difference  was 
effected  in  the  oxygen  percentage  of  the  evolved  gas.  The  same 
experiment  was  repeated  with  this  variation,  that,  instead  of  the  air 
current  having  the  pressure  of  the  atmosphere,  it  was  kept  below 
one-tenth  of  an  atmosphere.  In  this  experiment,  4*8  litres  were 
expelled  on  heating  up,  and  the  percentage  of  oxygen  was  58. 
Then,  a  further  repetition  was  made  with  an  air  current  supplied  at  a 
pressure  not  exceeding  5  mm.  of  mercury.  After  3  hours'  treatment, 
the  charcoal,  on  heating  to  15'  C,  gave  4 J  litres  of  57  per  cent, 
oxygen.  From  these  experiments  it  follows  that  the  tension  of  the 
occluded  gases,  at  the  temperature  of  liquid  air,  must  be  very  small, 
and  thus  the  use  of  low  temperatures,  combined  with  charcoal,  intro- 
duces a  new  and  greatly  improved  means  of  getting  high  vacua,  which 
in  the  future  may  be  found  susceptible  of  important  practical  applica- 
tions. These  experiments  are  quite  conclusive  as  to  the  practical  con- 
stancy of  the  mean  composition  of  the  air  gases  occluded  in  the 
charcoal  (subject  to  the  conditions  aforesaid),  and  they  further  show 
that  wide  changes  in  the  pressure  of  the  air  current  has  little  or  no 
effect  in  altering  the  proportions.  In  another  experiment,  the  vessel 
containing  the  saturated  charcoal,  instead  of  being  allowed  to  rise 
rapidly  in  temperature,  was  transferred  to  a  vacuum  vessel,  in  which 
a  little  liquid  air  was  placed,  in  order  that  the  temperature  might  rise 
slowly,  and  thereby  enable  the  successive  litres  of  gas  given  off  to  be 
collected  separately  and  analysed. 

This  experiment  gave  the  following  results  : — 


First    litre  

Second  „     

Oxygen  per  cent. 

'    18-5 

30-6 

Third     „     

Fourth  „     

530 

720 

Fifth      „     

790 

Sixth      „     

84-0 

The  mean  composition  of  the  6  litres  is  again  56  per  cent,  oxygen. 
From  the  above  experiments  it  follows  that  one  of  the  most  rapid 
means  of  extracting  a  high  percentage  of  oxygen  from  atmospheric  air 
is  to  absorl)  it  in  charcoal  at  low  temperatures,  and  then  to  expel  it 
either  rapidly  or  slowly  by  heating  the  mass  of  charcoal  to  the  ordinary 
temperature. 

A  few  experiments  have  been  made  using,  instead  of  air,  special 
mixtures  of  oxygen  and  nitrogen.  Thus  it  was  found  that  a  gas  con- 
taining 6*5  per  cent,  of  oxygen  used  in  the  same  manner  as  in  the  air 
occlusion  experiments,  gave,  on  heating  up  the  charcoal  rapidly  to 
15**  C,  5  litres  of  gas  having  the  composition  of  23  per  cent,  of  oxygen. 
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A  repetition  of  the  same  process  with  the  23  per  cent,  of  oxygen  would 
have  raised  the  percentage  about  60  per  cent.,  or  a  stronger  concentra- 
tion could  have  been  reached  by  fractionating  the  gas  as  it  slowly 
leaves  the  charcoal  on  gradually  increasing  the  temperature. 

This  preliminary  investigation  suggests  many  fields  for  further 
inquiry,  and  some  of  these  I  hope  to  deal  with  in  future  papers. 

I  have  to  express  my  thanks  to  Mr.  Eobert  Leimox,  F.C.S.,  for 
efficient  aid  in  the  conduct  of  the  experiments,  and  ^Ir.  J.  W. 
Heath,  F.C.S.,  has  also  rendered  valuable  assistance. 


"  The  Separation  of  the  most  Volatile  Gases  from  Air  without 
Liquefaction."  By  Sir  James  Dewar,  M.A.,  D.Sc,  LL.D., 
F.R.S.,  Jacksonian  Professor,  Univei-sity  of  Cambridge,  and 
Fullerian  l^rofessor,  Royal  Institution,  London.  Received 
June  15,— Read  June  16,  1904. 

From  the  time  when  liquid  air  came  to  bo  an  ordinary  laboratory 
agent,  I  have  continually  used  it  for  the  purpose  of  producing  high 
vacua  in  vessels  that  had  been  previously  filled  with  easily  condensable 
gases,  like  sulphurous  acid,  carbonic  acid,  vapour  of  water  or  benzol. 

When  the  liquefaction  of  hydrogen  was  effected  one  of  the  first 
scientific  uses  to  which  it  was  put  was  that  described  in  my  paper  on 
the  "Application  of  Liquid  Hydrogen  to  the  Production  of  High 
Vacua,  together  with  their  Spectroscopic  Examination."*  In  that 
communication  it  was  shown  by  theory  and  confirmed  by  experiment 
that  the  condensing  power  of  liquid  hydrogen  is  so  groat  relatively  to 
that  of  liquid  oxygen  or  nitrogen,  that  any  closed  vessel,  a  part  of 
which  is  cooled  to  the  boiling  point  of  hydrogen  must  suddenly  become 
a  highly  vacuous  space.  This  was  proved  by  the  great  difficulty  of 
getting  electric  discharges  to  pass  through  specially  prepared  spectro- 
scopic tubes  when  subjected  to  liquid  hydrogen  cooling,  and  from  the 
fact  that  when  the  current  did  pass  no  lines  of  oxygen  or  nitrogen 
were  seen,  but  only  those  of  hydrogen,  helium  and  neon.  In  order  to 
separate  these  latter  gases  from  air  it  was  necessfiry  to  liquefy  a 
quantity  of  air  and  to  distil  off  the  most  volatile  portion  at  as  low  a 
temperature  as  possible  into  a  separate  receiver  placed  in  liquid 
hydrogen.  In  this  way  many  spectroscopic  tubes  were  filled  with  the 
uncondensable  air  gases  and  the  results  of  their  examination  is  recorded 
in  a  paper  entitled  "  On  the  Spectra  of  the  more  Volatile  Gases  of 
Atmospheric  Air,  which  are  not  Condensed  at  the  Temperatiu*c  of 
Liquid  Hydrogen,"!  by  Professor  Liveing  and  myself. 

•  *  Roy.  Soc.  Proc./  vol.  64, 1898. 
t  *  Roy.  Soc.  Proc.,'  vol.  67,  1900. 
VOL.  LXXIV.  \L 
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Some  2  years  later  I  improved  the  method  of  separation  of  the  vola- 
tile air  gases.  The  process  is  fully  described  and  illustrated  in  my. 
paper  on  **  Problems  of  the  Atmosphere."*  Its  success  depends  upon  the 
continuous  direct  liquefaction  of  air  at  atmospheric  pressure  combined 
with  a  device  which  enables  the  more  volatile  gases  to  be  trapped  and 
separated.  In  this  way  some  l/35,000th  of  the  volume  of  the  air 
liquefied  is  collected  as  a  gaseous  mixture,  ha\4ng  the  composition 
38  per  cent,  of  nitrogen,  4  per  cent,  of  hydrogen,  and  58  per  cent,  of 
mixed  helium  and  neon.  After  sparking  to  remove  the  nitrogen  and 
hydrogen,  a  gaseous  mixture  of  helium  and  neon  containing  a  little 
iirgonwas  obtained.  This  mixture  had  the  composition  of  16  percent, 
helium  and  84  per  cent.  neon.  In  both  methods  of  treatment  it  \inll 
Ije  noted  the  liquefaction  of  the  air  was  the  essential  preliminary  opera- 
tion, to  be  supplemented  in  the  one  case  by  the  use  of  liquid  hydrogen, 
in  the  other  by  sparking  to  remove  the  nitrogen.  The  paper  already 
<5ommunicated  to  the  Royal  Society,  entitled  "  The  Absorption  and 
_  Thermal  Evolution  of  Gases  Occluded  in  Charcoal  at  Low 

Temperatures,"  in  which  the  greatly  increased  power  of  occlu- 
r  sion  possessed  by  charcoal  at  low  temperatures  i«   proved, 

/\         suggested   an   inquiry  into   the   limits    of  gaseous   pressure 
(f  **A     reached  by  such  means  of  condensation. 

With  this  object  a  narrow  tube  CE,  fig.  1,  was  sealed  to  an 

\r         ordinary  spectroscopic  sparking  tube  AB,  and  at  the  end  E 

I  an  enlarged  space  was  blown  out  capable  of  holding  a  few 

I  grammes  of  cocoanut  charcoal.     After  the  charcoal  had  been 

^1         freed   from  gases  by  heating  and  exhaustion  and  the  poles 

^  oB      cleared  by  sparking  during  this  operation,  pure  and  dry  gases 

like  oxygen,  nitrogen,  air,  carbonic   oxide,  hydrogen,    neon 

and  helium  could  be  admitted  at  different  pressures  and  the 

tube  with  its  charcoal  chamber  attached  sealed  off. 

On  placing  the  charcoal  end  of  the  apparatus  in  liquid  air 
the  gas  in  each  case  was  rapidly  absorbed  and  the  vacuum 
produced  reached  the  phosphorescent  stage  in  all  cases  with 
the  exception  of  hydrogen,  neon,  and  helium.  A  small 
Crookes's  radiometer,  full  of  air  at  atmospheric  pressure,  with 
charcoal  tube  attached,  became  quite  active  to  heat  radiation 
when  the  charcoal  was  cooled  for  half  a  minute  in  liquid 
air.  To  test  the  amount  of  exhaustion  reached  by  the  use  of  a 
given  weight  of  cocoanut  charcoal  I  sealed  on  a  tube  contain- 
ing 30  grammes  to  a  large  electric  discharge  tube  of  1300  c.c. 
capacity  filled  with  air  at  atmospheric  pressure.  On  cooling 
the  charcoal  receptacle  in  liquid  air  the  pressiue  diminished  to 
50  mm.  of  mercury.  Repeating  the  same  experiment  but  starting  with 
the  tube  initially  at  half  an  atmosphere,  the  exhaustion  reached  was 

•  •  Roj.  Inst.  Proc./  1902. 
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now  beyond  the  strisB  stage.  A  further  experiment  starting  with  one- 
fourth  of  an  atmosphere  gave  a  vacuum  through  which  no  discharge 
passed. 

Finally,  the  30  grammes  of  charcoal  were  replaced  by  only  1  gramme 
and  the  initial  pressure  was  reduced  to  3  mm.  of  mercury.  Now  the 
vacuum  just  reached  the  beginning  of  the  phosphorescent  stage.  With 
hydrogen,  either  a  pressure  of  gas  less  than  that  of  the  atmosphere 
had  to  be  used  at  starting  or  a  larger  amount  of  charcoal  employed  in 
order  to  get  a  vacuum  well  up  in  the  striae  stage.  If,  however,  the 
liquid  air  was  cooled  to  -210**  C.  by  exhaustion,  the  tube  just 
reached  the  beginning  of  phosphorescence  round  the  cathodes. 

With  helium  there  was  a  very  slight  absorption,  but  neon  did  show 
something  more  appreciably.  Spectroscopic  observations  made  during 
the  condensation  of  the  gas  in  the  charcoal  showed  the  gradual  dis- 
appearance of  the  characteristic  spectnim  of  oxygen,  nitrogen  and  air, 
as  the  high  vacuum  was  reached  and  the  discharge  passed  with  great 
difficulty.  In  tubes  of  this  kind  filled  at  atmospheric  pressure  I  could 
always  see  the  F  line  of  hydrogen  and  the  neon  yellow;  but  the 
helium  was  not  seen  with  any  definiteness.  As  the  amount  of  neon  in 
the  air  cannot  well  exceed  1 /50,000th,  the  spectroscopic  test  is  very 
delicate. 

In  order  to  bring  in  the  helium  lines  it  was  necessary  to  concentrate 
the  volume  of  air  in  the  space  of  the  sparking  tube  six  or  seven  times. 
This  was  done  by  the  use  of  an  arrangement  shown  in  fig.  2.     A  B  is 

Fig.  2. 


the  sparking  tube  with  its  small  charcoal  bulb  C  attached,  capable  of 
being  sealed  off  when  required  at  G ;  and  D  and  E  are  larger  charcoal 
absorbers  placed  in  vacuum  tubes  containing  liquid  air;  the  whole 
being  attached  to  a  graduated  gas-holder  containing  air.  A  series  of 
glass  stop-cocks  are  attached  at  the  points  H,  I,  J  and  K  in  order  to 
facilitate  manipulation.  In  determining  the  volume  of  air  required  to 
bring  in  the  helium  lines  only  one  charcoal  absorber  containing  about 
15  grammes  of  material  was  used.  On  allowing  200  c.c.  of  air  from 
the  gas  holder  to  be  sucked  into  the  charcoal  (which  hadbeeivi^T^\\wvA^ 
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exhausted  along  with  the. sparking  tube),  on  opening  the  stop-cock  H 
any  residuary  gas  in  D  was  swept  into  the  sparking  tube,  which  was 
then  sealed  off  at  G. 

This  tube  gave  the  hydrogen  lines  C  and  F,  the  neon  yellow,  and 
some  of  the  orange  lines,  along  with  the  helium  yellow  and  green  quite 
distinct.  With  the  residuary  gas  extracted  from  1  litre  of  air  I  could 
see  all  the  helium  lines.  On  the  positive  pole  the  neon  yellow  and  the 
green  of  helium  were  alone  marked,  while  the  negative  pole  gave  both 
the  neon  and  helium  yellow  lines  along  with  the  helium  green  and  the 
F  of  hydrogen  on  the  continuous  spectrum.  From  this  it  would  appear 
that  the  spectroscopic  test  for  helium  is  as  delicate  as  that  for  neon, 
and  that  1/50, 000th  can  be  recognised.  From  3  litres  of  air  discharge 
tubes  were  obtained  giving  the  neon  and  helium  spectra  associated 
with  a  brilliant  ruddy  glow  discharge. 

As  40 — 50  grammes  of  charcoal  can  absorb  at  the  temperature  of 
liquid  air  from  5 — 6  litres,  it  is  easy  to  accumulate  rapidly  the  uncon- 
densed  gases  in  considerable  quantities  for  spectroscopic  examination. 
For  this  purpose  I  found  it  convenient  to  use  two  charcoal  condensers 
n  circuit  iis  represented  in  fig.  2.  After  the  charcoal  in  the  first  one 
marked  E  was  saturated,  the  stop-cock  K  was  closed,  while  I  and  J 
were  opened  for  a  short  time  so  as  to  allow  the  less  condensable  gas  in 
E  to  be  sucked  into  the  second  vessel  of  the  same  type  D  along  with 
some  portion  of  air.  The  charcoal  condenser  E  was  then  taken  out  of 
the  liquid  air,  and  rapidly  heated  to  15"*  C.  in  order  to  expel  the 
occluded  air.  It  was  thus  in  a  condition  to  repeat  the  absorption.  In 
this  way  50  litres  of  air  can  be  treated  in  a  short  time.  Sparking  tubes 
filled  from  the  accumulated  gases  in  D  were  very  brilliant,  showing  the 
complete  spectrum  of  the  volatile  constituents  of  air.  It  is  hardly 
necessaiy  to  remark  that  after  the  little  charcoal  receptacle  connected 
to  each  of  the  sparking  tubes  has  been  cooled  and  thus  all  traces  of 
air  absorl)ed,  it  can  be  sealed  off,  leaving  the  spectroscopic  tubes  intact. 
The  complete  spectroscopic  study  of  the  products  must  be  left  for 
further  examination  with  Professor  Liveing. 

The  method  I  have  described  will  be  equally  applicable  to  the  treat- 
ment of  the  gaseous  products  from  minerals  containing  helium, 
hydrogen,  etc.,  and  also  to  the  radium  products  of  a  similar  kind. 
It  seems  even  probable  that  the  separation  of  the  less  volatile  con- 
stituents in  air  may  be  improved  by  a  slight  modification  in  the  mode 
of  working.  The  behaviour  of  the  gases  from  the  Bath  Springs  has 
been  examined.  When  the  gas  containing  1 /1000th  part  of  helium  in 
what  may  be  regarded  as  pure  nitrogen  is  subjected  to  charcoal  absorp- 
tion exactly  in  the  same  way  as  the  air  was  treated  no  high  vacuum  is 
reached.  All  the  nitrogen  and  any  other  constituents  disappear,  and 
a  spectrum  of  helium  and  hydrogen  showing  much  less  neon  than  exists 
in  the  volatile  residue  from  atmospheric  air  is  the  result.     A  sample  of 


Action  of  Wood  on  Photographic  Plate  in  the  Dark.        131 

argon  made  from  Bath  gas  gave,  when  the  argon  was  absorbed  in 
charcoal,  a  gas  residuum  giving  the  helium  and  neon  spectrum,  and  the 
SHme  result  follows  the  use  of  atmospheric  argon.  In  the  case,  how- 
ever, of  the  Bath  gas  argon  the  helium  spectrum  is  the  stronger, 
whereas  with  air  argon  the  neon  is  the  most  pronounced. 

In  order  to  further  test  the  method,  the  crude  gases  got  by  heating 
the  mineral  Fergusonite  were  examined.  During  the  cooling  of  the 
charcoal  the  nitrogen  and  hydrogen  spectra  were  marked,  but  in  a  short 
time  nothing  could  be  seen  but  the  lines  of  hydrogen  and  helium. 

Great  interest  will  attach  to  the  behaviour  of  helium,  hydrogen 
and  the  most  volatile  part  of  air,  when  subjected  to  the  action  of 
charcoal  cooled  to  the  temperature  of  liquid  hydrogen.  The  method 
promises  to  open  up  many  avenues  for  future  inquiry. 

I  am  indebted  to  Mr.  Robert  Lennox,  F.C.S.,  for  efficient  assistance 
in  the  conduct  of  the  experiments,  and  Mr.  J.  W.  Heath,  F.C.S.,  has  also 
helped  me  in  the  investigation. 
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(Abstract.) 

[Plate  7.] 

It  has  been  shown  in  former  papers  that  many  substances  are 
capable  of  acting  on  a  photographic  plate  in  the  dark  and  producing 
a  picture  of  themselves.  Further  investigation  shows  that  this 
property  belongs  probably  to  all  woods,  some,  however,  being  much  more 
active  than  others. 

To  obtain  a  picture  the  wo^  has  to  be  in  contact  or  at  a  little 
distance  above  the  photographic  plate,  and  has  to  remain  there  for 
times  varying  from  ^  an  hour  to  18  hours,  and  to  be  at  a  temperature 
not  higher  than  55**  C. 

The  wood  of  the  conifers  is  very  active,  and  gives  pictures  which 
are  very  definite.  Fig.  1  is  a  picture  of  a  section  of  a  branch  of  a 
Scotch  fir,  and  shows  well  the  rings  of  spring  and  autumn  growth. 
It  is  remarkable  that  the  former  are  very  active,  producing  in  this 
picture  the  dark  rings,  and  so  with  the  other  pictures,  the  part  which 
is  active  in  the  original  is  dark  in  the  picture.  The  rings  seen  in 
the  wood  are  very  sharp  and  strongly  pronounced  in  the  picture.  If 
the  action  exerted  on  the  plate  be  owing  to  the  presence  of  hydrogen 
peroxide,  as  has  been  previously  suggested,  no  doubt  it  is  produced 

VOL.  LXXIV.  Y. 


132 


Dr.  W.  J.  Russell.     On  the  Aciifm  of  Wood         [May  28, 


by  tlifl  resinoiu  bodieti  present  in  the  wood,  but  it  is  remarkable  tbat 
there  is  no  action  fmm  the  dark  autumn  wood.  ExperimentB  described 
in  the  full  paper  show  that  resin  ezista  in  the  dark  rings,  but 
apparently  under  such  conditions  that  it  cannot  escape.  Other 
members  of  the  pine  group  have  been  experimented  with  and  have 
been  found  to  behave  in  the  same  way  as  the  Scotch  fir. 

With  the  spruces  the  action  on  tbe  plate  is  not  so  definite  and  well 
marked ;  the  while  wood  is  always  active,  but  in  some  cases  the  dark 
rings  are  also  active,  and  the  pictures  are  not  so  sharp  as  with  tbe 
firs.    Larch  wood  gives  a  very  interesting  result,  for  the  picture  is 


the  reverse  of  that  of  the  Scotch  fir,  that  is,  the  dark  rings  in  the 
wood  are  the  active  rings  and  the  light  rings  are  inactive. 

With  regard  to  woods  other  than  conifers,  oak  and  beech  are  both 
active  and  give  very  good  pictures,  so  also  does  acacia  {Robinia), 
Spanish  chestnut,  and  sycamore ;  on  the  other  hand,  ash,  elm,  horse 
chestnut,  plane  are  comparatively  but  slightly  active.  In  the  full 
paper  lists  of  woods  arc  arranged  according  to  their  activity. 

Many  foreign  woods  are  very  active,  but  as  the  annual  rings  are 
often  not  well  developed,  the  pictures  they  give  are  of  a  somewhat 
difierenC  character,  The  African  black  wood,  rose  wood,  cocobola, 
and  many  others  are  very  active.  Several  of  the  foreign  woods  have 
a  ring  of  white  wood  which  is  quite  inactive. 

Knots  in  a  wood  generally,  but  not  always,  give  a  good  picture. 
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Some  of  the  resin  in  immediate  contact  with  the  knot  is  in  some  cases 
but  little  active.  The  marked  difference  in  properties  of  resins  from 
different  sources  is  described,  and  it  is  shown  how  difficult  it  is  to 
remove  it,  so  that  the  wood  shall  be  no  longer  active.  Boards  that 
have  been  exposed  to  the  air  for  a  long  time,  an  oak  box  a  hundred  or 
more  years  old,  rotten  wood  from  the  stump  of  a  tree,  and  even  bog 
wood  have  all  been  found  to  be  still  active. 

In  addition  to  woods  many  different  resins  and  allied  bodies  can, 
when  used  alone,  l^e  proved  to  be  very  active,  some  naturally  much 
more  so  than  others.  Ordinary  resins,  Burgundy  pitch,  gum  mastic, 
are  very  active,  asphaltum,  dragons  blood  much  less  so,  but  true  gums 
such  as  gum  Senegal  and  gum  arabic  are  entirely  without  action  on 
a  photographic  plate. 

In  certain  cases  the  picture  obtained  on  the  plate  does  not  resemble 
the  markings  which  are  visible  on  the  wood.  With  some  woods  this 
more  commonly  occurs  than  with  others.  That  this  picture  is 
persistent  in  the  wood  is  shown  by  fresh  sections  giving  the  same 
result.  The  true  bark  of  a  wood  is  apparently  quite  without  action 
on  a  photographic  plate,  so  is  the  internal  pith  of  a  plant. 

There   is  another    and  a   very  interesting    action,    which    occurs 
with  wood,  it  is  the  great  increase  of  activity  which  it  exerts  on  a 
photographic   plate  after  it  has    been    exposed  to  a  strong   light. 
For  instance,  if  a  piece  of  deal  be  half  covered  by  black  paper  or 
tin  foil  and  be  exposed  for  5 — 10  minutes  to  bright  sunlight,  and 
then  put  up  in  the  usual  way  with  a  photographic  plate,  it  will  give 
a  dark  picture  where  the  light  has  fallen  on  the  wood  and  only  a 
very  faint  picture  of    the  part  which   has   been    covered.      This  is 
shown  in  Plate  7,  fig.  1.     Even  comparatively  inactive  woods  such  as 
elm  and  ivy  after  a  short  exposure  to  bright  light  give  good  and  dark 
pictures.      The  action  is  not  an  indiscriminate  darkening  over  the 
whole  wood  section,  but  an  intensifying  of  the  parts  already  active. 
This  increase  of  activity  by  the  action  of  light  appears  to  occur  with 
all  woods.     Artificial  light,  such  as  that  from  the  electric  arc,  or  from 
burning  magnesium  ribbon,  act  in  the  same  way,  so  does  even  a  faint 
light.     A  piece  of  wood  put  at  a  window  for  some  hours  will  give  a 
darker  picture  than  a  similar  piece  left  in  the  middle  of  the  room.   This 
increase  of  power  of  a  wood  to  produce  a  picture  does  not  rapidly  pass 
away.     After  24  hours  the  action  is  visibly  less,  and  decreases  more 
rapidly  at  first  than  after  some  days,  but  it  will  be  a  fortnight  or  may 
be  a  month  before   the   wood   resumes  its  former  condition.     This 
action,  like  the  former  one,  is  entirely  stopped  by  interposing  the 
thinnest  piece  of  glass  or  mica  between  the  photographic  plate  and 
the  active  body.     An  inactive  card  painted  with  an  alcoholic  solution 
of  resin,  acts  in  the  same  way,  and  turpentine  which  has  been  exposed 
to  a  bright  light  acts  more  strongly  on  a  photographic  plate  than  it 
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does  when  it  has  not  been  so  exposed.  Again,  old  printing  which  is 
now  nearly  inactive  becomes  much  more  active  after  exposure  to  sun- 
light. Bodies  other  than  those  which  may  contain  resin  or  allied 
substances  are  not  affected  in  this  way  by  light,  for  instance,  flour, 
sugar,  porcelain  ;  metals  are  not  rendered  active  by  sunlight. 

The  next  point  was  to  ascertain  which  of  the  constituents  of  light  was 
most  active  in  producing  these  effects,  and  the  first  experiments  were 
made  by  simply  placing  strips  of  different  coloured  glass  on  wood  sectibns, 
exposing  them  to  sunlight  and  afterwards  putting  them  up  with  the 
photographic  plate  in  the  usual  way.  Pictures  of  the  results  are  given 
in  the  paper.  Eed  glass  entirely  prevented  any  increase  in  the 
activity  of  the  wood,  in  fact,  it  acted  in  the  same  way  as  a  band  of 
black  paper  or  tin  foil  would  act,  and  a  green  glass  acted  much  in  the 
same  way,  but  under  a  blue  glass  the  activity  of  the  wood  was  increased 
to  much  the  same  extent  as  under  colourless  glass  or  under  no  glass. 
Plate  7,  flg.  2,  shows  what  happens  when  a  red  glass  and  a  white  glass 
are  placed  upon  it  and  exposed  to  sunlight.  On  the  right  of  the 
figure  there  was  no  glass. 

Further  experiments  were  made  by  placing  similar  pieces  of  deal  in 
light  which  had  passed  through  different  coloured  solutions.  Three 
double-cased  bell  jars  were  taken,  one  was  charged  with  a  solution  of 
potassium  bichromate,  another  with  copper  ammonium  sulphate  solution, 
and  the  third  with  pure  water,  and  all  were  exposed  to  sunlight  for 
4  hours.  The  deal  in  the  red  light  gave  only  a  faint  picture,  that  in 
the  blue  light  a  dark  picture,  and  that  with  the  pure  water  was  only  a 
slightly  darker  picture.  Resin,  guiacum,  copal  varnish,  white  oil  paint 
and  resin  sized  paper  all  acted  in  the  same  way  and  gave  similar 
results. 

The  light  from  an  arc  lamp  when  passed  through  a  red  glass  and 
allowed  to  fall  on  a' wood  section  for  1^  hours  produced  no  effect,  but 
when  the  same  light  was  passed  through  a  blue  glass  and  fell  on  a 
similar  wood  section  for  only  1  hour  it  produced  a  dark  picture.  With 
liquids  this  same  increase  of  activity  by  the  action  of  blue  light  is 
produced.  Turpentine,  which  has  been  exposed  to  blue  light,  is  more 
active  than  when  in  its  ordinary  condition. 
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Action  when  injected  into  the  guinea-pig. 
Symptoms  following  injection. 
Postrmortem  lesions  in  guinea-pig. 
Nature  of  the  gastrolytic  serum. 
Effects  of  heat. 
Specificity  of  the  serum. 
Eelation  to  hemolysin, 
(r)  Changes  in  the  rabbit's  peritoneum. 
(3.)  Effects  of  Injection  of  the  Stomach  Cells  of  the  Rabbit  into  the 
Rabbit. 

Changes  in  the  rabbit's  blood. 

Action  on  injection  into  the  rabbit. 
Action  on  injection  into  the  guinea-pig. 
Effects  of  heat. 
Effects  of  previous  treatment  with  guinea-pig's 

stomach  cells. 
Effects    of     previous     treatment    with    rabbit's 
stomach  cells. 
(4.)  Effects  of  Injection  of  the  Stomach  Cells  of  the  Guinea-pig  into 
the  Guinea-pig. 

Action  on  injection  of  the  serum  into  the  rabbit. 
(5.)  Action  of  Normal  Rabbit's  Senmi  on  Injection  into  the  Guinea- 

(6.)  Action  of  Hsemolysin  on  Injection  into  the  Guinea-pig. 

(7.)  Lesions  in  the  Guinea-pig's  Stomach  due  to  Causes  other  than 

Haemolysin  or  Gastrolysin. 
(8.)  Conclusions. 

(1.)  Methods. 

Preparation  of  MtLCOxis  Membrane  for  Injection, — The  instruments  used 
for  this  purpose  are  a  knife,  a  porcelain  plate,  a  glass  mortar,  and  a 
10  c.c.  syringe,  all  of  which  can  be  sterilized  with  the  greatest  ease. 

A  guinea-pig  which  has  been  previously  starved  for  about  24  hours> 
so  that  its  stomach  is  empty,  is  killed  with  chloroform  and  the  stomach 
at  once  cut  out.  It  is  opened  and  thoroughly  washed  in  a  stream  of 
sterilized  0'86-per-cent.  salt  solution,  all  the  adherent  mucus  being  com- 
pletely removed.  The  mucous  membrane  is  then  scraped  off  and 
ground  up  into  an  emulsion  with  salt  solution,  which  is  then  injected 
into  the  peritoneal  cavity  of  a  rabbit.  I  have  also  used  subcutaneous 
injections  and  have  obtained  the  same  results,  but  as  suppuration  is  so 
liable  to  occur  I  have  discarded  them. 

In  two  cases  a  fresh  filtered  extract  of  the  mucous  membrane  was 
used  for  intraperitoneal  injection.  In  one  of  these  cases  a  O'l-per-cent. 
hydrochloric  acid  solution  and  in  the  other  a  0'4-per-cent.  sodium 
bicarbonate  solution  was  used  for  making  the  extract.     The  mucoua 
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membrane  was  ground  up  in  a  glass  mortar  with  a  small  quantity  of 
sterilized  sand  in  order  to  break  up  the  cells,  and  an  emulsion  made 
with  one  of  the  above  solutions.  The  emulsion  was  then  filtered 
through  a  Pasteur-Chamberland  filter  and  the  resulting  filtrate  used 
for  injection. 

The  effects  obtained  on  injecting  the  serum  of  these  two  rabbits  into 
guinea-pigs  were  exactly  the  same  as  those  which  resulted  from 
injection  of  the  serum  of  rabbits  which  had  received  injections  of 
stomach  cells. 

Collection  of  Blood, — The  blood  is  collected  by  opening  a  vessel  of  the 
ear,  if  possible  an  artery,  having  first  shaved  and  disinfected  the  skin. 
In  this  way  from  30-40  c.c.  of  blood  can  easily  be  obtained,  without, 
injury  to  the  animal,  especially  if  a  flask  of  hot  water  be  placed  in 
contact  with  the  ear  to  promote  vaso-dilatation.  The  blood  is  whipped 
and  centrifugalised. 

The  resulting  serum  is  examined:  (1)  With  regard  to  its  action 
upon  the  stomach  cells  of  the  guinea-pig  in  vitro ;  (2)  With  regard  to 
its  action  upon  the  guinea-pig's  stomach  when  injected  into  the 
peritoneal  cavity  of  that  animal. 

Examinaiion  in  Vitro. — My  plan  has  been  to  take  a  scraping  from  a 
fresh  guinea-pig's  stomach  and  carefully  tease  out  the  stomach  glands 
in  salt  solution,  separating  them  from  the  submucous  and  other  tissue 
mixed  with  them.  This  is  quite  easily  done  by  using  the  low  power  of 
a  microscope  or  a  dissecting  lens.~  A  portion  of  these  glands  is  then 
placed  in  the  serum  to  be  examined,  and  a  similar  portion  in  norma) 
rabbit's  serum,  the  latter  being  used  as  a  control. 

The  glands  are  examined  at  various  periods  of  time  up  to  24  hoiu'S 
in  the  fresh  condition,  and  also  after  fixing  with  osmic  acid  and  staining 
with  picro-carmine.  In  several  cases  small  portions  of  the  stomach  wall 
were  immersed  in  the  serum  for  various  periods  of  time  and  finally 
hardened,  cut  into  sections  in  paraffin,  and  stained  with  haematoxylin 
and  eosin. 

Preparatian  for  Microscopical  ExamincUian. — Patches  of  necrosed  tissue 
with  surrounding  healthy  mucous  membrane  were  cut  into  a  series  of 
sections  by  the  paraffin  method.  Eight  or  ten  adjacent  sections  were 
selected  from  each  row  and  fixed  on  slides,  from  six  to  twelve  slides 
being  thus  obtained  from  each  block.  The  sections  were  stained  with 
hematoxylin  and  eosin.  The  stomachs  of  twenty  animals  have  been 
investigated  in  this  manner. 

(2.)  Effects  of  Injections  of  the  Stomach  Cells  of  the 

Guinea-pig  into  the  Rabbit. 

(a)  Symptoms  following  Injedian, 

The  immediate  symptoms  in  the  rabbit  are  those  of  collapse,  the 
temperature  sinking  to  about  96",  the  respiration  being  accelerated,  and 
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the  animal  prostrate.  This  is  simply  a  vascular  phenomenon  due  to 
the  shock  of  injection,  and  the  condition  is  soon  recovered  from,  the 
animal  subsequently  taking  its  food  well,  and  seeming  to  be  quite 
healthy.  Sometimes  there  is  a  fall  in  body  weight,  but  this  is  by  no 
means  constant. 

I  have  not  found  that  any  toxic  symptoms  follow  the  injection,  and 
if  the  animal  dies  it  is  the  result  of  bacterial  infection. 

(b)  Changes  in  the  Ilabbifs  Blood, 

After  four  or  five  injections  at  intervals  of  10  days,  the  blood  serum 
of  the  rabbit  is  found  to  possess  toxic  properties. 

Action  in  Vitro. — Contrary  to  the  results  of  several  observers,  who 
have  found  that  many  tissue  cells  become  dissolved  in  their  corre- 
sponding cytotoxic  sera,  I  have  never  been  able  to  detect  any  difference 
whatever  betwe^n  the  glands  which  had  been  exposed  to  the  gastrolytic 
serum  and  those  which  had  been  similarly  treated  Mith  normal  rabbit's 
serum,  although  a  marked  effect  was  obtained  on  injecting  the  former 
serum  into  guinea-pigs. 

In  those  cases  in  which  the  glands  had  been  exposed  for  long  periods 
of  time  to  the  two  sera,  each  showed  an  equal  degree  of  maceration  in 
proportion  to  the  time  of  exposure. 

Action  on  Injection  into  Guineorpigs. 

Symptoms  follouing  Injection, — In  about  half-an-hour  after  intra- 
peritoneal injection  of  the  serum  the  symptoms  are  well  marked.  The 
animal  sits  huddled  up,  with  hair  erect,  and  will  not  move.  The 
temperature  becomes  subnormal. 

If  the  dose  of  serum  is  small  (1 — 5  c.c),  the  animal  will  probably 
have  quite  recovered  by  the  following  day,  but  with  large  doses  (10  c.c.) 
it  becomes  rapidly  worse,  and  finally  general  twitchings  commence,  and 
the  animal  lies  prostrate,  death  occurring  generally  within  24  hours. 

In  one  case  a  guinea-pig  weighing  280  grammes  was  killed  by  5  c.c, 
and  in  another  an  animal  weighing  140  grammes  by  1  c.c,  but,  as  a 
rule,  the  killing  power  of  the  smaller  doses  is  uncertain.  It  may  be 
stated  that  in  most  cases  a  dose  of  10  c.c.  is  fatal  for  a  guinea-pig 
weighing  from  200 — 300  grammes  within  24  hours. 

All  guinea-pigs  which  are  killed  by  the  serum  invariably  show  lesions 
in  their  stomachs,  and  a  large  proportion  of  those  which  receive  small 
doses  and  recover  show  similar  lesions.  Speaking  generally,  the  larger 
the  dose  administered,  the  greater  is  the  effect  upon  the  stomach. 
The  lesions  always  occur  during  the  first  24  hours  after  injection. 

Mmroscopic  Appearance  of  Lesions  in  Stomach. — The  lesions  consist 
of  patches  of  necrosis  in  the  mucous  membrane,  and  haemorrhage. 
All  the  following  lesions  are  described  from  cases  which  survived  and 
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were  killed  on  the  following  day,  post-mortem  lesions  being  thus 
absolutely  excluded. 

The  areas  of  necrosis  appear  in  the  form  of  black  patches,  round  or 
irregular  in  shape,  from  the  size  of  a  pin's  head  to  a  large  area, 
occupying  a  third  or  more  of  the  surface  of  the  stomach,  and  contrasting 
markedly  with  the  surrounding  mucous  membrane  which  is  normal. 
The  black  colour  is  due  to  altered  bloqd  pigment,  a  variable  amount  of 
which  is  usually  found  clinging  with  particles  of  food  to  the  necrosed 
patches,  from  which  it  can  be  washed  off,  leaving  the  blackened  and 
necrosed  tissue  plainly  visible.  This  altered  blood  is  present  in  very 
variable  amount,  sometimes  being  in  considerable  quantity,  at  other 
times  scanty,  with  the  necrosis  greatly  in  excess. 

The  patches  are  foimd  most  commonly  near  or  on  one  of  the 
curvatures,  but  they  may  occur  anywhere  in  the  stomach.  Their  usual 
situation  on  the  curvatures  may  be  due  to  the  fact  that  the  main  blood- 
vessels of  the  stomach  run  along  the  latter,  and,  therefore,  these  parts 
are  the  first  to  be  exposed  to  the  action  of  the  toxin.  Sometimes,  also, 
the  patches  spread  out  into  streaks,  passing  along  the  anterior  and 
posterior  walls  of  the  stomach  from  the  curvatures,  as  if  they  followed 
the  distribution  of  the  blood-vessels.  In  some  places  the  necrosed  tissue 
has  disappeared,  leaving  ulcers  with  blackened  edges  and  bases.  After 
about  48  hours  the  black  tissue  apparently  disappears,  leaving  a 
perfectly  clean  and  sharply  punched  out  ulcer. 

Microscopic  Appearance, — The  necrosed  patches  are  sharply  marked 
off  from  the  normal  tissue,  and  do  not  extend  beyond  the  muscularis 
mucosae,  the  muscular  coats  and  peritoneum  being  normal. 

The  cells  of  the  glands  in  the  necrosed  patch,  when  they  can  be 
distinguished,  are  seen  to  be  diffusely  and  very  faintly  stained  by  the 
eosin,  their  outlines  are  clouded,  and  they  look  shrunken ;  the  nuclei 
are  not  stained,  although  towards  the  margin  of  the  patch  they  can  just 
be  distinguished. 

In  a  small  patch,  which  is  apparently  just  commencing,  the  cells,  both 
oxyntic  and  central,  have  the  above  appearances,  whilst  the  interstitial 
connective  tissue  cells  take  the  stain  well,  and  show  up  by  contrast.  In 
a  farther  advanced  stage  the  whole  patch  is  diffusely  stained  a  faint 
pink  colour  or  totally  unstained,  and  the  gland  cells  are  irregularly 
arranged  more  or  less  in  columns,  but  no  definite  idea  of  what  structure 
had  preceded  this  patch  can  be  made  out.  A  certain  amount  of 
altered  blood  pigment  in  the  form  of  scattered  brownish  granules 
can  be  seen,  but,  as  a  rule,  the  necrosed  tissue  is  singularly  free  from 
blood. 

Towards  the  edge  of  the  patch  the  normal  tissue  contains  a  few 
necrosed  cells,  and  the  edges  and  base  are  infiltrated  with  leucocytes. 
In  many  sections  the  bases  of  the  glands  do  not  appear  to  be  so 
disintegrated  as  the  inner  ends.     Sometimes  the  patch  looks  like  a 
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brownish  coagulated  mass  in  which  no  structure  can  be  made  out ;  at 
other  times  strands  of  interstitial  tissue  alone  can  be  seen,  the  gland 
cells  having  completely  disappeared. 

A  definite  ulcer  is  formed  by  the  gradual  disappearance  of  the 
necrosed  tissue.  The  blood  in  the  vessels  is  generally  normal,  and 
frequently  so  when  they  are  situated  inside  the  necrosed  patch.  In 
the  other  cases  it  is  apparently  haemolysed,  and  in  one  case  a  large  mass 
of  hsemolysed  blood  was  seen  infiltrating  the  submucous  tissue. 

The  remaining  portions  of  the  alimentary  canal  have  invaiiably 
been  found  to  be  normal,  and  no  lesion  has  been  detected  in  anv  other 
organ  of  the  body.  The  primary  lesion  in  this  necrotic  process  is, 
I  think,  undoubtedly  the  result  of  a  direct  action  of  the  gastrotoxin 
upon  the  gland  cells,  with  a  subsequent  digestion  of  this  tissue  by 
the  gastric  juice,  the  black  colour  being  due  to  the  action  of  the 
gastric  juice  upon  the  blood  which  is  contained  in  the  necrosed  patch. 

As  no  change  as  a  result  of  the  action  of  the  gastrotoxin  in  vitro  can 
be  made  out,  the  questions  must  be  raised  whether  the  serum  can 
produce  necrosis  when  it  attacks  a  cell  having  its  normal  lymph 
supply  and  normal  connections  in  the  body,  or  whether  it  only 
produces  a  devitalisation  of  the  cell,  thas  allowing  of  its  digestion  by 
the  gastric  juice,  which  in  this  way  renders  the  lesions  ^-isible. 
Previous  work  upon  other  cytotoxins  does  not  settle  the  question  one 
way  or  the  other,  because  in  some  cases  necrosis  has  l^een  stated  to 
occur,  as  in  the  liver,  whilst  in  other  cases  no  change  has  been  found 
whatever,  as  in  the  pancreas  and  suprarenal  body. 

Haemolysis  undoubtedly  occurs  to  a  variable  extent  in  different 
cases,  and  may  account  for  a  part  of  the  haemorrhage,  though  usually 
no  laking  of  the  blood  can  be  seen  in  the  vessels  of  the  stomach. 

In  my  opinion  the  lesions  are  not  primarily  due  to  hsemorrhage, 
because  the  appearance  of  a  hsemorrhagic  erosion  is  different  from  the 
necrotic  patches  described  above;  there  are  no  haemorrhages  to  be 
seen  in  the  mucous  membrane  of  the  stomach,  such  as  one  would 
expect,  and  none  occur  in  any  other  organ  of  the  body.  There  is, 
moreover,  no  reason  to  suppose  that  the  capillary  endothelium  of  the 
stomach  is  sufficiently  special  in  constitution  to  evoke  the  formation 
of  a  specific  endotheliolysin. 

Infarction  can  also  be  excluded  by  the  limitation  of  the  lesion  to 
the  mucous  membrane,  by  the  very  irregular  shape  of  the  large  patches, 
which  sometimes  contain  islands  of  normal  tissue,  and  by  the  fact 
that  no  clots  can  be  found  in  the  vessels  either  of  the  stomach  or  anv 
other  oi  4(;in. 

In  some  cases  where  the  hsemolytic  factor  is  more  than  usually  in 
evidence,  there  is  no  doubt  that  some  of  the  erosions  may  be  the  result 
of  such  a  factor,  but  in  my  experience  these  erosions  present  quite  a 
different  appearance  from  the  necrotic  patches  described  above,  the 
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tissue  being  obviously  broken  up  by  the  blood.  It  is  a  remarkable 
fact  that  evidence  of  haemolysis  should  be  found  in  the  stomach  and 
not  in  the  other  organs  of  the  body  in  these  cases. 

Nature  of  the  Gastrolytic  Serum, — The  experiments  which  I  have  made 
indicate  that  the  gastrotoxin  consists  of  an  *'  immune  body "  or 
"  amboceptor,"  which  is  newly  formed  in  the  blood  as  a  result  of  the 
injection  of  the  stomach  cells,  and  a  '*  complement "  which  is  contained 
in  the  normal  blood  serum. 

Effects  of  Heat, — If  the  serum  be  heated  to  from  55 — 60''  C.  for 
1  hour  its  action  on  injection  into  the  guinea-pig  is  destroy ed^ 
although  the  control  animals  which  are  injected  with  unheated  serum 
show  extensive  necrosis  of  the  stomach.  On  the  other  hand,  if  heated 
serum  be  added  to  an  equal  volume  of  normal  rabbit's  serum,  the 
action  is  restored  when  the  mixture  is  injected  into  the  guinea-pig^ 
but  the  resulting  lesions  are  not  quite  so  extensive  as  in  the  case  of 
the  unheated  serum. 

The  guinea-pig's  complement  does  not  appear  to  possess  a  hapto- 
phoric  affinity  corresponding  to  the  complementophile  affinity  of  the 
gastrolytic  amboceptor.  The  action  of  a  hsemolysin,  formed  by 
injecting  a  rabbit  with  guinea-pig's  corpuscles,  is,  on  the  contrary,  not 
destroyed  by  heat;  this  agrees  with  the  test-tube  phenomenon  that 
guinea-pig's  normal  serum  will  reactivate  the  heated  hsemolytic  serum 
of  a  rabbit. 

Specificity  of  the  Gastrotoxin. — This  property  has  been  tested  by 
mixing  various  cells  with  gastrolytic  serum  previous  to  its  injection 
into  the  guinea-pig,  in  order  to  determine  whether  guinea-pig's 
stomach  cells  alone  or  whether  any  other  cells  could  extract  the 
amboceptor. 

The  cells  were  allowed  to  remain  in  contact  with  the  serum  for 
1  hour  at  laboratory  temperature,  and  were  then  centrifugalised  off 
and  the  supernatant  serum  injected.  Control  animals  were  in  each 
case  injected  with  untreated  serum. 

Admixture  of  Guinea-pufs  Stomach  Cells, — Whether  the  stomach  cells 
are  washed  free  from  blood  or  not  they  anchor  the  amboceptor  and 
carry  it  down  on  centrifugalisation,  with  the  result  that  the  seriun  is 
rendered  inactive  on  injection  into  the  animal. 

Guinea-pig's  Liver  Cells, — The  liver  cells  washed  free  from  blood  fail 
to  extract  the  amboceptor,  and  necrosis  of  the  stomach  results  when 
the  serum  is  injected. 

Guinea-pifs  lieil  Blood  Cojpiiscles. — The  experiment  was  done  in  two 
ways,  and  in  each  case  the  red  corpuscles  failed  to  extract  the 
amboceptor.  In  one  case  the  gastrolytic  serum  was  cooled  to  0**  C. 
and  mixed  with  the  corpuscles ;  the  mixture  being  kept  at  0"^  C.  for 
1  hour,  was  afterwards  centrifugalised.  In  another  case  the  serum 
was  heated  to  60**  C.  for  an  hour ;  excess  of  red  corpuscles  was  tk^w 
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added  to  it  and  the  mixture  kept  at  laboratory  temperature  for  1  hour. 
The  corpuscles  were  then  centrifugalised  off  and  normal  rabbit's 
serum  added  to  the  supernatant  fluid.  On  injecting  this  mixture  into 
a  guinea-pig  stomach  lesions  resulted. 

It  was  proved  that  the  corpuscles  had  extracted  the  haemolytic 
factor,  because  on  adding  to  the  heated  serum  some  guinea-pig's 
corpuscles  and  normal  guinea-pig's  serum,  complete  laking  resulted, 
whereas  on  adding  the  corpuscles  and  normal  serum  to  the  gastrolytic 
serum,  which  had  been  treated  with  red  corpuscles  previously,  no 
laking  or  only  a  slight  discoloration  of  the  serum  immediately  above 
the  deposited  corpuscles  was  visible  after  24  hours. 

RahUfs  Stomach  Cells, — These  cells  also  failed  to  extract  the 
gastrolytic  amboceptor.  As  will  be  seen  later,  this  experiment  stands 
on  a  different  footing  from  the  last  three,  and  the  fact  of  the  cells 
failing  to  extract  the  amboceptor  does  not  prove  that  they  do  not 
possess  an  affinity  for  such  amboceptor. 

Relation  to  Hitiiwlym, — The  specificity  of  the  gastrotoxin  was  also 
tested  by  immunising  a  rabbit  against  washed  guinea-pig's  stomach. 
The  washing  was  carried  out  by  passing  a  cannula  into  the  thoracic 
aorta,  cutting  the  inferior  vena  cava  above  the  diaphragm,  and  then 
allowing  a  stream  of  sterilised  salt  solution  to  flow  through  the  cannula 
until  the  blood  was  completely  washed  out  of  all  the  abdominal  organs. 
This  experiment  is  quite  easily  accomplished. 

The  serum  of  this  rabbit  showed  a  great  increase  in  its  hemolytic 
power  after  it  had  received  three  injections  of  stomach  cells,  and  the 
serum  on  injection  into  a  guinea-pig  caused  necrosis  of  the  stomach. 
This  experiment  affords  confirmation  of  the  fact,  which  was  first 
demonstrated  in  the  case  of  spermatozoa  by  Moxter  and  in  the  case 
of  ciliated  epithelium  hy  Von  Dungern,  that  different  kinds  of  cells 
may  contain  similar  receptors. 

In  the  present  instance  the  gastric  cells  not  only  contain  specific 
receptors  peculiar  to  themselves,  l)ut  they  also  contain  receptors 
similar  to  those  of  red  blood  corpuscles.  Whether  other  cells  of  the 
body  may  contain  receptors  similar  to  those  which  I  have  stated  as 
being  peculiar  to  the  gastric  cells  the  above  experiments  do  not 
conclusively  prove.  So  far  as  they  go  the  experiments  prove  that, 
at  any  rate  if  present  in  other  cells,  the  gastric  receptors  are  not  so 
abundant  in  them  as  in  the  gastric  cells  themselves  ;  other  cells  may 
contain  a  few  of  those  receptors,  but  not  sufficient  to  extract  all  the 
immune  Ixnly  contained  in  the  serum. 

At  any  rate,  in  the  present  state  of  our  knowledge,  these  experi- 
ments tend  to  show  that  the  gastrotoxin  not  only  contains  a  specific 
amboceptor,  which  has  an  affinity  for  the  receptors  peculiar  to  the 
gastric  cells,  but  also  an  amlx^ceptor  having  an  affinity  for  the 
receptors  which  the  gastric  cell  possesses  in  common  with  red  blood 
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corpuscles.  The  term  "  specificity  "  used  strictly  should  not,  therefore, 
be  applied  to  the  gastrolytic  serum  itself,  but  to  that  part  of  it  which 
has  a  specific  affinity  for  the  receptors  peculiar  to  the  gastric  cells. 

(c)  Changes  in  tlie  IiaJ)hit\^  Peritoneum, 

If  an  animal  which  has  received  several  injections  be  killed  a  few 
weeks  after  the  last  one,  the  peritoneum  will  show  slight  opacity  and 
thickening  in  various  places,  or  slight  adhesions  between  adjacent 
coils  of  intestine  may  be  seen,  or  small  pedunculated  nodules  may 
be  present.  The  remaining  portions  of  the  peritoneum  are  quite 
normal. 

The  nodules  on  section  are  found  to  be  composed  of  concentric 
layers  of  fibrous  tissue,  generally  inclosing  within  them  a  group  of 
epithelioid  cells,  and  occasionally  a  giant  cell,  the  nuclei  of  which  ai*e 
arranged  in  the  centre.  \Miether  these  nodules  are  formed  during 
the  absorption  of  the  stomach  cells,  as  they  were  not  seen  in  the  cases 
in  which  an  extract  of  stomach  cells  was  injected,  or  owing  to  the 
presence  of  isolated  bacteria,  I  am  not  prepared  to  state.  At  any 
rate,  a  bacteriological  examination  of  such  a  peritoneum  shows  that  it 
is  sterile. 

A  few  days  after  an  injection  the  peritoneum  is  in  places  smeared 
over  with  a  thin  layer  of  cheesy  material,  and  masses  of  the  same 
material  may  exist  between  the  coils  ot  the  intestine ;  elsewhere  the 
peritoneum  is  normal.  Microscopically,  this  substance  consists  of 
proliferated  peritoneal  epithelium  and  exuded  leucocytes.  This 
substance  is  also  sterile  on  cultivation. 

Last  year,  after  I  had  commenced  the  present  research,  a  paper  was 
published  by  Th^ohari  and  Bab^s  on  a  gastrotoxin.  This  is  the  only 
paper,  so  far  as  I  am  aware,  dealing  with  the  subject,  and,  as  the 
authors  obtained  different  results  from  mine,  I  will  here  briefly 
enumerate  them. 

The  mucous  membrane  of  the  dog's  stomach  was  subcutaneously 
injected  into  the  goat,  and,  on  injection  of  the  goat's  serum  into  the 
dog,  they  obtained  the  following  results  : — 

(1)  Pronoimced  hypersecretion  of  the  stomach  cells  in  the  case  of 
the  weak  gastrotoxic  serum. 

(2)  Rapid  death,  with  intense  hypersemia  of  the  stomach,  and 
especially  of  the  intestine  in  the  case  of  the  stronger  serum. 

(3)  In  small  doses,  excitation  of  gastro-intestinal  peristalsis  and 
intestinal  haemorrhage.  The  chief  cells  in  the  stomach  show  functional 
changes ;  the  marginal  cells  show  degenerative  changes.  No  change 
in  the  pyloric  region  of  the  stomach  or  the  large  intestine. 

(4)  The  serum,  specific  against  the  peptic  region  of  the  dog's 
stomach,  produces,  moreover,  material  alterations  in  the  small 
intestine,  whilst  the  large  intestine  remains  normal. 
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(3.)  Effects  of  Injection  of  the  Stomach  Cells  of  the 

Rabbit  into  the  Rabbit. 

The  same  initial  symptoms,  and  the  same  changes  in  the  rabbit's 
peritoneum,  are  observed  as  in  the  case  of  injection  of  guinea-pig's 
stomach  cells. 

Changes  in  the  RaiMfs  Blood, — I  have  been  unable  to  produce  any 
stomach  lesion,  or  demonstrate  any  toxic  action,  on  injecting  the 
serum  into  a  rabbit. 

Action  on  Injection  into  the  Guineorpig. — That  the  blood  has  acquired 
toxic  properties,  however,  I  have  shown  by  injecting  the  serum  into 
guinea-pigs.  Identical  lesions  are  obtained  by  such  injections  with 
those  described  above. 

Effects  of  Heat. — My  experiments  so  far  tend  to  show  that,  oti 
heating  the  serum  to  50 — 60°  C.  for  1  hour,  the  action  is  destroyed  if 
the  serimi  has  only  a  low  toxicity,  but  that  some  action  may  remain 
in  the  case  of  the  more  toxic  sera.  According  to  these  results,  the 
guinea-pig  serum  may  to  some  extent  complement  this  amboceptor. 

Effects  of  Previous  Treatment  with  Guinea-pig^ s  Stomach  Cells. — The 
stomach  cells  extract  the  amboceptor,  and  render  the  serum  inactive, 
as  described  in  dealing  with  the  serum  obtained  by  injecting  the 
rabbit  with  guinea-pig's  cells. 

Effeci'i  of  Previous  Treatmeni  2vUh  Bahlnfs  Stomach  Cells. — In  this  case 
the  rabbit's  stomach  cells  entirely  fail  to  anchor  the  amboceptor,  and, 
on  injecting  the  serum  thus  treated  into  a  guinea-pig,  necrosis  of  the 
stomach  results.  The  same  result  was  seen  in  the  serum  of  rabbits 
immunised  with  guinea-pig's  cells. 

From  these  experiments  I  think  it  may  be  inferred  that  the  rabbit 
can  produce  a  gastrolytic  serum  when  rabbit's  stomach  cells  are 
injected  into  its  body.  And  also,  that  the  immune  body  thus  pro- 
duced has  two-  cytophilic  affinities :  (1)  for  the  receptors  of  the 
rabbit's  stomach  cells,  since  it  is  formed  in  response  to  their  injection ; 
(2)  for  the  guinea-pig's  stomach  cells,  since  it  causes  necrosis  of  them. 

Another  alternative  would  be  to  assume  that  two  separate  immune 
bodies  are  formed.  Whichever  of  these  two  views  be  accepted,  the 
conclusion  follows  {that  the  failure  of  the  rabbit's  stomach  cells  to 
anchor  the  immune  body  for  which  they  have  an  affinity  points  to 
the  hypothesis  that  this  junction  is  prevented  by  the  interposition  of 
an  anti-immune  body,  this  anti-immune  body  having  presumably  been 
formed  by  the  rabbit  to  protect  its  own  stomach  and  prevent 
autolysis. 

If  we  accept  the  view  that  two  separate  immune  bodies  are  formed, 
we  must  also  conclude  that  the  rabbit's  stomach  cell  has  receptors 
similar  to  thefguinea-pig's,  as  well  as  those  peculiar  to  itself ;  this 
view  presents  the  difficulty  that  we  cannot  explain  why  the  guinea- 
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pig's  cells  should  anchor  the  immune  body,  whilst  the  rabbit's  cells 
^vill  not.  On  the  other  hand,  if  we  accept  the  view  that  there  is  one 
immune  body  only,  but  that  it  has  two  cytophilic  affinities,  that  corre- 
sponding to  the  rabbit's  receptor  being  saturated  by  an  anti-immune 
body,  but  that  corresponding  to  the  guinea-pig's  receptor  being  free, 
the  above  difficulty  vanishes. 

(4.)  Effects  of  Injection  of  the  Stomach  Cells  of  the 

Guinea-pig  into  the  Guinea-pig. 

The  serum  in  this  case  was  shown  to  be  toxic  by  injecting  it  into  a 
rabbit,  when  typical  necrosis  resulted.  A  difficulty  encountered  here 
is  due  to  the  fact  that  a  sufficient  amount  of  blood  cannot  l)e  obtained 
from  the  guinea-pig  in  order  to  inject  an  amount  corresponding  to  the 
weight  of  the  rabbit  which  would  lead  to  a  result  as  marked  as  that 
obtained  in  the  guinea -pig*s  stomachs  described  above. 

This  experiment  also  shows  that  when  an  animal  absorbs  cells  which 
have  been  taken  from  the  body  of  an  identical  animal  its  blood  becomes 
toxic. 

(5.)  Action  of  Normal  Kabbit's  Serum  on  the  Guinea-pig. 

The  blood  serum  of  the  rabbit  is  to  some  extent  hsemolytic  for  the 
guinea-pig's  red  corpuscles.  On  injection  of  the  serum  into  a 
guinea-pig,  even  in  large  does  (20  c.c),  no  lesions  are  found  in  the 
stomach  or  alimentary  canal  such  as  result  from  haemolysis.  In  one 
case  a  patch  of  engorged  vessels  was  seen  in  the  stomach,  but  no 
hflpmorrhage  or  necrosis  was  to  be  observed. 

(6.)  Action  of  Strongly  H^emolytic  Serum. 

After  a  rabbit  has  received  several  injections  of  guinea-pig's  red 
corpuscles  a  marked  effect  is  observed  on  injecting  the  rabbit's  blood 
serum  into  a  guinea-pig.  The  lesions  produced  consist  of  hsemorrhage 
with  distortion  and  solution  of  the  blood  corpuscles.  The  haemor- 
rhages are  best  seen  in  the  alimentary  canal.  They  occur  in  the 
stomach  and  lead  to  erosions  of  the  mucous  membrane  as  a  secondary 
consequence,  but  patches  of  necrosis  in  the  mucous  membrane  are  not 
seen.  Haemorrhages  are  also  seen  in  the  lymphatic  follicles  of  the 
intestine,  especially  the  colon.  There  is  intense  engorgement  of  the 
organs  and  haemorrhages  may  occur  all  over  the  mesentery. 

Effects  of  Heat. — On  heating  the  haemolytic  serum  to  50 — 60**  C.  for 
an  hour,  its  action  is  not  destroyed,  the  guinea-pig's  serum  being  able 
to  complement  the  haemolytic  amboceptor.  The  differences  between 
the  action  of  a  haemolytic  and  a  gastrotoxic  serum  are  thus  seen  to 
be  very  considerable. 
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(7.)  Lesions  in  the  Guinea-pig's  Stomach  due  to  Causes  other 

THAN  HiEMOLYSIS  OR  GASTROLYSIS  ARE  OCCASIONALLY  SEEN. 

If  the  stomachs  of  a  large  number  of  normal  guinea-pigs  are 
examined  regularly,  there  may  occasionally  be  seen  patches  of  con- 
gestion in  the  mucous  membrane ;  sometimes  haemorrhages  are  present, 
and  in  two  cases  I  have  found  ulcers.  What  the  pathology  of  this 
condition  is  does  not  seem  quite  clear,  but  probably  the  ulcers  are  of 
hemorrhagic  origin. 

In  two  cases  of  septic  peritonitis  in  guinea-pigs  I  have  found 
haemorrhage  into  the  stomach  and  small  intestine.  On  microscopic 
examination  they  present  a  very  typical  appearance,  the  l)lood  being 
extravasated  into  the  substance  of  the  mucous  membrane,  and 
exhibiting  quite  a  different  appearance  from  patches  of  necrosis. 

(8.)  Conclusions. 

(a.)  On  either  intraperitoneal  or  subcutaneous  injection  of  the 
stomach  cells  (or  a  fresh  extract  of  them)  of  the  guinea-pig  into  the 
rabbit,  the  blood  serum  of  the  latter  becomes  highly  toxic  for  guinea- 
pigs. 

(b.)  The  serum  leads  to  death  on  injection  into  the  guinea-pig  and 
causes  necrosis  of  the  mucous  membrane  of  the  stomach,  leading  to 
ulceration  and  haemorrhage. 

(c.)  The  toxin  contained  in  the  serum  consists  of  at  least  two 
factors :  (1)  A  specific  Gastrolysin,  which  leads  to  necrosis ;  (2)  A 
Hsemolysin  which  assists  in  producing  haemorrhage.  The  haemolytic 
factor  can  be  removed,  leaving  the  gastrolytic,  which  still  produces 
stomach  lesions. 

((/.)  The  gastrolysin  is  a  specific  cytotoxin  and  consists  of  an  immune 
body  and  a  complement. 

{€,)  The  gastrolysin  does  not  visibly  affect  the  cells  in  ri/ro. 

(/. )  The  gastrolysin  does  not  produce  necrosis  in  the  stomach  of  the 
animal  which  has  elaborated  it,  possibly  owing  to  the  concomitant 
formation  of  an  anti-immune  body. 

(g.)  By  injection  of  the  stomach  cells  of  the  rabbit  into  the  rabbit 
a  gastrolysin  is  formed  which  causes  necrosis  in  the  gjiinea-pig's 
stomach  ;  it  therefore  possesses  at  least  two  cytophilic  affinities. 

(h.)  By  injection  of  the  stomach  cells  of  the  guinea-pig  into  the 
guinea-pig  a  gastrolysin  is  formed  which  causes  necrosis  in  the  stomach 
of  the  rabbit;  this  gastrolysin  is  probably  of  a  similar  nature  as  the 
preceding. 

(k.)  The  importance  of  the  above  conclusions  with  regard  to  the 
|>athology  of  human  gastric  ulcer  lies  in  the  fact  that  an  animal  can 
elaborate  in  its  blood  by  the  absorption  of  the  cells  of  a  similar  animal. 
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and  therefore  presumably  of  its  own,  a  toxin  which  would  cause 
necrosis  in  the  mucous  membrane  of  its  own  stomach  were  it  not 
for  some  deterring  influence,  probably  the  concomitant  formation  of  an 
anti-immune  body. 
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(From  the  Pathological  Laboratory  of  St.  Mary's  Hospital,  London,  W.) 

The  subject  matter  with  which  we  have  here  to  deal  may  be 
distributed  under  the  following  headings : — 

(1)  Determination  of  the  nature  of  the  action  which  is  exerted  upon 
the  Staphylococcus  pyogenes  by  normal  human  blood  fluids,  and  by  the 
blood  fluids  of  patients  who  have  been  inoculated  with  a  staphylococcus 
vaccine. 

(2)  Comparison  of  the  phagocytic  power  of  the  subjects  of  staphy- 
lococcus invasion  with  the  phagocytic  power  of  normal  individuals. 

(3)  Distribution  in  the  infected  organism  of  the  opsonins  which  here 
come  into  consideration. 

(4)  Determination  of  the  question  as  to  whether  the  opsonins  are 
present  in  the  blood  of  the  infant  at  birth. 

(5)  Determination  of  the  course  of  the  reaction  of  immunisation 
which  supervenes  upon  the  inoculation  of  a  staphylococcus  vaccine. 

(1)  Nature  of  the  Action  which  is  exerted  upon  the  Staphylococcus  pyogenes 
by  Normal  Blood  Fluids^  and  by  the  Blood  Fluids  of  Patients 
Inoculated  with  a  Staphylococcus  Vaccine, 

Bactericidal  Action. — It  was  shown  in  the  course  of  the  classical 
researches  on  the  bactericidal  power  of  the  blood  which  were  conducted 
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by  Nuttall^  in  Fliigge's  laboratory,  that  the  staphylococcus  offers 
resistance  to  the  bactericidal  action  of  the  blood  fluids.  Two  years 
afterwards  the  observations  of  Nuttall,  which  had  reference  to  the 
blood  of  animals,  were  extended  by  Stern t  to  human  blood.  The 
methods  employed  by  Nuttall  and  Stem  alike  did  not,  however,  permit 
of  a  comparatively  small  bactericidal  action  being  distinguished  from 
a  complete  absence  of  bactericidal  action. 

The  question  as  to  how  far  the  staphylococcus  offers  resistance  to  the 
bactericidal  action  of  human  blood  was  reinvestigated  by  one  of  us, 
the  results  being  published  (a)  in  a  paper  dealing  with  anti-staphy- 
lococcus  inoculations  J,  aud  (b)  in  a  paper  written  in  conjunction  with 
Captain  F.  Windsor,  I.M.S.,§  on  the  bactericidal  action  exerted  by 
human  blood  upon  a  variety  of  pathogenic  micro-organisms.  It  was 
established  in  the  researches  here  in  question,  which  were  conducted 
with  the  more  delicate  methods  of  investigation  set  forth  in  the  *  Pro- 
ceedings of  the  Royal  Society  'i|  and  in  the  *  Lancet  'H  respectively,  (a) 
that  normal  human  blood  does  not  exert  upon  the  staphylococcus  any 
bactericidal  action  whatever,  and  (b)  that  anti-staphylococcus  inocula- 
tions do  not  lead  to  a  development  of  any  bactericidal  power  in  the 
blood.** 

Opsonic  Action. — It  having  become  evident  in  the  course  of  these 
researches  that  the  effect  of  anti-staphylococcus  inoculation  is  not  to  be 
found  in  a  development  of  bactericidal  properties  in  the  blood  fluids, 
attention  was  directed  to  the  measurement  of  the  phagocytic  power  of 
the  blood.  Taking  to  aid  the  method  of  phagocytic  estimation  devised 
by  Major  W.  B.  Leishman,  R.A.M.C.,  itwas  ascertained  that  successful 
immunisation  against  staphylococcus  goes  in  every  case  hand  in  hand 
with  the  acquirement  of  increased  phagocytic  power. 

Certain  difficulties  having  suggested  themselves  in  connection  with 
the  attribution  of  this  result  to  a  "training"  of  the  white  blood  corpuscles 
we  addressed  ourselves  to  a  further  investigation  of  the  phenomena  of 
phagocytosis. 

In  the  course  of  this  investigation!  t  it  became  clear  that  phagocytosis 
of  bacteria  is  dependent  upon  an  effect  exerted  upon  the  bacteria  by 
the  blood  fluids.     We  spoke  of  this  effect  as  an  opsonic  effect. 

In  a  second  research,  J  J  in  which  we  extended  our  previous  observations, 
on  the  opsonic  power  of  the  blood  fluids,  we  showed  that  the  increased 
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II  Wright,  *Roy.  Soc.  Proc.,'  vol.  71,  1902. 

^  Wright,  *  Lancet,'  December  1,  1900,  and  March  2,  1901. 
••   Vide  *  Journal  of  Hygiene  '  (loc.  c»Y.),  Tables  711  and  VIIL 
ft  Wright  and  Douglas,  *Roy.  Soc.  Proc.,'  1903,  vol.  72. 
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phagocytic  effect  which  is  obtained  with  the  blood  of  successfully 
immunised  persons  is  attributable  not  to  any  modification  induced  in 
the  leucocytes,  but  to  an  increased  opsonic  power  in  the  blood  fluids. 
Conclusive  evidence  of  this  was  obtained  by  separating,  in  the  case  of 
two  bloods  of  conspicuously  different  phagocytic  power  in  each  case, 
the  blood  fluids  from  the  corpuscular  elements  and  then  effecting  an 
interchange  of  the  blood  fluids.  The  leucocytes  of  the  successfully 
immunised  patient  exhibited  under  these  circumstances  the  smaller 
phagocytic  action  characteristic  of  the  blood  of  the  normal  individual 
who  served  as  a  control,  while  the  leucocytes  of  the  normal  individual 
€xhibited  the  increased  phagocytic  action  characteristic  of  the  blood  of 
the  successfully  immunised  patient. 

The  witness  of  the  experiment  just  referred  to,  and  of  a  previous 
experiment  incorporated  in  our  first  paper,  is  confirmed  by  similar 
results  obtained  in  connection  with  the  tubercle  bacillus.  See 
pp.  164 — 165. 

Agglviinating  Action, — Normal  human  serum  does  not  exert  any 
charactenstic  agglutinating  action  upon  the  staphylococcus.  Such 
agglutination  as  is  obtained  is  not  very  sensibly  increased  under  the 
influence  of  staphylococcus  inoculations. 

(2)  Comparison  of  the  Phagocytic  Power  of  the  Shihjects  of  Staphylococcus 
Invasion  with  the  Phagocytic  Power  of  Normal  Persons. 

It  is  clear  from  what  has  been  said  above  that  the  essential  change 
which  takes  place  in  'human  blood,  as  a  result  of  the  inoculation  of 
staphylococcus  cultures,  is  an  increase  in  the  phagocytic  power, 
dependent  upon  an  increase  of  the  opsonic  elements  in  the  blood. 

Further  evidence  of  the  essential  importance  of  the  phagocytic  and 
opsonic  power  in  connection  with  resistance  to  staphylococcus  invasions 
is  obtained  by  contrasting  the  phagocytic  power  of  the  subjects  of 
staphylococcus  invasion  with  that  of  normal  individuals. 

Our  observations  on  this  subject  were  made  in  some  instances  by 
comparing  the  phagocytic  power  of  the  decalcified  blood  of  the  patient 
with  the  phagocytic  power  of  the  decalcified  blood  of  a  normal  person. 
More  frequently  we  employed  in  our  experiments  respectively,  the 
patient's  serum  and  the  serum  of  a  normal  person  in  each  case  in 
association  with  the  washed  corpuscles  derived  from  a  normal  man. 

The  results  of  our  observations  are  tabulated  below  : — 
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Table  showing  the  Batio  in  which  the  Phagocytic  or  Opsonic 
Power  of  the  Patient's  Blood  stood  in  each  case  to  the  Phagocytic 
or  Opsonic  Power  of  the  Normal  Individual  who  furnished  the 
Control  Blood. 

(The  phagocytic  power  of  the  control  blood  is  taken  in  each  case 

•  as  unity.) 


Initialt  of  patient. 


E.a 

F.F 

J.E 

J.H 

W.B 

E.H 

W.H 

\7«    XJ»      ••   ••••  ••  •• 

s.c 

W.L 

W.P 

S.F 

£•  Jd  .  I}.  ..••••.. 

J.M 

W.M 

XLm     XT*         ••     ••••     •••• 

Ju.«  0*     •••••••••• 


Fonn  of  staphylococcus  inyasion. 


Furunculosis 

Sycosis 

Acne 

Furunculosis 

Acne 

»»    ....•« .• 

Furunculosis 

»»         ****. 

Acne  and  sTcosis 

Furunculosis 

>»     •• 

i,     ..•.•••..•••••••. 

Verj  uggravated  sycosif. 

Acne 

Sycosis 

Acne 

Sycosis 

Acne 

Pustular  affection  of  lips 

Repeated  septic  infection 


Phagocytic  or 
opsonic  index. 


0-48 

0-49 

0-64 

0-87 

0-55 

0-82 

0-79 

0-7 

0-74 

0-87 

0-88 

0-39 

0-1 

0-73 

0-8 

0-48 

0-37 

0-6 

0-6 

0-47 


In  view  of  these  observations  and  of  the  fact  that  we  have  not 
come  across  any  instance  of  the  association  of  a  normal  phagocytic 
power  with  a  staphylococcus  infection,  the  conclusion  would  seem 
justified  that  a  low  phagocytic  power  and  staphylococcus  infection  are 
related  to  each  other  by  some  fact  of  causation.  While  it  is  h  prion 
possible  that  the  diminished  phagocytic  power  which  characterises 
those  infected  by  the  staphylococcus  might  be  the  result  of  the 
staphylococcus  invasion,  it  is  infinitely  more  probable,  in  view  of  the 
entire  absence  of  clinical  symptoms  in  the  slighter  cases  of  staphylo- 
coccus infection,  that  it  is  the  defective  phagocytic  power  of  the 
patient  which  furnishes  to  the  staphylococcus  which  is  normally 
present  upon  the  surface  of  the  body  the  opportunity  for  invading  the 
skin. 

It  is  shown  elsewhere  (see  p.  166)  that  a  similar  problem  arises  in 
connection  with  the  circumstance  that  a  low  phagocytic  power,  with 
respect  to  the  tubercle  bacillus,  is  generally  found  in  association  with 
tubercular  infection. 
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(3)  On  the  Distribution  of  Opsonins  in  the  Infected  Organum, 

It  is  a  fundamentally  important  but  unappreciated  fact  in  connec- 
tion with  bacterial  infections  that  the  bacteriotropic  pressure — we  designate 
by  this  term  the  mass  eifect  exerted  upon  the  invading  bacteria  by  the 
protective  substances  contained  in  the  blood  fluids — does  not  stand  at 
the  same  level  in  every  part  of  the  infected  organism. 

One  of  us  has,  in  conjunction  with  Captain  George  Lamb,  I. M.S.,* 
demonstrated  in  the  case  of  patients  who  had  succumbed  respectively 
to  typhoid  and  Malta  fever  that  the  amount  of  agglutinins  in  the 
splenic  pulp  is  invariably  less,t  in  some  instances  over  200  times  less, 
than  in  the  circulating  blood.  It  was  further  shown  in  the  paper  in 
question  that  there  was  a  similar  difference  as  between  the  fluid 
obtained  from  the  typhoid  spots  and  the  fluid  of  the  circulating  blood. 
Captain  Lamb  J  gave  a  further  extension  to  these  observations  by 
demonstrating,  in  the  case  of  monkeys  examined  immediately  after  the 
crisis  of  spirillum  fever,  that  the  splenic  pulp  (where  the  spirilla  still 
survive  after  they  have  disappeared  from  the  circulation)  is  much 
poorer  in  bactericidal  and  bacteriolytic  substances  than  the  circulating 
blood. 

It  is  shown  by  these  observations  that  the  Bacillus  typlwsus^  the 
Micrococcus  melUensis  and  the  Spirillum  Obermeyeri,  respectively  multiply, 
or,  as  the  case  may  be,  maintain  their  existence,  within  the  infected 
organism  in  regions  of  low  bacteriotropic  pressure.  We  may  legiti- 
mately assume  that  the  lowered  bacteriotropic  pressure  in  the  nidus, 
where  the  micro-organisms  are  cultivating  themselves,  results  from  a 
retarded  replacement  of  protective  substances  which  are  removed  from 
the  body  fluids  where  these  come  into  contact  with  bacteria. 

Influenced  by  the  results  of  the  observations  which  have  been  just 
set  out,  we  have  addressed  ourselves  to  the  task  of  investigating  the 
distribution  of  the  opsonins  in  the  case  where  the  human  organism  is 
invaded  by  the  staphylococcus.  With  this  intent  we  have  instituted 
comparisons  between  the  serum  obtained  from  the  circulating  blood 
and  the  fluid  obtained  by  centrifugalisation  from  pus.  It  will  be  seen 
from  the  observations  set  forth  below  that  what  has  been  shown  to  hold 
true  with  respect  to  the  distribution  of  agglutinins  and  bactericidal 
and  bacteriolytic  substances  respectively  in  the  bacterial  infections 
before-mentioned,  holds  true  also  in  the  case  of  the  opsonins  in  the  case 
of  staphylococcic  infection.  In  view  of  this  fact,  and  of  the  similar 
facts  which  we  set  out  elsewhere  in  connection  with  tubercular  infection 
(see  pp.  167 — 169),  it  may  be  enunciated  as  a  proposition  of  general 

•  Wright  and  Lamb,  *  Lancet,*  December  23,  1898. 

t  This)  observation  lo  far  as  it  applies  to  typhoid  had  been  anticipated  by  Paul 
Courmont, '  Soc.  de  Biologic,'  February  20  and  March  28,  1897. 

X  Lamb,  '  Scientitic  Memoirs  by  Officers  of  the  Medical  and  Sanitary  Depart- 
ments  of  the  Q-ovemment  of  India,'  vol.  12,  pp.  96,  et  seq. 


152  Dr.  Wright  and  Capt  Douglas.    Action  on      [July  26^ 

application  that  the  inyading  micro-organisms  cultivate  themselves  in 
the  organism  in  regions  of  lowered  bacteriotropic  pressure. 

Case  1. 

13.4.04.     Patient  with  an  alveolar  abscess  pointing  on  the  cheek. 
Pus  gives  a  pure  culture  of  staphylococcus. 

A. 

Patient's  serum 2  toIs. 

A.  E.  W.'s  washed  corpuscles. ...      2    „ 
Staphylococcus  emulsion 1  toI. 

Phagocytic  index*  (average  of  20  P.W.B.C),  80-8. 

B. 

Supernatant  fluid  from  pus 2  toIs. 

A.  E.  W.'s  washed  corpuscles. ...     2    ,, 
Staphylococcus  emulsion 1  toI. 

Phagocytic  index  (average  of  20  P.W.B.C),  6*1. 

Ratio  ofoptonic  index  of  serum  to  opsonic  index  of  superniUant  fluid 

from  pusy  1 :  0*17. 

15.4.04.      Patient  has   had  fomentations  applied   to   cheek  since 
abscess  was  opened  on  13.4.04.     Abscess  rapidly  healing. 

A. 

Patient's  serum 2  toIs. 

A.  E.  W.'s  washed  corpuscles. ...     2    „ 
Staphylococcus  emulsion 1  toI. 

Phagocytic  index  (average  of  20  P.W.B.C.),  10*05. 

B. 

Supernatant  fluid  from  pus   ....     2  vols. 
A.  E.  W.'s  washed  corpuscles. ...      2    „ 
Staphylococcus  emulsion 1  vol. 

Phagocytic  index  (average  of  20  P.W.B.C),  10*1. 

Ratio  of  opsonic  index  of  serum  to  opsonic  index  of  supernatant  fluid 

of  pus,  1 : 1. 

Case  2. 

Patient  with  patellar  abscess.     Pus  from  abscess  furnishes  a  pure 
growth  of  streptococcus. 

Patient's  serum 2  vols. 

A.  E.  W.'s  washed  corpuscles. ...     2     ,, 
Staphylococcus  emulsion 1  toI. 

Phagocytic  index  (average  of  20  P.W.B.C),  14*2. 

*  The  phagocytic  index  was  here,  as  elsewhere,  determined  by  counting  the 
number  of  bacteria  ingested  in  the  specified  number  of  polynu clear  leucocytes  after 
^  digesting  together  in  a  capillary  tube  for  15  mins.  at  37°  C.  the  serum,  corpuscles, 

Mnd  bacterial  suspension. 
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B. 

Supernatant  fluid  ol;  pus 2  toIb. 

A.  £.  W.*8  washed  corpueclet. .  •  •     2     „ 
Staphylococcus  emulsion 1  vol. 

Phagocytic  index  (arerage  of  40  P.  W.B.C.),  1*26. 

Ratio  of  opsonic  index  of  serum  to  opsonic  index  of  supernatant  fluid, 

of  pus,  1  :009. 

(4)  JJeterminattan  of  the  Question  as  to  whether  the  Opsonins  which  come 
into  Cormderaiion  in  Connection  with  the  Protection  of  the  Organism 
against  Staphylococcus  Invasion  are  present  in  the  Blood  of  the  Infant 
ai  Birth, 

Opportunity  offering,  we  have  thought  it  worth  while  to  determine 
whether  the  protective  substances  which  come  into  consideration  in 
connection  with  the  Staphylococcus  pyogenes  are  present  in  the  blood 
at  birth.  For  this  purpose  we  have  made  a  series  of  comparative 
estimations  of  the  opsonic  power  of  the  blood  of  child  and  mother, 
employing  for  this  purpose  respectively  placental  blood  and  blood 
drawn  off  directly  from  the  mother  immediately  after  the  completion 
of  parturition.  We  are  indebted  to  Messrs.  B.  H.  Spilsbury  and 
J.  Freeman  for  the  collection  of  the  bloods.  The  observations  we  have 
made  are  as  follows  : — 

Observations. 

Blood  drawn  off,  in  the  case  of  the  mother,  from  the  finger ;  in  the 
case  of  the  child,  from  the  umbilical  cord. 

No.  1. 

A. 

Mother's  serum 3  vols. 

A.  £.  W.'s  washed  corpuscles  ...     3    ,, 
Staphylococcus  emulsion 1  toI. 

Phagocytic  index  (average  of  20  P.W.B.C.),  16-1. 

B. 

Child's  serum 3  vols. 

A.  £.  W.'s  washed  corpuscles  .. .     3    „ 
Staphylococcus  emuUion 1  vol. 

Pliagocytic  index  (average  of  20  P.W.B.C.),  ie'6. 

No.  2. 

A. 

Mother's  serum 2  vols. 

A.  £.  W.'s  washed  corpuscles  ...     2    ,, 
Staphylococcus  emulsion 1  vol. 

Phagocytic  index  (average  of  20  P.W.B.C),  12-65. 
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B. 

Child's  sorum. ,-. 2  toIb. 

A.  E.  W.'s  washed  corpuscles  ...     2    „ 
Staphjloooccus  emulsion 1  vol. 

Phagocytic  iudex  (arerage  of  20  P.W.B.C),  12*26. 

(5)  Determination  of  the  Course  of  the  Reaction  of  Immunisation  obtained 
in  response  to  Inoculations  of  a  Staphi/lococcus  Vaccine. 

We  have  in  a  very  considerable  number  of  cases  plotted  out  by  the 
aid  of  the  phagocytic  method  the  course  of  the  reaction  of  immiuiisa- 
tion  which  occurs  in  response  to  inoculations  of  a  staphylococcus 
vaccine. 

A  preliminary  word  or  two  may  be  devoted  to  the  description  of  the 
mode  of  preparation  of  the  vaccine. 

The  procedure  we  adopt  is  as  follows : — 

We  add  to  a  24  hours'  growth  of  staphylococcus  on  sloped  agar  tube 
about  10  c.c.  of  sterile  physiological  salt  solution.  Churning  up  our 
culture  with  this,  and  letting  it  stand  in  order  to  allow  all  the  unresolved 
bacterial  masses  to  subside,  we  draw  off  the  supernatant  fluid  by  syphon 
action  into  a  special  form  of  tube  and  heat  to  60°  C.  for  half  an  hour. 

We  now  place  the  tube  in  an  incul)ator  and  incubate  for  24  hours 
in  order  to  allow  of  a  multiplication  of  any  bacteria  which  may  have 
survived  the  heating.  We  now  inoculate  a  sample  of  the  heated 
culture  upon  agar  with  a  view  to  the  detection  of  any  surviving  micro- 
organisms ;  at  the  same  time,  if  this  has  not  before  been  undertaken, 
we  draw  off  a  sample  of  the  suspension  and  enumerate  under  the 
microscope  by  the  procedure  described  by  one  of  us  in  the  *  Lancet  *  of 
July  5,  1902. 

After  verifying  the  sterility  of  the  vaccine  we  now  dilute  ^^ith  a 
suflBciency  of  physiological  salt  solution  to  bring  down  the  number  of 
staphylococci  in  the  cubic  centimetre  to  2,500,000,000.  Finally  we  add 
lysol  in  sufl&cient  quantity  to  bring  the  content  of  the  vaccine  in  this 
antiseptic  to  0*25  per  cent. 

In  connection  with  boils  and  sycosis  a  vaccine  made  from  the 
Staphylococcias  aureus ;  in  cases  of  acne  a  vaccine  made  from  a  mixture  of 
Staphi/lococcus  alhus  and  citreus  is  appropriate. 

A  dose  of  0*5  to  1  c.c.  of  the  vaccine  made  as  above  is  a  suitable 
quantum  for  a  first  inoculation.  For  subsequent  inoculations  1  to  2  c.c. 
of  the  vaccine  may  be  employed. 

Below  are  subjoined  four  of  the  more  instructive  of  the  curves  which 
we  have  obtained  by  the  periodical  examination  of  the  phagocytic 
power  of  the  blood  subsequent  to  inoculations  of  staphylococcus 
vaccines. 

Curve  1. — The  curve  here  in  question  applies  to  a  medical  man  who 
had  suffered  from  boils  almost  continuously  for  4  years. 
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On  the  date  ivhen  he  presented  himeelf  for  treatment  he  had  two 
boils  on  hie  neck.  It  will  be  seeti  that  the  phagocytic  ratio  recorded 
for  that  day  was  O'C— the  phagocytic  power  of  the  normal  control  blood 
being  throughout  taken  as  unity. 

On  the  next  day  and  the  day  subsequent  phagocytic  ratios  of  07 
and  I'l  respectively  were  recorded.  This  altogether  apontaneouB 
improvement  of  the  phagocytic  iwwer  went  hand  in  hand  with  a  striking 
improvement  in  the  condition  of  the  boils. 
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The  patient  was  now  inoculated  with  a  quantum  of  sterilised  culture 
of  staphylococcus  corresponding  to  2,000,000,000  of  staphylococci. 
The  c\ilture  employed  was  derived  from  the  patient's  boils. 

On  the  day  subsequent  to  inoculation  the  patient's  phagocytic  power 
w.is  foiuid  to  be  reduced.  Contemporaneously  with  the  development 
of  this  "  negative  phase,"  an  irritable  pimple  developed  on  the  neck. 
We  may  see  in  this,  for  it  is  a  phenomenon  which  has  manifested  itself 
again  and  again  in  this  connection  with  our  inoculations,  an  indication 
that  the  negative  phase  is  associated  with  a  diminished  resisting  power 
to  invasion  by  the  staphylococcus. 

On  the  second  day  after  the  inoculation  an  improvement  in  the 
phagocytic  power  was  recorded.  The  "  positive  phase,"  which  is 
here  heralded,  reached  its  acme  on  the  eighth  day  subsequent  to 
inoculation. 

On  the  twelfth  day  the  patient  was  re-inoculated  with  the  same 
quantum  of  vaccine  as  was  employed  on  the  first  occasion.  As  on 
the  previous  occasion,  inoculation  was  followed  by  a  negative, 
succeeded   by  a  positive   phase.     For  a  period   of   weeks  after  t\L« 
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inoculation,  when  the  patient  passed  out  of  observation,  he  remained 
perfectly  free  from  boils. 

Cune  2. — This  curve  has  reference  to  a  patient  who  suifered  from 
aggravated  sycosis.  A  pure  cultivation  of  Staphylococcus  cUivus  was 
obtained  from  the  inflamed  hair  follicles.  He  bad  been  treated 
without  appreciable  benefit  for  17  months  by  antiseptics. 

Beference  to  the  curve  will  show  that  the  patient's  phagocytic 
power  with  respect  to  the  staphylococcus  was  here,  as  in  the  last 
case,  less  than  that  of  the  normal  man  who  served  as  a  control. 
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After  his  phagocytic  power  had  been  twice  observed,  he  was 
inoculated  with  a  quantum  of  Bt«riliBed  staphylococcus  culture 
corresponding  to  2,500,000,000  of  staphylococci.  These  staphylococci 
were  derived  from  tbe  culture  above  referred  to. 

Subsequent  to  inoculation  we  have  here  upon  the  curve  instead  of 
a  rise  preceded  bv  a  fall,  only  a  rise.  The  absence  of  reiorded 
negative  ])ha»e  is  in  all  probability  to  be  referred  to  the  circumstance 
that  2  days  here  intervened  between  the  inoculation  and  tlic  first  sub- 
sequent blood  examination. 

On  tbe  sixth  day  subsequent  to  inoculation  the  patient  was  re- 
i/itvulated  with  a  double  quantum  of  staphylococcus  vaccine.     This 
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inoculation  was  followed  in  a  typical  manner  by  a  negative  and  positive 
phase.  With  reapect  to  this  last  it  will  be  seen  that  the  curve 
attained  its  acme  on  the  fifth  day,  and  then  declined  in  the  usual 
manner. 

Within  a  week  after  the  second  inoculation  practically  every  trace  of 
sycosis  had  disappeared.     The  patient  was  now  lost  sight  of. 

Cio-re  3.— The  curve  here  in  question  applies  to  a  labourer  who 
was  the  subject  of  aggravated  sycosis.  He  had  suffered  at  intervals 
from  childhood  from  boils  and  other  chronic  staphylococcus  infections. 
A  pure  cultivation  of  Slaphylococats  aiireiis  was  obtained  from  the 
inflamed  hair  follicles.  He  had  been  treated  ineffectually  foi'  months 
by  the  usual  methods. 

As  will  be  seeni  on  reference  to  the  chart,  the  phagocytic  power 
of  the  blood  was  here  investigated  only  from  week  to  week  instead  of 
at  more  frequent  intervals.  As  a  residt  the  positive  phase  of  the 
reaction  is  alone  on  record  in  the  ease  of  the  first  three  inoculations. 
In  the  case  of  the  fourth  inoculation^-condiicted  with  a  larger 
quantum  of  the  vaccine — the  negative  phase  was  still  in  evidence 
6  days  after  the  inoculation. 

The  patient,  who  was  all  but  completely  cured  at  the  date  upon 
which  the  curve  concludes,  afterwards  relapsed  after  free  indulgence 
in  alcohol.  He  is  now,  as  a  result  of  further  inoculations,  again 
practically  well. 

C'ur^  i. — This  curve  applies  to  a  healthy  man  of  24  who,  while  in 
training  for  a  boat  race,  developed  a  boil  on  his  gluteal  region  and 
subsequently  a  crop  of  boila  on  his  neck. 
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Reference  to  the  curve  will  show  that  his  phagocytic  index  stood  at 
ebe  date  of  bis  first  inoculation  at  0'84. 
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A  quantum  of  sterilised  staphylococcus  culture  corresponding  to 
2,500,000,000  of  staphylococci  was  inoculated. 

Three  days  afterwards  his  phagocytic  index  stood  at  0*88. 

A  further  quantum  of  2,000,000,000  staphylococci  was  inoculated. 

On  the  fifth  and  again  on  the  eleventh  day  after  inoculation  the 
patient's  phagocytic  index  stood  respectively  at  1*9  and  1*95. 

Improvement  in  the  patient's  boils  was  already  apparent  at  the  date 
of  the  second  inoculation.     After  this  they  completely  aborted. 

The  patient  afterwards  relapsed,  but  did  not  come  up  for  further 
observation. 


"  On  the  Action  exerted  upon  the  Tubercle  Bacillus  by  Human 
Blood  Fluids,  and  on  the  Elaboration  of  Protective  Elements 
in  the  Human  Organism  in  Response  to  Inoculations  of  a 
Tubercle  Vaccine."  By  A.  E.  Wright,  M.D.,  late  Professor 
of  Pathology,  Army  Medical  School,  Netley,  Pathologist  to 
St.  Mary's  Hospital,  Paddington,  and  Stewart  R  Douglas, 
M.RC.S.,  Captain,  Indian  Medical  Service.  Communicated 
by  Sir  J.  Burdon  Sanderson,  Bart.,  F.RS.  Received 
July  26,  1904. 

(From  the  Patliological  Laboratory  of  St.  Mary's  Hospital,  London,  W.) 

We  propose  to  consider  in  this  communication  (1)  the  action  exerted 
upon  the  tubercle  1)acillu8  by  normal  human  blood  fluids  and  the 
tuberculotropic*  substances  which  come  here  into  consideration  ;  (2)  the 
action  exerted  upon  the  tubercle  bacillus  by  the  blood  fluids  of  those 
who  are  the  subject  of  tubercular  infection;  (3)  the  distribution  of 
tuberculotropic  substances  in  the  infected  organism ;  (4)  the  question 
as  to  whether  these  protective  substances  are  present  in  the  blood  of 
the  infant  at  birth  ;  and  (5)  some  points  in  connection  with  the  elabora- 
tion in  the  human  organism  of  tuberculotropic  substances  in  response 
to  inoculations  of  a  tubercle  vaccine. 

I. — On  the  Tuberculotropic  Elements  of  Human  Blood  aiul  on  the  Content 

of  tJie  Normal  Blood  in  these  Elements, 

Agglutinins. — The  technical  difficulties  created  by  the  circumstance 
that  the  tubercle  bacillus  grows  in  artificial  cullure  in  agglomerated 
masses  stood  for  a  long  time  in  the  way  of  the  demonstration  of  the 
presence  of  agglutinins  in  the  serum.     These  difficulties  were  for  the 

•  The  term  tuberculo'tropic  is,  in  accordance  with  the  scheme  of  terminology 
introduced  by  Ehrlich,  employed  by  us  to  connote  the  property  of  turnim^  towards 
and  entering  into  chemical  combination  with  the  tubercle  bacillus.. 
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first  time  overcome  by  Arloing,  who  olitained,  i»y  the  opciation  of 
a  process  of  selection,  a  strain  of  tubercle  which  gives  a  lioinogeneoiis 
growth  when  the  culture  is  frequently  shaken  up.  For  the  homo- 
geneous cultures  of  Arloing,  Koch  substituted  a  homogeneous  sus- 
pension of  bacillary  fragments  obtained  by  the  trituration  of  ordinary 
tubercle  cultures.  Koch  made  his  suspension  with  physiological  salt 
solution. 

The  test  fluid  thus  constituted  exhibits — and  this  point  did  not 
escape  the  observation  of  Koch — a  proneness  to  spontaneous  agglutina- 
tion. This  defect,  and  it  is  a  defect  which  may  invalidate  the  results 
of  any  test  examination,  can,  as  was  pointed  out  by  one  of  us,^  be 
eliminated  by  employing  in  lieu  of  the  0'85-per-cent.  NaCl  solution, 
prescribed  by  Koch,  a  0'1-per-cent.  NaCl  solution.! 

We  have  in  the  case  of  the  investigations  on  agglutination  which 
are  embodied  in  this  paper  in  every  case  employed  this  0'1-per-cent. 
salt  solution  both  for  the  dilution  of  the  serum  and  for  the  suspension 
of  the  tubercle  powder. 

In  some  of  our  more  recent  experiments  we  have  substituted  for 
the  test  fluid  constituted  as  above  a  homogeneous  suspension  of  tubercle 
bacilli  obtained  by  heating  an  ordinary  tubercle  culture  to  60'  C.  for 
an  hour,  filtering  off  the  bacterial  growth,  breaking  up  this  last  in 
a  mortar  with  a  solution  of  0'1-per-cent.  NaCl  in  0*5-per-cent.  carbolic 
acid,  and  finally  centrifugalising  to  remove  any  bacterial  masses  which 
have  not  been  resolved  into  their  elements. 

In  experiments  conducted  with  either  the  one  or  the  other  of  these 
test  fluids  agglutination  effects  are  obtained  with  normal  human  serum. 
Conducting  the  experiments  in  throttled  capillary  tubes  by  the  method 
described  by  one  of  us,|  and  taking  cognisance  of  the  effect  by 
naked-eye  inspection,  a  complete  sedimentation  is  generally  obtained  in 
the  2-  and  4-fold  dilution  and  incomplete  sedimentation  in  the  8-fold 
dilution.  With  some  normal  bloods  complete  sedimentation  is 
obtained  up  to  the  16-fold  dilution. 

Badericidal  Elements, — Our  investigations  into  the  question  as  to  the 
presence  of  a  bactericidal  element  in  human  serum  are  as  yet  in- 
complete. 

Ojfsmins. — As  already  brought  out  by  us  in  previous  papers,§  the 

•  Wright  *  Lancet,'  July  25,  1903. 

t  The  principle  which  suggested  the  replacement  of  the  stronger  by  the  weaker 
salt  solution  finds  application,  as  one  of  us  (S.  R.  D.)  has  recently  elicited,  also  in 
the  case  of  plague  cultures.  The  spontaneous  agglutination  which  lias  up  to  the 
present  been  a  source  of  difficulty  in  measuring  the  agglutination  effect  exerted 
by  sera  upon  plague  cultures  can  be  completely  avoided  by  employing  a  O'l-per- 
cent,  solution  of  salt  in  lieu  of  the  brotli  or  physiological  ealt  solution  ordinarily 
employed. 

t  Wright,  loc.  ct'l. 

"  -  Proc.,'  vols.  72  and  78. 
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phagocytic  effect  obtained  when  bacteria  are  introduced  into  the  blood 
is  dependent  upon  an  action  exerted  by  the  blood  fluids  directly  upon 
the  micro-organisms. 

We  have  investigated  this  question  also  in  connection  with  the 
tubercle  bacillus.  In  doing  so  a  two-fold  technical  diflBculty  confronted 
us  :— first,  a  difficulty  associated  with  the  circumstance  that  the  tubercle 
bacillus  is  available  in  ordinary  cultures  only  in  the  form  of  agglo- 
merated bacterial  masses,  and  secondly,  a  difficulty  associated  with  the 
circumstance  that  unaltered  tubercle  bacilli  when  they  have  been 
obtained  in  homogeneous  suspension  are  agglutinated  by  the  action  of 
both  serum  and  physiological  salt  solution. 

The  first  difficulty  can  be  surmounted  by  breaking  up  the  bacterial 
masses  in  a  mortar  in  a  0'1-per-cent.  NaCl  solution,  i,e,,  in  a  salt 
solution  diluted  up  to  the  point  at  which  it  will  no  longer  bring 
together  by  its  agglutinating  action  tubercle  bacilli  which  have  been 
mechanically  separated. 

The  second  difficulty  can  be  surmounted  by  heating  the  tubercle 
culture  to  100'  C. 

We  subjoin  here  a  series  of  experiments  (conducted  before  the 
procedure  last  mentioned  was  thought  out),  with  living  tubercle  bacilli 
suspended  in  a  01-per-cent.  NaCl  solution.  It  will  be  seen  that  the 
difference  between  the  phagocytic  effect  obtained  with  the  unheated 
and  the  heated  serum  respectively  is  sufficiently  pronounced  to  throw 
altogether  into  the  backgroimd  the  source  of  disturbance  which  is 
associated  with  the  presence  of  an  agglutinating  element  in  the  serum. 

Preliminary  Experiments. 

In  this  series  of  experiments  a  homogeneous  suspension  of  living  tubercle  bacilli 
was  made  bg  rubbing  up  a  small  quantity  of  a  tubercle  growth  (obtained  from 
a  glycerine  potato  culture)  in  an  agate  mortar  in  l-iVlOOO  NaCl  solution, 
and  then  centrifugalising  to  get  rid  of  the  bacterial  masses  which  had  not  been 
resolved  into  their  elements. 

Experiment  1. 
A. 

A.  E.  W.'s  unheated  senun 2  toU. 

S.  R.  D.'b  washed  corpuscles 2    „ 

Suspension  of  living  tubercle  bacilli 1  yol. 

Phagocytic  index  (ayerage  of  67  P.W.B.C),  6*4. 

B. 

A.  E.  W.'s  serum  heated  to  60''  C.  for  20  mins.  ...     2  vols. 

S.  R.  D.'s  washed  corpuscles 2    „ 

Suspension  of  living  tubercle  bacilli 1  vol. 

Phagocytic  index  (average  of  80  P.W.B.C),  0-76. 
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Experiment  2. 
A. 

S.  R.  D.'b  unhealed  serum 2  toIs. 

S.  R.  D/s  washed  corpuscles 2     », 

Suspension  of  liying  tubercle  bacilli 1  toI. 

Phagocytic  index  (ftTerage  of  16  P.W.B.C),  17-8. 

B. 

S.  R.  D.*s  serum  heated  to  60*^  C.  for  20  mins 2  toIs. 

8.  R.  D/s  washed  corpuscles 2    ,, 

Suspension  of  living  tubercle  bacilli 1  toI. 

Phagocytic  index  (arerage  of  37  P.W.B.C),  3*0. 

Experiment  3. 

A. 

C.  J.'s  unheated  serum 2  vols. 

S.  R.  D.*s  washed  corpuscles 2     „ 

Suspension  of  living  tubercle  bacilli 1  toI. 

Phagocytic  index  (average  of  19  P.W.B.C),  14. 

B. 

C  J.*8  serum  heated  to  60°  C  for  20  mins 2  vols. 

8.  R.  D/s  washed  corjiiTscles 2     „ 

Suspension  of  living  tubercle  bacilli 1  vol. 

Phagocytic  index  (average  of  37  P.W.B.C),  S'O. 

With  cultures  which  have  been  exposed  to  a  temperature  of  100*  C. 
precisely  similar  results  arc  obtained,  while  an  advantage  is  gained  in 
the  respect  that  the  count  is  no  longer  rendered  difficult  by  the  massing 
together  of  the  bacilli. 

All  the  experiments  hereafter  subjoined  have  been  carried  out  with 
such  a  culture,  i.e.,  a  culture  heated  to  100**,  broken  up  in  1-in-lOOO 
NaCl  solution,  and  centrifugalised  until  all  unresolved  clumps  had  been 
carried  down. 

Our  next  series  of  experiments  was  undertaken  with  a  view  to 
determining  whether  the  increased  phagocytic  effect  obtained  with  the 
unheated  serum  is  due  to  an  action  exerted  by  the  serum  directly  upon 
the  tubercle  bacilli. 

Experiment  1. 

A. 

S.  R.  D.*s  unheated  serum 2  vols. 

A.  E.  W.'s  washed  corpuscles 2    „ 

Suspention  of  heated  tubercle  bacilli 1  vol. 

Phagocytic  index  (average  of  20  P.W.B.C),  60. 
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B. 

S.  B.  D/s  unheat^  serum 2  toIs. 

Suspension  of  heated  tubercle  bacilli 1  vol. 

The  above  were  digested  together  for  15  mins.  at  37"  C. ;  were  then 
heated  to  60**  C.  for  10  mins. ;  and  finally  3  vols,  of  the  mixture  were 
Added  to 

A.  E.  W.'s  washed  corpuscles  2  vols. 

Phagocytic  index  (average  of  31  P.W.B.C),  8*6. 

C. 

S.  R.  D.*B  unheated  serum 2  toIs. 

Suspension  of  heated  tubercle  bacilli 1  toI. 

The  above  were  immediately,  after  mixture,  heated  to  QO''  C.  for 
10  mins.,  and  were  then  added  to 

A.  E.  W.'s  washed  corpuscles 2  vols. 

Phagocytic  index  (average  of  60  P.W.B.C),  0*16. 

Experiment  2. 

A. 

A.  E.  W.'s  unheated  serum 2  vols. 

A.  E.  W.'s  washed  corpuscles 2    „ 

Suspension  of  heated  tubercle  bacilli 1  vol. 

Phagocytic  index  (average  of  49  P.W.B.C),  6-2. 

B. 

A.  E.  W.'s  unheated  scrum 2  vols. 

Suspension  of  heated  tubercle  bacilli 2     „ 

The  above  were  digested  together  for  15  mins.  at  37''  C. ;  were  then 
heated  to  GO**  C.  for  10  mins. ;  and  finally  3  vols,  of  the  mixture  were 
;idded  to 

A.  E.  W.'s  washed  corpuscles 2  vols. 

Phagocytic  index  (average  of  40  P.W.B.C),  2*6. 

C 

A.  E.  W.'s  unlicated  serum 2  vols. 

Suspension  of  heated  tubercle  bacilli 1  vol. 

The  above  were  immediately  after  mixture  heated  to  60"  C.  for 
10  mills. ;  and  were  then  added  to 

A.  E.  W.'s  washed  corpuscles 2  vols. 

Phagocytic  index  (average  of  50  P.W.B.C),  0-84. 
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Experiment  3. 
A. 

H.  B.  S/s  nnbeated  Berum 2  toU. 

A.  E.  W.'s  washed  corpuBcles 2    „ 

Suspension  of  heated  tubercle  baoilli 1  rol. 

Phagocytic  index  (average  of  20  P.W.B.C.)  4*8. 

B. 

H.  B.  S.'s  unheated  senim 2  vols. 

Suspension  of  heated  tubercle  bacilli 1  toI. 

The  above  were  digested  together  for  15  mins.  at  37°  C. :  were  then 
heated  to  60**  C.  for  10  mins. ;  and  finally  3  vols,  of  the  mixture  were 
added  to 

A.  £.  W.'s  washed  corpuscles • 2  rols. 

Phagocytic  index  (average  of  30  P.W.B.C),  2*6. 

C. 

H.  B.  S.'s  unheated  serum 2  vols. 

Suspension  of  heated  tubercle  bacilli. 1  vol. 

The  above  were  immediately  after  mixture  heated  together  for 
10  mins.  to  60**  C. ;  and  were  then  added  to 

A.  £.  W.*s  washed  corpuscles 2  vols. 

Phagocj-tic  index  (average  of  20  P.W.B.C),  0*4. 

It  will  be  manifest  that  these  experiments  testify  to  an  opsonic 
action  exerted  by  the  serum  directly  upon  the  tubercle  bacilli. 

The  smaller  phagocytic  effect  recorded  in  each  experiment  in  B  us 
compared  with  A  is  at  present  without  explanation. 

The  experiment  next  subjoined  indicates  that  it  is  the  potency  of 

the  serum  rather  than  the  potency  of    the  white   corpuscles  which 

determines  the  amount  of    phagocytosis.      In   this  experiment   the 

corpuscles  of  the  tubercular  patienf  s  blood,  and  the  corpuscles  of  the 

normal  blood  respectively  were  employed  in  A'  and  A"  in  combination 

with  their  native  blood  fluid.     In  B'  and  B"  a  reciprocal  exchange  of 

ilQod  fluids  was  made. 

A'. 

Patient's  washed  comuscles   2  vols. 

Patient's  ^erum 2 

Suspension  of  heated  tubercle  bacilli 1 

Pliagocvtic  index  (average  of  36  P.W.B.C),  0*66. 

A". 

A.  E.  W.'s  washed  corpuscles 2  vols. 

A.  E.  W.'s  serum 2     „ 

Suspension  of  heated  tubercle  bacilli 1  vol. 

Phagocytic  index  (average  of  32  P.W.B.C),  S'l. 
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B'. 

Patient's  washed  corpuscles 2  rols. 

A.  E.  W.'s  serum 2     „ 

Suspension  of  living  tubereld  bacilli  . . . . « 1  vol. 

Phagocytic  index  (average  of  31  P.W.B.C.),  8*1. 

B". 

A.  E.  W.*s  washed  corpuscles 2  rols. 

Patient's  serum 2     ,, 

Suspension  of  living  tubercle  bacilli 1  vol. 

Phagocytic  index  (arerage  of  30  P.W.B.C.),  1*8. 

It  will  be  seen  that  the  phagocytic  effect  obtained  with  the  patient's 
white  corpuscles  (in  A')  was  (in  B')  increased  more  than  three-fold  in 
consequence  of  the  replacement  of  their  native  serum  by  that  of  the 
control  blood.  The  phagocytic  effect  obtained  with  the  white  corpuscles 
of  the  control  blood  (in  A")  was  (in  B")  diminished  in  an  almost  corre- 
sponding degree  (approximately  two  and  a  half  times),  by  the  replace- 
ment of  their  native  serum  by  that  of  the  patient. 

These  results  are,  it  may  be  pointed  out,  in  conformity  with  those 
recorded  in  our  previous  paper*  in  connection  with  the  phagocytosis 
of  the  staphylococcus  pyogenes. 

II. — Action  exerted  upon  the  Tvherde  Bctcillus  by  the  Blood-fluids  of  those 

who  are  the  subject  of  Tvhercular  Infection. 

The  blood  fluids  of  the  subjects  of  a  particular  bacterial  infection 
may  be  expected  to  differ  with  respect  to  their  content  in  bacterio- 
tropic  substances  from  the  blood  fluids  of  normal  persons.  An 
increased  content  in  these  elements  may  be  expected  in  the  case 
where  there  has  been  active  response  on  the  part  of  the  machinery  of 
immunisation  to  the  stimulus  of  infection ;  diminished  content 
(a)  where  that  machinery  is  becoming  exhausted,  and  {b)  where 
infection  is  dependent  upon  a  native,  or  at  any  rate,  antecedent 
deficiency  in  protective  substances. 

Agglutinating  effect, — We  have  in  no  instance  found  the  agglutinating 
power  of  the  blood  of  tubercular  patients  higher  than  that  of  certain 
normal  bloods.  Sometimes  we  have  found  it  notably  decreased. 
In  three  cases  we  have  found  it  altogether  absent.  On  the  average 
we  find  that  it  does  not  differ  sensibly  from  that  of  the  normal  blood. 

It  would  seem  to  follow — and  this  conclusion  is  in  conformity  with 
that  anived  at  by  others — that  no  indication  as  to  the  presence  or 
absence  of  tubercular  infection  can  be  drawn  from  the  measurement 
of  the  agglutinating  power,  unless  perhaps  in  the  case  where  that 
reaction  is  found  to  be  quite  absent. 

•  *  Koy.  Soc.  Proc.,*  vol.  73,  pp.  129  and  130. 
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Opsonic  effect. — The  measurement  of  the  opsonic  power  of  the  blood 
fluids  discloses  very  definite  differences.  We  have  not  in  any  of  the 
sub-joined  patients  recorded  at  the  outset  an  opsonic  power  equal 
to  tliat  of  our  own  bloods.  On  the  contrary  there  has  been  in  each  such 
case  a  definite  defect  of  opsonic  power.  The  results  of  our  observa- 
tions on  this  point  are  "embodied  in  the  table  below. 


Table  I. — Showing  the  Opsonic  Power  of  the  Blood  Fhiids  in  a  Series 

of  Tubercular  Patients. 

The  procedure  adopted  was  to  mix  together'  in  each  case  tlic  2>atient's  serum  iviih 
a  suspension  of  heated  tubercle  ha/illi  and  tvith  washed  corpuscles  derived 
from  a  normal  person.  In  each  case  the  opsonic  jwwer  of  the  noimal  serum 
employed  as  a  control  (derived  in  praciicaUy  nery  case  from  A.  E.  JF. 
or  S.  B.  D.)  was  taken  as  unity. 


Serial  number 

of  the 
observation. 


Case  1  . 

,,  2  . 

„  3  , 

„  4» 

,,  5  . 
„  6. 
,,  7  , 
,,  8  . 
,,    9 

,,  10 

»  11  . 

„  12 

„  13t 
„  14 

»  15 
,,  16J 
„  17 


Form  of  the  tubercular  infection. 


Tubercular  peritonitis 

Laryngeal  phthisis 

Psoas  abscess 

Tubercular  sycosis 

Nasal  and  pharyngeal  lupus 
Tifbereular  cystitis 


)) 


)i 


Generalised  lupus 

Lupus  of  hand 

Tubercular  prostatitis 

„         glands 

„  abscess  of  thigh 
Lichen  scrophulosorum  . .  . . 
Pulmonary  phthisis 


>» 


»» 


Tubercular  infection  of  ovary  and  peritonitis  ' 
abscesses  of  arm  and  chest  wall. . . 


>i 


Opsonic 
index. 


0-67 

0-6 

0-4 

0-4 

0-56 

0-8 

0-6 

0-6 


0 
0 
0 
0 
0 


9 
8 

85 
64 
56 
0  75 
0-69 
0-65 
0-56 


I 


As  indicated  above,  a  diminished  content  in  bacteriotropic  substances 
such  as  we  have  hero  on  record  may    be  ascribed  either  to    the 

^  It  is  interesting  to  note  in  connection  with  this  case  that  the  definite  diagnosis 
of  tubercular  infection,  which  was  based  upon  the  histological  structure  of  a 
piece  of  excised  tissue,  was  anticipated  in  view  of  the  inductions  obtained  from  the 
phagocytic  test  recorded  above. 

The  alternative  diagnosis  of  staphylococcus  infection  was  excluded  by  the  fact 
that  the  patient  was  found  to  possess  a  normal  opsonic  index  with  respect  to  the 
staphylococcus. 

t  The  patient  gave  a  typical  local  and  general  reaction  when  inoculated  for 
fliagnostio  purposes  with  a  test  dose  of  Koch's  old  tuberculin. 

/  The  diagnosis  was  based  upon  a  histological  examination  of  the  extirpated 
orarjr. 


• 
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exhaustion  of  the  protective  elements  under  the  influence  of  the 
bacterial  invasion ;  or,  alternatively,  to  an  antecedent  deficiency  in  these 
elements. 

The  following  considerations  appear  to  us  here  to  plead  in  favoui* 
of  interpreting  the  low  opsonic  power  of  the  tubercular  patients  here 
in  question  as  the  occasion  and  not  the  consequence  of  infection. 

(a)  Very  low  phagocytic  indices  have  been  obtained  where  constitu- 
tional symptoms  were  absent  or  insignificant.  The  cases  denoted  by 
the  serial  numbers  3,  1,  5,  and  8  are  instances  in  point. 

{h)  We  have  in  practically  every  case  found  it  possible  to  increase 
by  an  inoculation  of  a  tubercle  vaccine,  the  opsonic  power  of  a 
patient's  blood  fluids. 

III. — Distnbution  of  Tubcrculotrapic  Substatices  in  tJie  Infected  Organism, 

We  have  made  the  subjoined  observations  on  this  question.  It  will  be 
seen  that  they  are  in  consonance  with  the  observations  (see  pp.  151 — 153) 
we  have  made  in  connection  with  the  distribution  of  the  staphylococcic 
opsonins  in  the  infected  organism,  and  with  the  induction  that  the 
bacteriotropic  pressure  is  always  reduced  in  the  actual  foci  of  infection. 

Observation  1. 

The  patient  was  a  child  let.  2  years,  aflected  with  tubercular  necrosis 
of  the  sternum,  and  with  a  tubercular  abscess  in  the  thigh. 

A. 

Serum  obtained  from  blood  drawn  from  finger ....  1  vol. 

Pb  jsiological  salt  solution 1    „ 

8.  R.  D.'s  washed  corpuscles    •••  2  toIs. 

Suspension  of  heated  tubercle  bacilli 1  vol. 

Phagocytic  index  (ayerage  of  20  P.W.B.C),  8*9. 

B. 

ISupeniatanl  fluid  of  pus  withdrawn  from  abscess.  •  I  vol. 

Physiological  salt  solution 1    ,, 

S.  K.  D.'s  washed  corpuscles 2  toIs. 

Suspension  of  heated  tubercle  bacilli 1  vol. 

Phagocytic  index  (average  of  20  P.W.B.C),  I'l. 

Observation  2. 

The  patient  was  a  young  man  suffering  from  a  psoas  abscess  due  to 

tubercular  infection. 

A. 

Serum  obtained  from  blood  withdrawn  from  finger  I  vol. 

Physiological  salt  solution     1    „ 

A.  £.  W.'s  washed  corpuscles 2  vols. 

Suspension  of  heated  tubercle  bacilli 2    „ 

Phagocytic  index  (ayerage  of  40  P.W.B.C),  0*6. 
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B. 

Supernatant  fluid  of  pns  deriyed  from  sinus 1  toI. 

Physiological  salt  solution 1    „ 

A.  E.  W.'s  washed  corpuscles 2  toIs. 

Suspension  of  heated  tubercle  bacilli 2   „ 

Phagocytic  index  (40  P.W.B.C.  searched),  0. 

With  a  view  to  ascertaining  whether  the  tissue  lymph  might  not 
normally  he  poorer  in  opsonic  suhstances  than  the  serum,  the  following 
expenment  was  made :— 

A. 

Serum  of  blood  withdrawn  from  A.  E.  W.'s  finger..    2  vols. 

A.  E.  W.'s  washed  corpuscles 2    ,, 

Suspension  of  heated  tubercle  bacilli 1  vol. 

Phagocytic  index  (average  of  50  P.W.B.C),  0*92. 

B. 

Fluid  from  blister  raised  by  friction  u]X>n  A.  E.  W.'s 

finger 2  toIs. 

A.  E.  W.'s  washed  corpuscles 2    „ 

Suspension  of  heated  tubercle  bacilli 1  toI. 

Phagocytic  index  (average  of  50  P.W.B.C).  0-86. 

Ohservation  3. 

The  patient  was  a  young  man  operated  upon  for  ascites  dependent 
upon  extensive  tuhercular  infection  of  the  peritoneum. 

A. 

Serum  obtained  from  blood  withdrawn  from  finger     1  vol. 

B.  U.  S.'s  washed  corpuscles   1    „ 

Suspension  of  heated  tubercle  bacilli 1    ,, 

Phagocytic  index  (average  of  21  P.W.B.C),  25-4. 

B. 

Fluid  withdrawn  from  peritoneum • 1  vol. 

B.  H.  S.'s  washed  corpuscles    1 

Suspension  of  heated  tubercle  baciUi 1 

Phagocytic  index  (average  of  84  P.W.B.C),  4-6. 

It  is  interesting  to  bring  into  relation  with  the  data  of  this  last 
observation  (a)  the  fact  that  the  opsonic  index  of  this  patient's  serum 
stood  to  the  opsonic  index  of  the  control  senim  emploj'ed  (A.  E.  W.'s) 
as  1*5  : 1  ;  (6)  the  fact  that  the  prognosis,  so  far  as  the  restriction  of 
the  infection  to  the  existing  focus  of  disease,  is  comparatively  favour- 
able in  cases  of  tubercular  peritonitis ;  and  (c)  the  fact  that  a  retro- 
gression of  the  infection  often  follows  in  these  cases  upon  the  evacuation 
o/  the  peritonea]  fluid. 
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The  first  and  second  of  these  facts  suggest  that  a  reaction  of  immunisa- 
tion may  be  set  up  by  the  absorption  of  vaccinating  elements  from  the 
infected  peritoneum.  The  third  fact,  and  the  same  applies  {vide  Case  1, 
p.  152,  of  the  foregoing  paper)  also  in  connection  with  the  evacuation  of 
abscesses  may,  perhaps,  find  its  explanation  in  the  data  given  above. 
It  would  be  reasonable  to  expect  that  the  flow  of  new  and  active 
lymph,  which  would  follow  upon  the  evacuation  of  the  stagnant  and 
exhausted  lymph,  would  operate  in  the  direction  of  checking  the 
growth  of  invading  micro-organisms. 

IV. — Question  as  to  whether  the  Protective  Substances  which  come  into  can- 
sideration  in  connection  mth  Tubeixle  are  present  in  the  Blood  of  the 
Infant  at  Birth, 

In  view  of  the  asserted  superior  susceptibility  of  infants  to  tubercular 
infection,  it  appeared  to  us  to  be  of  interest  to  measure  the  respective 
opsonic  power  of  mother  and  infant.  We  employed  for  this  purpose 
blood  taken  from  the  umbilical  cord  and  blood  taken  from  the  mother's 
finger  immediately  after  completion  of  labour.  Our  observations  are 
subjoined. 

Observation  1. 
A. 

Serum  from  mother  No.  1 2  toIs. 

A.  K.  W.'s  washed  corpuscles 2     „ 

Suspension  of  heated  tubercle  bacilli 1  toI. 

Phagocytic  index  (average  of  45  P.W.B.C),  1*6, 

B. 

Serum  of  infant  No.  1 2  vols. 

A.  E.  W.'s  washed  corpuscles 2    „ 

Suspension  of  heated  tubercle  bacilli   1  toI. 

Phagocyiic  index  (average  of  50  P.W.B.C),  I'Sa 

Observation  2. 
A. 

• 

Serum  of  mother  No.  2 2  vols. 

A ,  E.  W.'s  washed  corpuycles 2     ,, 

Suspension  of  heated  tubercle  bacilli 1  vol. 

Phagocytic  index  (average  of  60  P.W.B.C),  0*4. 

B. 

Scrum  of  infant  No.  2 2  voU. 

A.  E.  W.'s  washed  corpuscles   2    „ 

Sucpension  of  heated  tubercle  bacilli • .  •     1  voL 

Phagocytic  index  (average  of  100  P.W.B.C),  0'87. 
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Observation  3. 

A. 

Serum  of  mother  No.  3 • 2  vols. 

J.  F.'s  washed  corpiucles 2    „ 

SoBpension  of  heated  tubercle  bacilli 1  toI. 

Phagocytic  index  (arerago  of  40  F.W.B.C.),  8*66. 

B. 

Serum  of  child  No.  3 2  vols. 

J.  F.'s  washed  corpuscles •  • . .      2     „ 

Suspension  of  heated  tubercle  bacilli 1  toI. 

Phagocytic  index  (arerogo  of  40  P.W.B.C),  1-86. 

Observation  4. 

A. 

Serum  of  mother  No.  4 2  vols. 

A.  E.  W.'s  washed  corpuscles 2    ,, 

Suspension  of  heated  tubercle  bacilli 1  vol. 

Phagocytic  index  (average  of  31  P.W.B.C),  17*9. 

B. 

Serum  of  infant  No.  4 2  vols. 

A.  E.  W.'s  washed  corpusclef* 2     „ 

Suspension  of  heated  tubercle  bacilli 1  vol. 

Phagocytic  index  (average  of  30  P.W.B.C),  10. 

Observation  5. 
A. 

Serum  of  mother  No.  4  agglutinates  a  suspension  of  frag- 
ments of  tubercle  bacilli  completely  in  dilutions  of  1  in 
2,  4,  8,  and  16 ;  incompletely  in  a  dilution  of  1  in  32. 

B. 

Serum  of  infant  No.  4  agglutinates  the  same  suspension 
completely  in  dilutions  of  1  in  2  and  1  in  4  ;  incompletely 
dilutions  of  1  in  8  and  1  in  16. 

V. — On  some  points  in  connection  with  the  Elaboration  by  the  Human  Organism 
of  Tubtrcutotropic  Elements  in  reqmnst  to  Inoculations  of  a  Tuberclr 
Vaccine, 

We  propose  to  set  down  here  in  briefest  outline  the  more  important 
of  the  facts  which  have  emerged  in  the  course  of  a  study  of  the  blood 
changes  elicited  by  inoculations  of  a  tubercle  vaccine  undertaken  for 
therapeutic  purposes.  * 

Natare  of  thf  Tubercle  Vacant  employeiL — A  tubercle  vaccine  may  be 
defined,  >vith  respect  to  its  derivation  and  its  effect  upon  the  organism, 
as  any  derivative  of  the  protoplasm  of  the  tubercle  bacillus,  which  is 


1904.]      the  Tubercle  JJdciUns  hy  Hitman  Blood  Fluids^  etc.         171 

capable  of  inducing  an  elaboration  of  tuberculotropic  substances  in  the 
organism. 

We  may  include  under  this  definition : — 

(1)  Such  a  vaccine  as  would  be  arrived  at  by  (a)  sterilising  a 
tubercle  cultiu*e  at  60''  C. ;  (b)  breaking  up  the  culture  in  a  mortar  in 
0'1-per-cent.  salt  solution  ;  {c)  centrifugalising  to  remove  any  residual 
bacterial  masses ;  {([)  resterilising  at  60**  C. ;  and  (e)  standardising  by 
enumeration,  or  by  centrifugal isation  in  graduated  tubes  in  a  sufficiently 
concentrated  salt  solution. 

(2)  The  preparation,  which  is  sold,  as  a  therapeutic  agent,  under  the 
name  of  Koch's  new  tuberculin  or  T.K  tuberculin. 

This  preparation  consists,  as  is  well  known,  of  a  fine  suspension  of 
triturated  tubercle  bacilli.  The  trituration  to  which  the  tubercle 
culture  is  subjected  is  employed  with  the  two-fold  object  of  sterilising 
the  vaccine  by  a  process  of  comminution,  and  of  obtaining  the  fine 
suspension  which  is  desired. 

It  is  doubtful  whether  the  first  of  these  ends  can  be  efficiently 
secured  by  any  process  of  trituration.  The  homogeneous  suspension 
which  is  desired  can,  as  was  shown  above,  be  obtained  by  means  other 
than  the  comminution  of  the  bacilli  by  machinery. 

(3)  The  preparation,  which  is  now  sold,  chiefly  for  diagnostic  uses, 
under  the  name  of  Koch's  old  tuberculin.* 

This  preparation  consists,  as  is  well  known,  of  the  inspissated  filtrate 
of  a  tubercle  culture  which  has  been  grown  for  a  period  of  weeks  upon 
glycerinated  broth,  and  which  has  afterwards  been  sterilised  at  100*  C. 

Pending  the  working  out  of  a  vaccine  upon  the  lines  indicated  in 
(1),  the  T.R.  tuberculin  has  been  the  vaccinating  material  employed. 

In  our  earlier  experiments  this  preparation  was  simply  diluted  with 
sterilised  salt  solution. 

In  our  later  experiments  we  have — after  satisfying  ourselves  that 
the  vaccinal  properties  of  Koch's  preparation  are  unaffected  by  the 
adoption  of  such  precautions — in  every  case  heated  the  T.R.  tuberculin 
to  60"  C.  for  1  hour,  and  have  made  our  dilutions  mth  a  sterilised 
salt  solution  which  had  received  an  addition  of  0*25  per  cent,  lysol. 

•  The  proposition  that  the  old  tuberculin  may  appropriately  be  denoted  a 
vaccine  derives  its  justification,  first,  from  the  consideration  that  the  prolonged 
cultivation  and  the  prolonged  digestion  of  tlie  culture  which  is  involved  in  the 
process  of  manufacture  must  be  associated  with  autolysis,  and  secondly,  from 
the  observations  made  in  connection  with  Case  13  of  Table  I  and  the  last  patient 
in  Tabic  III. 

In  the  former  case,  the  opsonic  index  of  the  patient's  blood  stood  at  0*56 
immediately  before  the  inoculation  of  1  millegramme  old  tuberculin.  It  stood  at 
0*55  18  hours  afterwards  in  the  height  of  the  febrile  reaction,  and  at  1*01  3  days 
later. 

In  the  latter  case,  the  opsonic  index  of  the  blood  stood  at  0*67  immediately 
before  the  inoculation  of  1  millegramme  of  the  old  tuberculin.  It  stood  next  day 
at  0*4,  and  8  days  later  at  0*76. 
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Frifidple  upon  which  the  Patients  were  SeleeM  and  General  Proredure 
FoU<ywed  in  Connexion  with  the  Inoadations, 

We  have  in  our  selection  of  cases  been  guided  by  the  desire  to  deal 
at  first  only  with  the  most  aggravated  and  seemingly  intractable  oases 
of  localised  tubercular  infection,  and  only  with  cases  which  would  furnish 
unambiguous  objective  evidence  of  any  progress  or  regress  of  the 
infection. 

The  general  procedure  followed  was  to  begin  in  each  case  a?fter 
the  measurement  of  the  content  of  the  patient's  blood  in  tuberculo- 
tropic  substances,  with  very  small  doses  (generally  1 '500th  milli- 
gramme) of  the  vaccinating  material,  and  to  reinoculatc  at  intervals  of 
10  days»  retesting  the  blood  on  each  occiision,  and  in  the  case  of  each 
patient  expressing  the  results  in  the  form  of  a  curve. 

In  our  earlier  experiments,  before  we  had  elaborated  the  procedure 
for  measuring  the  opsonic  power  of  the  blood,  we  were  necessarily 
restricted  to  a  measurement  of  the  agglutinating  power. 

Diita  Furnished  hy  the  Meamrf'rn"nt  of  the  Agglutinating  Power  tn  the 
Case  of  Patients  Undergoing  Anti-Tuherde  Inocnlation. 

The  method  of  investigation  here  in  question — and  we  would  note 
that  it  had  before  us  been  employed  by  Koch  in  connection  witli 
inoculations  of  his  T.R.  tuberculin — furnishes,  it  seems  to  us,  indications 
which  have  a  certain  value. 

An  increase  in  the  agglutinating  |)ower  of  the  blood  is  generally,  a.s 
in  the  cases  tabulated  below,  obtained  in  the  course  of  a  successful 
immunisation. 

It  is,  however,  to  be  noted  that  the  rise  in  the  agglutination  curve 
may  occur  long  subsequent  to  the  achievement  of  ver}-  marked  clinic.-il 
improvement,  and  further  that  such  clinical  improvement  may  be 
obtained  quite  apart  from  any  sensible  increase  in  the  agglutinjiting 
l)Ower  of  the  bhwd. 
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Table  II. — Showing  the  Agglutinating  Power  of  the  Blood  in  the  case 
of  a  Series  of  Patients,  before  Inoculation,  and  after  a  Series  of 
Inoculationa  of  Tubercle  Vacciiie. 


Higheit  dUuUoD  of 

Higheit  dilution  of 
Nnmi  Id  which 

'pu" 

iigt:luiJiiBli.m 

Dotes  of 

FstieDt'i 

complete  agglutina- 

th« 

litainpd  after 

initiaU. 

tion  «u  obtained, 

dale*  of  inooula- 

and  date  of  obwrra- 

purticumnseu  in  rue 
DBit  column,  ODtl 

tioD.  (il 

bracketa). 

liOD  (iu  bmckctB). 

(in 

bnwkct.). 

mgrm.* 

i.E. 

3       (2.12.03) 

32 

(23.3.01) 

0-0026 

0-01 

0-01 

o-oi 

0-0075 

0-OO75 
0-015 
0-02 
0-0* 

(2.12.03) 
(17.12.03 

(4.1.04 
(14.1.04 
(21 1.04 

(1.2.04 
(15.2,04) 

(1.3.04) 
(11304) 

J.  A. 

0         ((J.4.03) 

W 

(21.4.08) 

0-002 

0-01 
0  02 

(6.4.03) 
(8.4.03) 
(16.4.03, 

K.T. 

4         (6.1.04) 

64 

(23.3.01) 

0-003 
0-005 
0  01 
0-015 
0-02 

(20,1.04) 

(2.2.04J 
(23.2.04) 

(2,8.04) 
(12.8.04} 

N,  W. 

8     (10.12.08) 

32 

(20.3,04) 

0-01 

0-0076 

0-0075 

0  01 

0-01 

0-O15 

0-02 

0-02 

(17.12.03) 
(4.1.04) 
(1«.1.04) 
(28.1.04) 
(10.2.04) 
(10.2.04) 
(3.3,04) 
(14.3.04) 

E.  J. 

4      (27.1,(M) 

32 

(16.3.04) 

0-003 
0-0066 
0-01 

0-015 

(27.12.08) 
(11.1.04) 

(23.1.00) 
(1.3.04) 

E.8. 

2       (17.4.03) 

64 

(30.4.03) 

0-005 
0-01 

(21,4.03) 

(24.4.03) 

M.O. 

0     (16.12,03) 

24 

(17.2.04) 

0-004 

(23.12.03) 

(5.1.04) 
(21.1.04) 

0-016 

*  The  weights  here  in  question  refer  in  each  cue  to  the  weight  of  tuberelc 
powder  stated  to  b«  contained  Id  the  qiuuitum  otT.B.  tuberculin  administered. 
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In  addition  to  furnishing  indications  of  successful  advance  in  the 
direction  of  immunisation,  the  measurement  of  the  agglutinating 
power  of  the  patient's  blood  may  afford  also  indications  of  regress  in 
the  direction  of  increased  susceptibility  resulting  from  an  overtaxing 
of  the  machinery  of  immunisation. 

In  exemplification  of  this  we  may  quote  three  passages  from  the 
history  of  a  patient  (E.  S.  Tables  II  and  III)  with  tubercular  infection 
of  the  kidney  and  bladder,  whose  agglutination  curve  was  followed  for 
nearly  18  months. 

The  patient  in  question,  who  had  in  association  with  the  inoculations 
set  forth  in  Table  II  put  on  5  lbs.  in  weight,  received  on  April  30, 
the  date  on  which  the  record  in  Table  II  closes,  0  025  milligramme 
on  May  5,  0*05  milligramme,  and  on  May  13,  0*2  milligramme  of 
T.R.  tuberculin. 

In  association  with  the  first  two  of  these  inoculations,  the  agglutina- 
tion curve  sank  away  rapidly  from  64  to  8,  the  patient  losing  at  the 
same  time  3^  lbs.  in  weight,  and  suffering  from  considerable  constitu- 
tional disturbance. 

In  association  with  the  third  of  these  inoculations  the  agglutinins 
disappeared  entirely  from  the  blood. 

On  a  later  occasion  in  the  beginning  of  November,  1903  ;  when  the 
general  condition  of  the  patient  had  very  markedly  improved  and  when 
her  body  weight  had  increased  by  23  lbs.,  a  similar  negative  phase  effect 
accompanied  by  constitutional  disturbance  was  obtained  in  association 
with  the  inoculation  of  three  1  milligramme  doses  of  the  T.K.  tuberculin 
on  Noveml)er  2,  6,  and  1 1  respectively.  Here  the  complete  agglutina- 
tion, which  was  on  the  first  of  these  dates  obtained  in  a  32-fold 
dilution  of  the  serum,  was  obtained  after  the  inoculations  only  in  an 
8-fold  dilution. 

Again,  in  the  ])eginning  of  December  when  another  attempt  was 
made  to  press  the  inoculations,  the  agglutination  curve,  which  had 
risen  again  to  32  after  the  inoculations  referred  to  in  the  preceding 
paragraph,  declined  in  consequence  of  two  1  milligramme  inoculations, 
first  to  8  and  then  to  2,  and  the  patient's  symptoms  were  aggravated. 

A  similar  decline  of  the  agglutination  curve  has  come  under 
observation  also  in  other  cases  in  association  with  the  premature 
increase  of  the  dose  of  vaccine,  and  with  the  shortening  of  the  interval 
between  successive  inoculations. 

Data  furnishrd  hj  tlie  meoi^uirment  of  (he  Op}>onir  Pinver  of  the  VAwd 
in  thr  rasa  of  Fotients  unrlergoinfj  Anti4uhercle  Inoculations. 

Much  more  valuable  than  the  indications  which  can  be  gleaned  from 
the  mciisurement  of  the  agglutinating  power  of  the  blood  are  the 
indications  furnished  by  a  measurement  of  the  opsonic  power  of  the 
jmtient's  blood.     While  the  measurement  of  the  agglutinating  power 
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of  the  blood  may  fail  to  furnish  indications  of  an  abnormally  low 
resisting  power  on  the  part  of  the  untreated  patient ;  and  while  it  may 
yield  only  tardy  information  of  the  alterations  effected  in  the  blood 
fluids  by  inoculation ;  and  while  it  may  sometimes  altogether  fail  to 
distinguish  between  the  patient's  condition  before  and  after  successful 
immunisation ;  the  measurement  of  the  opsonic  power  satisfies  it  would 
seem  all  these  desiderata. 

We  have  already  seen  in  Table  I  that  it  distinguishes*  between  the 
tubercular  subject  and  the  person  with  normal  resistance.  And  we 
shall  see  in  the  table  below  that  it  furnishes  prompt  and  clear 
indication  of  the  negative  phase  which  supervenes  upon  inoculation, 
and  again  of  the  positive  phase  which  succeeds  the  negative  phase 
wherever  the  organism  possesses  the  necessary  power  of  response. 
Furthermore  the  measurement  of  the  opsonic  power  of  the  blood  dis- 
tinguishes clearly  between  the  untreated  tubercular  patient  and  the 
patient  who  has  made  progress  in  the  direction  of  immunisation.  This 
will  appear  clearly   on   comparing,  in   Table   III  below,  the  opsonic 

indices  achieved  after  inoculation  with  those  set  forth  in  Table  I. 

• 

In  conclusion  we  may  note,  that  while  we  are  jointly  responsible  for 
the  observations  set  forth  in  Sections  1,  3,  and  A  of  this  paper,  the  work 
which  is  embodied  in  Sections  2  and  5  has  been  separately  undertaken 
by  one  of  us. 

•  It  will  not,  however,  inyariably  do  so. 
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**  On  the  Density  of  Nitrous  Oxide."     By  Lord  Raylkigh,  O.M. 

F.RS.     Eeceived  September  1,  1904. 

In  the  *  Proceediugs/  vol.  72,  p.  204, 1 897,*  I  have  given  particulars  of 
weighings  of  nitrous  oxide  pimfied  by  two  distinct  methods.  In  the 
^t  procedure,  solution  in  water  was  employed  as  a  means  of  separating 
less  soluble  impurities,  and  the  result  was  3*6356  grammes.  In  the 
second  method  a  process  of  fractional  distillation  was  employed.  Gas 
drawn  from  the  liquid  so  prepared  gave  3*6362.  These  numbers  may 
be  taken  to  represent  the  corrected  weight  of  the  gas  which  fills  the 
globe  at  O""  C.  and  at  the  pressure  of  the  gauge  (at  15"),  and  they 
correspond  to  2*6276  for  oxygen. 

Inasmuch  as  nitrous  oxide  is  heavier  than  the  impurities  likely  to  be 
contained  in  it,  the  second  number  was  the  more  probable.  But  as  I 
thought  that  the  first  method  should  also  have  given  a  good  result,  I 
contented  myself  with  the  mean  of  the  two  methods,  viz.,  3*6359,  from 
which  I  calculated  that  referred  to  air  (free  from  HoO  and  CO2)  as 
unity,  the  density  of  nitrous  oxide  was  1*52951. 

The  corresponding  density  found  by  M.  Leducis  1*5301,  appreciably 
higher  than  mine ;  and  M.  Leduc  argues  that  the  gas  weighed  by  me 
must  still  have  contained  one  or  two  thousandths  of  nitrogen.!  Accord- 
ing to  him  the  weight  of  the  gas  contained  in  my  globe  should  be 
3*6374,  or  1*5  milligrammes  above  the  mean  of  the  two  methods. 

Wishing,  if  possible,  to  resolve  the  question  thus  raised,  I  have  lately 
resumed  these  researches,  purifying  the  nitrous  oxide  with  the  aid  of 
liquid  air  kindly  placed  at  my  disposal  by  Sir  J.  Dewar,  but  I  have  not 
succeeded  in  raising  the  weight  of  my  gas  by  more  than  a  fraction  of 
the  discrepancy  (1*5  milligramme).  I  have  experimented  with  gas 
carefully  prepared  in  the  laboratory  from  nitrate  of  ammonia,  but  as 
most  of  the  work  related  to  material  specially  supplied  in  an  iron 
bottle  I  will  limit  myself  to  it. 

There  are  two  ways  in  which  the  gas  may  be  drawn  from  the  supply. 
When  the  valve  is  upwards,  the  supply  comes  from  the  vapourous 
portion  within  the  bottle,  but  when  the  valve  is  downwards,  from  the 
liquid  portion.  The  latter  is  the  more  free  from  relatively  volatile 
impurities,  and  accordingly  gives  the  higher  weight,  and  the  difference 
between  the  two  affords  an  indication  of  the  amount  of  impurity  present. 
After  treatment  with  caustic  alkali  and  sulphuric  acid,  the  gas  is 
conducted  through  a  tap,  which  is  closed  when  it  is  desired  to  make 
a  vacuum  over  the  frozen  mass,  and  thence  over  phosphoric  anhydride 
to  the  •  globe.  For  the  details  of  apparatus,  etc.,  reference  must  be 
made  to  former  papers.      The  condensing   charal)er,  which  can  be 

*  Or  '  Scientific  Papers/  toI.  4,  p.  350. 
t  *  Recherches  sup  les  Qbz,*  Paris,  1898. 
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immersed  in  liquid  air,  is  in  the  form  of  a  vertical  tube,  2^  cm.  in 
djameter  and  22  cm.  long,  closed  below  and  above  connected  laterally 
to  the  main  channel. 

The  first  experiment  on  July  13  was  upon  gas  from  the  top  of  the 
bottle  as  supplied,  and  without  treatment  by  liquid  air,  with  the  view 
of  finding  out  the  worst.  The  weight  was  3*6015,  about  35  milli- 
grammes too  light.  The  stock  of  material  was  then  purified,  much  an 
in  1896.  For  this  purpose  the  bottle  was  cooled  in  ice  and  salt*  and 
allowed  during  about  one  hour  to  blow  off  half  its  contents,  being 
subjected  to  violent  shaking  at  frequent  intervals.  Subsequently  three 
'  weighings  were  carried  out  with  gas  drawn  from  the  bottom,  but 
without  treatment  by  liquid  air.     The  results  stand : — 

July  18 3-6368 

July  20 3-6360 

July  25 3-6362 

Mean 3-63633 

Next  followed  experiments  in  which  gas,  still  drawn  from  the 
bottom  of  the  bottle,  was  further  purified  hy  condensation  with  liquid 
air.  The  gas,  arriving  in  a  regular  stream,  was  solidified  in  the 
condensing  chamber.  When  it  was  judged  that  a  sufficiency  had  been 
collected,  the  tap  behind  was  turned  and  a  high  vacuiun  established 
over  the  solid  mass  with  the*  aid  of  the  Topler  pump.  The  pump 
would  then  be  cut  off  and  the  gas  allowed  to  evaporate  and  accumulate 
in  the  globe.  A  reapplication  of  liquid  air  caused  the  gas  to  desert 
the  globe  for  the  condensing  chamber,  until  in  a  surprisingly  short  time 
a  vacuiun  was  re-established.  Little  or  nothing  could  now  be  drawn 
off  by  the  pxunp,  and  it  was  thought  that  a  distinct  difference  could  l)e 
perceived  between  the  first  and  second  operations,  indicating  that  in 
the  first  condensation  a  little  impurity  remained  gaseous.  If  desired, 
the  condensation  could  be  repeated  a  third  time.  On  one  occasion 
(August  7)  the  condensed  gas  was  allowed  to  Uqnefy,  for  which  purpose 
the  pressure  must  rise  to  not  far  short  of  atmospheric,  and  to  blow  off 
part  of  its  contents : — 

August  1    3-630;^ 

August  3   3-6367 

August  7    3-636G 

Mean 3  63653 

The  treatment  with  liquid  air  raised  the  weight  l)y  only  0*2  niilli- 
gramrae,  ])ut  the  improvement  is  probably  real.     That  the  stock  in 

*  The  lower  the  temperature  helow  the  critical  point,  the  more  effective  is  this 
procedure  likely  to  he. 
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the  bottle  still  contained  appreciable  impurity  is  indicated  by  a  weighing 
on  Augost  13,  in  which  without  liquid  air  the  gas  was  drawn  from  the 
top  of  the  bottle.     There  appeared 

August  13 ; 3-6354, 

about  1  milligramme  short  of  the  proper  weight. 

It  will  be  seen  that  the  result  without  liquid  air  is  almost  identical 
with  that  found  by  the  same  method  in  1896,  and  that  the  further 
purification  by  means  of  liquid  air  raises  the  weight  only  to  3*6365. 
I  find  it  difficult  to  believe  that  so  pimfied  the  gas  still  contains 
appreciable  quantities  of  nitrogen. 

The  corresponding  weight  of  air  being  2*3772,*  we  find  that,  referred 
to  air  as  imity,  the  density  of  nitrous  oxide  is 

34365^1.5297 

2*3772 
Again,  if  oxygen  be  taken  as  16,  the  density  of  nitrous  oxide  will  be 

3*6365  X  16 


2*6276 


=  22U3. 


The  excess  above  22  is  doubtless  principally  due  to  the  departure  of 
nitrous  oxide  from  Boyle's  law  between  atmospheric  pressure  and  a 
condition  of  great  rarefaction.  I  hope  shortly  to  be  in  a  position  to 
apply  the  correction  which  will  allow  us  to  infer  what  is  the  ratio  of 
molecular  weights  according  to  Avogadro's  rule. 

•  '  Koy.  Soc.  Ppoc./  vol.  53,  p.  134,  1893;  *  Scientific  Papers,*  vol.  4,  p.  47. 
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"  Hydrolysis  of  Cane  Sugar  by  •  d-  and  /-Camphor-^-Sulphonic 
Acid."  By  Egbert  John  Caldwell,  B.Sc,  Clothworkers' 
Scholar,  Chemical  Department,  City  and  Guilds  of  London 
Institute,  Central  Technical  College.  Communicated  by 
Professor  H.  E.  Armstrong,  F.E.S.    Eeceived  June  16,  1904. 

The  study  of  the  action  of  asymmetric  hydrolytic  agents  on  the 
sugars  acquires  interest  from  the  fact  that  enzymes,  which  exhibit 
most  remarkable  activity  as  hydrolysts,  are  apparently  all  asymmetric 
in  structure.  The  only  experiments  of  the  kind  made  hitherto  are 
those  by  Emil  Fischer,*  on  the  action  of  d-  and  /-camphoric  acids  on 
cane  sugar,  described  in  his  memoir  on  the  importance  to  Physiology 
of  Stereochemistry.  No  difference  was  detected ;  but  as  the  experi- 
ments were  made  at  90"  G.  in  sealed  tubes,  it  was  desirable  to  extend 
the  inquiry  and  to  operate  under  conditions  more  nearly  comparable 
with  those  under  which  enzymes  act. 

At  Professor  Armstrong's  suggestion,  the  acids  selected  for  the 
purpose  were  the  two  isomeric  acids  of  opposite  activity  prepared  by 
direct  sulphonation  of  d-  and  /-camphor  by  Eeychler's  method.  They 
are  easily  prepared  and  they  act  quickly,  so  that  their  action  can  be 
studied  at  atmospheric  temperatures ;  moreover,  as  concentrated 
solutions  can  be  used,  even  a  small  difference  in  their  activity  should 
not  escape  detection.  The  inversion  was  carried  out  in  a  polarimeter 
tube  enclosed  in  a  jacket  through  which  a  flow  of  water  was  main- 
tained varying  in  temperature  by  only  ±  0-05**  from  20*05''  C. 
Eeadings  of  ap  were  taken  at  intervals  of  15  minutes.  The  results 
obtained  are  entered  in  the  following  tables,  in  which  a  is  the  amount 
of  cane  sugar  per  litre  of  solution  when  the  first  reading  was  taken  and 
a-x  the  concentration  of  the  solution,  at  other  times  /  minutes  after 
the  first  reading.  The  strength  of  the  acid  in  all  cases  was  0*488  gramme 
molecule  per  litre,  as  determined  by  titration  with  alkali.  The 
concentration  of  the  sugar  solution  used  was  17*1  per  cent.  (0*5  gramme 
molecule).  The  rate  of  change  was  such  that  the  inversion  was  about 
half  completed  at  the  end  of  six  hours ;  the  end  point  was  determined 
in  Cases  I  and  II  after  48  hours  standing  at  20"*  C. 

Although  there  cannot  have  been  any  great  difference  in  the 
conditions  in  the  different  experiments,  the  results  must  not  all  be 
included  in  one  series,  as  the  temperature  regulator  was  readjusted 
after  the  first  and  after  the  fourth  experiment ;  they  are  therefore  to 
be  considered  in  three  sets,  viz. :  I:  II,  III,  IV:  V,  VI,  VII,  VIII. 

The  first  set  gave  K  =  10*02  for  the  dextro  acid  and  9*95  for  the 

•  *  Zeits.  Phjeiol.  Cliem./  1898,  vol.  26,  p.  83. 
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Isevo  acid :   in  the  second  set,  the  value  obtained  for  the  dextro  acid 
was  9*87,  that  for  the  laevo  acid  being  9*99. 

Slight  variations  in  the  temperature  would  account  for  such 
differences,  as  the  influence  of  temperature  on  the  rate  of  change  is 
known  to  be  very  great.  But  even  in  these  experiments  the  variations 
observed  are  small  and  not  such  as  to  suggest  any  substantial  difference 
between  the  two  acids.  In  the  last  set  of  observations,  fully  set  forth 
in  the  table  on  p.  187,  which  there  is  every  reason  to  regard  as 
satisfactory,  there  is  clearly  no  evidence  of  a  difference  in  the  activity 
of  the  dr  and  ^acids  to  be  noticed. 

The  results,  therefore,  not  only  confirm  the  conclusion  arrived  at  by 
E.  Fischer,  but  are  also  in  agreement  with  the  observations  of  Marckwald 
and  Chwolles,*  that  methylic  d-  and  ^tartrates  are  hydrolysed  with 
equal  readiness  by  ^nicotine  (at  17*5  and  40'  C).  On  the  other  hand, 
they  are  in  remarkable  contrast  with  the  conclusions  of  Marckwald 
and  McKenziet  and  of  McKenzie|  that  ethereal  salts  similarly  derived 
from  optically  active  isomeric  compounds  are  both  formed  and 
hydrolysed  at  different  rates.  It  is  to  be  noticed,  however,  that  the 
experiments  of  these  chemists  were  carried  out  at  relatively  high 
temperatures  and  that  they  involved  racemisation. 

An  experiment  made  with  chlorhydric  acid  and  cane  sugar  under 
conditions  precisely  similar  to  those  prevailing  in  Experiments  V — VIII, 
using  a  solution  containing  17*6  per  cent.  (0*5  gramme  molecule)  of 
cane  sugar  and  0*486  gramme  molecule  of  hydrogen  chloride,  gave  the 
value  K=1M8. 

Representing  the  activity  of  hydrogen  chloride  as  100,  that  of 
camphor-/?-sulphonic  acid  is  therefore  89*8,  which  is  a  value  in  accord 
with  that  assigned  by  Ostwald  to  ethylsulphonic  acid,  viz.,  91*2. 

In  the  preliminary  stage  of  the  inquiry,  a  comparison  was  also  made 
of  the  action  of  chlorhydric  acid  and  of  (i-camphor-j8-sulphonic  acid 
on  milk  sugar  at  60°*  1.  The  value  obtained  for  the  former  was 
K  =  3*53.  §  The  values  observed  in  the  case  of  the  camphor-acid  were 
as  follows : — 


•  *  Ber.,'  1898,  vol.  31,  p.  783. 

t  « Ber.,'  1899,  vol.  32,  p.  3120. 

X  *  Chem.  Soc.  Trans.,'  1904,  vol.  85,  p.  378. 

§  *  Roy.  Soc.  Proo.,'  vol.  73,  p.  582. 
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18  per  cent.  (0*5  gramme  molecule)  milk  sugar,  0'400  gramme  molecule 
(2-camphor-j3-8ulphonic  acid.     Temperature,  CO"**!. 


Time  in  hours. 

ttD 

0 

20-90 

8 

21-73 

16 

21-93 

22 

22-37 

44 

23-45 

72 

24-30 

95 

24-88 

Per  cent, 
hjdroljsed. 

14-9 
18-5 
26-4 
45-8 
61-0 
71-5 


i?^log,o 


a— « 


[1-46] 
0-93 
1-01 
1-01 
0-95 
0-96 


Complete  change  ...  26-47  Mean  ...  097 

K  (for  normal  acid)  =  2-43. 

Although  possibly  affected  by  a  considerable  error,  on  account  of  the 
difficulty  attending  such  observations  at  high  temperatures,  these 
results  appear  to  indicate  that  the  activities  of  the  two  acids  are  hy  no 
means  the  same  towards  cane  sugar  and  towards  milk  sugar,  being 
about  100  :  90  in  the  one  case  and  100  :  70  in  the  other.  Sigmond  has 
already  shown*^  in  the  case  of  cane-sugar  and  maltose,  that  although 
sulphuric  and  oxalic  acids  have  the  same  relative  activity  towards  both 
carbohydrates,  chlorhydric  acid  is  relatively  more  active  towards 
maltose :  it  appears,  therefore,  that  cane  sugar  is  less  sensitive  to  attack 
by  chlorhydric  acid  than  are  other  sugars.  The  point  is  one  which 
deserves  further  investigation. 

Although  the  experiments  described  in  this  note  have  given  a  negative 
answer  to  the  question  considered,  it  is  proposed  to  extend  the  inquiry 
to  other  acids. 


•  *  Zeits.  Phya.  Chem.,'  1898,  Yol.  27,  p.  390. 
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Sttdies  on  Enzyme  Action.  V. — Hydrolysis  of  Isomeric  Gluco- 
sides  and  Galactosides  by  Acids  and  Enzymes."  By  Edward 
Frankland  Armstkong,  Ph.D.,  Salters'  Company's  Eesearch 
Fellow,  Chemical  Department,  CHty  and  Guilds  of  London 
Institute,  Central  Technical  College.  Communicated  by 
Professor  H.  E.  Armstrong,  F.E.S.  Received  August  26, 
1904. 


In  view  of  the  use  constantly  made,  in  contrasting  the  action  of 
sucroclastic  enzymes,  of  the  stereoisomeric  a-  and  /^-methyl  glucosides 
and  the  corresponding  galactosides  as  test  materials,  it  was  desirable 
to  gain  some  idea  of  the  relative  stability  of  these  four  compoimds  in 
presence  of  acids  and  wherever  possible  towards  enzymes,  a  know- 
ledge of  their  behaviour  being  of  importance,  both  as  throwing  light 
on  their  intrinsic  properties  and  for  the  purpose  of  correlating  the 
activities  of  the  various  compounds  amenable  to  hydrolysis. 

As  already  pointed  out,*  in  studying  the  hydrolysis  of  sugars  under 
the  influence  of  enzymes,  it  is  difficult  to  institute  just  comparisons,  as 
not  only,  as  a  rule,  is  a  different  enzyme  required  for  each  sugar,  but 
we  have  no  means  at  present  of  determining  the  amount  of  enzyme 
used;  and  sooner  or  later,  it  will  be  necessary  to  accumulate  data 
correlating  one  or  more  analytical  factors  (nitrogen  percentage,  etc.) 
with  hydrolytic  activity.  The  difficulty  spoken  of  is  enhanced  by  the 
fact  that,  usually,  several  enzymes  occm*  together — so  that  no  ordinary 
analytical  process  can  suffice  for  the  determination  of  the  amount  of  a 
particular  enzyme  present  in  a  solution. 

On  the  other  hand,  it  will  be  of  importance  to  determine  whether 
any  one  enzyme  is  capable  of  hydrolysing  several  different  compounds 
or  whether  each  particular  hydrolysis  is  ascribable  to  some  one 
particular  enzyme.  There  is  only  one  case  at  present  known  which 
can  be  discussed  with  any  degree  of  certainty.  It  has  been  urged  by 
some  French  workers,  especially  by  Bourquelot  and  Herissey,t  that  the 
action  of  emulsin  on  milk  sugar,  is  due  to  the  presence  of  small  quantities 
of  lactase,  together  with  the  emulsin  proper.  The  following  facts, 
brought  forward  in  Nos.  2  and  3  of  this  series  of  papers,  may,  however, 
be  urged  against  this  view. 

(1)  The  curve  expressing  the  rate  at  which  milk  sugar  changes 
is  not  of  the  form  to  be  expected  if  only  a  very  small  quantity  of 
enzyme  (lactase)  were  present :  in  that  case  a  linear  expression  should 
apply  during  the  early  stages ;  actually  the  curve  is  only  of  this  form 
when  small  quantities  of  emulsin  are  used. 

•  *  Boy.  Soc.  Ppoc.,'  1904,  vol.  73,  p.  615. 
t  *  Compt  Rend.,*  1903,  rol.  137,  pp.  66,  69. 
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(2)  The  action  of  emulsin  on  milk  sugar  is  most  retarded  by  glucose, 
and  only  to  a  slight  extent  by  galactose,  whereas  galactose  alone 
affects  the  action  of  lactase.  This,  again,  would  appear  to  afford  proof 
that  the  emulsin  is  directly  active. 

(3)  The  curves  for  emulsin  fall  off  very  much  more  rapidly  than 
those  for  lactase,  showing  that  the  action  of  the  products  in  removing 
the  enzyme  is  greater  in  the  former  case. 

It  therefore  appears  that  the  differences  apparent  in  the  behaviour 
of  emulsin  and  lactase  towards  milk  sugar  are  such  as  to  render  it 
improbable  that  the  action  of  the  emulsin  is  due  to  the  presence  of  a 
small  proportion  of  lactase;  it  would  seem,  rather,  that  emulsin  is 
capable  of  acting  on  /3-galactosides  as  well  as  on  /3-glucosides.* 

A  different  enzyme  being  required,  as  a  rule,  for  each  sugar,  the 
relative  activities  of  enzymes  cannot  well  be  reported  in  terms  of  any 
particular  sugar  taken  as  standard ;  the  only  method  open  to  us  at 
present  is  to  determine  the  activity  of  a  particular  acid  towards  the 
various  sugars  and  to  estimate,  by  direct  comparison,  the  activity  of 
the  enzyme  in  terms  of  this  standard  acid.  But,  unfortunately,  acids 
compare  very  unfavourably  with  enzymes  as  hydrolysts :  so  that, 
in  order  to  effect  hydrolysis  at  any  reasonable  rate,  it  is  necessary, 
except  in  the  case  of  cane  sugar,  to  operate  at  elevated  temperatures, 
at  which  a  direct  comparison  between  acid  and  enz3rme  is  impossible. 
The  experiments  here  described  are  to  be  regarded  merely  as  a  first 
attempt  in  the  direction  indicated. 

Acid  Activity. — The  method  adopted  is  substantially  that  previously 
described.  Solutions  of  the  glucoside  containing  3  grammes  per 
100  c.c.  ,were  hydrolysed  by  means  of  a  half  gramme  molecular  propor- 
tion of  hydrogen  chloride  at  74^  The  following  tables  give  the 
results  obtained  with  the  various  hexosides.  The  values  of  the  velocity 
constant  K,  expressed  in  the  last  column,  are  calculated  on  the  assump- 
tion that  the  change  is  mono-molecular. 


•  Potteyin'a  (*  Ann.  Inst.  Pasteur/  1903,  yoI.  17,  p.  31)  inyestif^ations  seem  to 
show,  howeyer,  that  Aspergillus  niger  contains  an  enzjme  which  is  capable  of 
hydrolysing  /9.glucosides  but  not  /3-galactosidef  or  milk  sugar.  It  remains  an  open 
question  whether  this  "  emulsin  "  is  identical  with  that  obtained  from  almonds. 
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Table  I.  Table  II. 

a-Methjl  glucoside. 


1 
1 

! 

Temperature,  ' 

74°1. 

i 

Temperature,  74''*8. 

■     Time 

Change  in 

Time 

1 

K. 

1 

in  hours. 

rotation  »  x. 

in  hours. 

•ZT* 

, 

mins. 

1 

mins. 

1 

2 

15 

0  00956 

2 

18 

!      0  -0115 

4 

ao 

0-00975 

4 

84 

0-0111 

7 

52 

0-01000 

6 

48 

0  0107 

17-6 

117 

0  -01010 

24 

174 

0-0124 

21 

137 

0  01027 

24 

146 

0  00977        ' 

i      29 

1 

176 

0-01047 

Total    1 
change  j 

1 

a  »350 

Mean  K  =  001 

a  -»350 

K  -  00114  j 

1 

Table  III.  Table  IV. 

^-Methyl  glucoside. 


• 

1 

Temperature, 

74°- 1. 

1 

Temperature,  74''-8.                 i 

Time. 

1 
1 

K. 

Time. 

*. 

1 

1 

mins. 

1 

mins. 

'        1 

11 

0  0177 

2 

28 

0  0233 

2 

22 

0  -0181 

4 

50 

0-0218 

4 

41 

0  -0178 

6 

70 

0  -0213 

6 

60 

0  -0178 

24 

193 

0  -0219 

7 

69 

0-0179 

48 

253 

0  0228 

1 

a  =  275 

^  =  0-0179 

a  =  275 

K  =  00220 
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Table  V. 
a-Methyl  galactoside. 


Table  VI. 
)3-MethyI  galactoside. 


Temperattire, ' 

74*'-l. 

Temperature,  74*'*8. 

Time. 

ar. 

K. 

Time. 

X. 

K. 

XUIDS. 

mins. 

2 

72 

0-0537 

2 

42 

0-J066 

4 

125 

0  -0518 

4 

85 

0-1059 

5 

150 

0  -0528      ; 

51 

105 

0*1041 

7 

196 

0  -0562 

7 

121 

0  -1077 

10 

240 

• 

0  -0567 

a»329 

£»  00542    1 

1 

a  »  154 

K  -  01061 

Table  VII.  Table  VIII. 

Salicin.     Temperature,  74°'l. 


t. 

X. 

K. 

i       t. 

X. 

K. 

mins. 

1 

minii. 

1 

48 

0  0612 

0-5 

26 

00642 

2 

85 

0  -0576 

1-5 

65 

0  -0535 

3 

124 

0-0601 

2-5 

105 

0-0589 

4 

161 

0-0632        1 

•       3-5 

141 

0-0606 

6 

205 

0  0597        ; 

!       5-5 

199 

0-0622 

8 

244 

0-0600        ! 

7-5 

235 

0-0598 

a  =  365 

mean  00603 

1 

a«365 

mean  0*0599 

The  mean  values  of  K  are  collected  in  the  following  table,  which 
also  contains  Sigmond's  value*  for  maltose  : — 

Table  IX. 


Hexoside. 


a-Methyl  glucoside  . 
iS'Methyl  glucosido  . 
a- Methyl  galactoside 
j3-Methyl  galactoside 

Salicin 

Maltose. .  • 


K  =  -  log 

t     ®  a—x 

Temperature,  74®-l. 

Temperature,  74°-8. 

o-oioo 

0  -0179 
0-0542 
0-0884* 
0-0601 

0  -0114 
0  -0220 
0  -0650* 
0-1061 

0-0740 


•  *  Zeit.  Phye.  Chem.,'  1898,  vol.  27,  p.  385. 
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It  will  be  noticed  that  the  various  hexoddes  vary  widely  in  stability  : 
the  jS-glucoddes  undergoing  hydrolysis  more  rapidly  than  the  stereo- 
isomeric  a-compounds — a  fact  already  noted  by  Alberda  von  Ekenstein 
— whilst  the  galactosides  are  more  rapidly  attacked  than  the  corre- 
sponding glucosides.  These  conclusions  are  in  harmony  with  the  well- 
known  fact  that  the  a-compound  preponderates  in  the  mixtures 
obtained  in  preparing  the  methyl  glucosides  and  galactosides*  and 
also  serve  to  explain  the  circumstance  that,  in  separating  methyl 
galactoside  (by  £.  Fischer's  method),  it  is  necessary  to  avoid  the 
presence  of  acid  far  more  carefully  than  in  separating  methyl 
glucoside. 

In  the  case  of  the  a-  and  /^-glucosides  and  galactosides,  the  stereo- 
isomerism in  each  pair  of  compoimds  is  confined  to  the  termhial  carbon 
atom ;  it  is,  perhaps,  noteworthy  that  there  should  be  so  considerable 
a  difference  between  compounds  so  related. 

But  it  is  even  more  surprising  that  a  change  in  the  general  configura- 
tion at  the  fourth  carbon  atom,  affecting  only  the  nature  of  the  attach- 
ment of  the  oxygen  atoms  within  the  ring,  such  as  occiu-s  when 
glucose  passes  into  galactose,  should  have  so  marked  an  influence  on 
the  activity  of  the  group  associated  'with  the  terminal  carbon  atom. 
Such  a  result  enhances  the  probability  of  the  conclusion  that  the 
active  system  within  which  the  change  takes  placet  is  formed  by  the 
association  of  acid-water  molecules  with  the  oxygen  atom  in  the  penta- 
phane  ring :  in  other  words,  that  this  oxygen  atom  is  the  attractive 
centre.  The  argument  here  made  use  of  renders  it  desirable  that  the 
behavioiu*  of  the  isomeric  mannosides  towards  acids  should  also  be 
studied,  in  order  that  it  may  be  possible  eventually  to  define  more  or 
less  acciu*ately  the  functions  of  the  different  oxygen  atoms  in  the 
molecule. 

Enzyme  Adivity. — At  present,  the  experiments  have  been  confined 
to  two  substances,  maltose  and  a-methyl  glucoside,  which  both  undergo 
hydrolysis  under  the  influence  of  the  enzymes  contained  in  ordinary 
yeast  maltase. 

Fifty  cubic  centimetres  of  a  solution  containing  5  grammes  of  a-methyl 
glucoside  was  mixed  with  50  c.c.  of  a  maltase  extract  prepared  from  dried 
yeast ;}  the  mixture  was  kept  at  22*.  Samples  were  u^-ithdrawn  every 
hoiur  and  polarimetrically  examined.  Considerable  difficulty  was  at 
first  experienced  in  obtaining  sufficiently  clear  solutions  for  this  purpose, 
owing  to  the  impossibility  of  removing  the  suspended  proteid  matter 
by  mere  filtration ;  it  was  eventually  discovered  that  the  liquids  could 
be  clarified  by  means  of  sodium  acetate.     The  method  at  present 

•  E.  Fischer,  *  Ber.,'  yoI.  26,  p.  2400 ;  Jungius,  *  Proc.  K.  Akad.  Wetcnsch.,* 
Amsterdam,  1903,  toI.  6,  p.  99. 
t  Compvne  Armstrong  and  Caldwell,  *  Koj.  Soc.  Proc.,'  toI.  73,  p.  526. 
t  *  Koj.  Soc.  Proc.,*  Tol.  78,  p.  504. 


1904.] 


Studm  on  Enzyme  Action. 


193 


adopted  consists  in  mixing  5  c.c.  of  water  at  100",  containing 
0*5  gramme  of  sodium  acetate,  with  the  5  c.c.  withdrawn,  then 
shaking  with  charcoal  and  filtering  through  a  double  filter. 

Table  X. 


Time 

Percentage 

IT      1|         100 
K  «  -log.-       -. 

in  hours. 

changed  =  x. 

mine. 

1 

8-7 

0  '0395 

2 

16-6 

0  0394 

3 

24*0 

0  0397 

4 

31-3 

0  0407 

5 

37-0 

0  0401 

To  effect  a  direct  comparison  of  the  activity  of  maltase  towards 
maltose  and  a-methyl  glucoside,  the  two  substances  were  hydrolysed 
by  the  same  yeast  extract  imder  precisely  similar  conditions.  The 
extract  used  in  this  case  was  prepared  by  digesting  5  grammes  of 
dried  yeast  with  100  c.c.  of  water  at  22°  during  1  hour. 


Table  XL 

1 

a-Mcthjl  glucoside. 

Maltose. 

Time 

in  hours. 

1 

X.             \              K. 

X, 

K. 

i 
mins.           >' 

mins. 

1 

5-56           j          0  -0248 

21 '2 

0  098 

2 

10-5 

0-0241 

86  0 

0  0969 

3 

14*8 

0  '0232 

43  0 

0  0814 

4 

18-6 

0  -0222 

49-4 

0  0722 

5 

22-2 

0-0218 

53-6 

0  Oti67 

6 

25*9 

0  0217 

58*2 

0  0631 

It  will  be  seen  that  the  maltose  was  hydrolysed  very  much  more 
quickly  than  the  a-methyl  glucoside.  In  both  cases  the  velocity 
coefficient  K  diminishes  as  action  proceeds ;  but  to  a  far  greater  extent 
in  the  case  of  maltose.  This  difference  is  obviously  due  to  the 
different  influence  exercised  by  the  products  of  change  in  the  two 
cases.  It  is  to  be  remembered  that  two  molecules  of  glucose  are  pro- 
duced by  the  hydrolysis  of  maltose  but  only  one  from  a-methyl 
glucoside ;  any  retardation,  therefore,  which  glucose  can  effect  should 
be  less  obvious  in  the  case  of  the  glucoside. 
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On  comparing  the  results  recorded  in  the  above  tables  with  those 
given  on  pp.  190 — 191,  representing  the  action  of  acid,  it  is  obvious  that 
the  enzyme  was  much  more  active  than  the  acid.  About  40  per  cent, 
of  the  glucoside  was  changed  in  5  hours  at  22''  by  the  enzyme ;  whereas, 
when  acid  was  used,  even  in  so  large  a  proportion  as  three  molecules 
of  hydrogen  chloride  to  one  of  glucoside,  the  same  amount  of  change 
was  effected  in  only  about  20  hours  at  TS*".  As  the  enzymes  are 
undoubtedly  of  high  molecular  weight  and  the  proportion  of  maltase 
in  the  yeast  extract  is  certainly  small,  it  would  seem  to  follow  that  the 
relative  molecular  activity  of  the  enzyme  is  very  great  compared  with 
that  of  the  acid.  But,  as  pointed  out  in  an  earlier  paper,*  inasmuch 
as  only  a  small  proportion  of  the  acid  is  actually  active,  it  is  probable 
that  the  enzyme  owes  its  apparent  activity  to  its  greater  affinity  for 
the  sugar  and  that,  in  reality,  the  acid  has  the  greater  hydrplytic 
activity. 

On  account  of  the  rapid  alteration  in  the  values  of  K,  it  is  difficult 
to  make  any  exact  numerical  comparison  between  maltose  and  methyl 
glucoside.  The  initial  value  of  K,  in  the  case  of  the  glucoside,  may  be 
estimated  at  about  0*025  ;  in  view  of  the  results  previously  obtained,  t 
which  throw  considerable  light  on  the  l3eha\'iour  of  maltose  during  the 
early  stages  of  hydrolysis,  the  corresponding  value  for  this  sugar  may 
be  set  at  0*12  or  even  higher.  Comparing  these  initial  rates,  it  would 
appear  that  maltose  is  hydrolysed  from  five  to  six  times  as  rapidly  as 
a-methyl  glucoside,  a  result  of  the  same  order  as  that  deduced  in  com- 
paring the  action  of  chlorhydric  acid  on  the  two  hexosides. 

Taking  into  account  both  the  superior  stability  of  the  methyl 
glucoside  and  the  greater  influence  exercised  by  the  products  of 
change  in  the  case  of  maltose,  the  difference  in  the  behaviour  of  the 
two  compounds  on  hydrolysis  seems  to  be  satisfactorily  accounted  for. 

•  Part  4,  loc,  cif. 

t  *  Eoj.  Soc.  Proc./  vol.  73,  p.  508. 
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Acids  as  contrasted  with  that  of  Enzymea  Part  II."  By 
Edwabd  Frankland  Armstrong,  Ph.D.,  Salters'  Company's 
Eesearch  Fellow  and  Robert  John  Caldwell,  Clothworkers* 
Scholar,  Chemical  Department,  City  and  Guilds  of  London 
Institute,  Central  Technical  College.  Communicated  by  Pro- 
fessor H.  E.  Armstrong,  F.R.S.    Eeceived  August  26, 1904. 

D  7050.    Hydrohjsis  of  Cane  Stigar  by  very  Dilute  Acids, 

In  accordance  with  the  theory  put  forward  in  our  former  paper,*  it 
was  to  be  expected  that  on  hydrolysing  cane  sugar  with  sufficiently 
dilute  acids  the  course  of  the  change  would  not  follow  the  simple 
logarithmic  law  but  that  it  would  approximate,  during  the  earlier  period, 
to  a  linear  function  of  the  time.  This  supposition  has  been  confirmed 
by  experiments  made  very  carefully  to  test  this  point. 

Experimental  Method : — In  order  that  hydrolysis  should  be  about  half 
completed  in  10  hours  by  N/500  chlorhydric  acid,  it  was  necessary  to 
work  at  about  40°.  At  this  temperature,  when  so  weak  an  acid  is  used, 
the  solution  does  not  show  any  trace  of  colour  even  after  4  days, 
which  may  be  regarded  as  evidence  that  no  decomposition  of  the 
levulose  into  acid  substances  has  occurred.  In  order  to  maintain  the 
temperature  at  40°,  a  stream  of  water  was  passed  through  the  jacket 
of  the  polarimeter  tube  in  which  the  hydrolysis  was  carried  out.  The 
water  was  taken  from  the  mains  at  nearly  18°  and  passed  through  a 
metal  vessel,  about  2  litres  in  capacity,  in  which  it  was  heated  by 
a  Bunsen  burner  to  30°.  It  was  then  passed  through  a  metal  vessel 
holding  about  5  litres  containing  an  Ostwald  thermoregulator ;  in 
this  the  temperature  of  the  water  was  raised  to  about  39°.  The 
final  adjustment  was  performed  by  a  very  sensitive  Ostwald  thermo- 
regulator with  fluted  sides  to  make  it  respond  quickly  to  changes  in 
temperature;  this  was  placed  in  a  cylindrical  Dewar  vacuum  vessel, 
which  it  almost  filled.  After  passing  through  a  thin  copper  drum 
holding  about  150  c.c,  the  water  circulated  through  the  regulator, 
cooling  being  prevented  by  the  vacuum  jacket ;  the  temperature  of 
the  water  in  the  drum  was  maintained  at  40°  by  means  of  a  flame 
controlled  by  the  regulator.  This  arrangement  proved  to  be  eminently 
satisfactory  in  observing  slow  rates  of  change,  although  the  extreme 
variation  of  the  temperature  was  nearly  ±  ^th  of  a  degree,  the 
period  of  the  variations  was  only  1  minute,  so  that  in  experiments 
extending  over  several  hours  the  temperature  variation  was  of  no  account. 
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The  strength  of  the  acid  selected  was  N/500  hydrogen  chloride;  the 
two  sugar  solutions  used  contained  171  and  342  grammes  sucrose  per 
litre.  The  polarimeter  tube  had  been  in  use  for  a  considerable  time 
with  acid  solutions.  The  solutions  of  sugar  and  acid  were  accurately 
measured  out  from  burettes  into  a  small  flask  into  which  steam  had 
been  passed,  according  to  Ostwald's  directions,  to  free  it  from  alkali. 
The  mixture  was  then  rapidly  Altered  into  the  polarimeter  tube.  The 
first  reading  was  taken  10  or  15  minutes  after  mixing,  when  the 
temperature  had  attained  to  that  of  the  thermostat. 

As  under  these  conditions  the  rotatory  power  of  the  solution  fell 
quickly,  the  polarimeter  readings  had  to  be  taken  very  rapidly,  so 
that  the  possible  error  in  the  tabulated  values  (although  amounting  to 
only  0*1  per  cent.)  is  about  0*03%  making  a  possible  error  of  3  units 
in  the  third  column  of  diflerences. 

By  taking  a  very  large  number  of  points,  such  minor  errors  are 
eliminated  and  when  the  velocity  constant  K  is  calculated  according 
to  the  usual  logarithmic  law  a  very  steady  series  of  values  is 
obtained. 

From  Tables  I — IV  it  will  at  once  l)e  obvious  that  the  value  of  the 
velocity  coefficient  K  steadily  increases  during  about  the  first  4  or 
5  hours  of  the  change  and  then  remains  constant,  the  figures  obtained 
being  in  striking  contrast  with  those  of  Ostwald  and  also  with  those 
given  later  in  this  paper.  Tables  VI,  VII,  for  experiments  in  which 
stronger  solutions  of  acid  were  used :  in  all  these  experiments  the 
successive  values  of  K  vary  up  and  down  on  either  side  of  a  mean  value. 

The  fact  that  the  value  of  K  rises  is  an  indication  that  change 
proceeds  faster  than  the  mass-action  law  requires.  On  the  other  hand, 
the  figures  do  not  offer  definite  evidence  that  the  change  proceeds  at 
a  strictly  linear  rate,  although  in  all  cases,  especially  that  recorded  in 
Table  II,  the  approximation  to  a  straight  line  law  during  the  first 
2  J  hours  is  very  close  :  indeed,  if  the  possible  error  in  the  difference  be 
taken  into  account,  the  first  10  or  15  per  cent,  of  the  change  is 
practically  linear.  When  the  values  are  plotted  on  rectangular 
co-ordinates,  the  curve  obtained  falls  between  the  straight  line  and  the 
mass-action  curve. 

Furthermore,  Tables  III  and  IV  indicate  that  the  approximately 
linear  portion  of  the  change  persists  the  longer  the  larger  the  propor- 
tion of  sugar  to  acid. 

It  is  ob\4ous  from  these  results  that  the  analogy  between  acid  and 
enzyme  action  is  complete.  In  both  cases,  when  the  proportion  of 
hydrolyst  is  relatively  small  the  change  is  at  first  approximately  a 
linear  function  of  the  time  and  subsequently  a  logarithmic  function ; 
whilst  when  a  larger  proportion  of  hydrolyst  is  present,  the  change  is 
from  the  first  a  logarithmic  function  which  may  become  modified  by 
secondary  causes.     The  association  theory  of  hydrolysis  put  forward  in 
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Table  I. 


Table  II. 


#W1*                   ■ 

Average 

1 

'    Average 

1 

1 

Time  m 
minutes. 

OLiy 

difference 

per  30 
minutes. 

K. 

»!). 

;  difference 
per  30 
minutes. 

E. 

0 

22-22 

•  • 

•  • 

! 

22  12 

•  • 

•  • 

15 

21-83 

■  • 

412 

21-73 

•  • 

414 

30 

21-40 

82 

437 

21  -35 

77 

411 

45 

21  00 

•  • 

437 

20-97 

•  • 

412 

60 

20-63 

81 

430 

20-68 

76 

417 

75 

20  18 

•  • 

446 

20-22 

•    « 

416 

90 

19-77 

80 

449 

19-82 

77 

422 

105 

19-46 

•  • 

438 

19-46 

•  • 

423 

120 

19  00 

80 

449 

19-03 

76 

431 

135 

18-63 

t  • 

448 

18-72 

•  • 

425 

150 

18-27 

72 

447 

18-37 

69 

425 

165 

17-92 

•  • 

446 

18-00 

•  • 

427 

180 

]7-52 

75 

451 

17-60 

77 

488 

195 

17-18 

•  • 

449 

17-23 

•  • 

436 

210 

16-83 

70 

450 

16  -90 

67 

486 

225 

16-47 

t  • 

451 

1       16-60 

•  • 

433 

240 

16  17 

68 

448 

16-27 

66 

433 

255 

15-78 

•  • 

453 

15-93 

•  • 

484 

270 

15-43 

73 

454 

16-60 

66 

436 

285 

15  05 

•  • 

469 

16-27 

•  • 

487 

300 

•  • 

•  • 

•  • 

14-93 

65 

489 

315 

•  • 

•  • 

•  • 

14-63 

•  • 

488 

380 

•  • 

•  • 

14-30 

65 

441 

345 

13-87 

54 

466 

13  -95 

.  • 

444 

360 

13-57 

•  t 

454 

13-68 

61 

442 

375 

13-25 

62 

466 

13-36 

•  • 

446 

390 

12-95 

•  • 

466 

13  -10 

65 

448 

405 

12-65 

57 

467 

12-83 

•  • 

442 

420 

12-42 

•  • 

454 

12-53 

68 

444 

435 

12  13 

55 

454 

12-23 

•  • 

446 

450 

11-85 

•  • 

453 

11-97 

68 

446 

465 

11-58 

54 

455 

11  -73 

•    • 

443 

480 

11-32 

•  * 

456 

11-48 

50 

443 

495 

11-07 

62 

464 

11-23 

•  • 

448 

510 

10-80 

•  • 

455 

11-03 

46 

440 

525 

10-58 

49 

453 

1 

•  • 

• « 

9  A 

Complete 

chaiige 

-5-37 

•  • 

•  • 

,     -6-37 

•  • 

•  • 
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Table  in.  Table  IV. 


ATsrage 

ATeraRB 

Time  in 

diSeranoe 

E. 

diffennce 

K. 

minntoi. 

«D- 

pw80 

Id. 

per  30 

nunutoi. 

minutei. 

0 

46-08 

44-68 

10 

46-47 

^ 

44-02 

481 

SO 

44-88 

461 

43-87 

489 

so 

44-20 

471 

42-7S 

498 

40 

48-62 

185 

468 

42-20 

183 

487 

GO 

42-97 

478 

41-68 

492 

60 

42-37 

479 

40-98 

500 

70 

41-80 

182 

477 

40-30 

186 

605 

80 

41-17 

482 

90 

40-6? 

486 

89"-10 

507 

100 

40-07 

176 

488 

38-47 

188 

612 

110 

S9-4S 

488 

87-8? 

618 

IM 

88-86 

486 

87-28 

616 

ISO 

SS-28 

176 

48? 

36-70 

ira 

616 

140 

87-67 

491 

86-13 

616 

150 

87-18 

490 

36-63 

519 

160 

36-56 

178 

4B2 

34-95 

177 

621 

170 

86-03 

49t 

34  33 

625 

180 

3G-43 

495 

33 '78 

526 

190 

34-93 

167 

494 

33-26 

168 

526 

200 

34-46 

492 

33-73 

526 

210 

33-87 

495 

32-26 

623 

220 

83-38 

166 

494 

31-66 

168 

527 

230 

32-87 

494 

31-13 

627 

240 

32-38 

401 

30-65 

626 

260 

iis2 

30-13 

164 

527 

260 

ai-28 

499 

29-62 

528 

270 

30-80 

499 

29-08 

530 

2S0 

30-38 

164 

496 

28-60 

162 

630 

290 

29-87 

493 

28-15 

629 

300 

29 '48 

495 

27 '63 

630 

310 

28-83 

144 

602 

27-22 

142 

623 

320 

28-42 

600 

26-72 

530 

330 

27-93 

501 

26 '28 

629 

S40 

27-43 

146 

603 

26-83 

138 

620 

3G0 

26-97 

603 

25-32 

632 

360 

26-65 

603 

24-88 

682 

370 

26-12 

134 

603 

24-47 

136 

531 

380 

25-65 

604 

24-02 

.. 

682 

390 

26  28 

604 

23-60 

531 

400 

24-87 

126 

502 

23-15 

180 

632 

410 

24 '42 

603 

22-73 

682 

420 

24-02 

608 

22-86 

531 

430 

23-62 

124 

503 

440 

23  17 

G04 

450 

22-80 

603 

460 

22-88 

123 

604 

470 

21-93 

606 

480 

21-63 

607 

490 

21-13 

123 

607 

600 

20-77 

507 

510 

20-40 

507 

620 

20-00 

112 

608 

630 

19-68 

BOS 

MO 

19-27 

608 

a>mplete 

eh,up>..j 

-11  -12 

-10-79 
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these  papers  gives  a  very  satisfactory  explanation  of  the  observed 
phenomena ;  as  before  stated,  the  differences  between  acid  and  enzyme 
action  can  all  be  attributed  to  the  crystalloid  nature  of  the  former  and 
the  colloid  nature  of  the  latter. 

Influence  of  the  Products  of  Change, — In  view  of  the  theoretical  impor- 
tance of  the  influence  of  the  products  of  change,*  it  appeared  desirable 
to  extend  our  experiments  in  this  direction  to  cane  sugar.  Accordingly 
the  effect  of  adding  9  grammes  of  glucose  or  fructose  to  100  c.c.  of 
17*1  per  cent,  sucrose  containing  half  a  gramme  molecule  of  hydrogen 
chloride  has  been  determined  in  the  manner  previously  described  by  one 
of  us  for  j3-camphor  sulphonic  acid  at  20''. 

The  results  are  incorporated  in  the  following  tables : — 


Table  V. 


Table  VI. 


Table  VII. 


17  -1  p^rammes  tnorose 
per  100  c.c. 

1 

17  *1  grammes  sncrose 
per  100  c.c. 

17  -1  grammes  sucrose 

+  9*0  grammes  glucose 

per  100  c.c. 

Time. 

OLjy 

^°*log     •   • 

dji* 

^f  log    »  • 

t       "  a— a: 

Aj). 

log 
t          a—x 

0 

+  21 -55 

•  • 

+  21  -62 

•  • 

+  30-72 

• . 

16 
30 

20*40 
19-30 

[11  -83] 
'11  -81] 

20*42 
19-47 

[12  -32] 
11*23 

29*53 
28-37 

[10  -93] 
12-37 

46 

18-27 

11-70 

18-48 

11-14 

27-22 

12*56 

60 

17-33 

11-50 

17-48 

11-23 

26  17 

12-60 

76 

16-40 

11*44 

16*56 

11-21 

25-25 

12-26 

90 

15-43 

11-56 

16*63 

11-46 

24-26 

12-34 

105 

14-60 

11-45 

14-70 

11*37 

28-33 

12-82 

120 

13-75 

11-46 

13-90 

11-29 

22-38 

12-43 

135 

12-95 

11-44 

13  12 

11-26 

21*45 

12-66 

150 

12-10 

11-65 

12*35 

11-26 

20-67 

12-49 

165 

11-37 

11-51 

11-63 

11-35 

19-87 

12*51 

180 

10-66 

11-51 

10-87 

11-27 

19-10 

12-63 

195 

9-93 

11-64 

10*18 

11-84 

18-30 

12-63 

210 

9-30 

11*49 

9-42 

11*39 

17-65 

12-57 

225 

8-62 

11-64 

8-90 

11-26 

17-08 

12-52 

240 

8-02 

11-62 

8-26 

11-29 

16-42 

12*49 

Complete 
change 

-  7-18 
Mean .. 

•  • 

-  7*18 
Mean .. 

•  • 

•(•2-03 
Mean .. 

•  • 

11-62 

11*29 

12-47 
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Table  VIH. 


Tal.le  IX. 


Table  X. 


17  *1  grammes  suerone 

17  -1  grammes  sucrose 

17  -1  grammes  sucrose 

+  9*0  grammes  glacose 

+  9'0  grammes  fructose 

•¥ 90 grammes  fructose 

pei 

•  100  c.n. 

per 

100  c.c. 

per 

100  c.c. 

Time. 

fiCi). 

\^log     -   • 

flti> 

'^og     »   . 

»!)- 

t'"^/^ 

t          a  —  x 

t           a—x 

t          a—x 

0 

•f80'63 

1           •  • 

+   4-35 

•  • 

+   4-24 

•  • 

15 

29-45 

12-20 

3-lH 

12  07 

3  13 

12-59 

80 

28-25 

12  -58 

2  03 

12-22 

1-97 

12-55 

45 

27-18 

12-60 

+   0-95 

12-19 

+   0-92 

12-31 

60 

26-15 

12-83 

-  o-io 

12-22 

r-      0-10 

12-22 

76 

25  12 

12-89 

1-08 

12-17 

110 

12-22 

90 

24-12 

12-46 

2-05  , 

12-20 

2-18 

12  -37 

lOo 

28-16 

12-54 

2-07 

12-20 

3-05 

12-23 

120 

22*28 

12-58 

3-85  1 

12-20 

3-90 

12-29 

185 

21-88 

12-65 

4-70 

12-21 

4-82 

12-41 

150 

20-45 

12-74 

5  '^:> 

12-27 

5-65 

12-43 

165 

19-67 

12-72 

6-30 

12-23 

6-43 

12-43 

180 

19-00 

12-59 

7-07 

12-27 

7-20 

12-45 

195 

18-18 

12-73 

7  'H'J 

12-32 

7 -93 

12  -47 

210 

17-48 

12-73 

8  MS 

12 -PS 

8-fi3 

12-48 

225 

16-80 

12-75 

9  07 

12-20 

9-25 

12-43 

240 

16-18 

12-80 

9-77 

12-29 

9-93 

12-49 

Complete 

1 

change 

+   2-03 
Mean .. 

1 

•  • 

-24 -3(' 

Meau  . . 

•  • 

-24-30 
Af  can  . . 

•  • 

12  -59        j 

1 

12-22 

12  -38         1 

i 

Calculating  from  the  equation 

K  =  Ki  [1  + 0-0131  p] 

given  by  Arrhenius  as  that  expressing  the  influence  of  concentration 
p  on  the  constant  of  hydrolysis,  it  follows  that  in  the  case  of  a  solution 
containing  17*1  +  8*55  grammes  of  vane  sugar  per  100  c.c, 

K=  12-45 

The  results  obtained  may  thus  be  summarised — 

Table  XL 

Mean  value  of  K. 

(i)  9*0  grammes  glucose 12-53 

(ii)  9-0        „         fructose 12-30 

(iii)  9*0        „         invert  sugar  (mean  of  (i)  and  (ii))...  12*42 

(iv)  8*55      „         cane  sugar  («. lie.)    12-45 

It  will  be  seen  that  about  the  same  increase  in  the  value  of  K  is 
produced    by  equimolecular    proportions    of  glucose    and  fructose, 
whilst  the  molecular  effect  of  the  1  »iosc  cane-sugar  is  about  twice  the 
molecular  effect  oi  the  monose. 
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The  acceleration  brought  about  by  the  addition  of  sugars  may  be 
attributed  to  a  withdrawal  of  water  by  the  sugar  and  the  consequent 
increase  in  the  amount  of  the  "  active  system,"  as  pointed  out  in  our 
previous  paper. 


"  Studies  on  Enzyme  Action  :  The  Effect  of '  Poisons  '  on  the  Kate 
of  Decomposition  of  Hydrogen  Peroxide  by  Haemase."  By 
George  Senter,  Ph.D.,  B.Sc.  (Lond.).  Communicated  by 
Professor  E.  H.  Starling,  F.RS.     Eeceived  June  2,  1904 

Schonbein*  was  the  first  to  observe  that  most  animal  and  vegetable 
juices  have  the  property  of  decomposing  hydrogen  peroxide  into  water 
and  oxygen,  as  well  as  the  power  of  developing  a  blue  colour  in 
tincture  of  guaiacura  containing  a  little  hydrogen  peroxide.  Since 
these  properties  belonged  to  all  the  enzymes  then  known,  e.^.,  emulsin 
and  diastase,  Schonbein  regarded  them  as  characteristic  of  enzymes 
in  general,  and  used  them  in  his  numerous  investigations  as  tests  for 
the  presence  of  these  bodies. 

A  good  many  years  afterwards  Jacobson,t  working  with  impure 
emulsin  and  pancreatin,  showed  that  the  power  of  these  enzymes  to 
catalyse  hydrogen  peroxide  could  be  destroyed  without  affecting  seriously 
the  specific  ferment  action.  A  year  or  two  ago,  LoewJ  suggested  that 
the  power  of  plant  and  animal  juices  to  decompose  hydrogen  peroxide 
is  due  to  an  enzyme  of  very  wide  distribution,  which  he  has  named 
catalase.  According  to  this  view,  Jacobson's  impure  emulsin  contained 
some  catalase,  which  is  less  resistant  against  heat  than  the  emulsin, 
and  can  be  rendered  inactive  without  affecting  seriously  the  other 
ferment. 

Since  Schonbein's  time,  the  properties  which  blood  possesses  of 
decomposing  hydrogen  peroxide  and  of  giving  the  guaiacum  reaction 
have  formed  the  subject  of  numerous  investigations  by  Schmidt,§ 
Bergengriin,||  Spitzer,*!  Schar,**  Cotton,tt  Ville  and  Moitessier,JJ  and 
others,  and  this  is  not  surprising  when  we  consider  the  importance 
of  the  guaiacum  test  for  the  detection  of  small  amounts  of  blood. 

Spitzer^  concluded  that  the  guaiacum  reaction  and   the  catalysis 

•  *  Journ.  f .  prakt.  Chemie,*  vol.  89,  p.  834  (1868). 

t  •  Zeit.  f.  physiol.  Chemie,'  toI.  16,  p.  340  (1892). 

X  Loew,  "  Catalase,"  *  U.S.  Dept.  of  Agrieultupe  Beport,'iNo.j68,  1901. 

§  Pfluger's  '  Apchiv,*  toI.  6,  p.  413  (1872). 

II  *  Inaug.  Dissertation,*  Dorpat,  1888. 
1[  Pfluger's  '  ArchiT,'  toI.  67,  p.  615  (1897). 
••  *  Zeit.  flip  Biologie,'  Tol.  6,  p.  467  (1870). 
ft  Cotton,  *  Bull.  Soc.  Chim.,'  toI.  26,  p.  265  (1901), 
XX  *  Bull.  Soc.  Chim.'  [8],  vol.  27,  p.  1008  (1902). 
§§  Loc.  cit. 
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of  hydrogen  peroxide  are  due  to  the  same  substance,  and  this  has 
been  the  generally  accepted  opinion*  until  very  recently.  Schmidt 
long  ago  suggested  that  the  catalysis  of  hydrogen  peroxide  by  blood 
is  due  to  the  hsemoglobin,  and  though  this  view  had  been  combated 
by  Robert, t  Schar,t  and  others,  no  very  definite  evidence  had  been 
brought  forward  on  either  side. 

Last  year  the  authoi^  succeeded  in  preparing  from  defibrinated 
ox  blood  a  body  which  energetically  decomposes  hydrogen  peroxide 
and  does  not  give  the  guaiacum  reaction.  This  body,  which  has  so  far 
been  obtained  only  in  solution,  has  been  named  hsemase. 

In  the  former  paper||  it  has  been  shown  that  hsemase  rapidly  loses 
its  activity  when  heated  in  dilute  aqueous  solution  to  60'';  that  in 
moderately  dilute  hydrogen  peroxide  solutions  heemase  undergoes 
slow  oxidation  by  the  peroxide  simultaneously  with  the  catalysis  of 
the  latter,  but  that  in  dilute  (n/100)  peroxide  solutions  the  latter  is 
split  up  without  the  catalysor  being  affected.  It  has  also  been  shown 
that  in  dilute  solution  the  velocity  of  the  decomposition  of  the 
peroxide  is,  within  fairly  wide  limits,  proportional  to  the  haemase 
concentration  and  to  the  concentration  of  the  hydrogen  peroxide. 
Preliminary  investigation  of  the  effect  of  other  substances  on  the 
reaction  showed  that  it  is  greatly  retarded  by  very  small  amounts 
of  acids  and  alkalis  and  to  a  much  smaller  extent  by  sodium  chloride. 

As  regards  the  nature  of  the  catalysor  in  question  there  seems  good 
reason  to  regard  it  as  belonging  to  that  rather  indefinite  class  of 
substances  known  as  enzymes.  In  the  present  state  of  our  knowledge 
no  good  definition  of  an  enzyme  can  be  given.  We  may  regard  them 
as  substances  formed  by  living  cells  which  can  be  separated  from 
the  latter  without  losing  their  activity,  and  under  whose  influence 
certain  chemical  changes  are  brought  about  in  a  catalytic  manner. 
They  are  soluble  in  water,  precipitated  by  alcohol,  destroyed  by 
heating  in  aqueous  solution  to  60"  or  70**,  and  their  activity  is  often 
greatly  influenced  by  small  traces  of  foreign  bodies.  In  all  respects 
heemase  conforms  to  the  above  definition. 

Since  hfiemase  (in  aqueous  solution  at  0**)  is  exceedingly  stable  and 
the  velocity  measurements  are  so  accurately  reproducible  on  different 
occasions  (remarkably  so  for  an  enzyme  action),  the  investigation  has 
been  continued  with  the  hope  of  throwing  some  light  on  the  nature 
of  the  enzyme,  and  the  present  coramimication  contains  an  account  of 
the  influence  of  various  substances  on  the  rate  of  reaction. 

•  Vide  Oppenheimer,  *  Fcnnents/  p.  45. 

f  '  Naturfoncherversammlung  Aachen/  1900,  quoted  by  Bredig,  *  Anorganische 
Fermente,'  Leipzig,  1901,  p.  88. 

J  *  Zeit.  fup  Biologie,'  vol.  19,  p.  330  (1899). 
§  *  Zeit.  flip  physik.  Chemie,'  toI.  44,  p.  257  (1903). 
//  Senter,  loc,  eii. 
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Metlwd  of  Measuring  the  Readioa  Velocity. 

All  the  experiments  mentioned  in  the  present  communication  were 
carried  out  in  a  thermostat  at  a  temperature  of  10**  (constant  to  y^"*). 
Ninety  cubic  centimetres  of  the  very  dilute  enzyme  solution  was  placed 
in  each  bottle,  10  c.c.  of  a  solution  of  the  substance  who|e  action  was 
to  be  investigated  (respectively  10  c.c.  of  water  in  the  control  experi- 
ments) added ;  after  the  lapse  of  a  certain  time  (period  of  incubation) 
100  c.c.  of  approximately  n/50  hydrogen  peroxide  (also  at  10")  added, 
and  the  mixture  shaken.  From  time  to  time  25  c.c.  of  the  mixture 
were  pipetted  out,  run  into  sulphuric  acid,  which  stops  the  action,  and 
titrated  with  w/500  permanganate. 

It  may  be  mentioned  that  the  enzyme  solution  was  so  active,  com- 
pared with  the  amount  of  organic  matter  present,  that  no  appreciable 
error  (less  than  ^  c.c.)  was  caused  through  the  reduction  of  KMn04 
by  organic  matter.  The  hydrogen  peroxide  used  was  obtained  from 
Merck  and  was  quite  pure. 

The  enzyme  solution  was  prepared  according  to  the  method  given 
in  my  former  paper,*  and  being  kept  in  an  ice-box  retained  its  activity 
without  appreciable  change  for  several  days. 

Nearly  all  the  substtinces  used  in  the  experiments  were  obtained 
from  Kahlbaum,  the  others  were  the  purest  obtainable  in  London. 

The  water  used  for  dilution  was  distilled  water  freed  from  carbon 
dioxide  by  the  passage  of  a  current  of  piu'e  air  through  it  for  some 
time. 

Effect  of  Adds  on  the  Reaction  Velocity. 

In  order  to  show  clearly  the  nature  of  the  results  obtained,  I  give 
here  (p.  204)  full  details  of  measurements  on  the  effect  of  HCl,  H2SO4, 
and  HNO3  on  the  reaction-velocity.  In  order  to  economise  space,  only 
the  "  constants  "  of  subsequent  experiments  will  be  given. 

The  value  of  the  constant  in  the  control  experiment  was  0*0250. 
The  numbers  under  Ch,o,  give  the  concentration  of  the  H2O2  at  the 
time  indicated,  expressed  in  cubic  centimetres  of  1/500  molar  KMn04. 
The  constants  in  the  third  column  are  calculated  on  the  assumption 
that  the  reaction-velocity  is  proportional  to  the  H20.i  concentration, 

that  is,  that    -  —  ?«^«  =  KiCh,o,  where  ChjO,  is  the  concentration  at 

1  C 

the  time  /.   Integrating,  we  obtain  0'4343Ki  =  - — -  log  ^^^,  where  Ci 

ti  —  '1  \J2 

and  C2  are  two  successive  measurements,  and  t^—ti  the  interval  of 
time  between  them. 

The  effect  of  hydrochloric  acid,  sulphuric  acid,  nitric  acid,  benzoic 
acid,  succinic  acid,  and  acetic  acid,  on  the  rate  of  reaction  has  been 

•  Loc,  cit. 
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Table  I. — Initial  Concentration  of  H2O2  in  the  Reaction  Mixture 

approx.  n/200. 


t  (min.). 


Ch,o,. 


0  •434dKi. 


t  (min). 


Ch,0,. 


0*4343Ei. 


IICI  hI4O,0O0. 


0 

8-5 
23-5 
89-5 
68-5 


0 
105 
225 


22-7 
19-8 
15-5 
11-8 

7-4 


HNO,  i»/40,000. 


22-7 
21*2 
19-2 


0  0070 
0-0071 
0  0074 
0  0070 


0-0003 
0-0003 


H2SO4  «/40,0(X). 


0 

22-7 

-^ 

10 

19-5 

0  0066 

25  • 

15  1 

0-0074 

40 

11-8 

0-0071 

70 

7  1 

0-0078 

130 

2-8 

0-0068 

0 

8 

23 

88 

63 


HCl  i»/100,000. 


22  "7  — 

17  -3  0  -0147 

10  -3  0  0150 

6-2  0  -0150 

3-7  0  0160 


HNO3  »/100,000. 


0 

22  7 

— ~ 

41 

19  1 

0-0018 

71 

16  7 

0-0019 

130 

12-6 

0  0020 

250 

7-0 

0-0021 

405 

3-1 

0-0022 

0 

9 

24 

39 

54 


H2SO4  »/100,000. 


22  7 

16-7 

9-9 

5-9 

3-5 


0  0148 
0-0151 
0  0150 
0  0150 


investigated.  Results  for  the  first  three  acids  have  been  given  above ; 
the  following  are  the  results  obtained  for  the  other  three,  with  the 
numbers  for  HCl,  obtained  at  the  same  time,  for  the  sake  of  com- 
parison : — 

Table  II. 

Concentration  of  acid.  Concentration  of  H-ions.  Constants. 

Acid,  hydrochloric,  w/10,000  w/10,000  0-0015 

«/20,000  w/20,000  0-0034 

„     benzoic,  71/4,000    n/1 1,000  0-0019 

w/10,000 w/19,000  0-0033 

71/25,000 71/37,000  00078 

„     succinic,  7i/10,000 7i/18,200  0*0029 

71/25,000 71/36,000  0*0070 

„     acetic,  71/1,333 7i/10,000  00041 

„     71/2,666   71/13,000  0-0049 

Control  experiment    0  0-0300 

From  the  tables,  it  will  be  seen  that,  while  HCl  and  H2SO4,  which 
M/v  completely  dissociated  under  the  conditions  of  experiment,  give 
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exactly  the  same  retardation,  benzoic,  succinic,  and  acetic  acids,  which 
are  only  partly  dissociated,  have  considerably  less  effect  in  equivalent 
concentration;  when,  however,  the  concentration  in  hydrogen  ions  is 
calculated  (see  second  column),  IICI,  H2SO4,  benzoic  acid  and  succinic 
acid  have  exactly  the  same  retarding  effect,  that  is,  the  retardation  is 
proportional  to  the  hydrogen  ion  concentration.  Nitric  acid  is  more, 
and  acetic  acid  less,  poisonous  than  would  be  expected  from  the 
hydrogen  ions  present,  and  it  i>>  natural,  in  these  two  cases,  to  suggest 
that  the  negative  ions  exert  an  influence.  This  has  been  shown  to  be 
the  case,  as  will  be  mentioned  more  fully  later.  AVhile  the  CI  and  SO4 
ions  exert  comparatively  little  influence,  potassium  nitrate  slows  down 
the  action  to  about  the  same  extent  as  nitric  acid  itself.  On  the  other 
hand,  sodium  acetate  has  more  accelerating  influence  on  the  reaction 
than  any  other  substance  that  has  been  tried. 

I  may  here  mention  that,  although  from  considerations  of  space 
only  one  series  of  results  has  been  given,  three  series  of  measurements 
have  been  carried  out  at  different  times  with  different  enzyme  prepara- 
tions, and  exactly  corresponding  results  obtained,  so  that  the  figures 
quoted  may  be  accepted  as  reliable. 

Another  interesting  point  about  the  behaviour  of  acids  is  that  the 
time  during  which  the  acid  remains  in  contact  with  the  enzyme  before 
the  H2O2  is  added  l\as  no  influence  on  the  result ;  the  equilibrium  is 
attained  within  5  minutes,  and  remains  unaltered  at  the  end  of  2  or 
3  hours.  The  change  is  not  a  permanent  one,  since  if  the  acid,  after 
an  incubation  period  of  2  hours,  be  neutralised  before  the  addition  of 
the  H2O2,  the  action  proceeds  with  its  original  velocity. 

Kahlenberg*  and  his  assistants  have  made  a  systematic  investigation 
of  the  toxic  action  of  acids  on  small  plants  and  ou  fishes,  with  the 
object  of  finding  whether  the  electrolytic  dissociation  theory  is  capable 
of  explaining  the  results.  They  find  that  the  toxic  effect  is  in  the  first 
instance  proportional  to  the  hydrogen  ion  concentration,  though  there 
are  often  secondary  effects  due  to  the  other  ions,  and  in  all  probability 
to  undissociated  molecules.  Similar  results  have  been  obtained  with 
seedlings  by  Cameron  and  Breazeale.t 

Fernbacht  and  others  have  made  systematic  investigations  of  the 
effect  of  acids  on  enzyme  actions.  Fernbach  gives  a  table  containing 
the  amounts  of  different  acids  just  sufficient  to  inhibit  the  action  of 
invertase  on  sugar,  and  from  his  numbers,  and  the  dissociation  constants 
of  the  respective  acids  given  by  Ostwald,  I  have  calculated  the  hydrogen 
ion  concentrations  of  the  solutions  in  question ;  the  results  are  given 
below  : — 

•  Kahlenberg  and  Austin,  *  Journ.  phys.  Chem.,*  toI.  4,  p.  553  (1900)  ;  Kahlen- 
berg  and  Mehl,  loc.  cit.,  toI.  6,  p.  113  (1901). 

t  *  Journ.  phys.  Chem./  vol.  8,  p.  1  (1904). 

X  Thfese,  Paris,  1890,  quoted  by  Effroni,  *  Enzymes,'  English  Edit.,  1902,  p.  69, 
et  seq. 
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Table  HT. 

Hydrogen 

Acids. 

Inhibiting  quantity. 

ion  concentration. 

Sulphuric  acid.... 

. .     1/245  normal  solution. 

1/245  normal. 

Tartaric      „   .... 

..     1/75 

1/280       „ 

Oxalic         „   .... 

..     1/630 

1/1000     „ 

Succinic      „   .... 

..     1/30 

1/700      „ 

Lactic          ,,  

.     1/9 

1/265       „ 

Acetic         „   

.     5/6 

1/266       „ 

It  is  clear  that  in  this  case,  also,  the  retarding  effect  is,  in  the  first 

instance,  proportional  to  the  chemical  activity  of  the  acid,  though 

oxalic  and  succinic  acids  have  a  greater  toxic  action  than  would  be 

expected. 

Effect  of  Alkali  upon  the  Reaction, 

The  influence  of  sodium  hydroxide  upon  the  reaction  has  been 
determined.  It  has  been  found  that  the  velocity  is  not  very  appreciably 
influenced  by  solutions  weaker  than  1/2000  normal,  but  that  in  stronger 
solutions  a  retardation  of  the  velocity  is  brought  about.  The  retarda- 
tion, unlike  that  caused  by  acids,  depends  upon  the  period  of  incubation, 
but  the  change  is  not  a  permanent  one,  since  on  neutralisation  the 
original  velocity  is  regained.     Details  are  given  in  my  former  paper.* 

Effect  of  Neutral  Salts.         * 

Num^erous  investigations  of  the  influence  of  neutral  salts  on  enzyme 
action  have  been  carried  out,  but  little  of  a  general  character  can  be 
deduced  from  the  results.  Dilute  solutions  have  often  a  slightly 
accelerating  action,  which  passes  into  a  retardation  in  more  concentrated 
solutions. 

I  have  investigated  the  influence  of  halogens  of  the  alkalis  and 
alkaline  earths,  of  the  alkali  sulphates,  and  of  sodium  acetate  and 
carbonate.  Only  the  halogen  compounds  exert  a  considerable  retarda- 
tion ;  the  effects  due  to  the  others  seem  to  be  more  of  a  secondary 
nature. 

Some  typical  results  are  given  below  : — 


Lithium  chloride,  «»/400  •  • . . 

Sodium  chloride,  m/400 

»  )i         m/800 

Potassium  chloride,  m/400   . . 

„  ff        fft/800   . . 

Ammonium  chloride,  ml400, . 

„  „  fft/oOO.  • 

Potassium  bromide,  m/800  . . 

„  „        m/2000. . 

Ammonium  bromide,  m/800. . 


Table 

Constants. 
0-0059 
0-0055 
0-0093 
0-0057 
0-0095 
0-0058 
0*0094 
0-0075 
0  -0128 
0-0074 


IV. 

Constants. 

Ammonium  bromide,  m/2000. .  0  -0136 

Barium  chloride,  m/200 0  0052 ' 

„         m/400 00080 

Strontium  chloride,  m/200. ...  0  '0056 

„  „  m/400 0-0090 

Calcium  chloride,  m/200 0  -0051 

„  „         m/400 0-0084 

Sodium  fluoride,  m/400 0  '0170 

„  „       m/800 0  -0246 

Control  experiment    0  *0280 


•  Senter,  loc,  cit.^  p.  301. 
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Owing  to  the  direct  oxidising  action  of  Hfii  upon  the  iodides,  it  has 
been  found  impossible  to  complete  the  series  by  making  measurements 
with  corresponding  solutions  of  these  compounds.  This  point  will  be 
again  referred  to  under  the  experiments  dealing  with  iodine. 

From  the  results  given  above  it  is  evident  that  the  retarding  effect 
due  to  the  halogen  compounds  is  due  to  the  halogen  ion  alone,  since 
it  is  quite  independent  of  the  other  ion  present.  It  may  be  mentioned 
in  this  connection  that  according  to  Bredig^  the  catalysis  of  hydrogen 
peroxide  by  colloidal  platinum  is  retarded  by  KCl  and  NH4CI,  though 
not  appreciably  so  by  other  neutral  salts. 

The  results  with  sodium  fluoride  are  particularly  interesting,  since  it 
has  long  been  regarded  as  a  poison  for  micro-organisms,  but  without 
effect  on  enzymes.!  According  to  Pavy,{  however,  it  has  a  slightly 
deleterious  action  on  enzymes,  and  this  is  quite  borne  out  by  the  results 
given  above. 

Alkali  Sulphates. — Experiments  were  carried  out  with  potassium, 
sodium,  and  ammonium  sulphates,  in  concentrations  varying  from 
w/50  to  m/400.    The  results  are  as  follows  : — 

Table  V. 

Salt  used.  Constanta.  Halt  used.                Constants. 

K2SO4,  «/o0 0-0266  Na2S04,  m/50 00360 

„      -»/200 0-0236  „        m/200 0*0308 

„      m/400 0-0246  „        «i/400 00288 

(NH4)2S04,  m/60 0  -0280*  Control  experiment ;  no 

„  m/200 00260  salt  present 0*0288 

„  m/400 ....  0  -0260 

From  the  results  given  it  is  evideat  that,  while  K2SO4  and  (NH4)2S04 
exert  a  slight  retarding  action,  NaaSO^  in  mjbO  solution  has  a  con- 
siderable accelerating  effect,  which  practically  disappears  in  mjiOO 
solution.  As  having  a  possible  connection  with  this  residt  it  may  be 
recalled  that,  of  the  three  sulphates,  only  the  sodium  salt  crystallises 
with  water  (10  molecules). 

Sodium  Acetate  and  Sodium  Carbonate. — The  results  are  as  follows  : — 

Table  VI. 

Salt  used.  Constants.  Salt  used.  Constants. 

Sodium  acetate,  m/lOO 0  '0272  Sodium  acetate,  m/lOOO ....     0  '0846 

m/200 0-0270  „  „        m/2000....      0-0840 

„        m/400 0-0260  Control  experiment 00280 

Control  experiment   0  -0180 

Salt  used.  Constants. 

Sodium  carbonate,  m/40 0  '0070 

„  „  m/80 0  0136 

„  ,.  m/200 0  0194 

Control  experiment 0  '0180 

*  Bredig, '  Anorg.  Fermente/  p.  84. 

t  Oppenheimer,  loe.  ei4.,  p.  41. 

:  PaTj,  *  Joum.  of  Pbyriology,'  vol.  22,  p.  ^V  ^>^^%^. 
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Quite  an  appreciable  acceleration  is  caused  by  sodium  acetate,  and  its 
amount  seems,  curiously  enough,  to  be  almost  independent  of  the  salt 
concentration.  It  has  been  found  that  neither  sodium  acetate  nor 
sodium  sulphate  appreciably  catalyse  hydrogen  peroxide  in  the  con- 
centrations employed. 

Effect  of  Alkali  Salts  with  Oxidising  Properties, 

In  my  former  paper,*  experiments  with  KCIO3  and  KNOs  are 
described,  and  it  was  shown  that  these  salts  at  0°,  even  in  1/80,000  molar 
solution,  exert  a  powerful  depressing  effect  on  the  action,  the  constants 
at  the  same  time  decreasing  as  if  the  enzyme  were  being  gradually 
oxidised.  There  seems,  however,  to  be  a  depressing  effect  independent 
of  the  oxidation  since,  with  the  weaker  solutions,  there  is  a  considerable 
decrease  in  the  velocity,  though  the  constants  do  not  appreciably 
decrease  during  the  action.  This  is  also  evident  from  the  experiment 
with  nitric  acid  quoted  on  p.  204. 

Experiments  have  now  been  carried  out  with  potassium  perchlorate 
and  potassium  persulphate,  an  experiment  with  KCIO3  being  made  at 
the  same  time  for  the  sake  of  comparison. 

Table  VII. 

Salt  used.                           Constants.  Salt  used.                            Constants. 

KCIO4,  f»/50,000 0  0039         KSO4,  f»/200 0  '0076 

„       m/100.000 0-0070  „       *n/400    00137 

„       m/250,000 0  -0183        Control  eiperitnent 0  -0300 

KCIO3,  w/ 1, 000,000. .  0  0054—0  0024 

It  is  interesting  to  note  that  the  constants  do  not  decrease  during 
the  action  with  potassium  perchlorate  and  potassium  persulphate,  so 
that  the  enzyme  is  not  being  appreciably  oxidised ;  there  is,  on  the 
other  hand,  a  marked  decrease  with  potassium  chlorate,  from  0*0054 
— 0*0024  in  the  course  of  3  hours. 

The  results  with  potassium  chlorate  are  interesting  since  this  salt  is 
a  blood-poison,  owing  to  its  power  of  converting  haemoglobin  into 
methsemoglobin.  According  to  preliminary  experiments  by  Professors 
Robert  and  Schar,t  potassium  chlorate  does  not  greatly  retard  the 
catalysis  of  hydrogen  peroxide  by  blood ;  that  this  view  is  erroneous  is 
evident  from  the  results  here  given. 

Potassium  chlorate  is  not  very  poisonous  towards  the  lower 
organisms.  | 


•  Senter,  loc,  cit.^  p.  304. 

t  Quoted  by  Bredig,  he,  ciL,  pp.  81  and  85 

J  Loew,  *  Die  Giftwirkungen/  p.  17. 
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Ejjed  of  some  Reducing  Agents  on  the  Eeaction. 

Measurements  have  been  made  with  phenylhydrazine  acetate,  hydro- 
xylamine  hydrochloride,  sulphuretted  hydrogen,  and  formaldehyde,  the 
results  with  the  two  former  being  interesting  from  their  known 
property  of  combining  with  aldehyde  and  ketone  groups. 

Sulphuretted  Hydrogen. — This  body  proved  to  be  quite  remarkably 
poisonous  to  the  action,  a  solution  containing  1/2,500,000  gramme-mol. 
reducing  the  rate  to  a  half.  The  poisonous  effect  also  depends  greatly 
upon  the  period  of  incubation,  the  longer  the  incubation  the  greater 
the  retardation.  The  constants  also  increase  considerably  during  the 
action ;  this  phenomenon  is  very  likely  due  to  the  gradual  oxidation  of 
the  H2S  by  the  HoOo. 

The  numerical  results  are  appended : — 

Table  VIII. 

Time 
Substance  used  and  concentration.  of  incubation.         Constants. 

Sulphuretted  hydrogen,  w/500,000 10  mins.     00062— 0*0085 

w/500,000 90 

w/1,000,000  10 

w/1, 000,000  90 

m/2,500,000  10 

wi/2,500,000  90 


00018—00075 
00073— 0-0080 
0-0025— 0-0080 
00076—0-0100 
0-0054- 0-0098 


Without  sulphuretted  hydrogen  —  001 90 

It  was  observed  by  Faraday  that  platinum  no  longer  brought  about 
combination  in  detonating  gas  containing  a  little  H2S,  and  Bredig  has 
shown  that  this  gas  is  remarkably  poisonous  to  the  catalysis  of  H2O2 
by  colloidal  platinum.* 

Sulphuretted  hydrogen  has  a  slightly  poisonous  action  on  the  lower 
organisms,  but  is  a  very  energetic  blood-poison,  probably  acting  on  the 
haemoglobin,  which  it  changes  into  a  compound  containing  sulphur. t 

ffydroxyJuniine. — This  body  has  a  considerably  retarding  effect,  the 
constants  decreasing  slightly  during  the  action. 

Table  IX. 

Salt  used.  Constants. 

Hydroxylamine  hydrochloride,  n/20,000  ...     0-0008—0-0005 

w/40,000  ...     0-0047—0-0041 
Without  hydroxylamine 0-0180 

Part  of  the  hydrochloric  acid  remains  uncombined  and  exerts  a 
retarding  action,  but  this  is  very  small  in  so  dilute  a  solution,  and 
nearly  the  whole  retardation  is  due  to  the  hydroxylamine. 

•  Bredig,  loe^  cU,y  p.  65. 
•     +  Loew,  loc.  Hi.,  p.  56. 
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Phenylhydrazine  acekUe  does  not  retard  the  action  quite  so 
strongly  as  hydroxylamine ;  the  constants  decrease  considerably  during 
the  action : — 

Table  X. 

Substance  UBed.  Constants. 

Phenylhydrazine  acetate,  m/5,000 0*0040— 0*0010 

„       w/10,000  0-0061— 0-0025 

„       m/20,000  0-0093—0-0041 

As  in  the  former  case,  the  free  acid  present  retards  the  action,  but 
only  to  a  small  extent. 

Both  hydroxylamine  and  phenylhydrazine  are  exceedingly  poisonous 
to  the  lower  organisms,  much  less  so  to  the  higher  animals.'*  They  both 
retard  the  catalysis  of  hydrogen  peroxide  by  platinum  to  a  considerable 
extent,  t  Very  few  observations  of  their  effect  on  enzymes  have  been 
made. 

Formaldehyde. — As  is  well  known,  this  substance  is  very  poisonous 
for  the  lower  organisms,  and  is  now  largely  used  as  an  antiseptic. 

According  to  Effront,J  very  minute  amoimts  slow  down  the 
hydrolysis  of  starch  by  diastase,  on  the  other  hand,  it  has  little 
influence  on  the  activity  of  rennet.§  From  the  results  given  it  is 
clear  that  formaldehyde  only  slightly  affects  the  activity  of  hfiemase  : — 

Table  XL 

Constant's. 

Formaldehyde,  7/i/l 000  0-0300 

w/2000  0-0337 

Without  formaldehyde  0-0372 

It  may  be  mentioned  that  hydrogen  peroxide  does  not  appreciably 
oxidise  formaldehyde  in  the  dilution  used  in  these  experiments. 

Effect  of  Mercunc  Salts  on  the  Reaction. 

Experiments  have  been  carried  out  with  mercuric  chloride,  bromide, 
and  cyanide.  The  two  former  have  an  exceedingly  toxic  effect,  while 
the  latter  has  very  little  action  : — 

Table  XII. 

Salt  used.                  Constants.  Salt  used.  Constants, 

f IgClj,  »n/260,000. . .  0  -0020—0  -0004  HgBpj,  m/80,000  ...  0  -0040—0  •  0009 

,,      m/500,000...  0-0033— 0-0006  „        «i/200,000..  0 -0078— 0  00.32 

„      m/1,000,000  0 -0052— 0 '0018        HgCCN),,  m/400 0  0154 

„      m/2,000,000  0-0098—0-0054  „         «i/800....  0  0213 

HgBps,  m/40,000. ...  0  0025—0  -0013 

Control  experiment  Mrithout  mercuric  salt 0  '0250 

•  Loew,  loc.  cit.,  pp.  39,  et  teq, 
t  Bredig,  loc.  cit.^  p.  76. 
X  EfFront,  '  Enzjmes,*  p.  117. 
§  Oppenheimer,  loc,  cii.f  p.  114. 
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Mercuric  salts  are  energetic  poisons  for  both  higher  and  lower 
organisms.'^  Paul  and  Kronigf  have  shown  that  the  poisonous 
action  on  bacteria  diminishes  from  the  chloride  through  the  bromide 
to  the  cyanide,  and  it  is  known  that  the  electrolytic  dissociation 
decreases  in  the  same  order. 

Mercuric  chloride  in  the  amount  of  one-millionth  paralyses  the 
action  of  diastase  on  starch  J  and,  according  to  Bredig,§  is  a  very 
active  poison  for  the  platinum  catalysis  of  hydrogen  peroxide. 

From  the  quantitative  measurements  given  above  it  is  clear  that 
mercuric  chloride  is  about  five  times  as  toxic  as  mercuric  bromide  towards 
the  hsemase  catalysis, ||  and  at  least  20,00d  times  as  toxic  as  mercuric 
cyanide. 

Effect  of  some  other  Poisons  on  the  Reaction. 

Carbon  monoxide, — As  is  well  known,  carbon  monoxide  is  very 
poisonous  towards  the  higher  animals  on  account  of  its  property 
of  forming  a  stable  compound  with  the  haemoglobin  of  the  blood. 
It  was  therefore  a  matter  of  interest  to  investigate  its  efibct  on  the 
enzjrme-catalysis  of  hydrogen  peroxide,  since  the  enzyme  used  is  got 
from  blood. 

In  order  to  get  as  much  of  the  gas  as  possible  dissolved,  measiu*e- 
ments  were  carried  out  at  0* ;  the  gas  was  passed  through  a  dilute 
sohition  of  the  enzyme  in  a  bottle  for  4  minutes,  then,  without  stopping 
the  current,  the  hydrogen  peroxide  was  added  and  the  stopper  inserted, 
the  bottle  being  thus  filled  with  an  atmosphere  of  the  gas. 

It  was  found  that  the  gas  exerted  no  appreciable  poisoning  effect ; 
the  constant  in  the  presence  of  CO  was  0*0085,  and  in  its  absence 
0*0090,  an  agreement  with  the  limit  of  experimental  error. 

Carbon  monoxide  is  not  poisonous  towards  the  germination  of  seeds,1I 
nor  towards  bacteria  ;1I  according  to  Buchner,**  it  does  not  affect  the 
fermentation  of  sugar  by  zymase.  It  retards  the  catalysis  of  hydrogen 
peroxide  by  colloidal  platinum- ft 

lodiiu, — Iodine,  as  well  as  bromine  and  chlorine,  are  poisonous  for 
all  living  matter,  |t  and  Bredig,§§  in  his  interesting  experiments  on  the 

•  Loew,  *  Die  Giftwirkungen,'  p.  85« 

t  ♦  Zeit.  f.  physik.  Chemie/  vol.  21,  p.  414  (1896). 

X  Effront,  loc,  cit.^  p.  116. 

§  Bredig,  loc.  cit.y  p.  81. 

II  Up  to  the  present  the  extent  to  'which  solutions  of  mercuric  bromide  are 
liydrolysed  is  not  known,  so  Ihat  the  relatiye  ion  concentrations  of  these  solutions 
cannot  be  calculated,  vide  Luther,  *  Zeit.  phys.  Chem.,'Tol.  47,  p.  107  (1904). 
^  Loew,  loc,  cit.,  p.  108. 

♦•  See  Ikeda,  *  Zeit.  physik.  Chemie,*  Tol.  87,  p.  26  (1901). 
ft  Bredig,  loc.  cit.y  p.  78. 
XX  Loew,  loc.  cit..,  p.  16. 
§§  Bredig,  loc,  cit,,  p.  74 
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platinum  catalysis  of  hydrogen  peroxide,  found  that  the  first-mentioned 
substance,  even  in  a  dihition  of  1  gramme-mol.  in  7,000|000  litres, 
reduces  the  rate  of  reaction  to  half  its  original  value. 

I  have  used  in  my  experiments  iodine  dissolved  in  water  and  also  in 
aqueous  solution  of  potassium  iodide.     The  results  are  : — 

Table  XIII. 

Substance  uBed.  Constants. 

Iodine  dissolved  in  water,  m/4000 001 1 6— 0*01 60 

„       7W/8000 00168—00190 

Iodine,  m/ 40,000,  potassium  iodide,  fn/10,000  ...  00070 

CJontrol  experiment  without  iodine    0  '0 1 85 

The  interesting  result  is  thus  obtained  that  an  aqueous  solution  of 
iodine  exerts  only  a  very  slight  poisonous  action  on  the  enzyme,  while 
a  solution  in  potassium  iodide,  which  contains  the  iodine  in  the  form  of 
Is  ions,  is  distinctly  poisonous,  though  very  far  behind  what  Bredig 
foimd  for  the  platinum  catalysis.  Experiments  carried  out  with 
potassium  iodide  in  1/10,000  molar  solution  show  that  the  poisonous 
efiect  does  not  depend  upon  its  presence,  since  the  action  was,  if 
anything,  accelerated  under  these  conditions.  It  was  observed,  how- 
ever, that  the  colour  of  the  iodine  solution  partly  disappeared  on 
treatment  with  H2O2,  so  that  some  chemical  change  had  evidently  taken 
place. 

Arsenious  Oxide, — This  body  is  a  deadly  poison  for  higher  and  lower 
organisms,*  but  has  been  found  by  various  investigators  to  have  only 
a  slightly  poisonous  effect  upon  enzymes. t  This  is  fully  confirmed  by 
the  results  here  given  : — 

Table  XIV. 

Substance  used.  Constants. 

A82O3, 7W/2000 0-0224 

„      m/4000..... 0-0213 

Without  AS2O3    0-0214 

From  the  total  number  of  cubic  centimetres  of  permanganate  used,  the 
amount  used  up  by  the  AS2O3  was  subtracted. 

The  oxidation  of  the  AS2O3  by  hydrogen  peroxide  is  very  slow  in  the 
dilution  here  employed,  and  it  was  foimd  that  this  oxidation  is  not 
in  the  least  accelerated  by  the  simultaneous  decomposition  of  the 
hydrogen  peroxide. 

Discussion  of  the  Remits, 

The  MecJuinism  of  the  Catahjsk  hy  Hotnmse, — Before  discussing 
generally  the  results  obtained  with   poisons,  the  mechanism  of  the 

•  Loew,  loc^  cit,,  p.  19. 

t  Kobert,  loc,  cit,  p.  153,  Buchner, '  Berichte,*  vol.  31,  p.  2675. 
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catalysis  of  hydrogen  peroxide  by  hsemase  may  be  briefly  considered. 
In  this  connection  it  must,  in  the  first  place,  be  taken  into  consideration 
that  we  are  dealing  with  a  heterogeneous  reaction,  since  the  hsemase  is, 
in  all  probability,  present  in  the  solution  in  a  colloidal  state.  According 
to  our  present  views,  such  solutions  form  a  two-phase  system,  the 
colloid  being  suspended  in  the  liquid  in  a  very  fine  state  of  division. 

It  has  recently  been  insisted  upon,  more  particularly  by  Nernst,* 
that  we  are  not  entitled  to  apply  the  equations  governing  reaction 
velocity  in  homogeneous  systems  to  heterogeneous  systems. 

According  to  Nernst  there  is  always  equilibrium  at  the  boundary 
surface  between  two  phases,  and  the  changes  which  take  time  are  (1) 
chemical  actions  in  the  two  phases,  and  (2)  diffusion  of  substances  to 
and  from  the  boundary.  Examples  of  the  first  type,  in  which  the 
reaction  velocity  in  one  of  the  two  phases  is  slow  compared  with  the 
rate  of  diflFusion,  are  given  in  the  paper  quoted;  reactions  of  the 
second  type,  in  which  the  velocity  of  diffusion  determines  the  rate  of 
action,  have  been  experimentally  investigated  by  Brunner.t 

It  may  be  taken  as  proved  that  the  rate  of  solution  of  marble  in 
acids  is  conditioned  by  a  diffusion  process,  and  the  same  is  true  of 
the  rate  of  combination  of  hydrogen  and  oxygen  in  contact  with  a 
platinum  surface.  One  criterion  for  the  dependence  of  a  reaction 
velocity  upon  diffusion  is  the  effect  produced  by  stirring  the  solution — 
this  shortens  the  diffusion  path,  and  thus  increases  the  speed  of 
reaction. 

Nernst  I  is  also  of  opinion  that  the  same  explanation  holds  for  the 
decomposition  of  hydrogen  peroxide  by  colloidal  platinum — that  the 
actual  decomposition  is  very  rapid  compared  with  the  diffusion  of  the 
peroxide  to  the  surface  of  the  catalysor. 

We  will  now  inquire  whether  the  catalysis  of  hydrogen  peroxide  by 
htemase  can  be  represented  in  a  similar  way.  Since  the  particles  of 
a  colloidal  solution  are  in  a  continual  state  of  motion,  we  may  assume 
that  stirring  would  not  appreciably  affect  the  reaction  velocity.  We 
may  imagine  that  each  particle  of  colloid  has  adhering  to  it  a  layer  of 
liquid ;  that  the  rate  of  decomposition  of  the  peroxide  by  the  enzyme 
is  very  great,  and  that  the  concentration  outside  the  adhering  layer  is 
kept  constant  by  the  motion  of  the  colloidal  particles.  The  rate  of 
decomposition  of  the  peroxide  would  then  be  determined  by  the  rate 
of  its  diffusion  through  the  adhering  film,  and,  since  the  rate  of 
diffusion  is  proportional  to  the  difference  of  concentration  on  the  two 
sides  of  the  film,  a  simple  explanation  would  be  given  of  the  observed 
fact  that  the  reaction  velocity  is  proportional  to  the  concentration  of 
the  peroxide.     Some  support  is  given  to  this  view  by  the  fact  that  the 

*  Nernst,  *Zeit.  physik.  Chemie/  toI.  47,  p.  52  (1904). 
t  Bninner,  *  Zoitr.  phjsik.  Chemie,'  toI.  47,  p.  56  (1904). 
t  Loc,  cit. 
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temperature  coefficient  of  the  hsemase  catalysis  for  10°  is  1*5,  which 
agrees  with  that  found  by  Brunner  for  the  velocity  of  solution  of 
benzoic  acid  in  water,  but  is  much  smaller  than  the  average  for 
reactions  in  a  homogeneous  system.* 

I  have  previously  shown  that  while  the  reaction  velocity  in  very 
dilute  solutions  is  proportional  to  the  hydrogen-peroxide  concentration, 
in  stronger  solutions  deviations  occur, t  which  can  be  summed  up  by 
saying  that  the  reaction  proceeds  more  rapidly  in  the  relatively  more 
dilute  peroxide  solutions.  On  the  diffusion  hypothesis  this  can  be 
simply  explained  on  the  assumption  that  the  diffusion  process  is  more 
distiu*bed  in  strong  solutions  by  the  oxygen  given  off  from  the  surface 
of  the  particles. 

While  the  above  hypothesis  affords  a  simple  explanation  of  all  the 
facts  in  the  heemase  catalysis,  it  by  no  means  follows  that  it  can  be 
extended  to  enzyme  actions  in  general.  The  assumption  made  is  that 
the  reaction  at  the  siu*face  is  much  quicker  than  the  diffusion  changes 
concerned,  and,  while  this  is  so  in  the  dissolving  of  magnesia  by  acids, 
and,  in  all  probability,  in  the  catalysis  of  hydrogen  peroxide  by  heemase 
and  by  platinum,  it  may  not  be  so  in  reactions  between  enzymes  and 
more  complicated  substances.  | 

As  regards  the  catalysis  itself,  it  may  be  said  with  certainty  that  it 
is  not  due  to  the  large  siu*face  area  of  the  colloid  particles  acting 
mechanically  on  the  peroxide,  since  many  colloidal  solutions  have  no 
catalytic  effect  whatever.  It  may  be  due  to  the  formation  of  a 
chemical  compound  between  the  peroxide  and  the  enzyme,  which, 
being  unstable,  breaks  down  into  water,  oxygen,  and  the  enzyme,  or 
the  compound  may  enter  into  double  decomposition  with  another 
molecule  of  the  peroxide.§  Two  observations  which  I  have  made  may 
contribute  something  to  the  elucidation  of  these  changes.  As  mentioned 
on  p.  212  oxidations  are  not  accelerated  during  the  catalysis,  so  that 

•  van*t  HofF,  *  Vorlesungen,*  vol.  1,  p.  225. 

t  Senter,  loc,  cit.y  p.  286. 

X  Since  this  paper  was  written  my  attention  has  been  drawn  to  a  paper  by 
Herzog  (*  Zeit.  fur  pbjsiolog.  Chemie/  vol.  41,  p.  416  (1904).),  in  which  the  attempt 
is  made  to  apply  Nemst^s  diffusion  hypothesis  to  all  enzyme  actions.  Without 
further  investigation  it  is  impossible  to  pronounce  a  definite  opinion  on  the  matter, 
and  Herzog's  re-calculations  of  Henri's  results  scarcely  serre  to  prove  the  truth  of 
his  premises.  Having  regard  to  the  results  of  Henri  ('  Lois  G^n^rales  de  T  Action  des 
Diastases,'  Paris,  1903),  A.  J.  Brown  (' Joum.  Chem.  Soc.,'  vol.  81,  p.  393,  1902), 
and  others,  and  to  the  temperature  coefficient  of  enzyme  actions  as  determined  bv 
O'Sullivan  and  Tompson  (' Joum.  Chem.  Soc.,*  vol.  59,  Part  I,  p.  834  (1890)),  and 
MuUer-Thurgan  (*Thiels  Wirtschaftliohe  Jahrbuch,' 1885,  p.  795),  it  seems  not 
unlikely  that  the  relative  parts  played  by  diffusion  and  by  the  actiud  chemical 
change  in  determining  the  reaction  velocity  depend  upon  the  conditions  of 
experiment. 

§  Compare  Eastle  and  Loevenhart,  'Am.  Ch.  J.,'  vol.  29,  pp.  397  and  663 
(1903). 
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apparently  no  strongly  oxidising  intermediate  peroxides  are  formed,* 
nor  is  "  active  "  oxygen  evolved.  It  was  also  f oimd  that  the  action 
has  exactly  the  same  initial  velocity  whether  the  solutions  be  carefully 
freed  from  dissolved  oxygen  by  a  current  of  hydrogen,  or  whether,  as 
usual,  a  little  of  the  former  gas  be  present. 

Tlie  Action  of  Poisons. — The  question  as  to  the  mechanism  of  the 
action  of  "  poisons  "  on  the  haemase  catalysis  of  hydrogen  peroxide  may 
now  be  considered.  If  the  enzyme  exists  as  a  colloid  in  solution  several 
explanations!  seem  possible : — 

(a)  Part  of  the  enzyme  may  be  rendered  inactive  by  forming  a 
chemical  compound  with  the  poison. 

(h)  Part  of  the  surface  of  the  particles  may  become  covered  with  a 
thin  layer  of  the  poison  or  one  of  its  decomposition  products,  thus 
preventing  further  action  on  the  peroxide. 

(c)  The  relation  of  the  particles  to  the  surrounding  medium  may  be 
altered  in  various  ways  (change  of  surface  tension,  alteration  of 
relative  difference  of  potential,  &c.)  through  addition  of  a  poison. 

Doubtless  other  explanations  may  be  suggested.  It  is  also  exceed- 
ingly probable  that  all  poisons  do  not  act  in  the  same  way. 

In  this  connection  it  may  be  noted  that,  according  to  Kastle  and 
Loevenhart,  the  retarding  effect  of  poisons  on  the  catalysis  of  H2O2 
by  metals  and  other  inorganic  catalysors  is  due  in  most  cases  to 
formation  of  an  insoluble  film  (compoiuid  between  poison  and  catalysor) 
on  the  surface  of  the  catalysor. 

The  action  of  acids  and  alkalies  on  the  hsemase  catalysis  is  of  parti- 
cular interest,  since  it  has  been  shown,  more  especially  by  Hardy,  { 
that  minute  traces  of  these  bodies  affect  profoundly  the  relation 
between  the  colloidal  particles  and  the  surrounding  medium.  According 
to  Linder  and  Picton,§  Hardy,||  and  others,  the  effect  of  acids  in 
precipitating  colloids  is  proportional  to  their  electrical  conductivity, 
i.e.,  to  the  hydrogen  ion  concentration,  but  this  is  probably  not 
connected  with  the  similar  effect  on  the  hsemase  catalysis  because  the 
former  action  is  irreversible,  whereas  I  have  shown  that  the  latter  is 
reversible.  It  cannot  be  said  that  any  very  satisfactory  explanation 
of  the  effect  of  acids,  alkalies,  and  other  electrolytes  on  colloids  has 
yet  been  given.|| 

With  regard  to  the  reaction  under  consideration  I  am  inclined,  in 
most  cases,  to  favour  a  chemical  explanation  of  the  toxic  effect.    Acids, 

*  Or,  if  formed,  their  velocity  of  decomposition,  either  of  themselyes  or  in 
contact  with  hydrogen  peroxide,  is  much  greater  than  the  reaction  Telocity 
b<>tween  them  and  such  a  reducing  substance  as  arsenious  oxide. 

t  Compare  Bredig,  loc.  cit.,  p.  86. 

t  '  Koy.  Soc.  Proc.,'  vol.  66,  p.  110  (1899—1900). 

§  Linder  and  Picton,  *  Joum.  Chem.  Soc.,*  toI.  67,  p.  66  (1896). 

II  Vide  Hardy,  loc.  cit.,  p.  124 ;  Bredig,  loc,  cit.,  pp.  9 — 22 ;  Frcundlioh,  *  Zeit. 
phys.  Chemie,'  vol.  44,  p.  129  (1908). 

VOL,  LXXIV.  ^ 
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for  example,  may  form  with  the  enzyme  compounds  which  are  inactive 
towards  hydrogen  peroxide.  If  the  affinity  between  hsemase  and  the 
acid  is  small,  in  other  words,  if  the  enzyme  acts  as  a  weak  base,  the 
amount  combined,  and  consequently  the  retardation  will  be  propor- 
tional to  the  strength  of  the  acid.  We  have  already  seen  that 
hsemase  and  most  other  enzymes  are  rendered  inactive  by  small 
quantities  of  alkali,  and  that  they  regain  their  activity  on  the  solution 
being  neutralised.  These  facts  seem  to  lend  some  support  to  a 
suggestion  I  have  already  made  on  a  former  occasion,"^  that  at  least 
some  enzymes  belong  to  the  class  of  amphoteric  substances  which  are, 
under  ordinary  circumstances,  neutral,  but  in  the  presence  of  bases 
develop  acid  properties  and  can  combine  with  acids  to  form  salts. 
Within  the  last  few  years  it  has  been  shown  that  many  albuminous 
substances  are  amphoteric. 

The  slight  retardation  caused  by  most  neutral  alkali  salts  is  due,  in 
all  probability,  to  increased  viscosity  of  the  solution.  This  cannot 
apply,  however,  to  the  considerable  toxic  effect  of  the  chlorine  and 
bromine  ions  and,  since  a  similar  retardation  of  the  platinum  catalysis 
has  been  observed,  it  may  be  due  to  some  action  between  the  hydrogen 
peroxide  and  halogen  salts.  Kastle  and  Loevenhartt  regard  the 
retardation  of  the  platinum  catalysis  as  due  to  the  formation  of  surface 
filihs  of  the  insoluble  platinous  halides. 

The  retarding  influence  exerted  on  the  action  by  oxidising  agents 
is  very  remarkable.  It  is  not  due  to  oxidation  of  the  enzyme  in  most 
cases,  as  is  clear  from  the  fact  that  the  constants  do  not  decrease  during 
the  action  in  presence  of  potassium  perchlorate  and  nitric  acid.  On  the 
other  hand,  potassium  chlorate  in  exceedingly  dilute  solution  seems  to  • 
oxidise  the  enzyme,  and  since  the  neutral  salt  itself  has  very  weak 
oxidising  properties,  its  activity  in  this  case  must  be  due  to  the  presence 
of  the  peroxide.  That  it  is  due  to  chloric  acid  set  free  by  the  hydrogen 
peroxide,  acting  as  an  acid,  is  scarcely  likely,  since  the  acidic  properties 
of  the  latter  are  very  weak.  In  this  connection  it  is  interesting  to 
note  that  potassium  persulphate  has  very  little  effect  on  the  action, 
whereas  persulphuric  acid  has  a  high  oxidation  potential. 

The  great  retardation  caused  by  some  reducing  agents,  such  as 
sulphuretted  hydrogen  and  hydroxylamine,  is  also  rather  difficult  to 
account  for.  BredigJ  suggests  that  the  poisonous  effect  of  the  former 
on  the  platinum  catalysis  is  due  to  the  deposition  of  sulphur  on  the 
surface  of  the  platinum,  whereas  Kastle  and  Loevenhart  regard  it  as 
being  due  to  formation  of  a  surface  film  of  platinum  sulphide.  Neither 
of  these  explanations  seems  to  apply  to  the  effect  on  the  hsemase  catalysis, 
since  I  have  observed  that  the  constants  increase  considerably  during 

•  Loc,  cit.,  p.  301. 

t  Loc,  cit, 

X  Loc,  cit.y  p.  87. 
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the  action  (p.  2C9).  It  seems  much  more  probable  that  the  H2S  renders 
the  enzyme  inactive,  perhaps  by  forming  a  loose  compound  with  it, 
and  that  the  gradual  increase  of  the  constants  is  due  to  recovery  of  the 
enzyme  owing  to  oxidation  of  the  poison.  The  toxic  action  of 
mercuric  salts,  and  of  hydrocyanic  acid,  seems  most  simply  explicable 
on  the  theory  of  formation  of  loose  compounds  between  them  and  the 
enzyme. 

Summary  of  Remits, 

1.  Quantitative  measurements  have  been  made  of  the  effect  of  various 
substances  on  the  rate  of  decomposition  of  hydrogen  peroxide  by 
hsemase,  an  enzyme  obtained  from  blood. 

2.  The  probable  mechanism  of  the  catalysis  in  question  has  been  dis- 
cussed, and  reasons  have  been  given  for  supposing  that  what  is  actually 
measiu*ed  is  the  rate  of  diffusion  of  hydrogen  peroxide  to  the  enzyme. 

3.  The  ways  in  which  "poisons"  may  exert  their  effect  on  the 
action  have  been  discussed,  and  reasons  have  been  given  for  preferring, 
in  some  cases,  a  chemical  explanation  of  the  observed  facts. 

4.  From  the  results  obtained  with  acids  and  alkalis,  as  well  as  from  the 
results  of  other  observers,  it  has  been  concluded  that  at  least  some 
enzymes  are  amphoteric  substances,  i.e.,  substances  which  are  neutral 
in  aqueous  solution  but  can  combine  both  with  acids  and  with  bases  to 
form  salts. 

I  have  much  pleasure  in  thanking  Dr.  Charles  A.  Kohn  for  the 
facilities  he  has  kindly  allowed  me  for  carrying  on  my  work. 
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"  On  certain  Properties  of  the  Alloys  of  Silver  and  Cadmium.' 
By  T.  KiRKB  Rose,  D.Sc.  Communicated  by  C.  T.  Heycock, 
F.RS.    Eeceived  February  9,— Bead  February  11,  1904. 

[Plate  10.] 

It  has  long  been  known  that  an  alloy  of  silver  and  copper  is  not  a 
satisfactory  material  for  the  trial  plates  which  are  used  in  testing  the 
fineness  of  the  Imperial  silver  coin  and  of  silver  wares  before  they  are 
hall-marked.  As  long  ago  as  the  year  1580  the  lack  of  homogeneity 
of  silver-copper  alloys  was  well  known  to  the  German  metallurgists,* 
and  in  1852  Level  concluded t  that  the  only  uniform  alloy  of  the 
series  contained  718*93  parts  of  silver  and  281*07  parts  of  copper, 
a  composition  which  corresponds  to  the  formula  Ag8Cu2.  In  1875 
Boberts-Austen,  as  the  result  of  very  carefully  conducted  experi- 
ments, {  found  that  under  the  most  favourable  circumstances  the 
difference  in  composition  between  the  centre  and  corners  of  a  small 
ingot  amounted  to  1*2  parts  per  1000,  and  was  generally  much 
greater.  In  1899  when  further  attempts  were  made  to  prepare  ingots 
of  silver  and  copper  of  uniform  composition,§  similar  results  were 
obtained,  although  many  castings  were  made  in  accordance  with  the 
method  recommended  by  £.  Matthey.|| 

A  consideration  of  the  cooling  curve  of  the  standard  silver-copper 
alloy,  containing  silver  92*5,  copper  7*5  by  weight,  which  was  obtained 
by  Boberts-Austen,1I  and  is  reproduced  in  C  fig.  1,  shows  that  such 
segregation  must  necessarily  take  place.  The  initial  freezing  point  di 
of  this  alloy,  in  which  the  percentage  by  atoms  is  silver  87 '9,  copper 
12'1,  is  at  about  900^  At  this  temperature  a  solid  solution  rich  in 
silver  begins  to  crystallise  out,  but  solidification  is  not  complete  until 
the  temperature  has  fallen  to  778°  {d^  fig.  1),  when  the  mother  liquor 
contains  only  60  atoms  of  silver  to  40  of  copper,  that  is  to  say,  the 
proportion  found  by  Heycock  and  Neville  to  be  present  in  the  eutectic 
alloy.**  During  the  pasty  stage  ample  time  is  allowed  for  the 
segregation  of  the  silver-rich  constituent,  with  the  result  that  the 
distribution  of  silver  in  the  solidified  metal  is  not  uniform.  The 
amount  of  segregation  varies   with    the  dimensions   of    the    ingot, 

*  See  pp.  20  and  26  of  *  AUerfuriiemisten  Mineralischen  £erzt  und  Bergwerks- 
arten,'  bj  L.  Brcker.     Publiahed  at  Frankfoit  in  1580. 

t  'Ann.  de  Ghimie  et  de  Phjs.'  (3),  vol.  36  (1852),  p.  193  and  toI.  39  (1868), 
p.  163. 

J  *Roy.  Soc.  Proo.,'  vol.  23  (1875),  p.  481. 

§  Thirtieth  Annual  Report  of  the  Mint  (1899),  p.  69. 

II  *  Roy.  Soo.  Proo.,'  vol.  55  (1894),  p.  265. 

^  First  Report  to  the  Alloys  Research.  Oommittee,  'Inst.  Meoh.  £ng.  Proo.,' 
1891,  p.  543. 
*»  *PhJJ.  Trans.,*  A,  vol.  189  (1897),  p.  26. 
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the  shape  and  temperature  of  the  mould  in  which  it  is  cast,  the 
temperature  of  casting,  and  the  rate  of  cooling.  In  the  case  of  ingots 
weighing  about  125  ozs.  troy  (4  kilos.),  the  ordinary  weight  of  the 
Imperial  trial  plates,  the  centre  of  the  mass  is  usually  richer  in  silver 
than  the  outside  to  the  extent  of  from  1 — 3  parts  per  1000. 

When  a  pure  metal  such  as  silver  is  solidified  (Curve  A,  fig.  1)  no 
pasty  stage  occurs.  The  part  first  solidified  is  of  the  same  composi- 
tion as  that  still  remaining  liquid,  and  the  temperature  remains 
constant  until  the  whole  is  solid. 


Fig.  1. 
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The  solidification  of  an  alloy  containing  91*66  per  cent,  of  gold  and 
8*33  per  cent,  of  silver  shows  similar  characteristics,*  and  remains 
uniform  in  composition  under  all  conditions.  Having  regard  to  these 
considerations  and  to  the  experience  that  has  been  gained  of  the 
difficulties  attending  the  preparation  of  a  homogeneous  standard  silver 
trial-plate,  it  seemed  more  likely  that  such  a  plate  would  be  success- 
fully prepared  by  using  a  different  alloy  than  by  making  fresh  experi- 
ments with  silver  and  copper.  The  first  alloy  to  be  tried  consisted 
of  silver  925  parts,  gold  75  parts,  but  although  the  plates  prepared 
were,  doubtless,  uniform  in  composition,  the  difficulties  connected  with 
the  assay  of  the  plates  were  insuperable.  It  is  obvious  that  the 
fineness  of  the  plate  could  not  be  compared  with  that  of  silver  coin 
by  the  cupellation  process,  for  the  reason  that  the  gold  would  not  be 
separated  from  the  silver  in  that  case.     Nor  were  the  wet  processes 

•  *  Roy.  Soc.  Proo.,'  vol.  71  (1908),  p.  161. 
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of  assay,  which  involve  dissolution  in  nitric  add,  found  to  be  much 
more  convenient.  When  the  alloy  was  digested  with  nitric  acid  in 
the  ordinary  way,  at  a  moderate  temperature,  large  and  variable 
quantities  of  silver  were  retained  by  the  gold.  When  the  alloy  was 
boiled  in  moderately  strong  nitric  acid  for  30  minutes,  the  gold  still 
retained  about  0*2  per  1000  of  the  silver,  and  a  further  variable  amount 
was  carried  off  by  the  vapour  rising  from  the  boiling  liquid  and  lost. 

It  was,  therefore,  necessary  to  discover  some  other  alloy  which 
would  be  at  once  uniform  in  composition  and  easy  to  use  as  a  standard 
of  comparison. 

An  examination  of  the  cooling  curves  of  a  number  of  alloys  con- 
taining 92*5  per  cent,  of  silver  afforded  e^^dence  that  the  silver- 
cadmium  alloy  would  prove  to  be  the  most  suitable  one  for  trial- 
plates.  Unlike  the  alloys  containing  gold,  tin,  or  antimony,  the 
cadmium  alloy  presents  no  difficulty  in  connection  with  the  assay  by 
the  ordinary  methods,  and  the  cooling  curve,  B  fig.  1,  l)ears  a  close 
resemblance  to  that  of  a  pure  metal,  the  fall  in  temperature  during 
solidification  not  being  great.  The  completion  of  solidification,  how- 
ever, is  marked  by  a  slight  momentary  change  of  direction  of  the 
curve,  pointing  to  the  freezing  of  a  small  quantity  of  material  of  the 
nature  of  an  eutectic  alloy,  and  it  seemed  possible  that  this  might 
correspond  to  a  change  in  the  distribution  of  the  silver  throughout 
the  mass,  resulting  in  a  lack  of  homogeneity.  • 

In  order  to  test  this,  ingots  of  silver  and  cadmium  of  standard 
fineness  were  prepared  and  rolled  out.  Some  difficulties  were  at  first 
encountered  in  the  melting  of  the  alloy.  If  pieces  of  solid  cadmium, 
even  when  warmed,  are  added  to  molten  silver,  the  action  is  very 
violent,  and  varying  losses  of  cadmium  by  oxidation  and  volatilisation 
take  place,  so  that  the  resulting  alloy  is  seldom  of  the  exact  composi- 
tion required.  The  method  eventually  adopted  consists  in  pouring 
molten  silver,  heated  only  slightly  above  its  melting  point,  into  a 
large  crucible  containing  melted  cadmium  at  a  black  heat  and  covered 
with  charcoal.  The  crucible  is  then  placed  in  the  fire,  raised  to  a 
bright  red  heat  as  quickly  as  possible,  and  the  alloy  well  stirred  and 
poured  into  a  closed  mould.  Under  these  conditions,  when  operating 
with  4  or  5  kilos,  of  material,  the  mixing  of  the  metals  takes  place 
with  comparative  quietness,  and  the  loss  of  cadmium  is  reduced  to 
about  0'15  per  cent,  by  weight  of  the  alloy.  In  order  to  prepare  a 
standard  trial-plate,  which  consists  of  925  parts  of  silver  and  75  parts 
of  base  metal,  it  is  accordingly  necessary  to  melt  76*5  parts  of 
cadmium  and  to  add  925  parts  of  silver  to  it.  A  large  part  of  the 
loss  appears  to  take  place  on  the  addition  of  the  silver  to  the  cadmium, 
dense  fumes  of  oxide  of  cadmium  being  given  off,  but  on  merely 
melting  and  re-casting  a  standard  ingot  of  5  kilos.,  the  proportion  of 
silver  present  rises  from  92*50  per  cent,  to  about  92*58  per  cent. 
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The  silver-cadmium  standard  alloy  is  more  ductile  and  is  whiter 
than  the  corresponding  alloy  of  silver  and  copper,  which  has  a  slightly 
yellowish  tinge.  The  ingots  obtained  were  21*5  cm.  long,  15*3  cm. 
wide  and  1-25  cm.  thick.  They  were  rolled  to  a  gauge  of  1*25  mm. 
and  pieces  cut  from  all  parts  were  assayed,  with  the  results  that  the 
plates*  were  found  to  be  practically  of  uniform  composition.  The 
cadmium  does  not  interfere  with  the  ordinary  methods  of  assay,  no 
difference  in  results  due  to  interference  being  observable  when  the 
trial-plates  were  compared  with  pure  silver  by  the  Gay-Lussac  and 
Volhard  processes  of  assay.  In  practice  when  the  fineness  of  a  silver- 
copper  alloy  is  being  compared  with  that  of  the  trial-plate,  by  means  of 
the  Volhard  process,  the  nitric  acid  solution  of  the  copper  alloy  would 
be  coloured  blue,  while  that  of  the  cadmium  alloy  would  remain 
colourless.  This  would  interfere  with  the  correctness  of  the  com- 
parative final  readings,  but  in  order  to  avoid  this  difficulty,  it  is 
sufticient  to  add  a  piece  of  copper  of  the  appropriate  weight  to  the 
solution  of  the  cadmium  alloy.  When  the  silver-cadmium  alloy  is 
cupelled,  the  cadmium  burns  off  and  the  loss  of  silver  is  about  four 
parts  in  10,000  more  than  if  the  alloying  metal  were  copper.  In  com- 
parisons by  the  cupellation  process,  it  is,  therefore,  essential  that  the 
assay  pieces  should  l)e  made  of  similar  composition  by  suitable  additions 
of  base  metals.  This  course  presents  no  difficulty  and  in  no  way 
detracts  from  the  value  of  the  trial. 

The  results  of  these  experiments  show  that  trustworthy  and  con- 
venient trial-plates  can  be  made  of  silver  and  cadmiiun,  but  it 
remained  to  be  determined  by  further  study  of  the  properties  of  the 
series  of  alloys  whether  the  uniformity  in  composition  of  the  trial-plates 
was  fortuitous,  or  whether  it  was  the  inevitable  result  of  its 
constitution. 

The  silver- cadmium  series  has  been  investigated  by  Gautier,t  who 
stated  that  the  freezing-point  curve  consisted  of  two  parts  meeting  at 
a  point  corresponding  to  the  alloy  containing  about  42  per  cent,  of 
silver  and  that  the  alloys  appeared  to  consist  of  isomorphous  mixtures 
of  a  compound  of  silver  and  cadmium  with  one  or  other  of  the  pure 
metals.  In  order  to  confirm  these  observations  of  Gautier  a  number 
of  alloys,  consisting  of  silver  and  cadmium,  were  prepared  and  analysed. 
The  silver  used  for  this  purpose  was  purified  with  the  precautions 
adopted  in  the  preparation  of  fine  "  proof  "  silver  in  the  Mint  and  was 
1000  fine.  The  cadmium  was  purchased  as  piu'e  and  was  examined  for 
impurities,  but  none  were  detected.     The  proportion  of  silver  in  the 

*  One  of  the  plates  was  sent  to  Mr.  F.  W.  Harrold,  the  Asiay  Master  at  the 
GK>ld6mith'8  Hall,  and  another  to  Mr.  H.  Weitwood,  one  of  the  Assay  Masters  of 
the  Assay  Office,  Birmingham.  They  hare  kindly  made  a  number  of  assajs  on  the 
plates,  and  state  that  the  composition  of  each  plate  is  uniform. 

t  'Bull,  de  la  Soc.  d* Encouragement,'  Fifth  Series,  I,  p.  1816  ^H^'?*'^. 
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alloys  was  determined  by  the  Yolhard  process  of  assay.  Cooling 
curves  were  taken  of  the  alloys  by  means  of  a  Le  Chatelier  thermo- 
couple and  the  recording  pyrometer  described  by  Boberts-Austen*  and 
the  following  results  were  obtained : — 

Freezing-points  of  the  Silver-Cadmium  Alloys. 
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The  temperatures  in  brackets  denote  subsidiary  freezing  points  which 
are  generally  below  but  sometimes  above  the  main  freezing  points. 

The  cm've  of  equilibrium  between  liquids  and  solids  of  the  series  is 
given  in  fig.  2.  It  has  been  plotted  from  the  results  given  in  the  table. 
The  upper  continuous  line  is  the  liquidus  curve.  The  solidus  curve, 
which  is  not  complete,  is  represented  by  the  lower  line,  and  is  based 
on  a  study  of  the  cooling  curves,  and  of  the  micro-structure  of  chilled 
specimens. 

When  alloys  containing  more  than    80  per  cent,   of    silvert   are 

•  *In8t.  Meoh.  Eng.  Proc.,'  Oct.,  1891,  p.  543. 

t  Both  here  and  subsequently  "per  cent."  is  used  for  "number  of  atoms  per 
cent."  It  happens,  however,  that  this  is  nearlj  l^e  tame  as  the  percentage  bj 
weight,  the  atomic  weighta  of  silver  and  cadmium  differing  but  little. 
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allowed  to  cool  at  a  moderate  rate,  the  greater  part  of  the  mass 
solidifies  at  a  definite  temperature,  leaving  a  very  small  part  only  to 
solidify  at  a  lower  temperature.  The  final  freezing  point  is  marked 
by  a  minute  but  distinct  check  in  the  rate  of  cooling.  It  becomes  less 
marked  as  the  percentage  of  silver  falls  below  95  per  cent.,  and 
disappears  altogether  before  the  80-per-cent.  alloy  is  reached.  The 
80-per-cent.  alloy  itself  solidifies  nearly  as  a  whole,  and  its  cooling 
curve  resembles  that  of  a  compound,  or  a  pure  metal.     There  is  little 


Fig.  2. — Curves  of  Equilibriom  of  Silver  and  Cadmium. 
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doubt  that  ingots  800  fine  in  silver  would  be  uniform  in  composition. 
As  the  percentage  of  silver  falls  from  80 — 65  per  cent.,  the  initial 
freezing  or  liquidus  point  becomes  of  less  importance,  and  the  pasty 
stage  more  pronounced  and  of  longer  duration. 

The  alloys  containing  about  66  per  cent,  of  silver  and  approximating 
in  composition  to  that  required  by  the  formula  AgaCd  are  somewhat 
less  ductile  than  those  members  of  the  series  which  are  richer  in  silver. 
They  are  more  readily  attacked  by  nitric  acid  than  the  alloys  con- 
taining either  more  or  less  silver.  This  points  to  a  lack  of  homogeneity, 
a   conclusion  that  is  supported   by  the  shape  of   the  cooling  c«i^^ 
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of  the  64*64-per-cent.  alloy.  There  is  here  a  long  pasty  stage 
between  the  initial  freezing  point  at  TOS"",  and  a  second  point  at 
about  718°.  During  this  range  of  temperature  the  slowness  of  the 
rate  of  cooling  shows  that  solidification  proceeds  continuously  and 
that  the  part  of  the  mass  remaining  liquid  undergoes  a  continuous 
change  in  composition.  At  the  point  when  solidification  is  completed 
there  is  a  more  pronounced  evolution  of  heat  at  about  the  same  tem- 
perature as  that  at  which  solidification  begins  in  the  alloys  containing 
from  52 — 58  per  cent,  of  silver.  The  liquidus  curve  appears  to  show 
a  small  cusp  corresponding  to  the  compound  AgoCd,  but  it  is  probable 
that  the  compound  AggCd,  which  was  detected  by  Heycock  and  Neville 
in  solution  in  other  metals*  is  partly  or  entirely  dissociated  when 
melted  by  itself. 

The  alloy  containing  58*62  per  cent,  of  silver  has  two  freezing 
points  at  720°  and  695°,  separated  by  a  pasty  stage.  The  alloys  con- 
taining from  52 — 55  per  cent,  of  silver  have  freezing  points  at  720° 
and  420°.  The  eutectic  solidifjring  at  695°  was  not  observed  in  the 
cooling  curves  of  these  alloys,  although  there  is  little  doubt  that  it 
must  exist,  particularly  in  view  of  the  micro-structure.  The  50-per-cent. 
alloy  solidifies  at  694°,  and  shows  the  eutectic  point  at  420°. 

In  the  series  containing  from  50 — 60  per  cent,  of  silver,  the  pasty 
stage  succeeding  the  initial  freezing  point  gradually  diminishes  as  the 
percentage  of  silver  is  reduced,  until  in  the  50-per-cent.  alloy  the 
fall  of  temperature  during  solidification  is  only  about  20°,  whereas 
in  the  75-per-cent.  it  is  nearly  100°.  Nevertheless  the  freezing 
point  of  the  50-per-cent.  alloy  is  not  so  sharp  as  that  of  an  undis- 
sociated  compound,  and  after  the  temperature  has  fallen  at  a  normal 
rate  to  about  420°  another  considerable  evolution  of  heat  takes 
place,  during  which  the  temperature  remains  stationary.  The  point  is 
also  observable  in  the  cooling  of  the  52-,  55-,  and  58-per-cent.  alloys, 
becoming  successively  smaller  and  dying  away  at  about  the  60-per-cent. 
alloy.  Prolonged  heating  at  various  temperatures  between  420°  and 
695°  had  not  any  apparent  effect  on  the  specimens,  which  retained  their 
shape  when  not  subjected  to  stress.  When,  however,  a  cast  bar  with 
composition  corresponding  to  the  formula  AgCd  was  subjected  to  a 
bending  stress  equal  to  10  grammes  per  square  millimetre  of  cross 
section  (about  14  lbs.  per  square  inch),  it  was  found  to  become  suddenly 
plastic  and  to  bend  almost  double  without  cracking  at  a  temperature 
of  450°.  When  chilled  at  temperatures  somewhat  above  420°  the  speci- 
mens assumed  a  red  or  lilac  tint,  especially  after  light  polishing,  which 
is  not  so  markedly  observable  in  the  specimens  chilled  from  below 
420°.  The  colour  is  observable  in  all  the  alloys  containing  from  40 — 50 
per  cent,  of  silver,  and  is  always  confined  to  the  surface  layer.     The 

•  "The  Freesing-point  of  Triple  Alloys/'  'Ohem.  See. Trans.,'  yoI.  65  (1894) 
p.  66. 
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similar  case  of  the  silver-zinc  alloy  AgZn  has  been  investigated  by 
Heycock  and  Neville,*  who  also  refer  to  the  colour  of  the  alloy  AgCd. 

The  cooling  curves  of  some  alloys  containing  about  equal  numbers 
of  atoms  of  silver  and  zinc  were  also  prepared  for  comparison,  and  were 
found  to  be  very  similar  to  the  cooling  curve  of  AgCd.  The  freezing 
point  of  the  alloy  containing  51  atoms  of  zinc  to  49  atoms  of  silver 
is  at  693%  and  the  evolution  of  heat  by  the  alloy  in  the  solid  state 
is  at  28  r.  The  corresponding  temperatures  in  the  case  of  the  alloy 
containing  equal  numbers  of  atoms  of  silver  and  zinc  were  found  to 
be  690**  and  27 1**.  These  results  can  be  correlated  with  the  facts 
observed  by  Heycock  and  Neville,  who  showed  that  the  silver-zinc 
alloy  could  be  made  to  assume  a  red  tint  if  heated  to  a  temperature 
near  300%  the  lowest  effective  temperature  being  285%  and  suddenly 
chilled.  The  disappearance  of  the  red  tint  thus  appears  to  coincide 
with  an  evolution  of  heat  in  both  cases.  The  red  tint  can  also  be 
obtained  in  either  case  by  abrasion.  It  is  well  shown  in  filings  and 
sometimes  in  polished  specimens. 

The  liquidus  curve  of  the  silver-cadmium  alloys  shows  a  well-marked 
cusp  at  about  the  40-per-cent.  alloy,  pointing  to  the  existence  of  the 
compound  Ag2Cd3.  This  alloy  is  hard  and  excessively  brittle,  breaking 
with  a  conchoidal  fracture,  a  proof  of  homogeneity  of  structure. 

The  remainder  of  the  freezing  point  curve  is  of  an  ordinary  type, 
consisting  of  two  branches  meeting  at  a  minimum  at  about  the  alloy 
containing  1*2  per  cent,  of  silver,  which  solidifies  at  315°  or  8"  below 
the  freezing  point  of  pure  cadmium. t  Further  additions  of  silver 
raise  the  freezing  point  until  a  maximum  of  676"*  is  reached  at  the 
40-per-cent.  alloy.  A  branch  of  the  curve  of  equilibrium  was  observed 
containing  about  10  per  cent,  of  silver  solidifying  at  332% 

The  liquidus  curve  is  thus  seen  to  consist  of  7  parts,  which  are  as 
follows : — 

(1)  Between  pure  silver  and  the  compound  Ag4Cd,  convex  upwards. 
The  two  constituents  appear  to  be  isomorphous. 

(2)  Between  the  compounds  Ag4Cd  and  Ag2Cd,  concave  upwards. 

(3)  Between  the  compounds  Ag2Cd  and  AgsCdg.  Nearly  a  straight 
line  with  a  horizontal  branch  corresponding  to  the  freezing  point  of 
the  compound  AgaCd^. 

(4)  Between  the  compounds  Ag3Cd2  and  AgCd,  there  is  a  horizontal 
branch  corresponding  to  the  freezing  point  of  the  compound  Ag8Cd2. 
There  is  also  probably  another  corresponding  to  the  freezing  point  of  the 

•  •  Camb.  Phil.  Soc.  Proo./  vol.  9,  Pt.  4,  1896. 

t  Rudberg  ('  Poggend.  Annal.,'  yol.  71,  18^7,  p.  460)  and  Rieinsdijk  (*  Arohiyes 
Neerlandaises/  vol.  3,  1868,  p.  29)  both  gave  the  melting-point  of  cadmium  as  320^ 
and  G-aiitier  {loc.  cit.)  takes  it  hs  322°.  The  temperature  of  323*^  adopted  here  was 
determined  bj  comparison  with  the  melting-point  of  pure  lead,  which  was  taken 
as  326°. 
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compound  AgCd,  and  a  third  corresponding  to  the  freezing  point 
either  of  the  compound  AgCds  or  of  a  eutectic  alloy  consisting  chiefly 
of  this  compound. 

(5)  Between  the  compounds  AgCd  and  Ag2Cd8.  A  curve  concave 
upwards. 

(6)  Between  the  compounds  Ag^Cds  and  AgCds. 

(7)  Between  AgCds  and  cadmium.  A  curve  with  a  distinct  minimum 
at  about  1*2  per  cent,  of  silver.  There  are  two  horizontal  branches, 
one  due  to  the  solidification  of  a  eutectic  of  this  composition,  and  the 
other  to  the  freezing  of  the  compound  AgCds. 

Micr<hstrudure  of  the  Alloys, 

The  alloys  containing  upwards  of  80  per  cent  of  silver  all  present 
similar  characteristics.  Their  structure  is  well  developed  on  polished 
surfaces  by  dipping  them  for  a  few  seconds  in  hot  nitric  acid  of  a  specific 
gravity  1*25.  Slowly  cooled  specimens,  in  which  the  solidification 
occupies  about  5  minutes  and  the  subsequent  cooling  to  a  low  red  heat 
about  half  an  hour,  are  seen  to  consist  of  crystallites  of  a  silver-rich 
body  set  in  a  darker  coloured  matrix  which  has  been  more  deeply 
etched  by  the  acid  than  the  crystallites  (see  fig.  3,  Plate  10).  The 
limiting  case  of  pure  silver  shows  no  matrix  and  the  crystallites  are 
large,  the  crystal  grains  in  small  specimens  being  from  5 — 8  mm.  in 
diameter.  Similarly  no  matrix  was  observed  in  the  alloy  containing 
97*3  per  cent,  of  silver  but  it  was  detected  in  the  95-per-cent.  alloy,  and 
showed  some  increase  as  the  silver  diminished  to  80  per  cent.  At  the 
same  time  the  size  of  the  crystallites  diminished  to  a  diameter  of 
about  1  mm.  When  these  alloys  were  re-heated  for  from  1 — 4  hours 
at  temperatures  intermediate  between  the  initial  freezing  point  and  the 
"  eutectic  "  point  referred  to  above,  the  crystal  grains  broke  up  and  a  fine 
network  of  the  dark-coloured  matrix  was  formed.  When  reheated  at 
any  temperature  above  a  red  heat  but  below  the  final  solidification 
point,  the  matrix  disappeared  and  crystals  were  formed  occupying  the 
whole  area  of  the  field.  The  higher  the  temperature  (below  this  point) 
and  the  longer  the  time  during  which  it  was  maintained,  the  larger  the 
crystals  grew  and  the  straighter  and  more  regular  became  their 
bounding  faces.     All  the  specimens  were  chiUed  after  re-heating. 

It  appears,  therefore,  that  at  all  temperatures  Ijelow  the  solidus  ciu^ve, 
these  alloys  are  homogeneous,  consisting  of  a  single  solid  solution^ 
doubtless  consisting  of  varying  proportions  of  silver,  and  the  compoimd 
Ag4Cd  the  existence  of  which  has  been  referred  to  by  Heycock  and 
Neville.*  These  two  substances,  silver  and  Ag4Cd,  must  be  regarded  as 
isomorphous.     It  follows  that  the  more  slowly  these  alloys  are  cooled^ 

•  "The  Freezing-point  of  Triple  Alloy*,*'  *Chem.  Soc.  Trans.,'  toI.  65  (1894), 
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the  more  uniform  the  composition  should  be.  It  should  be  possible 
to  prepare  perfectly  uniform  alloys  of  any  composition  containing  more 
than  80  per  cent,  of  silver  by  re-heating  them  to  about  850**  for  a 
number  of  hours.  A  practical  difficulty  in  carrying  this  out  would  be 
that  the  cadmium  would  be  partly  volatilised,  so  that  it  would  be 
necessary  to  removo  the  outer  layers  of  the  ingots  after  heating 
them. 

On  the  other  hand,  Osmond  has  pointed  out  that  it  is  by  no  means 
uncommon  for  crystallites  to  be  developed  by  the  attack  of  suitable 
re-agents  in  media  which  are  chemically  homogeneous.  He  cites  the 
bronzes  and  the  gold-copper  alloys  as  instances.  According  to  this 
view  the  specimens  showing  crystallites  are  already  uniform  in  com- 
position and  do  not  require  to  be  annealed  in  order  to  become  so.  It 
is  to  be  observed,  however,  that  the  gold-copper  alloys  have  been 
shown  to  be  non-homogeneous.*  Osmond  does  not  state  to  what 
bronzes  he  refers,  but  the  copper-tin  alloys  are  now  well  known  to  be 
heterogeneous  also.  It  may  be  repeated  that  in  practice  the  92*5-per- 
cent.  alloy  is  found,  on  casting,  to  be  uniform  in  composition,  so  that 
it  is  unnecessary  to  anneal  it. 

In  the  alloys  containing  from  80 — 70  per  cent,  of  silver,  the 
crystallites  in  slowly  cooled  specimens  are  larger  and  more  regularly 
cross-  or  fern-shaped  than  in  those  with  more  silver  (see  fig.  4, 
Plate  10).  The  matrix  is  readily  dissolved  out  by  nitnc  acid,  leaving 
the  crystallites  in  relief  surrounded  by  a  deep-sunk  network.  The  area 
occupied  by  the  crystallites  is  reduced,  and  that  occupied  by  the 
matrix  increased  as  the  percentage  of  silver  falls.  The  equilibrium 
of  the  systems  at  lower  temperatures  has  not  been  examined  in  this 
part  of  the  series. 

The  alloy  corresponding  to  the  formula  Ag2Cd  is  much  finer  gi'ained 
than  either  the  64-  or  the  70-per-cent.  alloy.  Etching  with  nitric  acid 
leaves  an  excessively  fine  network  in  relief  with  darker  pittings 
between,  but  no  regular  stinictiu'e  is  observable.  Other  reagents  are 
equally  ineffective  in  developing  the  structure.  Re-heating  at  750'  for 
1^  hours,  and  subsequent  chilling,  merely  increases  the  size  of  the 
network  without  in  any  other  way  changing  its  appearance.  One 
curious  effect  of  heating  to  750"  these  specimens  embedded  in  sand  is 
that  the  cadmiiun  on  the  surface  is  volatilised,  leaving  a  layer  of  pure 
silver.  On  removing  this  during  the  operation  of  polishing,  a  black 
layer  is  encountered  coloured  by  oxide  of  cadmium,  and  imderneath 
this  the  original  alloy  is  found  to  exist.  The  layers  are  not  everywhere 
of  the  same  thickness,  so  that  in  the  course  of  polishing  alternate  rings 
of  white  and  black  are  produced,  resembling  the  well-known  Japanese 
decorative  metal-work  known  as  Mokum^,  which  is  usfxi  in  jewellery. 

The  cooling  curves  indicate  that  the  compound  Ag8CM2  separates 

*  BobertH- Austen  and  Bo*e,  *Eoy.  8oc.  Proc.,'  to\.  6*1  ^l^Q^^^.Y*^^. 
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from  the  alloys  containing  between  50  and  60  per  cent,  of  silver,  and 
this  is  home  out  by  the  micro-structure.  The  alloys  when  rubbed 
with  potassium  cyanide  solution  are  seen  to  consist  of  white  oblong 
cryst^  set  in  a  red-coloured  matrix  (see  fig.  5).  As  the  percentage  of 
silver  diminishes  the  area  covered  by  the  crystals  is  reduced,  and  the 
amount  of  matrix  increases.  The  white  crystals  evidently  consist  of 
the  compound  AgsCda,  and  the  red  matrix  of  AgCd. 

The  alloys  containing  between  50  and  40  per  cent,  of  silver  are 
remarkable  for  resisting  the  attack  of  the  ordinary  etching  reagents. 
Nitric  acid  has  little  effect  on  them,  but  they  are  slowly  dissolved  by 
hot  acid  of  a  specific  gravity  of  1*3  without  their  structure  being 
revealed.  A  similar  lack  of  success  attended  the  use  of  sulphuric  and 
hydrochloric  acids,  of  soluble  sulphides,  of  alkaline  sulphides  with  the 
aid  of  a  galvanic  battery,  and  of  heat  with  free  exposure  to  the  air. 
The  alloys  are  not  affected  by  ammonium  sulphide  under  conditions  in 
which  silver-copper  alloys  or  pure  silver  are  instantly  tarnished.  The 
structure  was  developed  by  a  polish  attack,  which  consisted  in  rubbing 
the  polished  specimens  on  parchment  with  fine  alumina  moistened  with 
a  solution  of  0*5  per  cent,  of  cyanide  of  potassium.  The  action  is 
paitly  abrasive,  the  red  colour  being  strongly  developed  in  some  of  the 
crystals.  In  the  50-per-cent.  alloy,  slowly  cooled  specimens  are  seen  to 
consist  of  large  crystals  of  2 — 3  mm.  in  diameter.  There  is  no 
cementing  material,  and  the  crystals  are  distinguishable  from  one 
another  under  low  powers  only  by  their  shades  of  colour.  Under  high 
powers  (above  1000  diameters)  the  most  strongly  coloured  crystals  are 
seen  to  be  covered  with  a  numl)er  of  minute  irregular  pits  and  short 
trenches,  which  are  bright  red,  the  space  between  being  colourless. 
The  difference  between  the  crystals  seems  to  l)e  only  that  of  the 
orientation  of  the  particles  forming  them,  so  that  the  surface  of  some 
crystals  is  more  readily  abraded  than  that  of  others.  The  structure, 
however,  is  not  readily  revealed  without  the  aid  of  the  cyanide 
solution.  The  abrasions  form  an  irregular  network,  which  gives  some 
of  the  crystals  a  minutely  cellular  appearance,  visible  at  a  magnification 
of  50  diameters.  In  quickly  cooled  cast  specimens  the  crystals  are 
much  smaller,  few  being  more  than  0*3  mm.  in  diameter,  and  traces  of 
a  hard  white  cement  are  discernible  between  the  crystals. 

The  same  alloys  when  re-heated  to  350"  for  6  hours  and  chilled 
show  an  even  more  minute  structure,  the  crystals  being  only  about 
0*02  mm.  in  diameter  (see  fig.  6).  A  few  hard  white  projecting  grains, 
probably  existing  in  the  alloy  after  casting  and  before  reheating,  are 
visible  under  a  magnification  of  1800  diameters  on  a  slightly  pink 
ground  consisting  of  a  solid  solution  of  AgCd  and  Ag2Cds. 

When  the  50-per-cent.  alloy  is  heated  for  6  hours  above  420**  and 

^^hiUed,  the  separation  of  the  two  constituents  is  far  more  complete. 

^^^-  ftlloy  is  now  made  up  of  large  bright  red  hexagonal  crystals  about 


Roy.  Soe.  Proe.,  vol.  74,  Plate  10. 
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1  mm.  in  diameter.  Near  the  outside  of  the  specimens  these  crystals 
occupy  the  whole  area,  but  towards  the  centre  the  hard  white  alloy 
is  segregated,  forming  a  cement  between  the  red  crystals  (see  fig.  7). 
It  seems  clear  that  these  two  constituents  are  separated  at  temperatures 
above  420^  and  that  the  white  constituent  fuses  at  that  temperature. 
The  white  constituent  is  readily  attacked  by  nitric  acid,  and  may  be 
the  compound  AgCds. 

The  40-per-cent.  alloy,  when  slowly  cooled,  is  homogeneous  and 
consists  of  small  crystals,  about  0*3  mm.  in  diameter,  which  become 
more  regular  hexagons  when  re-heated  for  24  hours  at  350"  and  chilled, 
and  also  when  heated  at  570*  and  chilled,  but  do  not  increase  in  size. 
The  alloy  remains  homogeneous  under  these  conditions,  and  evidently 
consists  of  the  compound  AgiCds. 

The  portion  of  the  series  between  the  40-  and  the  25-per-cent.  alloys 
consists  of  hard  slightly  pinkish  crystallites  of  Ag2Cd8,  set  in  a  matrix 
which  approximately  corresponds  in  composition  to  AgCds.  The 
alloys  can  be  etched  with  nitric  acid,  and  the  unattacked  crystallites^ 
at  first  forming  almost  the  whole  of  the  mass,  become  somewhat  rare 
in  the  30-per-cent.  alloy,  and  disappear  altogether  before  the  25-per- 
cent, alloy  is  reached. 

Specimens  containing  less  than  25  per  cent,  of  silver  are  much  more 
rapidly  attacked  by  nitric  acid  than  those  richer  in  silver,  and  when 
corrosion  takes  place  it  is  a  magma  of  cadmium  with  very  little  silver 
that  is  attacked  and  darkened,  leaving  the  harder  white  crystallites  of 
AgCds  practically  untouched  (see  ^g,  8).  The  structiu-e  is  developed 
when  sections  are  merely  polished,  the  crystallites  of  AgCds  standing 
out  in  relief.  They  diminish  in  number  as  the  percentage  of  silver  is 
reduced. 

The  results  of  the  investigation  may  be  summarised  as  follows  : — 

(1)  Evidence  is  afforded  of  the  existence  of  the  compounds  AgCdsr 
Ag2Cd8,  AgCd,  AgsCda,  Ag2Cd,  and  Ag4Cd. 

(2)  The  alloys  containing  from  0 — 25  per  cent,  of  silver  consist, 
when  solid,  of  Crystals  of  AgCds  set  in  a  matrix  of  cadmium.  Those 
containing  between  25  and  40  per  cent,  of  silver  consist  of  the  com- 
pound Ag2Cd8  set  in  a  matrix  consisting  mainly  of  AgCdg.  The  alloy 
containing  about  50  per  cent,  of  silver  consists  of  crystals  of  a  silver- 
rich  body  set  in  a  matrix  consisting  chiefly  of  AgCds.  The  m  itrix  or 
eutectic  solidifies  at  420*,  or  nearly  300*  below  the  freezing  point  of 
the  crystals. 

The  alloys  containing  from  50 — 60  per  cent,  of  silver  consist,  at 
temperatures  above  420°,  of  mixtures  of  two  different  solid  solutions, 
one  of  which  is  chiefly  composed  of  the  compound  AgCd,  and  the  other 
of  AgsCd2.    Traces  of  the  eutectic  freezing  at  420*  are  still  visible. 

When  more  than  80  per  cent,  of  silver  is  present,  the  alloys  consist 
of  a  mixture  of  two  bodies  at  temperatures  between  the  lic\}ivdvv&  ^cv^ 
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solidus  curves,  but  these  unite  to  form  a  single  solid  solution  at  points 
on  the  solidus  curve. 

(3)  The  alloys  containing  over  80  per  cent,  of  silver  do  not  undergo 
segregation  under  ordinary  conditions,  and  are  practically  homogeneous 
and  uniform  in  composition.  They  are  well  suited  as  a  material  for 
the  manufacture  of  trial-plates. 


**0n  the  Wetting  of  Cotton  by  Water  and  by  Water  Vapour." 
By  Orme  Masson,  D.Sc.  F.R.S.     Received  April  25,  1904. 

Introduction, 

If  two  thermometers,  one  of  which  has  its  bulb  protected  by  a 
close  covering  of  ordinary  cotton  wool,  be  simultaneously  immersed 
in  the  same  water,  all  being  originally  at  the  same  temperature,  the 
protected  thermometer  shows  a  marked  rise,  while  the  naked  one 
undergoes  no  perceptible  change.  Heat  is,  therefore,  generated  locally 
by  the  wetting  of  the  cotton  covering. 

The  maximum  temperature  is  reached  in  2  or  3  minutes,  after  which 
there  is  a  fall,  the  rate  of  which  steadily  diminishes  in  a  characteristic 
manner,  so  that,  when  all  necessary  precautions  are  taken,  a  difference 
of  temperature  between  the  cotton  and  the  surrounding  water  is 
still  distinctly  perceptible  after  several  hours.  Both  the  extent 
of  the  rise  and  the  rate  of  the  whole  change  depend  on  several  condi- 
tions. With  a  given  thermometer  the  most  important  factors  are 
the  quantity  of  cotton  wool,  its  initial  condition  with  respect  to 
hygroscopic  moisture,  and  the  temperature  of  the  wator.  Other 
things  being  equal,  the  effect  is  more  marked  with  a  large  covering 
than  with  a  small  one  and  at  a  higher  than  at  a  lower  bath  tempera- 
ture, but  the  previous  condition  of  the  cotton  is  a  more  important 
factor  than  either.  If  taken  in  its  ordinary  state  after  exposure  to 
the  air  of  the  laboratory,  when  it  usually  contains  about  8  or  9  per 
cent,  of  moisture,  it  may  sho^  a  rise  of  T  or  3^  C,  but  if  precautions 
be  taken  to  insure  that  it  is  dry  at  the  moment  of  immersion  in  water 
(at  its  own  temperature),  the  same  sample  will  show  a  rise  of  from 
8 — 12^  or  more. 

The  relatively  large  amount  of  air  which  is  always  entangled 
within  the  cotton  wool  does  not  escape  during  or  after  immersion, 
and  the  bundle  presents  a  glistening  appearance  under  water  which 
suggests  that  it  is  not  completely  wetted.  That  this  fact  is  important 
in  connection  with  the  observed  temperature  change  is  shown  by  the 
behaviour  of  the  so-called  "  medicated  "  or  "  absorbent "  cotton  wool, 
which  differs  from  the  ordinary  (nearly  pure)  material  in  having  been 
ireed  hy  solvents  from  traces  of  natural  cotton  wax.     This  gives  a 
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much  smaller  rise,  and  in  its  case  the  glistening  appearance  is  absent. 
Moreover,  the  quantity  of  water  which  penetrates  the  cotton 
wrapping  and  remains  mechanically  adherent  to  it  and  the  thermo- 
meter when  they  are  lifted  out  after,  say,  J  hour's  immersion, 
may  be  determined  by  weighing,  and  it  is  found  to  be  less  than  the 
weight  of  the  dry  cotton  in  the  case  of  the  ordinary  material,  but 
several  times  greater  in  the  case  of  the  absorbent  variety.  Obviously, 
therefore,  when  they  are  immersed,  the  former  is  both  better  insulated 
and  has  the  smaller  heat  capacity,  and  will  thus  show  a  larger 
rise  of  temperature  for  a  given  heat  production,  and  the  observed 
difference  does  not  necessarily  indicate  that  the  absorbent  wool  is 
inherently  less  susceptible  to  such  action  as  may  be  the  cause  of  the 
phenomenon. 

The  true  nature  of  this  action  is  indicated  in  the  first  place  by  the 
observation  that  immersion  in  water  is  not  essential,  for  the  covered 
thermometer  behaves  in  a  precisely  similar  manner  when  exposed  to 
air  saturated  with  water  vapour.  The  rise  of  temperatiu*e  is  as  great 
or  greater,  though  it  may  take  5  or  6  minutes  to  reach  the  maximum 
instead  of  2  or  3,  and  the  subsequent  slow  cooling  curve  is  similar, 
as  well  as  the  effects  of  varying  conditions.  In  fact  it  has  been  proved 
by  the  experiments  to  be  described  that  the  whole  action  is  essentially 
the  same,  whether  a  bath  of  water  or  of  saturated  air  be  employed, 
and  that  in  both  cases  the  heat  production  is  due,  at  all  events, 
primarily,  to  the  condensation  of  water  vapour  on  the  surface  of  the 
cotton  fibres.  More  strictly,  this  is  proved  in  the  case  of  saturated 
air  immersion,  and  its  extension  to  the  other  case  is  necessitated  by 
the  proof  of  the  complete  similarity  of  the  thermal  changes.  In  the 
case  of  immersion  in  water  the  vapour  which  condenses  on  the  cotton 
must  be  produced  by  evaporation  from  the  liquid,  which  is  prevented 
from  complete  contact  with  the  fibres  by  the  air  which  adheres  to 
them  and  fills  the  interstices.  There  is,  therefore,  an  automatic  dis- 
tillation from  the  water  on  to  the  cotton  which  acts  as  a  condenser, 
and  the  heat  gained  there  must  be  matched  by  an  equal  loss  of  heat 
by  the  adjacent  water,  though  the  large  heat  capacity  of  the  latter 
prevents  any  fall  of  temperature  comparable  with  the  observed  rise. 
"  Absorbent  "  cotton  wool  is  found  to  behave  in  saturated  air  exactly 
like  the  oidinary  variety,  in  contrast  with  its  much  smaller  tempera- 
ture effect  in  water.  This  is  in  complete  accord  with  the  theory. 
The  condensation  of  vapour  that  occurs  during  exposure  to  saturated 
air  never  renders  the  cotton  sensibly  moist,  though  it  may  absorb  over 
20  per  cent,  of  its  weight  in  a  few  hours. 

It  has  long  been  known  that  rise  of  temperature  results  from  the 
immersion  of  finely  divided  solids  in  water  and  other  liquids. 
Pouillet^  examined  a  large  number  of  substances,  both  inorganic  and 

•  *  Ann.  de  Chim.  et  de  Phyi.,*  1822,  (2),  vol.  20,  pp.  141— 16^. 
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organic,  and  showed  that  the  property  is  a  general  one,  that  the  state 
of  division  and  previous  dryness  of  the  material  are  important,  and 
that  the  phenomenon  is  much  better  marked  with  animal  and  vege- 
table substances  than  with  mineral  powders.  His  experiments,  how- 
ever, can  hardly  be  regarded  as  quantitative,  for  the  temperature 
rises,  of  which  he  records  a  long  list,  have  no  real  significance  apart 
from  the  special  conditions  under  which  they  were  observed,  nor  do 
they  by  themselves  throw  light  on  the  nature  of  the  process  which 
causes  them.  Later  observers  seem  to  have  confined  their  attention 
to  inorganic  materials  such  as  silica  and  glass,  and  the  recent  work  of 
G.  J.  Parks,  which  will  be  referred  to  later,  is  specially  notable  in  this 
connection.  But  the  author  is  not  aware  of  any  previously  recorded 
thermometric  investigation  on  the  lines  be  has  adopted,  ha\'ing  the 
following  objects  in  view : — 

1.  To  map  the  whole  course  of  the  observed  change  of  temperature 
of  cotton  due  to  its  immersion  in  water,  tracing  both  the  rise  to  the 
maximimi  and  the  subsequent  fall. 

2.  To  do  the  same  for  the  case  of  immersion  in  air  saturated  with 
water  vapour,  and  tx)  compare  the  two  results. 

3.  To  examine  the  effect  of  varying  conditions  and  particularly  of 
the  initial  dryness  or  dampness  of  the  cotton. 

4.  To  determine,  in  the  case  of  immersion  in  saturated  air,  the 
course  of  the  hygroscopic  absorption. 

5.  To  ascertain  the  relation  between  this  al>sorptioii  and  the 
temperature  change. 

6.  To  examine  the  information  so  obtained  as  to  its  bearing  on  the 
nature  of  the  Pouillet  effect. 


Apparatus  and  Methods, 

The  thernumieters  required  to  fulfil  the  two  conditions  of  being 
short  enough  to  be  weighed  on  an  accurate  balance  and  of  yet 
having  a  sufficient  length  of  scale.  As  they  were  likely  to  be  used 
at  various  temperatures,  a  very  open  scale  was  out  of  the  question. 
Those  chosen  were  graduated  in  whole  degrees  only,  reading  from 
below  zero  to  100''  C.  Headings  were  always  made  by  a  telescope  with 
a  micrometer  scale  in  the  eyepiece.  In  all  the  earlier  experiments 
this  micrometer  scale  was  used  merely  for  subdividing  the  degrees, 
but  in  those  described  as  Series  V  it  was  employed  so  as  to  make  the 
readings  altogether  independent  of  the  thermometer  graduations. 

Comparison  of  the  instruments  with  a  standard  thermometer  at 
various  temperatures  showed  that  the  capillary  was  of  practically 
uniform  bore,  and  as  all  the  readings  in  any  experiment  were  referred 
to  the  initial  one,  so  as  to  give  temperature  differences,  any  zero-point 
error  of  the  thermometer  was  of  no  importance. 
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The  telescope  was  generally  so  placed  that  one  division  of  the 
micrometer  scale  was  equal  to  0''*2,  and  readings  were  taken  to 
0'*02.  They  may,  in  the  case  of  Series  V,  be  taken  as  free  fron 
errors  as  large  as  O'^'Od,  but  the  earlier  observations  are  less  reliable 
for  the  reason  stated.  The  actual  temperatures  of  the  immersiott 
bath,  as  given  in  the  tables,  were  ascertained  by  a  standard  thermo- 
meter that  could  be  read  to  O'^'Ol,  and  in  all  experiments  after 
Series  II  these  temperatures  were  maintained  constant  to  within  0°'03 
by  a  thermostat. 

The  experimental  thermometer  was  provided  with  a  jacket  tube 
of  sufficient  length  to  enclose  the  bulb  and  part  of  the  stem,  and 
a  smooth  red-rubber  cork  was  fixed  at  such  a  position  on  the  stem 
that  the  tube,  when  in  use,  was  closed  and  air-tight.  All  that  part 
of  the  scale  which  was  used  in  the  observations  lay  above  the  level  of 
the  cork,  and  there  was  sufficient  length  below  it  to  admit  of  proper 
immersion  of  the  bulb  and  cotton  covering  without  submerging  the- 
cork  itself.  The  thermometer  was  provided  with  platinum  loops: 
so  that  it  could,  with  its  tube,  be  slung  slantwise  on  the  balance  for 
weighing. 

The  cotton  wool  was  tightly  wound  round  the  bulb  so  as  to 
efficiently  cover  it  and  a  small  part  of  the  stem,  leaving  enough  room 
between  it  and  the  cork  for  subsequent  operations.  From  ^ — 1  gramme 
was  found  to  be  a  convenient  quantity.  When  once  properly  wound 
it  remains  in  position  without  any  special  fastening,  but  for  a  long 
series  of  experiments  it  is  safer  to  secure  it  with  a  single  turn  of 
cotton  thread.  After  winding,  it  should  be  hung  in  distilled  water 
for  a  day  to  remove  soluble  impurities  derived  from  the  fingers  or  the 
laboratory  air,  and  should  not  afterwards  be  touched. 

In  the  latter  experiments  (Series  Y)  a  duplicate  thermomder  with 
cork  and  tube,  but  without  cotton  wool,  was  used  as  a  counterpoise  in 
weighing,  and  was  also  put  through  every  treatment  in  the  same  way 
and  at  the  same  time  as  the  experimental  apparatus.  It  was  hoped 
by  this  means  to  minimise  any  small  errors  that  might  result  from 
hygroscopic  changes  in  the  weight  of  the  rubber  cork. 

The  oven  used  for  drying  the  cotton  covering  before  any  experiment 
was  an  ordinary  air  bath  with  temperature  regulated  to  about  llO**  0. 
and  with  a  fairly  free  draught  passing  through  it.  The  bulb  of  the 
thermometer  passed  through  an  opening  in  the  roof,  and  a  slotted 
wooden  cover  supported  the  rubber  cork  outside  the  bath  and  protected 
it  from  the  heat.  It  was  proved  that  an  hour's  drying  was  more  thaD 
enough  to  give  constant  weight. 

It  may  be  mentioned  here,  as  a  curiouisly  extreme  instance  of  the 
ordinary  wet  and  dry  bulb  effect,  that  the  experimental  tlermemetttr 
with  its  covering,  when  lifted  out  of  cold  water  and  placed  in  the  oven^ 
rises  steadily  till  it  reaches  a  point  some  50**  or  60"^  below  th*  Q^^c^Xk 
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temperature,  then  osdllateB  for  some  time  about  that  point  (following 
the  OBciUations  of  the  gas  regulator)  and  finally  rises  steadily  to  the 
full  temperature.  The  effect  is  seen  best  when  absorbent  wool  is  used, 
as  it  carries  a  much  larger  store  of  water. 

The  iimmeraion  bath  varied  according  to  circumstances.  In  Series  II, 
for  water  immersion,  it  was  simply  a  glass  jar  holding  about  3  litres  of 
distilled  water.  Its  temperature  was  that  of  the  laboratory  and  was 
thus  not  the  same  throughout  the  series,  but  it  varied  only  between 
16*  and  18°,  and  during  any  one  experiment  it  did  not  alter  more  than 
a  few  tenths  of  a  degree.  This  last  variation  was  recorded  and  after- 
wards approximately  corrected  for,  in  plotting  the  temperature  curve 
*of  the  covered  thermometer.  The  results  are,  of  course,  though  fairly 
j;ood,  less  reliable  than  those  of  later  series ;  for  in  all  of  these  the 
immersion  bath  was  placed  in  a  thermostat  which  kept  constant  to 
within  0*03.  In  this  later  water  immersion  tests  the  bath  was  a  wide- 
mouthed  thin  glass  flask  containing  distilled  water,  and  it  was  clamped 
in  die  thermostat  so  that  only  its  open  mouth  was  above  the  surface  of 
the  water  in  the  latter.  For  immersion  in  air  saturated  with  water 
vapour,  this  flask  was  replaced  by  another  arrangement  which  under- 
went some  modification  as  the  work  proceeded.  In  Series  III  a  large 
wide-mouthed  glass  bottle  was  used,  with  a  layer  of  water  at  the 
bottom  and  with  an  air  current  passing  through  it.  This  air  was 
previously  saturated  at  the  right  temperature  by  passing  through  a 
lead  worm  and  a  wash-bottle,  both  submerged  in  the  thermostat,  and 
it  was  then  delivered  into  the  bottle  through  a  tubulated  neck  near  the 
bottom.  In  Series  IV  the  air  current  was  sent  through  additional 
saturators,  and  a  cover  was  provided  for  the  bottle  so  as  to  close  it 
when  in  use,  except  for  the  opening  which  admitted  the  thermometer. 
In  Series  Y,  as  some  doubts  were  entertained  as  to  periect  saturation 
in  previous  tests,  the  bottle  was  replaced  by  a  large  cylindrical  pot  of 
porous  earthenware,  with  a  hole  near  the  bottom  through  which  the  air 
current  could  be  conveyed.  The  pot  was  very  completely  surrounded 
by  the  water  of  the  thermostat  and  was  provided  with  periorated  card 
<)Overs.  The  infiltration  of  water  through  the  walls  kept  the  whole 
inside  surface  wet  and  provided  a  large  and  constant  area  of  evaporation. 
At  the  same  time  the  infiltration  was  not  rapid  enough  to  give  any 
trouble,  even  in  protracted  experiments,  if  the  pot  was  emptied  by  a 
syphon  at  the  start.  With  this  arrangement  it  was  found  that  it  made 
no  appreciable  difference  whether  the  air  current  was  used  or  not,  and 
it  was  not  used  in  the  last  six  experiments  of  the  series. 

Hooks,  which  occupied  a  fixed  position  with  respect  to  the  telescope 
so  that  its  distance  and  the  value  of  its  scale  did  not  vary,  served  for 
the  vertical  suspension  of  the  thermometers  dining  immersion.  The 
.small  water  motor  which  worked  the  stirrer  of  the  thermostat  was 
iconnected  with  the  same  support  as  these  hooks,  and  at  each  rotation 
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of  the  belt  a  slight  jolt  was  thus  given  to  the  thermometers  which 
served  the  purpose  of  an  automatic  tapper  in  preventing  the  mercury 
from  sticking. 

The  actval  conduct  of  an  experiment  is  as  follows: — The  covered 
thermometer  is  dried  at  about  110'  for  an  hour  as  already  described, 
the  jacket  tube  being  placed  separately  in  the  oven  at  the  same  time. 
The  counterpoise  thermometer  and  tube,  if  used,  are  treated  similarly 
in  this  and  in  all  subsequent  operations.  The  instrument  is  then 
removed  and  quickly  inserted  into  its  tube,  both  being  well  above 
1 00',  and  is  left  to  cool  to  the  temperature  of  the  balance.  Its  weight 
is  taken  after  a  momentary  loosening  of  the  cork  to  equalise  pressure, 
and  it  should  not  vary  in  a  series  of  tests  more  than  about  O'OOl  gramme 
from  the  mean.  In  the  twenty  experiments  of  Series  V,  where  the 
duplicate  instrument  was  used  as  a  counterpoise,  the  variation  was  only 
half  as  much.  The  weight  of  the  dry  wool  itself  may  be  obtained  by 
deducting  the  tare  of  the  instrument,  taken  before  the  bulb  was 
covered. 

The  thermometer,  still  protected  by  its  tube,  is  then  suspended  in 
the  immersion  vessel  (water  or  saturated  air  as  the  case  may  be)  and 
the  cover  put  on,  and  readings  are  taken  by  the  telescope  from  time 
to  time  till  their  constancy  indicates  that  the  covered  bulb  has  reached 
the  fixed  temperature  of  the  thermostat.  About  an  hour  suffices.  The 
final  reading  is  noted  as  the  initial  temperature  of  the  experiment. 
The  thermometer  is  then  as  rapidly  as  possible  withdrawn,  removed 
from  its  tube,  and  re-himg  in  the  proper  position,  and  a  stop-watch  is 
started  at  the  moment  of  immersion.  The  cover  is  replaced,  the 
telescope  is  adjusted  vertically  so  that  its  scale  occupies  exactly  the 
same  position  as  before  with  respect  to  a  fixed  mark  on  the  thermometer, 
and  readings  begin.  These  are  taken  at  short  intervals,  and  always, 
except  at  the  maximum  temperature  and  at  the  finish,  at  the  moment 
when  the  mercury  is  crossing  a  scale  line,  the  time  being  noted  to  the 
nearest  second  so  long  as  seconds  are  of  any  importance. 

Generally  the  experiment  is  stopped  at  an  exact  pre-appointed  time 
by  removing  the  thermometer  as  rapidly  as  possible  to  its  jacket 
tube,  and  it  is  then  allowed  to  take  the  temperature  of  the  balance  and 
weighed.  The  difference  between  this  and  the  original  dry  weight 
gives  the  amoimt  of  moisture  absorbed  during  the  immersion.  As  the 
final  temperature  cannot  be  read  at  the  actual  moment  of  stoppage,  a 
very  slight  extrapolation  is  generally  necessary  to  complete  the  curve  ; 
for  the  exact  final  temperature  may  be  wanted  for  a  purpose  that  will 
appear  later.  Of  course,  in  the  case  of  water  immersion  the  weighing 
is  omitted,  as  absorbed  moisture  cannot  be  distinguished  from  that 
which  mechanically  adheres  to  the  cotton. 

At  the  completion  of  an  air  immersion  experiment,  after  the  instrument 
has  been  weighed,  it  may  be  at  once  used  for  a  second  experimA\iti\SL^\£^<c^ 
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the  influence  of  a  known  amount  of  previous  moisture  is  observed,  the 
procedure  being  similar  to  that  already  described.  In  Series  11  (water 
immersion  tests)  previous  moisture  was  given  to  the  cotton  in  roughly 
predetermined  quantity  by  exposing  it  for  suitable  times  in  moist  air 
at  the  ordinary  temperature. 

To  obtain  the  cui*ve  which  shows  the  progress  of  absorption  of 
moisture  during  immersion  in  air  saturated  at  any  fixed  temperature, 
it  is  necessary  not  only  to  accurately  maintain  the  bath  at  that 
temperature  but  to  guard  against  any  interference  with  the  temperature 
of  the  cotton.  It  is  an  essential  feature  of  the  process  that  the  cotton 
shall  become  hotter  than  the  bath,  and  the  velocity  of  absorption  at 
any  moment  must  be  affected  by  the  magnitude  of  this  difference  of 
temperature.  It  is,  therefore,  impossible  to  trust  an  absorption  curve 
obtained  from  one  long  experiment,  inten-upted  from  time  to  time  for 
the  purpose  of  weighing.  After  each  such  interruption  the  cotton 
resumes  operations  at  a  lower  temperature  than  that  at  which  it  left 
off,  and  moreover  it  never  again  gets  back  exactly  on  to  its  original 
temperature  curve.  There  are  other  errors  also  which  result  from 
such  a  method,  but  they  are  of  less  importance.  Therefore  the  plan 
was  adopted  of  determining  each  point  on  the  absorption  curve  by 
means  of  a  separate  experiment,  starting  always  with  dry  cotton,  and 
immersing  it  for  different  times,  but  keeping  all  other  conditions  the 
same.    The  temperature  curve  was  taken  simultaneously  in  each  test. 

Unfortunately  it  has  not  been  found  possible  to  so  arrange  things 
that  each  temperature  curve  follows  the  exact  course  of  the  last, 
which  would  be  the  best  proof  of  the  trustworthiness  of  the  absorp- 
tion curve.      The  differences,   though  small,  are  unmistakable  even 
in  the  case  of    Series  Y,  which  was  the  best  in  several  respects. 
The  extent   of  these  discrepancies    will    be    shown    in    the    tables 
summarising  results.     The  cause  of  them  is  not  to  be  found  in  the 
drying  process,  as  is  proved  by  the  imiformity  of  dry  weight;  nor 
in  premature   absorption  through  the  corks  after  weighing,  as  this 
was  disproved  by  special  tests;  nor  in  incompleteness  of  saturation 
of  the  air,  nor  in  any  other  circiunstance  peculiar  to  the  air  inmier- 
sion    experiments,    for    similar    small    variations    occurred    in    the 
temperature  curves  got  by  water  immersion.     It  is  probable  there- 
fore that  the  errors  arise  at  the  moment  the  thermometer  is  with- 
drawn from  its  tube  at  the  start  of  each  experiment,  and  that  this 
exposure  to  air  of  variable  temperature  and  moistness,  brief  though  it  is, 
initiates  a  disturbance  that  shows  itself  later  in  the  manner  described. 
It  is  not  easy  to  devise  a  remedy  that  would  not  introduce  troubles  of 
its  own.    Finally  it  may  be  pointed  out  that  the  constancy  of  the 
bath  temperature,  and  the  fact  that  the  cotton  is  always  hotter  than  the 
bath,  afford  security  against  any  error  such  as  might  otherwise  be  caused 
by  deposition  of  dew. 
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ExperimerUal  Remits. 

In  what  follows  and  in  the  curve  diagrams — 

/  is  the  time  measured  in  minutes  from  the  moment  of  immersion  of 
the  cotton-covered  thermometer ; 

6  is  the  temperature  of  the  same  at  the  moment  /,  in  degrees 
Centigrade,  its  own  initial  temperature,  which  is  the  constant  tempera- 
ture of  its  environment,  being  taken  as  zero ; 

<^  is  the  maximum  value  attained  by  6  in  the  course  of  the 
experiment ; 

T  is  the  value  of  t  at  which  6  =  <f>; 

m  is  the  weight  of  water  vapour,  in  milligrammes,  absorbed  in  the 
time  t ; 

p  is  the  weight  of  any  water  vapour,  also  in  milligrammes,  absorbed 
by  the  cotton  prior  to  the  commencement  of  the  experiment ; 

A  is  the  area,  determined  by  planimeter,  boiuided  by  the  curve, 
the  t  axis,   and   a  vertical   ordinate  corresponding   to   the  time  t; 

orA  =  i^ddt. 

The  terms  "  water  immersion  "  and  **  saturated  air  immersion  "  have 
already  been  fully  explained.  "  Previous  moisture  "  serves  to  designate 
that  of  which  the  quantity  is  p.  The  term  "  dry  curve  "  is  used  to 
distinguish  one  belonging  to  an  experiment  in  which  the  cotton  is 
dry  to  start  with  from  those  which  show  the  effect  of  previous 
moisture. 

It  is  unnecessary  to  reproduce  here  the  numerous  t  and  S  readings 
of  the  experiments.  They  are  therefore  summarised  in  the  following 
tables,  giving  the  values  of  r  and  <^,  the  final  values  of  t  and  S,  and 
the  corresponding  values  of  A  and  m  (where  determined),  and  the  value 
of  ^  in  cases  where  previous  moisture  was  present.  In  Tables  III  and 
y  calculated  values  of  m  are  given  also.  The  mode  of  calculating  m 
from  A  and  6  will  be  explained  later.  Some  of  the  curves  are  shown 
in  the  diagrams,  and  references  to  these  are  given  in  the  tables. 

The  experiments  which  formed  Series  I  were  of  a  purely  preliminary 
character,  and  are  therefore  omitted.  Those  of  Series  II  were,  as 
already  explained,  less  accurate  than  later  ones ;  but  they  are  correct 
enough  for  their  purpose,  for  they  show  by  comparison  with  Series  III 
the  general  similarity  of  the  temperature  change  produced  by  water 
immersion  and  by  saturated  air  immersion,  both  with  and  without 
previous  moisture.  Series  III  also  gave  information  as  to  the  progress 
of  absorption  during  exposure  to  saturated  air ;  and  the  main  purpose 
of  Series  IV  and  Series  V  was  to  trace  this  more  fully  in  connection 
with  the  temperature  change.  They  also  supplied  some  evidence  as  to 
the  influence  of  bath  temperature  and  weight  of  cotton.  Finally  water 
immersion  tests,  carried  out  in  conjunction  with  Series  IV  and  V^  ^g«^ 
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temperature  ourvea  capable  of  accurate  compariBon  with  those  of 
saturated  air  immersion  under  otherwise  identical  conditions.  The 
experiments  of  Series  V  are  probably  more  exact  thah  any  of  the  others, 
for  reasons  already  explained. 

Table  I. — Summary  of  Series  11. 

0*66  gramme  of  cotton  wool  covering  thermometer  C.     Water 
immersion  at  16 — IS*",    r  =  3  to  3|  minutes. 


Ordor  of 

Approximate 

^. 

9  at 

dzperiment. 

bath  temp. 

P- 

80  minutes. 

1 

l?-0 

0 

8-8 

1-7 

6 

18-0 

0 

1-66 

1-76 

11 

17-8 

0 

8-65 

1-8 

6 

17-8 

9 

7-4 

1-7 

8 

17-7 

18 

6  15 

1-66 

7 

17-0 

24 

4-95 

1-5 

4 

16-7 

88 

3*45 

1-86 

2 

16-1 

44 

2-3 

1-2 

8 

16-8 

63 

1-65 

105 

12 

18-2 

68 

11 

0-7 

9 

17-2 

88 

0-6 

0-65 

10 

17-4 

1 

101 

0-4 

0-35 

Reference  to 
figure. 


Pig.  1,  a. 

Fig.  1,  b. 
Fig.  l,c. 

Fig.  1,  rf. 


Table  11. — Summary  of  Series  III. 

0*53  gramme  of  cotton  covering  thermometer  C.    Saturated  air  immer- 
sion at  IS'^'O.     r  =  about  6  minutes,  slightly  increasing  with|?. 


Order  of 
experiment. 


2 

7 

8 

4 

5 

6 

1 

8 

2a 

8a 

4a 

6a 

5b 


0 

0 

0 

0 

0 

0 

0 

0 

17-6 
82 
48 
62 
82 


•6 
•3 

•7 
•4 


f' 

t. 

8*66 

6 

8-75 

6 

8-8 

16 

8-8 

35 

8-8 

64 

8-7 

111 

8-66 

186 

8-8 

807 

6  16 

73 

8-85 

78 

1-96 

70 

1-16 

70 

0-6 

72 

0, 


8-t)5 

8-75 

6-8 

3-06 

1-66 

0-96 

0-7 

0-3 

1-2 

1-15 

1-0 

0-75 

0-5 


m. 


17-6 
17-8 
32-5 
48-3 
62-7 
77-8 
98-6 
108-0 
52-4 
41-3 
28-4 
19  7 
12-6 


Reference  to 
figure. 


Fig.  2,  a. 


Fig.  2,  5. 
Fig.  2,  c. 

Fig.  2,  d. 


Under  /,  in  this  and  the  following  tables,  is  given  the  time  at  which 
each  experiment  was  concluded ;  and  the  corresponding  values  of  ^, 
A,  and  m,  are  given  in  the  appropriate  columns. 
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-A* 

rV 

EYji. 

Kv 

-^A 

s  f:^\^ 

d              "^^^=*» 

-=. 

«°»^"r-  — ? 3? 

■  i            T»^            7> 

^   /'N 

t     ^ 

<L=V         \ 

nja. 

Ji     bi     \ 

sE~"^^is   -^^ 

^^ 

L    ^ 

—  =  =Sn, 

■^     s       ;          !.' 

Deteriptian  of  Cnrte  Diagram,  fig:  1 — *.— OnrrM  ihowing  change  of  tompan- 
ture  bj  cotloD  while  sbiorbing  moiitan.  Time  (0  exprMiad  in  minnte*. 
Temperatare  of  cotton  (if)  in  Centignde  degwet,  iti  ioitisl  temperktore  and  the 
constant  temperature  of  the  immernon  bath  being  taken  ae  lero.  (3e«  Tablei  I,  II, 
III  and  IV.) 

Fiff.  1.— Immernon  in  ««ltr  at  Iff*  to  18^  C.    Cotton  —  O'SG  gramme. 
(o)  Originally  dry. 

{h)  Containing  18  miUignumnec  of  prf»ioue  moiilure. 


n  ntnrated  air  at  18°-0.    Cotton  ••  0-63  gramme. 


(a)  Originally  dl7. 

(i)  Containing  17'6  milligrMnnii 
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0'63  gramme  of  cotton  coTering  thermometer  C.  Saturated  air 
,  with  better  arrangementa  than  in  Series  III.  Bath 
B  18°'0.     r  =  abont  5}  minutes. 


Order  of 

A. 

*■ 

*■ 

'■ 

m. 

(cUcd.). 

0 

Not  Koofaed 

8 

7 -BR 

11-8 

12-2 

11-6 

0 

s-as 

B 

H-Hft 

40-8 

19-9 

18-9 

0 

8-76 

16 

«-42 

109-7 

83-3 

88-8 

8-87 

lA 

6-12 

117  5 

867 

36-6 

80 

8-80 

ISO '6 

48-7 

49-4 

0 

8-93 

35 

8-70 

197-0 

61-3 

61-9 

0 

60 

286-4 

67-6 

68-4 

65 

£62-4 

650 

64-6 

18 -S 

e-98 

« 

f 

16-4 

6a. 

S-90 

ft 

18-5 

61 

S3 -8 

3 -3! 

6 

f 

9-8 

51-8 

1-73 

B 

6-S 

3* 

65-0 

l-OO 

6 

* 

- 

3  6 

^ 

1  j 

^v 

^  > 

V  ^ 

\ 

^ 

i. 

K 

\ 

V 

, 

\ 

K^ 

■• 

■-. 

" 

■^ 

_ 

•^ 

^ 

- 

1 

" 

' 

! 

\i 

A 

„ 

■>-\\ 

r^ 

4. 

(■^ 

\ 

5^ 

V 

4f, 

a^ 

— 

i 

■^ 

l_ 

^ 

7— 



_ 

^ 

Fig.  3.— ImmenioD  M  IS*-©  of  0-63 
gTftmme  of  irj  cottan. 
(a)  In  irat«r. 
(t)  Id  utiirkted  air. 


Fig.  4. — Immersion  of  0-53  gran 
dr;  oolton  in  laturated  a 
(<•)  At  26'-0^ 
lb)  At  18°-0. 
(e)  Atiro. 
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The  temperature  curve  of  Experiment  8  is  shown  in  fig.  3b,  where 
the  companion  curve  (a)  represents  a  water  immersion  experiment 
under  otherwise  similar  conditions. 

In  fig.  4,  the  temperature  curves  are  shown  as  obtained  by 
immersing  the  dry  cotton  in  air  saturated  at  (a)  25°,  (b)  18",  (c)  12%  so 
as  to  test  the  effect  of  the  greater  vapour  pressure.  The  following  table 
summarises  these  additional  tests. 

Table  IV. — Experiments  Supplementary  to  Series  IV,  and  with  same 

Apparatus. 

Experiment  3  of   Series  IV  included  for  comparison.      No  previous 

moisture. 


Immeraion. 


Bath 
temp. 


Water 

Saturated  air 

»j 
>> 


18  0 
25-0 
18-0 
12-0 


r. 

9- 

t. 

9. 

m. 

3-5 

8-90 

66 

0  78 

4-8 

10-40 

65 

J  -30 

69-2 

5-5 

8-90 

65 

1-39 

65  0 

6-9 

6-90 

65 

1-47 

55-4 

Table  V. — Summary  of  Series  V. 

0*90  gramme  of  cotton  covering  thermometer  D.  Saturated  air 
immersion  with  improved  arrangements.  Bath  temperature  25''*0. 
T  =  about  5^  minutes.  No  previous  moisture.  For  S  and  m  curves, 
see  fig.  5. 


Order  of 

1 

m 

experiment. 

1     f- 

1 

t. 

•. 

A. 

12-8 

m. 

(oalcd.). 

7 

Not  reached 

2-85 

10  07 

15-7 

14-5 

10 

12-8 

5-35 

12-8 

48-8 

28-5 

26-8 

2 

1    12-8 

6-6 

12-8 

51  0 

27-4 

27-3 

3 

1    12  -62 

10 

10-95 

104-5 

89-3 

89-3 

16 

12  -62 

10 

11-25 

108-6 

39-4 

39-3 

4 

12-50 

18 

7-60 

177-4 

53-0 

54-5 

5 

12-68 

18 

7-67 

178-9 

58-8 

54-8 

12 

13-00 

18 

7-77 

183-4 

55-7 

56-2 

1 

12-68 

30 

4-78 

268-0 

72-6 

71-0 

6 

'    12  -58 

30 

4-44 

245-5 

68-5 

68-7 

15 

12-68 

30 

4-70 

252-4 

68-8 

70-8 

8 

12-63 

45 

2-95 

800-0 

80-9 

81-3 

9 

12-58 

60 

2-18 

889-4 

90-2 

90-6 

11 

12*80 

80    I 

1-74 

382-5 

103-8 

101-4 

18 

12-80 

80    1 

1-68 

882  0 

108-7 

101-2 

14 

12-80 

80    1 

1-82 

898-1 

101-7 

104-2 

17 

12-54 

120 

112 

425-8 

114-7 

112-0 

18 

12-80 

180    i 

0-85 

508-8 

180-8 

133-2 

10 

13  00 

860 

0-40 

608-8 

159  8 

158-7 

20 

12  -72 

720 

0-22 

723-8 

187-9 

188-8 
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Table  III.— Summary  of  Series  IV. 
0'53   gramme  of    cotton  covering   thermometer   C.     Saturated    air 
immersion,  with  better  arrangements  than  in  Series  III.      Bath 
6  18°*0.     r  =  about  fij  minutes. 


Order  of 

A.. 

'' 

... 

(clcd.). 

0 

7-98 

11 '8 

12-2 

11-8 

0 

8-86 

ff 

fi-86 

«-2 

19-9 

18-9 

0 

8-76 

16 

6*a 

lOB-7 

33-3 

38-8 

0 

18 

8 -IB 

117  S 

867 

86-6 

0 

8-78 

80 

8-30 

180-6 

48-7 

48-4 

0 

8-95 

3S 

2-70 

197-0 

61-3 

51-9 

0 

60 

1-83 

226  •« 

67-5 

68-4 

0 

8-90 

85 

1-39 

lt62-4 

650 

64-5 

18  S 

6-98 

8 

16-4 

Ba 

6-90 

13-5 

61 

88-3 

8-38 

9-2 

4a 

51-3 

1-73 

« 

5-3 

3a 

65-0 

100 

6 

f 

_ 

3  8 

.« 

'S^ 

fxX 

..fV^. 

v^ 

^  S^ 

i       X^^ 

^-^^   ^- 

tt^'      '"    "~ 

*-H 

-^^            ^ 

ein\              '>?■•■ 

t         %^ 

t         ^^^ 

^t            ^^k^ 

t                  '^^S^ 

■ 

Fig.  3.— ImmBreion  Kt  18°-0   of  0-53 
gramma  of  drj  cotton. 
(a)  In  water, 
(i)  In  »atui»Ied  air. 


4. — Immenio 
drycoltoni 

n  of  053  gramme  of 
QWHurated  air. 

(«)  At  26'-0. 
(4)  At  18°0. 
(c)  Atl2°-0. 

1904] 


Cotton  hy  Water  and  by  Water  Vapour, 


241 


The  temperature  curve  of  Expenment  8  is  shown  in  fig.  3^,  where 
the  companion  curve  (a)  represents  a  water  immersion  experiment 
under  otherwise  similar  conditions. 

In  fig.  4,  the  temperature  curves  are  shown  as  obtained  by 
immersing  the  dry  cotton  in  air  saturated  at  (a)  25°,  (b)  18*",  (c)  12%  so 
as  to  test  the  effect  of  the  greater  va|X)ur  pressure.  The  following  table 
summarises  these  additional  tests. 

Table  IV. — Experiments  Supplementary  to  Series  IV,  and  with  same 

Apparatus. 

Experiment  3  of   Series  IV  included  for  comparison.      No  previous 

moisture. 


Immersion. 

Bath 
temp. 

r. 

9' 

t. 

9, 

m. 

Water 

18  0 
25  0 
18-0 
12-0 

8-5 
4-3 
5-5 
6-9 

8-90 

10-40 

8-90 

6-90 

66 
65 
65 
66 

0-78 
1  -30 
1-39 
1-47 

69-2 
65  0 
55-4 

Saturated  air 

n            

Table  V. — Summary  of  Series  V. 

0*90  gramme  of  cotton  covering  thermometer  D.  Saturated  air 
immersion  with  improved  arrangements.  Bath  temperature  25*" *0. 
T  =  about  5 J  minutes.  No  previous  moisture.  For  S  and  m  curves, 
see  fig.  5. 


Order  of 
experiment. 


t. 


A. 


7 

Not  reached 

2-85 

10  07 

10 

12-8 

5-36 

12-8 

2 

12-8 

6-6 

12-8 

3 

12-62 

10 

10-96 

16 

12  -62 

10 

11-25 

4 

12-50 

18 

7-60 

6 

12*68 

18 

7-67 

12 

13-00 

18 

7-77 

1 

12-68 

30 

4-73 

6 

12-58 

30 

4-44 

15 

12-68 

30 

4-70 

8 

12-63 

45 

2-96 

9 

12-58 

60 

2  18 

11 

12*80 

80        1 

1-74 

13 

12-80 

80 

1-68 

14 

12-80 

80 

1-82 

17 

12-64 

ISO 

112 

18 

12-80 

180 

0-85 

10 

13-00 

860 

0-40 

20 

12-72 

720 

0-22 

12-8 
48-8 
61-0 
104-6 
103-6 
177-4 
178-9 
183-4 
263-0 
245-6 
252-4 
300-0 
389 
382 
882 
898 
426-8 
508-8 
608-8 
723-8 


•4 
•6 
•0 
•1 


m 

m. 

(oalcd.). 

15-7 

14-5 

28-6 

26-8 

27-4 

27-3 

89-3 

39-3 

39-4 

39-3 

63-0 

54-5 

53-8 

64-8 

55-7 

56-2 

72-6 

71-0 

68-5 

68-7 

68-8 

70-8 

80-9 

81-3 

90-2 

90-6 

103-8 

101-4 

103-7 

101-2 

101-7 

104-2 

114-7 

112-0 

180-8 

183-2 

169  8 

158-7 

187  -9 

18S-8 
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The  Temperature  Curve. 

In  all  the  experiments  this  curve  is  obviously  of  such  a  form  that, 
for  any  given  value  of  B^  there  are  two  /values,  say  ti  on  the  ascending 
slope,  and  ^  on  the  descending  slope ;  and  when  6  has  its  maximum 
value  (=  4>)ti  =  t2  (=  t). 

Inspection  of  any  of  the  curves  representing  experiments  in  which 
previously  dry  cotton  was  immersed,  either  in  water  or  in  saturated 
air,  brings  out  two  relations  which  hold  good  with  approximate 
accuracy.  The  first  is  that  the  two  times  for  any  given  6  vary  inversely 
as  one  another,  or 

tik-a    (I), 

a  being  necessarily  equal  to  r^. 

The  second  is  that  6  varies  inversely  as  the  sum  of  its  two  times, 
or 

e{ti+t,)  =  b (II), 

and  the  value  of  b  is  necessarily  2r<f>, 

Selecting  Experiment  20  of  Series  V  to  illustrate  these  rules,  we 
find  that  a  does  not  vary  more  than  about  2  per  cent,  on  either  side  of 
the  value  30*8,  and  that  6,  which  is  141 '2  when  d  is  at  its  maximum, 
rises  as  6  falls  to  about  152  and  then  falls  again  towards  its  original 
value.  Similar,  and  sometimes  greater,  deviations  from  constancy  are 
shown  in  all  the  experiments. 

Equations  (I)  and  (II)  can  evidently  be  combined  to  give  one  which 
approximately  characterises  the  whole  curve,  viz. : 

e{t  +  a/t)  =  b     (Ill), 

where  t  is  any  time,  0  has  the  corresponding  value,  and  a  and  b  must 
have  the  values  already  assigned  to  them,  viz.,  a  =  t^  and  b  —  2r<f>, 
It  follows  that  the  whole  course  of  any  such  curve  is  definable  in  terms 
of  the  special  values  assumed  by  r  and  <f>.  In  other  words,  a  "  law  of 
corresponding  states  "  is  arrived  at,  which  may  be  most  simply  expressed 
by  giving  to  Equation  (III)  the  form  20l<f>  =  //t  +  t//,  or  may  be  put  in 
words  as  follows  : — 

The  temperature  curves  for  all  experiments,  whatever  the  conditions, 
should  be  superimposable  if  in  each  case  the  6  values  are  expressed  as 
fractions  of  <f>  and  the  i  values  as  fractions  of  r. 

This  suggests  a  method  for  comparing  the  ciu-ves  for  water  immer- 
sion and  saturated  air  immersion  more  exactly  than  can  be  done  by 
mere  inspection.  The  results  are  shown  in  Tables  VI  and  VII.  In 
each  of  these  the  fourth  column  contains  the  same  selected  values  of 
0/^,  and  the  first  column  contains  the  corresponding  actual  values  of 
^.    The  5giiTe8  in  the  second  and  third  columns  respectively  show  the 
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times  at  which  these  6  values  are  obtained  on  the  ascending  and 
descending  slopes  of  the  curre,  and  the  fifth  and  sixth  columns  show 
the  corresponding  values  of  i/r.  All  the  6  and  t  values  may  be  taken 
as  experimental  numbers,  having  been  found  by  careful  interpolation 
from  the  recorded  readings.  ^  is  the  result  of  actual  observation ;  but 
r  is  from  its  natiu'e  not  sharply  defined,  for  the  temperature  always 
remains  sensibly  constant  at  its  highest  point  for  a  considerable  fraction 
of  a  minute.  The  values  of  t  used  in  the  tables,  and  shown  at  the 
head  of  the  second  and  third  columns,  were  therefore  obtained  by 
plotting  the  arithmetic  means  of  ^i  and  tj  for  0  values  in  the  immediate 
neighbourhood  of  <f>  and  then  slightly  extrapolating  the  cuitc  so  formed. 
No  appreciable  error  is  introduced  by  treating  this  short  portion  of  the 
ciu've  as  a  straight  line,  though  in  fact  it  is  part  of  a  rectangular 
h3rperbola.  Practically  the  same  r  value  is  obtained  by  assuming  that 
it  is  the  geometric  mean  of  the  ti  and  to  of  any  closely  contiguous 
6  value.  The  t  so  found  is  of  course  well  within  the  limits  prescribed 
by  actual  observation. 

For  the  comparison  of  saturated  air  immersion  with  water  immersion, 
the  figures  in  the  fifth  and  sixth  columns  of  Table  YI  should  be  read 
together  with  the  corresponding  figures  of  Table  VII.  The  differences 
are  such  as  would  be  accounted  for  by  comparatively  small  experi- 
mental error,  and  are  indeed  not  greater  than  might  occur  in  a  similar 
comparison  of  two  saturated  air  tests.  The  results  point  therefore 
to  the  identity  of  the  effects,  and  so  of  the  causes  at  work,  in  the 
two  cases. 

For  a  comparison  of  either  case  with  the  resiilts  indicated  by  the 
Equation  (III),  the  figures  in  the  last  foiu*  columns  of  Tables  «VI 
and  VII  may  be  read  with  the  calculated  values  shown  in  Table  VIII. 
It  is  evident  that  there  are  greater  differences  between  the  calculated 
and  found  values  than  between  the  found  values  of  saturated  air  and 
of  water  immersion,  and  that  the  tendency  in  both  cases  is  for  the 
smaller  t/r  to  be  in  practice  a  little  too  small,  and  the  larger  //r  to  be  a 
little  too  large  for  the  theory,  while  their  product  still  remains  of 
practically  unit  value,  as  indicated  by  the  equation.  Such  differences 
are  somewhat  more  strongly  marked  when  the  experiments  at  the 
lower  bath  temperature  (18°)  are  studied  in  the  same  way ;  but  here, 
again,  the  close  similarity  between  the  water  and  saturated  air  testsfis 
conspicuous.  Whether  the  agreement  between  the  equation  values 
and  those  of  the  experiments  would  be  improved  by  elimination  of 
such  errors  as  may  arise  from  the  short  initial  exposure  of  the  cotton 
to  outside  air,  from  the  lag  of  the  thermometer,  or  from  other  causes 
(some  of  which  may  work  in  opposite  directions),  it  is  impossible  to 
say  without  further  data. 
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Deseriptum  of  Fi^,  6.— CarYes  showing  behaTiour  of  0*00  gramme  of  cotton 
originallj  drj.    Bath  temperature,  25^*0  in  all  cases.   (See  Tables  V,  YI  and  YII.) 

A.  Absorption  curre  in  saturated  air  bath  up  to  12  hours.    Moisture  absorbed 

(in)  in  milligrammes. 

B.  Temperature  ourre  corresponding  to  A. 

C.  The  early  part  of  curre  B  on  an  enlarged  time  scale. 

D.  Temperature  curre  obtained  bj  immersion  in  water  {  otherwise  same  as  C. 


Table  VI. 
Saturated  air  immersion  at  25%     0*90  gramme  of  cotton. 
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Table  VII. 
Water  immersion  at  25\     0*90  gramme  of  cotton. 
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Values  Calculated  from  the  Equation  0(f+-\  =  b. 
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One  characteristic  feature  of  the  temperature  curve  in  every  case, 
and  well  shown  in  fig.  5,  B,  is  the  rapid  approximation  of  the  cooling 
portion  to  the  form  of  a  rectangular  hyperbola.  This  is  indeed 
indicated  by  Equation  (III),  since,  when  t  is  large  enough  aft  is 
practically  negligible,  and  6t  =  b.  The  temperature  of  the  cotton, 
therefore,  cannot  in  any  finite  time  return  absolutely  to  that  of  its 
environment.  This  points,  also,  to  there  being  no  finite  limit  to  the 
vapour  absorption  process  which  is  the  cause  of  the  heat  supply — a 
result  which  will  be  discussed  later.  Meantime,  it  may  be  noted  that 
both  the  temperature  effect  and  the  progress  of  absorption  are  still 
distinctly  manifest  after  12  hours,  and  could  certainly  be  followed  for 
days  if  necessary. 

The  temperature  curves  showing  the  effects  of  previous  moisture 
(figs.  1  and  2)  may  evidently  be  regarded,  in  respect  to  their  dovni 
dopes,  as  representative  of  later  portions  of  the  dry  curve,  for  they 
could  take  their  origin  from  such  times  as  would  account  for  the 
absorption  of  so  much  previous  moisture  in  the  same  environment. 
Thus  the  curves  6,  c,  d  (fig.  2)  would  start  at  6,  15,  and  64  minutes 
respectively.  Even  then,  however,  the  new  curve  would  at  its  highest 
point  fall  below  the  original  one,  and  the  two  would  never  really 
coincide  afterwards.  Thus  a  permanent  interference  with  the  normal 
course  of  the  temperature  is  caused  by  interrupting  the  absorption 
process,  and  again  resuming  it  after  the  cotton  has  cooled  in  its  closed 
tube,  and  this  must  naturally  react  to  some  extent  on  the  subsequent 
absorption  rate. 

The  Absorption  Curve. 

The  best  and  most  numerous  m  data  are  those  for  Series  Y 
(Table   Y),   and  the  curve   for   these   is  shown  in   fig.  5,  A.      In 


^tting  it,  the  mean  m  value  has  been  used  in  cases  where  there 
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was  more  than  one  determination.  The  curves  for  earlier  series  are 
similar,  as  far  as  they  go.  The  absorption  occurs  rapidly  at  first,  and 
proceeds  with  diminishing  velocity,  but  the  evidence  does  not  point  to 
even  practical  finality  being  reached  for  many  days,  and  there  is  no 
theoretical  limit  to  the  process.  Like  the  6  curve,  that  for  dmjdt 
would  evidently  show  an  asymptotic  approach  to  the  /  axis.  For 
comparison,  the  complete  6  curve  for  the  12-hour  experiment  of  the 
series  is  shown  on  the  same  plate  (B)  as  the  m  curve  (A).  It  is  very 
evident  that  the  moment  of  maximum  temperature  marks  but  a  small 
advance  in  the  progress  of  absorption,  and  that  the  heating  effect  of 
the  latter  must  be  continuous  throughout,  and  would  continuously  raise 
the  temperature  if  not  counteracted. 

Eelaiion  of  the  Temperature^  Time,  and  Absorption  Values, 

The  net  rate  of  gain  or  loss  of  heat  by  the  covered  thermometer  at  any 
moment  must  depend  upon  both  the  rate  at  which  it  is  receiving  heat 
from  the  vapour  condensation,  and  the  rate  at  which  it  is  losing  heat 
by  radiation,  convection,  and  conduction.  If  it  be  assimied  (1)  that 
the  heat  received  is  directly  proportional  to  the  weight  of  moisture 
condensed,  (2)  that  the  rate  of  loss  of  heat  due  to  the  above  causes 
is  directly  proportional  to  the  difference  of  temperature  between  the 
thermometer  and  its  environment  (assumptions  which  the  results  will 
justify  later),  it  follows  that 

dm/dt  =  ce-{-kde/dt    (FV), 

where  m,  t,  and  6  have  the  same  significance  as  before ;  c  is  the 
normal  heat  loss  by  the  covered  thermometer,  due  to  radiation,  etc., 
per  unit  6  per  minute ;  k  is  the  heat  capacity  of  the  same,  i.e.,  of  the 
cotton  and  that  part  of  the  thermometer  which  is  directly  affected; 
and  the  unit  of  heat  adopted  is  that  quantity  which  is  rendered 
available  by  the  absorption  of  1  milligramme  (unit  m)  of  moisture  by 
the  cotton. 

From  Equation  (IV)  it  follows  by  integration  that  m  =^  c\  6dt  +  k6f 

Jo 
or  for  brevity, 

m  =  cA  +  k6   (V), 

a  result  which  is  manifest  when  it  is  considered  that  the  total  heat 
received  by  absorption  from  the  beginning  of  any  experiment  up  to 
any  stated  time  is  represented  in  part  by  the  total  heat  lost  within  that 
time,  and  in  part  by  the  amount  still  retained  by  the  covered  ther. 
mometer  in  excess  of  its  original  heat  contents,  and  also  that  the  total 
heat  lost  is  proportional  to  the  average  0  and  the  whole  time,  the 
product  of  which  is  A. 

It  is  evident  that,  while  c  is  a  constant  (by  hypothesiB)  throu^ho^ 
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any  series  of  tests  performed  under  similar  conditions,  h  is  from  the 
very  nature  of  the  case  a  variable ;  for  it  must  increase  gradually  in 
proportion  to  the  vapour  absorbed.  As  a  fact,  however,  it  will  be 
shown  that  the  error  arising  from  a  neglect  of  this  increase  of  k  in  the 
application  of  Equation  (Y)  is  negligible,  provided  that  its  value  near 
the  beginning  of  the  experiment  be  fairly  correctly  estimated ;  for  it  is 
only  at  this  end  that  kB  is  at  all  large  in  comparison  with  rA,  and  by 
the  time  that  k  has  undergone  any  noteworthy  increase  kO  itself  may 
be  regarded  as  a  mere  correction. 

The  values  of  c  and  k  may  be  deduced  from  the  experiments  them- 
selves in  the  following  manner: — In  the  first  place,  since  at  the 
turning  point  (when  6  =  <!>  and  /  =  t)  dO/dt  =  0,  it  follows  from 
Equation  (lY)  that  here  cO  =  dm/di.  This  value  of  dm/dt  can  easily 
be  got  with  fair  accuracy  by  measuring  the  slope  of  the  m  curve  at 
the  time  r :  hence,  c  is  approximately  determined.  But  a  more  exact 
valne  can  be  obtained  by  measuring  A  for  a  long  experiment  in  which 
0  has  become  a  mere  fraction  of  l""  and  A  is  very  large,  so  that  kd 
may  be  fairly  neglected  in  Equation  (V).  The  value  of  c  being  fixed, 
that  of  k  (taken  as  constant)  follows  by  applying  this  equation  to 
experiments  of  short  duration.  The  following  case  serves  for  illustra- 
tion : — The  m  curve  for  Series  V,  in  which  t  =  5*55  and  <f>  =  12*72, 
gave   about   3'1    as   the   value   of  dm/df  at  5  55    minutes ;    hence, 

3*1 
c  ^  jn?j  =  0*25  approximately.     Experiment  20  of  the  series  showed 

m  *=  187-9  in  720  minutes,  when  6  was  only  0*22  and  A  was  723*3  ; 

187*9 
hence  c  =  kqq.q  =  260.     This  last  value  was  found  to  give  very 

consistent  results  in  the  other  experiments  if  k  were  taken  as  having 

the  value  I'l.     The  figures  in  the  column  headed  m  (calcd.)  in  Table  V 

were  got  from  these  values  of  c  and  k.    In  the  case  of  Series  IV 

(Table  III),  where  a  different  thermometer  and  less  cotton  were  used, 

and  where  the  atmosphere  of  the  bath  (saturated  at  18°  instead  of  25") 

was  less  moist,  slightly  different  figures  were  required,  viz.,  c  =  0*25 

and*  «  1-0 

If  the  0  curve  were  rigorously  defined  by  Equation  (III),  it  would 

b        t^  +  a       ,  .  bt 

follow  that  A  =   Q  loge — - —  and  6  =  j2~r7,9  ®o  ^^*^  ^*  could  be  calcu- 

lated  from  the  time  by  the  equation 

m=^log,f±.%^j^, 

which  involves  the  three  constants,  a  (  =  t*  of  the  6  curve),  ^be,  and 
i&.  As  a  matter  of  fact,  a  very  fair  approximation  to  the  actual 
m  values  may  be  got  in  this  way,  though  the  agreement  is  not  quite 
lo  good  as  when  tiie  measured  A  and  6  are  used,  in  which  latter 
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case  also  the  calculation  is  independent  of    any  purely  empirical 
formula. 

The  Influence  of  the  Bath  Temperature, 

The  only  experiments  designed  to  test  this  question  were  those 
summarised  in  Table  IV  and  illustrated  in  fig.  4.  The  B  cunres 
are  there  seen  to  cross  one  another  on  the  down  slope  in  such  a 
way  as  to  suggest  that  the  rates  of  absorption,  originally  higher  at 
the  higher  bath  temperature,  reverse  their  order  of  magnitude  not 
long  after  passing  the  maximum  6,  This  conclusion  would  necessarily 
follow  from  Equation  (IV)  if  c  were  a  constant  for  the  three  experi- 
ments at  12",  18%  and  25",  for  then  c6  must  be  equal  for  any  pair 
at  the  moment  of  crossing,  and  kddjdt  is  manifestly  of  larger  negative 
value  there  for  the  curve  belonging  to  the  higher  bath  temperature. 
But  c,  though  essentially  a  constant  unaffected  by  temperature,  is 
known  to  be  susceptible  to  change  if  the  amount  of  water  vapour 
in  the  air  be  altered,  as  is  the  case  in  passing  from  an  experiment  at 
one  bath  temperature  to  one  at  another,  and,  as  a  matter  of  fact, 
measurement  of  the  areas  of  the  0  curves  for  12",  18",  and  25",  and 
comparison  of  them  with  the  actual  m  values  at  65  minutes,  show 
that  c  must  be  given  the  approximate  values  0*22,  0*25,  and  0*27 
respectively.  And  when  this  diflteronce  is  allowed  for,  it  appears 
that  the  rates  of  absorption  in  the  three  experiments  originally 
different  approach  the  same  value,  but  do  not  reverse  their  order. 
For  a  proper  investigation  of  this  question  complete  series  of  experi- 
ments would  be  required  at  different  bath  temperatures,  all  other 
conditions  being  the  same. 

Magnitude  of  the  Heat  Development. 

In  the  preceding  tables  there  is  sufficiently  good  agreement  between 
the  found  and  calculated  values  of  m  to  justify  the  statement  that 
the  two  assumptions  on  which  the  calculation  is  based  are  sub- 
stantially correct.  It  is  tolerably  certain  that  neither  of  them  is 
rigorously  true,  but  it  may  be  taken  as  proved  that  the  heat  liberated 
during  the  immersion  of  cotton  is,  for  practical  purposes,  directly 
proportional  to  the  weight  of  moisture  absorbed.  This  does  not 
necessarily  mean  that  there  is  nothing  else  to  be  considered  than  the 
simple  heat  of  liquefaction.  It  may  be  so,  but  the  condensation  of 
vapour  may  be  supplemented  by  some  other  process,  either  exothermic 
or  endothermie.  The  experimental  method  that  has  been  employed 
cannot  properly  test  the  question  thus  raised,  but  the  following 
rough  calculation  shows  that  there  can  be  no  very  large  difference 
between  the  heat  of  liquefaction  and  the  heat  of  absorption  by 
cotton : — 
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In  Series  Y  it  was  found  that  jr  »  1*1  in  the  neighbourhood  of  the 
mayimum  temperature.    Therefore,  from  the  definition  of  h  the  heat 

capacity  of  the  instrument  used  »  Tlx,  the  heat  liberated  per  milli- 
gramme of  water  absorbed.  A  measurement  of  the  volume  of  the 
bulb  and  also  of  known  lengths  of  the  stem  of  the  thermometer  was 
made  by  weighing  it  suspended  in  water  before  it  was  covered  with 
cotton,  and  the  total  volume  of  glass  and  mercury  subsequently 
covered  was  calculated  from  these  data  to  be  0*60  c.c.  If  the  volume 
heats  of  glass  and  mercury  be  both  taken  as  0*45  cal.  per  cc,  which 
is  not  far  from  true,  the  heat  capacity  of  that  part  of  the  thermometer 
which  was  directly  affected  was  0*27.  The  specific  heat  of  cellulose  is, 
lUKK>rding  to  Fleury,*  0*366,  and  as  the  cotton  used  weighed  very  nearly 
0*900  gramme,  the  total  heat  capacity  of  the  dry  instrument  may  be 
■taken  as  0*27  +  0*33  «  0*60  caL  The  addition  for  moisture  already 
absorbed  at  the  maximum  temperature  is  about  0*03  cal.    Hence,  the 

heat  evolved  per  milligramme  of  vapour  absorbed  is  -^i^  =  0*57  cal. 

This  is  practically  equal  to  the  heat  liberated  (0*576  cal.)  when  a 
milligramme  of  vapour  at  25*"  condenses  to  form  liquid  water  at  37**7, 
which  were  the  experimental  conditions.  But  the  uncertainties 
involved  in  the  above  calculation  forbid  any  further  conclusion  than 
that  already  given,  viz.,  that  the  heat  of  absorption  by  cotton  is 
composed  mainly  of  the  heat  of  liquefaction  of  water.t 

Summary  and  Discussion  of  BesuUs, 

In  the  preceding  pages  it  has  been  shown  (1)  that  the  conspicuous 
rise  of  temperature  which  cotton  undergoes  when  immersed  in  water 
and  its  subsequent  slow  fall  follow  the  same  course  as  the  similar 
change  which  results  from  its  exposure  to  air  satiu*ated  with  water 
vapour,  and  that  both  are  affected  in  the  same  way  by  pre\aous 
moisture  and  other  conditions ;  (2)  that  in  the  latter  case  the  heating 
is  the  direct  result  of  the  absorption  of  the  vapour  by  the  cotton,  and 
that  the  two  processes  can  be  quantitatively  connected ;  (3)  that  both 
absorption  and  heat  production  continue  appreciably  for  many  hours, 
though  the  rise  of  temperature  is  soon  succeeded  by  a  fall  because  the 
heating  effect  is  counteracted  by  radiation,  etc.,  and  that  the  evidence 
points  to  no  definite  limit  to  the  absorption  process;  (4)  that  the 
heat  produced  by  the  absorption  is  of  about  the  same  magnitude  as 
the  heat  of  liquefaction  of  the  same  quantity  of  water,  but  may  be, 
in  fact,  either  rather  more  or  rather  less ;  (5)  that  in  the  case  of 
immersion  in  water,   though  the  absorption  of  vapour  cannot  be 

•  '  Chem.  Soc.  Abetr.,'  1900,  toI.  2,  p.  188. 

t  The  phenomena  eyidently  have  their  origin  in  a  difference  of  physical 
MMaiUea,  which  implies  «oifi#  difference  between  their  heats. 
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observed,  it  must  certainly  occur,  and  that  the  air  which  adheres  to 
each  fibre  and  fills  all  interstices  maintains  that  separation  of  water 
and  cotton  surfaces  which  is  necessary  for  distillation  to  occur  from 
one  to  the  other. 

Two  questions  remain  to  be  discussed,  viz.,  the  probable  fate  of  the 
vapour  after  it  has  been  condensed  on  the  surface  of  the  cotton,  and 
the  bearing  of  the  conclusions  here  arrived  at  on  the  nature  of  the 
Pouillet  effect  in  general. 

As  to  the  first  question  there  seem  to  be  three  possible  views.  One 
of  these — the  view  that  it  becomes  chemically  combined  to  form 
definite  hydrates  of  cellulose — may  be  quickly  dismissed,  as  there  are 
no  facts  to  support  it  and  as  the  evidence  points  to  the  absence  of  any 
definite  limit  to  the  action.  The  ease  with  which  the  action  is  reversed 
(for  the  cotton  parts  with  practically  all  its  moisture  if  kept  for  a  day 
at  the  ordinary  temperature  over  sulphuric  acid)  is  not  by  itself 
evidence  against  the  chemical  theory,  but  it  may  be  mentioned  here. 
At  the  opposite  extreme  is  the  view  that  the  condensed  moisture  forms 
and  remains  as  a  liquid  film  on  the  surface  of  the  solid.  If  it  is  so,  the 
film  must  in  time  become  a  substantial  one,  as  the  following  calculation 
shows. 

The  average  diameter  of  cotton  fibres  varies,  according  to  the 
quality,  between  64  x  10~^  and  84  x  10"^  inch.*  The  mean  of  these 
may  be  taken  as  the  most  probable  average  diameter  in  the  present 
case,  viz.,  74  x  10~^  inch,  or  188  x  10~^  cm.  Actual  measurement  of  fibres 
under  the  microscope  led  to  practically  the  same  result  but  were  not 
numerous  enough  to  give  a  perfectly  trustworthy  average  value.  The 
density  of  cellulose  may  be  taken  as  1*525  (Clarke's  Specific  Gravity 
Table).  The  total  surface  of  any  given  weight  {w)  of  cotton  may  be 
calculated  on  the  assumption  that  the  fibres  are  uniform  cylinders  of 
such  length  that  the  ends  are  negligible,  in  which  case  the  area  is 
4t^/r525x  188  X  10"^  =  1395w;  sq.  cm.  If  m  grammes  of  water  be 
deposited  on  this  surface  as  a  film,  the  thickness  of  the  film  is 
m/1395w;  sq.  cm.  In  Experiment  20  of  Series  V  (Table  V)  w  was 
0*90  gramme  and  m  was  shown  to  have  attained  the  value  0*188  gramme 
at  the  end  of  12  hours.  In  this  case,  therefore,  the  thickness  of  the 
film  would  be  about  15  x  10"^  cm.  Now  Dr.  G.  J.  Parks t  concluded 
from  similar  calculations  that  in  all  such  cases  **  the  thickness  of  the 
surface  film  varies  from  10  x  10~^  to  80  x  10"^  cm.  according  to  the 
substances  used  and  the  conditions  of  temperature  and  pressure,  and  for 
the  water  film  on  glass  in  saturated  vapour  at  15°  0.  the  thickness  is 
about  13 "4  X  10~^  cm."  Hence  the  film  on  cotton  in  the  above  case 
was  considerably  outside  Dr.  Parks's  superior  limit,  and  it  had  by  no 

»  Thorpe's  *  Diet,  of  Techn.  Chem.,'  toI.  1,  p.  613. 

t  **  On  the  Thickness  of  the  Liquid  Film  formed  by  Condensation  at  the  Sox^aaa 
of  a  Solid,"  *  PhU.  Mag.,'  May,  1903,  p.  617. 
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means  attained  its  full  growth  and,  in  fact,  threatened  to  increase 
indefinitely. 

It  seems  probable,  therefore,  that  the  deposited  moisture  does  not  all 
remain  as  a  mechanically  adherent  film  on  the  surface  of  the  cotton ; 
and  the  third  hjrpothesis  may  be  suggested.  This  is,  that  it  imdergoes 
continuous  osmotic  diffusion  into  the  substance  of  the  fibre  and  forms 
with  it  what  may  be  regarded  as  a  solid  solution  of  cellulose  and  water. 
Such  a  solution  would  exercise  a  vapour  pressure  of  its  own  which 
would,  at  anjrthing  less  than  infinite  dilution,  be  smaller  than  that  of 
pure  water  at  the  same  temperature.  In  a  saturated  atmosphere  there- 
fore equilibrium  would  never  be  reached,  though  the  velocity  of  the 
absorption  process  would  decrease  continuously  as  the  solution  became 
more  dilute.     The  heat  developed  locally  by  the  action,  t.6.,  the  heat  due 

'  to  the  deposition  of  the  liquid  plus  or  minus  a  small  heat  of  solution, 
would  go  to  raise  the  temperature  of  the  cotton  above  that  of  the  neigh- 
bouring water  by  which  the  vapour  is  supplied,  and  would  thus  tend  to 
check  the  action  by  increasing  the  vapour  tension  of  the  solution ;  but  the 
natural  cooling  by  radiation,  etc.,  would  again  act  as  a  coimter-check.  If 
placed  in  an  atmosphere  containing  water  vapour  at  anything  less  than 
saturation  pressure  {e,g,,  in  the  open  air)  the  cotton  would,  in  time, 
reach  a  state  of  equilibrium  either  by  absorption  or  hy  evaporation, 
according  to  its  initial  condition,  and  it  would  part  with  all  its  water  if 
the  surrounding  atmosphere  were  maintained  in  a  perfectly  dry  state, 
slowly  or  quickly  according  to  the  temperature.  This  is  all  in  accord- 
ance with  the  ascertained  facts,  and  as  it  is  also  inherently  probable 
that  the  cotton  fibre  is  permeable  by  water,  the  hypothesis  appears  to 
be  justified. 

As  solids  in  general  have  the  power  of  condensing  vapours  on  their 
surface,  it  was  not  surprising  to  find  a  marked  heat  development  on 
immersing  cotton  wool  in  air  saturated  with  the  vapour  of  absolute 
alcohol,  gun-cotton  in  air  satiurated  with  water  vapour,  and  glass  wool 
in  the  same ;  but  the  effect  was  considerably  smaller  than  when  cotton 
wool  was  immersed  in  water  vapour  under  similar  conditions.  In  the 
case  of  glass  wool  the  temperature  curve  was  taken  and  weighings  were 
made  so  as  to  determine  the  amoimt  of  vapour  absorbed.  The  thermo- 
meter was  wrapped  as  closely  as  possible  with  the  material,  which  was 
secured  by  a  few  turns  of  fine  aluminium  wire,  and  the  other  arrange- 
ments were  the  same  as  in  Series  V.  The  glass  wool  weighed,  after 
drying,  1'22  gramme.  The  diameter  of  the  fibres  was  measured  under 
the  microscope  and  was  found  to  vary  from  about  0001 — 0  003  cm. 
It  would  have  been  necessary  to  make  a  large  number  of  measurements 
to  determine  an  accurate  mean  value,  but  0*0025  cm.  niav  be  taken  as 
near  the  mark;  and  this,  with  a  density  of  2*7,  would  make  the  total 
area  of  surface  about  720  sq.  cm.  or  about  0*57  of  the  area  exposed  by 

the  cotton  wool  oi  Series  V.     The  maximum  rise  was  1  '-94  and  2"''l  in 
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two  experiments,  and  this  was  reached  in  2  minutes,  as  nearly  as  possible. 
The  first  test  was  continued  for  40  minutes,  when  about  17  milli- 
grammes of  vapour  was  found  to  have  been  condensed ;  the  second 
was  stopped  at  5  minutes,  when  about  7  was  the  weight  found.  The 
temperature  curve  resembled  that  of  cotton  wool  in  a  general  way,  for 
it  rose  steeply  to  the  maximum  and  showed  a  slow  descent ;  but  its 
form  was  quite  different  in  this,  that  it  gave  not  even  a  rough 
approximation  to  those  rules  which  have  been  found  to  govern  the 
other  case.  This  fact  and  the  relatively  small  absorption  (allowance 
being  made  for  difference  of  surface  area)  are  just  what  might  be 
expected  from  the  presumably  impermeable  character  of  glass,  as 
here  probably  the  condensed  water  remains  as  a  mere  surface  film. 

According  to  the  views  already  put  forward  as  to  the  cause  of  the 
temperature  change  when  cotton  is  immersed  in  water  itself,  it  seemed 
probable  that  little  or  no  effect  of  the  kind  would  be  produced  by 
immersing  cotton  in  absolute  alcohol  or  glass  wool  in  water,  though  in 
both  cases  notable  effects  followed  immersion  in  the  bath  of  air 
saturated  with  vapour.  As  a  fact,  no  change  could  be  observed.  In 
the  case  of  glass  wool  and  water,  the  test  was  very  carefully  carried 
out,  and  there  was  not  the  least  sign  of  departure  from  the  initial 
temperature,  which  was  that  of  the^thermostat  surrounding  the  water. 
A  change  of  0°'02  could  hardly  have  escaped  notice.  Apparently, 
then,  the  effect  does  not  occur  when  the  liquid  is  capable  of  rapidly 
and  completely  wetting  the  solid,  and  thus  destroys  the  air  insulation. 
In  confirmation,  it  was  found  here,  as  in  the  case  of  "  absorbent " 
cotton  wool  already  described,  that  the  thermometer  when  lifted  from 
the  bath  carries  with  it  a  much  larger  weight  of  mechanically  adhering 
water  than  comes  away  with  a  wrapping  of  cotton  of  the  ordinary 
variety. 

There  is  not  the  least  doubt  that  the  thermal  effect  dealt  with 
in  this  paper  is  radically  different  from  that  investigated  by 
Dr.  G.  J.  Parks  by  the  use  of  precipitated  silica  and  of  glass  wool* 
and  attributed  by  him  to  a  pressure  at  the  surface  of  contact  of  solid 
and  liquid.  In  the  first  place,  the  Parks  effect  is  manifested  as  a 
general  rise  of  temperature  on  mixing  the  solid  and  water,  and  he 
detected  it  and  determined  its  value  by  employing  the  immersion  vessel 
as  a  calorimeter;  whereas  the  cotton  wool  effect  is  essentially  local 
and  would  be  altogether  prevented  by  any  mixing  process  efficient 
enough  to  make  complete  contact  between  the  solid  and  liquid.  In 
the  next  place.  Parks  took  the  maximum  temperature,  reached  in 
about  3  minutes,  as  indicative  of  the  completion  of  the  action,  while 
it  has  been  proved  in  the  other  case  that  the  action,  though  leading 
to  a  maximum  temperature  in  about  the  same  time,  has  then  but 
started  on  an  apparently  endless  career.     Finally  Parks  estimates  the 

•  '  FhiL  Mag./  August,  1902,  p.  240,  and  Blay,  190^,  i^.  &Vl . 
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value  (rf  Mb  beat  production  as  about  0-001  caL  per  sq.  cm.  of 
aurface  of  exposed  glass  or  silica,  wbereas  it  can  be  sbown  from  facts 
already  given  that  even  in  the  case  of  saturated  air  immersion,  about 
twelve  times  this  quantity  of  heat  is  not  generated  but  transferred  per 
square  centimetre  of  cotton  wool  in  the  first  few  minutes  when,  as  just 
stated, onlya  smallfraction  of  the  total  action  has  occurred.  As  the  P^rks 
eflbct  is  so  small  it  is  easy  to  understand  how  it  escaped  observation  in 
the  author's  experiment  with  glass  wool,  already  described,  where  the 
conditions  were  altogether  unfavourable,  having  been  arranged  with  a 
different  object ;  for  Parks  himself,  using  a  larger  quantity  of  material, 
which  he  gently  stirred  with  about  the  same  amount  of  water  as 
was  contained  in  the  author's  immersion  vessel,  obtained  a  rise  of 
only  O'-Ol. 

It  is  difficult  to  say  for  certain  whether  the  heating  effects  observed 
originally  by  Pouillet  were  due  to  the  phenomenon  investigated  by 
Parks  and  styled  by  him  "  the  Pouillet  effect,"  or  were  the  results  of 
action  similar  to  that  described  in  this  paper,  or  included  both.  But 
as  he  heaped  his  dry  solid  round  the  bulb  of  a  delicate  thermometer, 
and  was  careful  not  to  disturb  the  heap  by  stirring  it  after  adding  the 
liquid,  it  is  unlikely  that  true  contact  was  established  at  once  and 
Completely,  and  it  seems  reasonable  to  suppose  that  he  had  to  do  with 
local  heating  by  condensation  of  vapour.  The  still  more  striking,  but 
similar  observations  of  Martini*  are  probably  to  be  explained  in 
the  same  way  and  not,  as  he  suggests,  by  the  solidification  of  liquid 
water. 

In  conclusion,  it  may  be  pointed  out  that  the  hygroscopic  behaviour 
of  cellulose  and  the  thermal  changes  associated  with  it  have  a  practical 
importance  of  their  own  on  the  side  of  vegetable  physiology,  and 
perhaps  also  in  other  directions,  apart  from  any  interest  they  may  have 
on  purely  physical  grounds. 

•  •  PhiL  Mag.*  [6]  toL  47,  p.  829;  rol.  60,  p.  618;  [6]  toL  6,  p.  595. 


Enhanced  Lines  of  Titanium^  etc.,  in  Fraunho/eric  Spectrum,     25& 


"  Enhanced  Lines  of  Titanium,  Iron,  and  Chromium  in  the 
Fraunhoferic  Spectrum."  By  Sir  J.  Norman  Lockyer,  K.C.B., 
LL.D.,  F.E.S.,  and  F.  K  Baxandall,  A.E.C.S.  Received 
July  13,  1904. 

In  previous  publications  it  has  been  shown  that  the  enhanced  linea 
of  some  of  the  metals  are  prominent  in  the  spectra  of  a  Cygni*  and 
the  sun's  chromosphere t,  while  it  is  generally  recognised  that  the  lines 
in  the  Fraunhoferic  spectrum  are  mainly  the  equivalents  of  lines  in  the 
arc  spectra  of  metals.  In  connection  with  the  work  on  enhanced  lines, 
it  has  been  noted  that  some  of  them,  at  least,  appear  to  correspond 
with  comparatively  weak  solar  lines  to  which  Rowland  has  attached  no 
origin.  With  the  object  of  possibly  tracing  some  of  the  unorigined 
solar  lines  to  their  source,  a  careful  comparison  has  been  made  between 
the  enhanced  lines  shown  in  the  photographic  spark  spectra  of  titanium, 
iron,  and  chromium,  and  the  solar  lines.  The  photographs  used  for 
this  purpose  were  all  taken  with  a  Rowland  grating,  under  exactly 
similar  conditions,  and  on  such  a  scale  that  the  length  of  spectrum 
between  K  and  F  is  about  14  inches  (35  cms.).  The  chemical  elements 
named  were  first  selected  for  investigation  because  they  furnish  by  far 
the  greater  number  of  enhanced  lines  which  have  been  shown  to  occur 
in  the  spectrum  of  a  Cygni.  It  was  an  easy  matter,  owing  to  the 
many  solar  coincidences  with  lines  of  these  elements,  to  adjust  the 
compared  photographs  and  get  the  spectrum  lines  in  proper  alignment. 

It  was  found  that  many  of  the  enhanced  lines  fell  exactly  and 
squarely  on  isolated  lines  of  the  solar  spectrum,  and  in  these  cases  the 
solar  wave-lengths  were  adopted,  and  the  identification  .considered 
established.  If,  however,  for  any  of  these  solar  lines  Rowland  had 
given  alternative  origins,  special  comparisons  were  made  of  the 
enhanced  line  photograph  and  those  of  the  metals  given  by  Rowland. 
Notes  were  made  as  to  the  agreement  or  non-agreement  of  the 
metallic  lines  involved,  and  also  of  the  relative  intensities  in  their 
individual  spectra,  so  that  due  weights  could  be  given  to  the  respective 
metallic  lines  which  were  thought  to  conjointly  produce  compound 
solar  lines. 

Where  there  was  any  doubt  as  to  the  exact  coincidence  of  a  metallic 
and  sobir  line,  or  where  by  the  close  grouping  of  several  solar  lines  it 
was  not  possible  to  say  by  direct  comparison  to  which  solar  line  the 
metallic  line  corresponded,  careful  measures  were  made  of  the  metallic 
line,  and  its  wave-length  found  by  interpolation  between  closely 
adjacent  lines  of   known    wave-length.     The  resulting  wave-lengths 

*  *  Koy.  Soo.  Proc.,'  toI.  64,  p.  321. 
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were  then  compared  with  Bowland's  aolar  wave-lengthB,  and  in  cases  of 
doee  agreement  with  aolar  linea  it  was  deemed  probable  that  the  two 
lines  were  really  identicaL  In  this  connection,  however,  the  relative 
intensities  of  the  solar  and  enhanced  lines  were,  to  a  great  extent, 
taiken  into  account  in  judging  whether  a  solar  line  could  be  accepted 
as  the  analogue  of  a  metallic  line. 

The  three  elements  investigated  are  dealt  with  separately.  The 
tables  show  the  wave-lengths  of  the  enhanced  lines  as  reduced  from 
the  most  recent  and  best  photographs,  their  intensities  in  spark  and 
arc  spectra,  the  wave-lengths  of  Rowland's  solar  lines  to  which  they 
probably  correspond,  and  the  origins,  if  any,  to  which  Rowland  has 
attributed  such  solar  lines. 

The  wave-lengths  of  some  of  the  enhanced  lines  differ  in  the  second 
decimal  place  from  those  published*  previously  for  the  same  lines. 
More  weight  can  be  given  to  the  present  wave-lengths,  as  in  the 
photographs  from  which  they  have  been  reduced  the  lines  are  more 
sharply  defined  than  in  the  earlier  photographs  employed.  In  the 
case  of  chromium  a  much  more  extended  list  of  enhanced  lines  than 
the  previous  one  has  been  obtained. 

The  numbers  in  the  last  column  refer  to  the  notes  at  the  end  of  each 
table. 
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Titanium — continued. 
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1.  Ti  probably  true  origin. 

2.  Ti  probably  true  origin. 

3.  Ti  line  and  solar  line  exactly  coincident. 

4.  Solar  line  possibly  only  partially  due  to  Ti. 

5.  Solar  line  exactly  coincident  with  p  Ti  line. 
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line  is  probably  compounded  of  both. 

7.  Solar  line  doubtless  due  to  Ti. 

8.  Solar  line  doubtless  due  to  Ti. 
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Notes  on  p  Ti-Solar  Lines. 

(The  figures  at  the  head  of  each  note  refer  to  Rowland's  solar  lines.) 

[1.]  8900*68  (5),  Ti-Fe-Zr.— The  titanium  line  inToWed  in  the  soUr  line  is  one 
of  the  Terj  strongest  in  the  spark  speotram.  The  iron  line  is  onlj  a  weak  one,  and, 
in  the  light  of  other  adjacent  iron  lines  of  equal  intensity,  would  of  itself  only 
produce  a  solar  line  of  intensity  2  or  3.  In  a)>portioning  the  weights  to  the 
various  elements,  which  possibly  take  part  in  the  formation  of  the  solar  line, 
siroonium  can  be  almost  ignored.  There  are  many  far  stronger  lines  of  zirconium 
than  the  one  in  question  which  are  not  represented  in  the  sun  at  all.  It  would 
appear,  then,  that  the  eolar  line  3900*68  is  really  made  up  of  the  p  Ti  and  Fe  lines 
in  about  equal  proportions. 

[2.]  3913*61  (6),  Ti.Fe.—It  is  very  doubtful  whether  Fe  takes  any  part  in  the 
production  of  this  volar  line.  Inhere  is  no  such  iron  line  recorded  by  either  Eayser 
and  Ruiige  or  Exner  and  Haschek,  and  there  is  no  trace  of  a  line  in  any  of  the 
Kensington  photographs.  The  titanium  line  is  a  very  prominent  one  in  the  spark 
spectrum,  and  quite  capable  of  producing  the  solar  line  of  itself. 

[8.]  4053*98  (8),  Fe-Ti.— The  iron  line  is  an  extremely  faint  one,  while  the 
titanium  line  is  well  marked.  The  solar  line  is  probably  a  composite  one,  but 
more  attributable  to  titanium  than  iron. 

[4.]  4()55'19  (8),  Ti-Fe.— The  iron  and  titanium  lines  are  coincident,  and 
about  equally  strong.     Solar  line  probably  due  to  both. 

[5.]  4163*82  (4),  Ti-Cr.— Both  the  titanium  and  chromium  lines  are  well 
marked  in  their  respective  spectra.  The  former  ^eems  to  be  slightly  less  refrangible 
than  the  other.  The  solar  line  is  probably  a  very  close  double,  and  due  to  both 
Ti  and  Cr. 

[6.]  417207  (2),  Ti-Fe.— The  iron  lino  is  extremely  weak,  while  the  p  Ti  line 
is  one  of  the  strongest  in  the  spectrum.   The  solar  line  is  probably  due  cliiefly  to  Ti. 

[7.]  4173*71  (1) ;  no  origin  by  Rowland. — The  mean  result  of  two  measure- 
ments of  this  enhanced  titanium  line  gires  A  4173*71.  Its  identity  with  the  solar 
line  is  therefore  well  established. 

[8.]  4184*47  (2);  no  origin  by  Rowland. — The  published  wave-length  of  this 
enhanced  titanium  line  was  4184*40.  A  re-estimation  from  a  later  grating 
photograph  gives  as  a  resulting  wave-length  4184*49.  There  is  little  doubt  of 
its  identity  with  the  solar  line  4184*47. 

[9.]  4380*87  (2),  Ti-Ni. — The  nickel  line  is  an  exceedingly  weak  one,  and  it  is 
doubtful  whether  tl>e  solar  line  is  partially  produced  by  it.  Rowland,  in  a  foot- 
note in  his  'Tables  of  Solar  Wave- Lengths,'  says:  "  This  is  a  weak,  hazy,  nickel 
line.     It  is  on  the  red  edge  of  the  solar  line,  and  the  Ti  line  is  nearer  the  centre." 

[10.]  4374*98  (0),  Zr. — The  published  wave-length  of  the  enhanced  titanium 
line  WHS  4374*90.  A  re-estimation  from  a  better  photograph  gives  4374*90.  It  is 
probably  identical  with  the  weak  solar  line  4374*98,  which  Rowland  ascribes  to  Zr. 

[11.]  4399*94  (3),  Ti-Cr. — ^The  chromium  line,  although  apparently  coincident 
with  the  titanium  and  solar  lines,  is  a  very  weak  one.  On  the  other  hand,  the 
titanium  line  is  quite  well  marked.  The  solar  line  is  therefore  probably  due 
chiefly  to  titanium. 

[12.]  4411*24  (1),  Cr. —Re-measurement  of  the  proto-titanium  line  gives 
\  4411*24.  It  is  apparently  coincident  both  with  the  chromium  and  solar  linos. 
The  chromium  line  is  a  weak  one,  whereas  the  titanium  line  is  well  marked,  and 
there  is  little  doubt  that  the  solar  lino  is  partially,  if  not  chiefly,  due  to  titanium. 

[13.]     ^^^  W  I  No  origin  by  Rowland.— The  published  wave-length  of  the 

enhanced  titanium  line  was  4529  60.     Re-measurement  from  the  latest  grating 
photograph  gives  A  4529*69.     It  is  doubtful  which  of  the  two  solar  lines,  4529*66i 
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4529*73,  the  titanium  line  represents.  It  is  quite  posoible  tbat  the  latter 'is  a  very 
close  double,  and  may  account  for  both  solar  lines. 

[14.]  4534*14  (6)»  Ti-Co.-^Both  the  titanium  and  cobalt  lines  are  well  marked 
in  their  respective  spectra,  and  there  is  little  doubt  that  the  solar  line  is  com* 
pounded  of  the  two. 

[15.]  4549*81  (6),  Ti-Co. — The  titanium  and  cobalt  lines  are  apparently 
coincident,  and  as  each  is  a  strong  line  in  its  own  tpectrum,  the  solar  line  i» 
probably  compounded  of  both  in  about  equal  proportion. 

[16.]  4764*11  (4),  Ti-Ni. — The  enhanced  titanium  line  is  a  very  weak  one,  and 
the  probability  is  that  Ni  is  the  chief  origin  of  the  solar  line. 
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1.  VrohMj  pwtly  doe  to  the  enbanoed  Fe  line,  in  addition  to  Mn  and  Or. 

2.  SoUr  line  probablj  doe  paiilj  to  p  Fe.    K  and  B*a  X  4055*68  (4). 
8.  Solar  line  probablj  oompoonded  of  the  jiFe  and  Mn  linea. 

4.  The  p  Fe  line  is  apparently  alightlj  more  refrangible  than  soUr  line  4462*87. 

5.  This  p  Fe  line  is  probably  identical  with  Bowland's  solar  line  4622*81  rather 
than  with  4522*69,  to  whioh  he  giyes  a  Fe  P  origin. 

Notes  on  Certain  p  Fe-Solar  Lines. 

[1.]  X  4238*88  (4).— This  solar  line  was  ascribed  by  Rowland  to  Mn-Fe  in  his 
^  Preliminary  Table  of  SoUr  Waye-lengths."  In  tl  e  rerised  table*  the  Fe  origin 
is  disoarded  and  the  sole  origin  giyen  as  Mn.  There  appears  to  be,  huwerer,  no 
efidenoe  for  the  line  being  due  to  manganese.  There  is  no  trace  whatcTor  of  a 
line  in  this  position  in  any  of  the  Kensington  photographs  of  the  manganese 
■pectrum,  and  no  such  line  is  given  by  Hasselbergf  in  his  comprehensiTc  list  of 
msnganese  arc  linei.  Although  the  arc  line  of  iron  at  the  corresponding  watc- 
length  is  exceedingly  weak — in  many  photographs  it  does  not  occur  at  all — ^there  is 
no  doubt  about  there  being  a  prominent  line  in  the  spark  spectrum.  The  solar 
line  in  question  is  probably  due  solely  to  iron,  and  is  the  counterpart  of  the 
enhaneed  line  of  that  metal.  In  a  Oygni  the  line  4233*83  is  quite  an  outstanding 
line  and  one  of  the  very  strongest  in  the  spectrum. 

[2.]  4351*93  (5),  Cr.— This  solar  line  is  ascribed  by  Rowland  solely  to  Cr. 
Although  the  chromium  line  is  a  moderately  strong  one  it  is  scarcely  likely  that  its 
aoUr  eqniTAlent  would  be  as  strong  as  that  of  the  chromium  line  4289*89,  one  of 
the  very  strongest  lines  in  the  spectrum  of  that  element.  The  two  solar  lines 
mentioned  being,  howeTer,  of  the  same  intensity,  in  all  probability  that  at 
X  4851*93  is  partially  due  to  some  other  element.  The  strongly  enhanced  Fe  line 
4351*98  is  apparently  exactly  coincident  with  the  Cr  line,  and  as  other  similarly 
enhanced  Fe  lines  occur  amongst  the  Fraunhoferio  lines  it  is  probable  that  the 
solar  line  in  question  is  compounded  of  the  iron  and  chromium  lines. 

In  a  Cygni  there  is  a  corresponding  well-marked  line  which,  in  the  light  of  the 
oomplete  absence  from  the  stellar  spectrum  of  chromium  arc  lines,  can  only  be 
attributed  to  proto-iron.  This  is  the  more  likely  as 'the  other  enhanced  lines  of 
iron  are  so  prominent  in  the  a  Cygni  spectrum. 

This  line  in  stellar  spectra  hss  been  attributed  by  Scheiner  to  the  magnesium 
arc  line  4352*06  and  on  its  behaviour  with  respect  to  the  stellar  representatiTO  of 
the  characteristic  spark  line  of  magnesium  4481*3,  he  has  based  conclusions}  on  the 
relative  temperatures  of  the  absorbing  atmospheres  of  various  stars.  Sucli  con- 
clusions are  not  trustworthy,  as  the  origin  of  the  line  is  obviously  not  the  same  in 
all  stellar  spectra.  In  stars  of  the  solar  type  the  line  is  probably  of  a  complex 
origin,  Cr  4351*93,  Mg  4352*08,  and  p  Fe  4351*93,  all  being  involved.  In  higher 
temperatures  stars  like  a  Cygni,  Sirius,  and  Kigel  there  is  abundant  eridence  in 
imvour  of  a  proto-Fe  origin  and  little  or  none  for  either  chromium  or  magnesium* 
Thus,  other  lines  of  Cr  and  Mg,  which  are  similar  in  intensity  and  behaTiour  in 
their  respectiye  spectra  to  those  mentioned  above,  are  all  unrepresented  in  these 
stellar  spectra,  whereas  all  the  enhanced  Fe  lines  of  similar  intensity  and 
behaviour  to  the  line  4351*93  are  strongly  represented  in  the  same  stellar  spectra. 

[3.]  4629*52  (6),  Ti-Co.— It  is  doubtful  whether  the  Ti  and  Co  lines  are  ooUec- 
tively  strong  enough  to  account  for  the  intensity  of  the  solar  line.  The  eqnaUy 
strong  Co  line  4663*59  only  furnishes  a  solar  line  of  intensity  0,  and  the  stronger 

•  *  Ast.  Phys.  Jour^*  vol.  6,  p.  384, 1897. 

t  '  EongL  St.  Yet.  Akademiens  Handlingar,'  Bd.  30,  No.  2. 

t  *A3t,  and  Ast.  Phys.,'  toI.  18,  p.  569. 
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Ti  line  4623*28  corresponds  to  a  solar  line  of  intensity  2.  It  is  scarcely  likely, 
then,  that  the  superposition  of  the  Ti  and  Co  lines  at  4629*60  would  produce  a 
solar  line  of  intensity  6.  The  proto-iron  line  at  the  same  ware-length  probably 
supplies  the  deficiency  in  intensity.  The  enhanced  line  of  iron  4515*51,  which  is 
of  about  equal  prominence  as  4629*60,  has  an  equiralent  solar  line  of  intensity  3, 
and  if  the  />  Fe  line  4629'60  of  itself  produces  a  similar  solar  line,  then  the 
intensity  6  of  the  solar  4629*60  could  be  easily  accounted  for.  In  fact,  it  is  quite 
probable  that  the  solar  line  in  question  is  built  up  of  the  lines  at  the  same  ware- 
length  belonging  to  Ti,  Co,  and|7  Fe,  and  that  the  proto-iron  line  has,  if  anything, 
the  greatest  share  in  its  production. 

There  is  a  fairly  good  corresponding  line  in  the  chromospheric  spectrum,  and,  in 
the  publication  of  eclipse  results  by  various  observers,  the  origin  of  the  line  is 
invariably  given  as  Ti-Co,  presumably  because  they  have  established  its  identity 
w-ith  the  Fraunhoferic  line  and  accepted  Bowland's  origin  as  a  correct  and 
sufficient  one.  In  the  chromosphere  it  is  probably  chiefly  due  to  p  Fe,  as  the 
ordinary  Ti  and  Co  lines  are  there  only  weak,  while  the  enhanced  iron  lines  are 
well  marked.  There  is  also  a  corresponding  line  in  the  spectrum  of  a  Cygni. 
Here,  however,  the  origin  is  evidently  proto-iron  only,  as  the  arc  lines  of  cobalt 
and  titanium  are  entirely  missing  from  the  stellar  spectrum  ;  whereas  nearly  all 
the  proto-iron  lines  are  well  seen. 
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1 .  Fe  line  and  p  Cr  lines  apparently  coincident.   Solar  line  probably  compounded 
of  both. 

2.  p  Cr  and  Si  lines  exactly  coincident.    Solar  line  probably  due  to  both,  but 
mostly  to  Si. 

8.  Solar  line  probably  due  more  to  pCr  than  Fe. 

4.  p  Cr  line  possibly  double. 

6.  Solar  line  possibly  due  partly  to  some  other  element. 

6   Solar  line  probably  compounded  of  Fe  and  p  Cr  lines. 


Notes  on  Certain  p  Cr-Solar  Lines. 

[1.]  A  3979*66,  Co  (4). — This  enhanced  line  of  chromium  is  apparently 
coincident  with  a  cobalt  line,  and  also  with  the  solar  line  A  3979*664,  to  which 
Bowland  assigns  a  cobalt  origin.  As  the  adjacent  cobalt  line  3958-07  is  quite  as 
strong  as  3979*66,  and  only  furnishes  a  solar  line  of  intensity  2,  it  is  not  probable 
that  the  solar  line  corresponding  to  3979*66  would  be  of  intensity  4,  unless  a  line 
of  some  other  element  Were  involTed.  It  is  very  probable  that  the  solar  line  in 
question  is  compounded  of  the  |7  Cr  and  Co  lines. 

[2.]  A  4618*97,  Fe  (4).— This  strongly  enhanced  Cr  line  is  apparently 
coincident  with  the  solar  line  4618*97  (intensity  4),  Bowland's  origin  for  which 
is  Fe.  The  nearest  line  of  iron  to  this  in  Kayser  and  Bunge's  list  is  4618*88 
(2).  Assuming  that  this  is  identical  in  position  with  the  solar  line,  its  intensity 
is  far  too  low  to  accoimt  for  the  solar  intensity.  The  closely  adjacent  iron 
line  4619*40,  which  is  of  intensity  6,  gives  a  solar  line  of  intensity  3,  so  that  it  is 
Tery  improbable  that  the  far  weaker  iron  line  4618*21  will  produce  a  solar  line  of 
intensity  4.  There  is  little  doubt  that  the  solar  line  4618*97  is  chiefly  accounted 
for  by  the  strongly  enhanced  chromium  line,  but  the  iron  line  at  the  same 
position  probably  adds  slightly  to  the  solar  intensity. 
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Fraunhoferic  Lines  due  to  p  Ti,  p  Fe,  or  p  Or. 

The  following  table  contains  the  Fraunhoferic  lines  which  are, 
as  a  result  of  the  present  discussion,  considered  to  be  due,  either 
wholly  or  partially,  to  enhanced  lines  of  titanium,  iron,  or  chromium. 
Eowland's  wave-lengths  have  been  adopted  with  the  modification  that 
the  last  figure  in  the  decimals  has  been  dropped,  and  the  numbers 
given  to  the  nearest  second  decimal.  In  such  an  inquiry  as  the  present 
one,  this  can  be  done  without  affecting  the  validity  of  the  results.  In 
the  first  place,  the  spark  lines  are  generally  of  a  wider  and  hazier 
nature  than  the  arc  lines,  and  consequently  their  wave-lengths  cannot 
be  estimated  to  as  great  a  degree  of  accuracy.  Again,  the  conclusions 
as  to  the  identity  of  the  solar  and  enhanced  lines  are  not  based  on  one 
or  two  coincidences  only,  but  on  the  apparent  agreement  of  a  whole 
series  of  lines  for  each  element. 

It  will  be  seen  that  some  forty-two  lines  which  were  unorigined  by 
Eowland  are  here  attributed  to  proto-titanium,  proto-iron,  or  proto- 
chromium.  Compared  with  the  host  of  lines  in  Rowland's  tables 
this  may  seem  a  very  insignificant  number,  but  the  importance  of 
establishing  their  origins  does  not  lie  in  their  number,  but  in  the  fact 
that  they  are  lines  of  a  special  nature,  and  just  those  metallic  lines 
which  are  prevalent  in  the  spectra  of  the  higher  temperature  stars,  such 
as  a  Cygni  and  Sirius,  to  the  exclusion  of  the  great  majority  of  the 
other  solar  lines. 

The  enhanced  lines  have  previously  been  identified  with  stellar 
lines,  which  in  such  stars  as  a  Cygni,  Sirius,  and  Eigel  are  of  a  more 
isolated  nature  than  in  the  solar  spectrum,  and  if  the  same  lines  can 
be  established  as  occurring  in  the  solar  spectrum  it  at  once  standardises 
the  wave-lengths  of  many  stellar  lines,  and  will  thus  be  of  importance 
in  any  stellar  inquiry  in  which  it  is  necessary  to  have  accurate  wave- 
lengths for  the  spectral  lines. 

In  some  cases  it  has  been  found  that  there  is  no  justification  for 
the  origin  given  by  Rowland.  These,  however,  are  very  few,  and  are 
indicated  in  the  notes  appended. 

In  others,  Rowland's  origin  does  not  appear  to  be  a  sufficient  one, 
that  is,  the  intensity  of  the  solar  lines  cannot  be  adequately  accounted 
for  by  the  lines  of  the  elements  to  which  he  ascribes  them.  In  such 
cases  it  is  probable  that  the  solar  lines  are  due  partly  to  the  arc 
lines  of  the  elements  quoted  by  Rowland  and  partly  to  the  enhanced 
lines  of  either  Fe,  Ti,  or  Cr,  which  occur  at  or  very  near  the  same 
wave-lengths. 

A  glance  at  the  table  will  show  that  for  many  lines  the  same  element 
is  given  in  the  two  columns  for  origins,  the  Kensington  origin  having 
the  prefix  **p."  This  simply  means  that  there  is  an  enhanced  line 
of  that  particular  element   at  the  given  wave-leu^Vi,  ^VlSrV  Sa  w^oX* 
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entirely  abaent  itom  the  arc  spectromy  and  that  Bowland  has  identified 
the  solar  line  with  the  arc  equivalent  of  the  enhanced  line.  Seeing, 
however,  that  most  of  these  lines  occur  in  stellar  spectra,  where  hosts 
of  stronger  arc  lines  are  missing;  it  will,  perhaps,  be  more  appropriate 
to  designate  them  as  of  a  proto-metallic  origin  even  in  the  sun. 

Solar  Lines  due  either  wholly  or  partially  to  Enhanced  Lines  of  Ti,  Fe, 

or  Or. 


Fraunhoferio  lines  (Rowland). 

Probable  origin 

Notes 
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SoUr  Lines  due  to  Enhftnced  Lines  of  Ti,  Fe,  or  Cr — amtiwaed. 
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Solar  Lines  due  to  Enhanoed  Lines  of  Ti,  Fe,  and  Gr — continued. 
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1.  Zt  negligible. 

2.  No  evidence  for  Fe  origin. 
8.  Chieflj  due  to  Mu. 

4.  Cliieflj  due  to  Mn. 

5.  Cbieflj  duo  to  p  Cr. 

6.  Possibly  due  partially  to  some  other  clemeut. 

7.  No  evidence  for  Fc  origiu. 

8.  No  evidence  for  Mn. 

9.  Doubtful  which  is  really  due  to  p  Cr. 

10.  Eyidence  for  Ni  doubtful. 

11.  No  evidence  for  Zr. 

12.  Chiefly  due  to/; Ti. 

13.  Doubtful  which  is  really  due  to  p  Ti. 

14.  Chiefly  due  to  p  Cr. 


I 


14 


Ctexeraj.  Conclusions. 

As  a  general  summary  of  the  results  of  the  foregoing  analysis  it  may 
be  stated : — 

1.  The   enhanced   lines   of   titaniiun   and   iron  are  practically  all 

represented  in    the   Fraunhoferic   spectrum,  but  in    some  cases  the 

corresponding  solar  lines  are  compound,  and  only  partly  due  to  one 

or  other  of  these  metals. 

|k      2.  The    corresponding    solar   lines   are,   generally   speaking,    com- 

™^«i»tiyely  weak  ones. 
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3.  The  majority  of  the  chromium  enhanced  lines  occur  in  the 
solar  spectrum,  though  some  appear  to  be  missing. 

4.  Some  of  the  Fraunhof  eric  lines  correspond  to  metallic  lines  special 
to  the  spark  spectrum,  and  lacking  in  the  arc,  and  probably  for  this 
reason  they  were  left  unorigined  by  Rowland. 


"  Air  Eesistance  Encountered  by  Projectiles  at  Velocities  up  to 
4500  Feet  per  Second."  By  A.  Mallock,  F.RS.  Received 
November  3, — Read  November  17,  1904. 

The  work  done  by  Prof.  Bashforth  on  the  subject  of  air  resistance  is  so 
well  known  that  I  need  hardly  refer  to  it  except  to  say  that  his  results 
have,  with  minor  alterations,  been  confirmed  by  subsequent  experi- 
menters. The  greater  part  of  Professor  Bashforth's  work  related  to 
velocities  under  2500  feet  per  second,  and  the  object  of  the  present 
experiments  was  to  examine  the  co-efficient  of  air  resistance  at  higher 
speeds. 

In  the  years  1895-97,  Major  the  Hon.  T.  F.  Fremantle  and 
Colonel  H.  Mellish  made  a  series  of  experiments  on  the  remaining 
velocities  of  the  service  '303  bullet  by  shooting  into  a  ballistic  pendulum 
from  ranges  varying  from  12  up  to  1000  yards.  These  experiments 
were  made  with  great  care,  each  bullet  and  charge  being  separately 
weighed,  and  from  the  results  which  they  communicated  to  me  I 
computed  the  co-efficient  of  resistance  for  velocities  ranging  from 
2100  f.s.  to  900  f.s.  I  suggested  then  that  with  light  bullets  we 
could  probably  extend  the  ballistic  tables  very  considerably,  using  the 
pendulum  to  measure  the  velocity,  and  shortly  after  this  we  made 
some  trials  with  various  aluminium  bullets.  We  found,  however,  that 
with  cordite  of  the  size  used  for  the  service  charge  of  the  '303  rifle  a 
great  part  of  the  explosive  was  blown  out  unbumt  when  the  light 
bullets  were  used.  It  was  evident,  therefore,  that  in  order  to  get  the 
velocities  we  required,  a  much  finer  cordite  than  the  No.  3  of  the  service 
charge  would  have  to  be  used.  We  foimd  also  that  a  considerable 
deposit  of  aluminiiun  was  left  in  the  barrel  after  firing. 

From  various  causes  I  have  not  been  able  to  proceed  with  the 
experiments  until  the  present  year,  when  having  obtained  some  cordite 
of  diameter  01  inch,  1  again  tried  aluminium  bullets,  but  the  metallic 
fouling  proved  fatal  to  accurate  and  consistent  results.  I  then  tried 
shooting  with  lignum  vitae  plugs  which  did  very  well  up  to  velocities  of 
about  2500  f.s.,  but  at  this  velocity,  sometimes,  and  generally  at 
higher  velocities,  the  plugs  broke  up  under  the  action  of  centrifugal 
force.  I  again,  therefore,  reverted  to  aluminium,  but  on  the  bullets 
I  made  two  small  cannelures,  fig.  1,  which  were  filled  with  a  com^^ooi- 
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tkm  of  eqiul  part*  of  bUck  lead  and  tallow.  These  ballets  answered 
admirably,  and  in  July  of  the  year  I  completed  a.  series  of  experiments 
going  up  to  velocidee  of  4500  f.a. 


Scale  Bto  time* 


Hie  results  of  these  experiments  are  given  in  the  figa.  2  and  3, 
together  with  the  results  obtained  from  the  shooting  by  Major 
Fremantle  and  Colonel  Mellish,  with  the  serrice  bullet,  and  also,  for 
comparison,  Professor  Bashforth's  results. 

Curve  A,  fig.  2,  gives  the  velocities  in  feet  per  second,  found  at 
various  ranges,  and  curve  B,  the  loss  of  velocity  in  a  distance  of 
S  yards.  (It  may  be  noted  that  at  4500  f.s.  the  retardation  experi- 
enced by  the  light  shot  used  was  205000  feet  per  second  per  second.) 
Curve  A,  fig.  3,  gives  the  deduced  resistance  (in  lbs.  per  square  inch), 
encountered  by  the  projectile,  in  terms  of  velocity. 

To  determine  the  resistance  of  an  ogival-headed  shot  from  the 
resistance  experienced  by  a  flat-headed  shot  moving  with  the  same 
velocity,  the  resistance  of  the  latter  must  be  multiplied  by  a  co-efficient, 
which  is  generally  taken  as  ^. 

If  the  circular  edges  of  the  flat  head  are  slightly  rounded  this  value 
is  nearly  correct,  but  I  have  found  by  experiment  that  when  the  edges 
of  the  flat  are  quite  sharp  (as  they  were  with  the  aluminium  cylinders 
used),  the  co-efficient  is  rather  less  than  half.* 

In  curve  B,  fig.  3,  the  co-efficient  was  taken  as  ^^,  and  this  curve 
represents,  at  any  rate,  very  approximately,  the  resistance  experienced  by 
an  ogival-headed  shot.  Curves  C  and  D,  fig.  3,  give  respectively,  the 
results  obtained  from  the  experiments  of  Major  Fremantle  and  Colonel 
Mellish,  made  with  the  -303  rifle,  and  by  Professor  Bashforth  from  his 
experiments  with  large  guns. 

*  I  hope  to  detennine  Lb«  tme  value  more  ■cciiTstelj  than  I  have  hitherto  had 
time  to  do.  Probablj  it  i*  not  a  cooetaat  (or  all  Telocitiet,  bat  approiimalee  to  a 
it  ae  the  relooitj  inoreaeee. 
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When  it  is  considered  that  the  latter  were  obtained  with  projectiles 
weighing  many  pounds,  and  the  others  with  shot  of  23  and  215  grains 
respectively,  the  close  agreement   of  the  resistance  curves  is  very 
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satisfactory,  and  shows  in  a  striking  way  what  can  be  done  with  small 
scale  experiments  when  the  proper  scale  of  dynamic  similarity  is 
employed. 

The  extended  resistance  curve  presents  no  peculiarities,  although  it 
can  only  be  expressed  at  present  by  an  arbitrary  formula.  But  that 
this  should  be  so  is  in  itself  rather  remarkable,  for  it  might  well  have 
been  expected  that  the  resistance  would,  for  high  velocities  at  least, 
be  proportional  to  the  pressure  requisite  to  cauise  a  gas  to  discharge 
through  a  hole  in  a  thin-walled  vessel  at  the  speed  oi  \i\k!^  ^oV. 
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where  a    is   the 


velocity  of  sound,  but  the  curve  represented  by  this  function  and  the 
curve  of  actual  resistance  do  not  even  tend  to  approximate. 
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"Theory  of  Amphoteric  Electrolytes.  Part  II."  By  James 
Walker,  F.R.S.,  University  College,  Dundee.  Received 
October  19,— Head  November  17, 1904. 

In  a  previous  paper*  it  was  shown  that  if  HXOH  is  au  amphoteric 
electrolyte,  it  is  possible  to  express  the  concentration  of  the  various 
ions  present  in  its  aqueous  solution  in  terms  of  the  concentration  of 
the  unionised  substance,  the  dissociation  constants  of  the  substance 
acting  as  acid  and  as  base  respectively,  and  the  ionisation  constant  of 
water.  As  the  expressions  obtained  will  be  frequently  used  in  the 
present  paper,  I  reproduce  them  here  in  their  original  form,  suitable 
for  calculation  when  the  electrolyte  is  preponderantly  acid,  and  also  in  the 
form  which  would  be  used  when  the  substance  is  preponderantly  basic. 
The  active  masses  of  the  various  substances  present  at  equilibrium  are 
represented  as  below,  the  dissociation  constants  of  acid,  base  and  water 
being  denoted  by  ka,  h,  and  K  respectively — 

H^         OH-         XOH-         HX+         HXOH  +  X 

abed  u 


«=  v/i«c (^)-     «  =  ^/* - <^')- 

c  =  kati/a (3).       c  =  ^^ub (3'). 

A. 

d^^^na  (4).      d  ^  hu-jb (4'). 

It  was  further  shown  that  in  the  case  of  the  amino-benzoic  acids 
investigated  by  Ostwald  and  by  Winkelblech  an  application  of  the 
theory  accounted  for  the  abnormalities  exhibited  by  these  acids,  and 
in  particular  led  to  the  deduction  of  values  of  the  molecular  conduc- 
tivity which  were  in  satisfactory  accordance  with  those  observed.  A 
thorough  recalculation  of  the  results  shows  that  the  more  strictly  the 
theory  is  applied  the  better  is  the  correspondence  between  theory  and 
experiment.  Owing  to  a  systematic  error  in  the  first  calculation,  the 
values  given  for  d  were,  when  the  ratio  /.VK  was  large,  somewhat  too 
high,  the  total  concentration  17=  1/t;  having  been  taken  in  the  calcula- 
tion by  inadvertence  equal  to  it  +  a  +  o^  instead  of  equal  to  m  +  a  +  2^. 
The  latter  result  is  deduced  as  follows : — The  total  concentration, 
corresponding  to  the  composition  of  the  solution  as  made  up  in  the 

*  *  Boy.  Soc.  Proo.,*  toI.  78,  p.  155,  1904 ;  also  '  Zeitschrift  fiir  physikalisohe 
Cbemie,'  vol.  49,  p.  82. 
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ordinaiy  way,  is  evidently  the  sum  of  the  concentrationB  d  the 
aahttances  containing  X,  since  rhii  by  hypotheds  nndergoes  neither 
aaeociaiaon  nor  diaiociation.    The  total  concentration  is  therefore 

rf  =  u-{-e-{-d^    or    iy  =  tf4-a4-2^, 

mneeb-{-c  —  a-{-df*  and  b  is  vanishingly  small  in  an  acid  solution. 

The  following  table  contains  the  values  of  a  and  d  multiplied  by 
10^,  and  is  an  extended  and  corrected  form  of  the  table  given  on  p.  160 
of  the  original  paper,  for  which  it  is  to  be  substituted. 


10-*. 


V, 

kslK  -  0. 

**/K  •  1. 

kt/K  »  10. 

k^iK  -  100. 

**/K  -  1000. 

a,        d. 

a. 

d. 

ti. 

d. 

a. 

rf. 

a. 

rf. 

1 

816      1   0 

224        228 

95*3 

984 

81*5 

2960 

9*99 

8330 

10 

100      1   0 

95            8  '5 

70*5 

69*0 

80*1 

283 

9*94 

8S0 

100 

81  2  :   0 

81  *0  i      0  3 

29*7    i     2-9 

22*0 

20*6 

9*44       79 

1,000 

9  -6  1    0   i     9  -5  ;     0  0 

9*4   1    0*1 

9*06 

0*8 

6  -73         5  -5 

10,000 

2*711   0   1     2*71j     0*0 

1             1 

2  -70 '    0  -01 

2*69 

0*02 

2  -61         0  18 

This  table  shows  even  more  plainly  than  the  original  one  the 
peculiarities  noted  in  the  previous  paper.  When  the  numbers  it 
contains  are  used  to  calculate  the  apparent  dissociation  constant  ko,  it 
is  found  that  the  values  up  to  kbiK—lO  undergo  no  alteration  (p.  162). 
The  new  values  for  the  other  ratios  are  as  follows : — 

ifco X  10*  calculated  from  a  ^  a  +  d/b  and  a  =  a-^ rf/G. 


r. 

ki.lK'. 

»  100. 

k^iK  = 

=  1000. 

a  -f  rf/5. 

a*  die. 

a  -f  rf/6. 

<?  ♦  rf  6. 

10 

100 

1000 

0  766 
0*700 
0-986 

ooo 

8*15 
0*65 
0*67 

2-22 
0*52 
0*63 

These  numbers  are  only  slightly  different  from  those  previously 
obtained. 
Turning  now  to  the  calculation  of  ko  for  the  amino-benzoic  acids,  the 


*  Loe.  cU^  p.  158. 


1904.] 


Theory  of  AmfkoUric  Eleetrolytes, 


273 


following  improved  method  of  ascertaining  the  value  of  the  constant 
ka^  which  is  here  not  readily  accessible  to  direct  experiment,  may  be 
noted.  Previously  this  value  was  adjusted  to  correspond  with  the 
experimental  value  of  ^obtained  at  v=sl024,  the  greatest  dilution 
investigated,  for  in  the  cases  under  consideration  the  constants  k^  and 
ka  approximated  most  closely  at  this  degree  of  dilution.  This 
advantage,  however,  is  more  than  counterbalanced  by  the  drawback 
that  here  the  experimental  errors  due  to  conductivity  of  the  water, 
oxidation  at  the  electrodes,  etc.,  are  at  a  maximum.  In  the  recalcula- 
tion, therefore,  the  adjustment  of  the  k^  value  was  made  from  a 
consideration  of  the  most  concentrated  instead  of  the  most  dilute 
solutions  in  order  that  the  effect  of  these  experimental  errors  might, 
as  far  as  possible,  be  eliminated.  This  readjustment  has  in  every  case 
improved  the  concordance  between  the  experimental  and  theoretical 
values  of  the  conductivity,  as  a  comparison  of  the  subjoined  tables 
with  those  previously  given  (pp.  164-6)  will  show. 


r. 


04 

12K 

25G 

612 

1024 


0- Amino-benzoic  Acid. 

VK  =  112,    ka  =  104x  10-^    fi.H+,XOH~  =  367, 

/*,HX^XOH-  =  70. 


a. 


24  -0  X  10-* 
20-4 
16*8 
12-4 
9  1 


,/ 

/'. 

M, 

calc. 

expt. 

89  1  X  10-* 

7-24 

7-21 

16-6 

10-8 

10-8 

6-6 

16-2 

16-2 

2-5 

1'3  6 

28*6 

0-89 

83  •« 

83-7 

Ito  ^  10*, 
oalc. 


0-66 
0-74 
0*84 
0-92 
0-97 


1 
ko  X  10*, 

*o  ^  10*, 

Ost. 

Wink. 

0-66 

0-66 

0-74 

0  74 

0-84 

0-84 

0-91 

0-92 

0-97 

0-96 

j?-Amino-benzoic  Add. 

kbjK  =  210,    ka  =  1-21  X  10-5,    /a^H+,XOH-  =  366, 

a  HX+,XOH-  =  68. 


a. 


d. 


22-3xlO-*.132-7xlO-* 


20-9 
18-7 
16*8 
12*5 
9-4 


62-1 
27-8 
II  -7 
4-55 
1  -68 


f<« 

Ml 

Ml 

*o  "  10*, 

*o  X  10*, 

Ito  X  10», 

calc.  !   Ost. 

Wink. 

cak. 

Ost. 

Wink. 

5-42 

_ 

6*48 

0-74 

0-74 

7-4« 

7-68 

7-49 

0-71 

0-72 

0  71 

10-96 

10-86 

11-12 

0  76 

0-76 

0  79 

1(]*42 

16-84 

16-84 

0-88 

0-87 

0*91 

24  87 

24-24 

26*29 

0-98 

0-98 

1*06 

36-40 

1 

1 

86-01 

86*86 

1 

1*07 

1-06 

1-17 
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m-Amino-benxoic  Acid. 

kt/K  -  1100,   *,  -  l-6Sx  10-»,  M«H%XOH 

fi.HX*  XOH-  -  66. 


--S65, 


d. 

i«. 

Ml 

*•  X  10», 

it.xlO*, 

f». 

<i. 

calc. 

Wink. 

Cftlo. 

Wink. 

64 

11  -76  X  10-» 

1690x10-* 

9-88 

9-86 

1-12 

1-12 

128 

11-87 

77-0 

11-68 

11-72 

0-87 

0-88 

266 

10-70 

86-2 

16-84 

16  04 

0-81 

0-84 

612 

9-64 

16-2 

28-00 

23-40. 

0-88 

0-91 

1024 

8-20 

6-81 

84-40 

86-24 

102 

1-07     i 

Even  in  the  case  of  the  meta-acid,  where  the  experimental  error  doe 
to  oxidation  is  greatest,  the  agreement  is  remarkably  close. 

Where  the  ionised  proportion  is  great,  i.e.f  where  u  is  no  longer 
approximately  equal  to  17,  the  evaluation  of  the  concentrations  of  the 
various  components  in  the  solution  is  troublesome.  In  order  that  for 
any  case  likely  to  occur,  an  idea  of  the  magnitude  of  u  may  be 
obtained,  I  append  a  table  which  gives  values  of  u/rj  =  uv,  i.e.,  of  the 
unionised  proportion  of  the  electrolyte,  under  a  considerable  number  of 
different  conditions. 

uv  =*  tt/iy  for  Av,  =  10-*. 


r. 

**/K  -  1. 

l-»/K-10.il-»/E-100. 

**/K  «  1000. 

**/K  -  10,000. 

0  1 

0  980 

0-940 

0-888 

0-613 

0-338 

1 

0-980 

0-940 

0-833 

0-613 

0-333 

10 

0-965 

0-987 

0-883 

0-613 

0-333 

100 

0-904 

0-893 

0-822 

0-612 

0-333 

1,000 

0-780 

0-727 

0  707 

0-584 

0-331 

10,000 

0  382 

0-382 

0-380 

0-364 

0-277 

It  will  be  noted  that  the  preceding  table  only  gives  uv  for  the  acid 
constant  ka  =  10-*.  From  the  table  it  is  not,  however,  difficult  to 
find  iw  for  other  values  of  ka.  If,  for  example,  it  is  desired  to  find  r 
for  a  given  value  of  u,  we  may  make  use  of  the  following  relation,  r 
being  used  to  denote  the  ratio  k^/K : — 

i7  =  tt  +  a  +  2(/,  rj-u  =  a(l  +  2ru). 

Now,  if  we  consider  another  amphoteric  electrolyte  with  another 
ka,  but  the  sameiE;^  we  have 


ly'-u  =  a'(l  +  2ru), 
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l>ut  since  r  and  u  are  identical  in  both  equations,  we  obtain  by  division 


a 


ft 

If  we  are  dealing  with  an  electrolyte  of  markedly  acid  character,  we 
may,  in  the  expression  for  a,  neglect  K  in  comparison  with  katty*  and  so 
obtain 

^    1  +  rw  ^    l+ru  a         ^    ka 

Finally,  therefore,  we  have 

Given  then  the  values  of  »;  and  u  for  one  ka^  we  may  easily  calculate 
the  value  of  -q  (or  of  v)  for  another  ka  if  n  and  r  remain  unaltered. 

One  is  generally  confronted,  however,  with  the  converse  problem  of 
determining  a  for  a  given  value  of  v,  but  the  table  may  again  l>e  utilised 
ill  A-iitue  of  the  following  considerations.  Neglecting  K  in  comparison 
with  kaUy  we  may  write  as  before 

7]-u  =  ft  +  2aru, 
or,  multiplying  both  sides  by  v  and  re-arranging, 


uv  = 


1  -  ar 


l+2ra 
Substituting  the  value  of  a  in  terms  of  u  and  the  constants,  we  obtain 


1 


ur  = 


^    l+rw 


l-l-2r 


or 


1 


uv  — 


^    l+m 

^    v-k-  ruv 

^   v  +  ruv 

If  we  now  denote  the  product  uv  by  j?,  re-arrange,  square,  and  express 
in  powers  of  p,  we  obtain  as  result 

(r  -  ikar^)j^  +  (f  -  2r  -  4/;«rr)  j?^  4.  (r  -  2t;  -  /ja^^);?  + 1;  =  0. 

*  Ck>inpare  loe,  oii.^  p.  156. 
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Finally,  if  we  denote  the  reciprocal  oikahy  l,  and  divide  throughout 
by  «,  we  have 


(r's^^o-j-Ty-G-^-iV 


+  1=0. 


The  coefficients  of  p  are  here  homogeneous  functions  of  v,  r,  and  /  of 
degree  zero,  that  is,  we  do  not  by  altering  r,  r,  and  /  in  the  same 
ratio  effect  any  change  in  the  value  of  p..  In  other  words,  if  we 
increase  the  constant  ka  n-fold,  and  simultaneously  diminish  v  and  r  (or 
ki,)  in  the  same  proportion,  the  unionised  proportion  remains  unaltered. 

The  following  is  an  example  of  the  employment  of  the  preceding 
table  in  conjunction  with  this  result.  Suppose  it  is  desired  to  know  the 
value  of  u'v'  for  k'a  =  10-^,  ^V^  =  100,  v  =  10.  The  table  gives  the 
values  for  /:«  =  lO"*.  We  must  therefore,  in  consulting  the  table, 
increase  Jifb/^  and  v'  in  the  same  ratio  as  that  in  which  k'a  is  diminished, 
that  is,  we  must  find  the  value  in  the  table  for  /r^/K  =  1000  and 
v  =  100.   The  number  sought  isuv  =  mV  =  0*612,  whence  ?/'  =  0*06 12. 

The  conclusion  that  the  unionised  proportion  is  unaffected  by  a  simul- 
taneous change  of  l/ka,  kb,  and  v  in  the  same  vstio  is  of  importance  in  the 
discussion  of  the  ionisation  of  a  series  of  amphoteric  electrolytes  in  which 
the  product  kjci,  is  constant.  Ostwald*  ascertained  that  the  influence  of 
a  substituent  on  the  dissociation  constants  of  simple  acids  is  of  such  a 
character  that  the  constant  of  each  acid  is  increased  or  diminished  for 
a  given  substitution  in  a  ratio,  which,  although  not  constant  for 
different  acids,  is  usually  of  the  same  order  in  a  series  of  similar 
substances.  The  same  rule  no  doubt  holds  good  for  bases,  although  in 
this  case  accurate  data  are  wanting.  At  all  events  we  know  that  when 
chlorine  is  substituted  for  hydrogen  in  a  simple  acid,  the  dissociation 
constant  of  the  acid  is  greatly  increased,  and  we  also  know  that  when 
the  same  substitution  is  made  in  a  simple  base,  the  strength  of  the  base 
is  greatly  diminished.  Suppose  now  that  the  substitution  takes  place 
in  an  amphoteric  electrolyte.  We  might  expect  the  primary  effect  to 
be  a  considerable  increase  in  the  value  of  ka  and  a  corresponding  dimi- 
nution in  the  value  of  Av  This  primary  effect  would,  however,  in 
many  cases  be  complicated  liy  stereo-chemical  influences,  and  possibly 
by  the  secondary  influence  which  the  change  in  the  strength  of  the 
acid  group  might  exert  on  the  strength  of  the  basic  group,  and  con- 
versely. Winkelblech  found  in  opposition  to  this,  that  the  substitution ' 
of  methyl  for  hydrogen  in  glycine  diminished  the  acidic  and  basic 
constants  simultaneously,  and  the  same  is  true  of  the  effect  of  isomerism 
in  the  amino-benzoic  acids.  In  these  examples  it  may  be  that  the 
primary  effect  is  masked  by  the  superimposeii  secondary  effects,  for  in 
the  analogous  case  of  the  continued  methylation  of  the  amino-benzoic 
acids,  the  acid  parent  substances  are  finally  converted  into  derivatives 

•  *  Zeitschrift  ffir  phytikal.  Chem./  vol.  3,  p.  171  (1889). 
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of  pronouncedly  basic  character.     The  detailed  investigation  of  these 
methyl  derivatives  is  at  present  proceeding  in  my  laboratory. 

Turning  now  to  the  theoretical  discussion  of  the  simple  case  in  which 
the  product  kjci,  remains  constant  in  a  series  of  amphoteric  acids,  we 
find  that  the  dilution  at  which  a  given  ionisation  occurs,  becomes- 
greater  as  the  constants  approximate,  or,  in  other  words,  that  at  a  given 
dilution  the  unionised  proportion  uv  increases  as  kb  approaches  ka  in 
value.  From  the  table  on  4).  274  it  will  be  seen  that  the  influence  of 
dilution  on  the  proportion  unionised  is  comparatively  small  at  ordinary 
dilutions  when  the  value  of  k},  is  considerable.  From  this  it  follows  that 
in  the  region  considered  a  ten-fold  increase  in  ka  with  a  corresponding 
diminution  of  kj,  may  have  no  appreciable  effect  on  the  product  uv  at 
the  same  y,  although  from  equation  (4)  the  proportion  of  H"*"  compared 
with  HX+  will  be  greatly  increased.  Here  then  we  have  with  a 
nearly  constant  unionised  proportion,  considerable  variation  in  the 
relative  proportions  of  the  ions  present,  not  only  in  the  case  of 
a  given  acid  at  different  dilutions,  but  also  at  the  same  dilution  in 
a  series  of  acids  with  varying  constants,  if  the  product  of  the  acid  and 
basic  constants  remains  invariable.  This  comparative  constancy  of  utr 
often  greatly  simplifies  its  evaluation  in  a  given  case.  Suppose  that  in 
the  series  of  amphoteric  substances  with  constant  kjc^  we  consider 
that  one  for  which  ka  =  Av  This  substance  will  be  absolutely  neutral, 
and  its  ionisation,  and  therefore  its  uv^  will  be  the  same  at  all  dilutions 
(compare  previous  paper,  p.  159).  Here  the  calculation  of  im;  is  easy, 
since  c  -{-  d  =  2d  gives  the  ionised  quantity,  and  a  =  6  »  JK, 
Equation  (4)  then  becomes  d  =  ku/  JK,  and  since  v-^  =  ?t  +  2rf, 

ao^  —~ . 

x/K  +  2k 

Now  at  25'  K  =  1*2  x  10"^*,  so  that  for  this  temperature 

1095x10-7  .  . 

"'       1-095x10-7  +  2/;     ^  ^* 

To  exemplify  this  mode  of  calculation  we  may  take  the  case  con- 
sidered on  p.  276.  We  wish  to  know  the  value  of  uv,  for  ka  =  10"^ 
h/K  =  100,  and  I'  =  IC.  Uerekb  =  I '2  x  10-^'^  &nd  kjct  =  1-2  x  10-»^ 
A  substance  with  the  same  product  kjci,  but  with  ka  =  kf,  would  have 
k  =  \/l-2  X  10-1^  =  0-3465  x  10"".  Appljring  formula  (5)  we  obtain 
uv  =  0*6 13,  a  very  close  approximation  to  the  true  value  0*612. 

The  method  of  calculation  here  indicated  becomes  inapplicable  only 
at  great  dilutions  and  in  cases  where  the  two  constants  are  very 
widely  apart.  In  any  case  it  affords  a  useful  first  approximation  to 
the  value  of  u,  and  gives  the  limit  to  which  uv  may  attain  in  maximo 
at  increasing  concentrations. 


278  Prof.  J.  Walker.  [Oct.  19, 

If,  in  the  table  on  p.  274  we  interchange  ka  and  ki^  the  values  of  ur 
remain  unaltered.  We  are  now,  therefore,  in  a  position  to  consider 
the  whole  series  of  amphoteric  electrolytes  with  a  constant  product 
kjcin  beginning  with  a  practically  simple  acid  {i.e.,  with  a  substance 
whose  ki,  is  of  small  dimensions  compared  with  K)  and  ending  with  a 
practically  simple  base  (i.e.,  with  a  substance  whose  ka  is  small  com- 
pared with  K).  As  ka  diminishes  and  ki  increases,  the  total  ionisation 
falls  off  rapidly  at  first,  thereafter  more  slowly  until  through  a  com- 
paratively large  range  it  is  practically  constant  at  the  minimum  value 
which  is  actually  reached  when  ka  =  ki,.  At  this  point  we. are  dealing 
with  an  absolutely  neutral  substance.  As  ka  still  further  diminishes 
and  kt  correspondingly  increases,  the  ionisation  begins  to  increase 
slowly  at  first,  and  the  substances  considered  become  more  and  more 
basic  in  character.  Finally  the  ionisation  increases  rapidly,  and  we  deal 
at  last  with  what  is  practically  a  simple  base. 

In  appl3ring  the  preceding  results  it  is  essential  to  bear  in  mind 
that  they  have  been  obtained  on  the  assumption  that  K  may  be 
neglected  in  comparison  with  kaU  in  dealing  with  an  amphoteric  acid, 
and  with  ki^u,  in  dealing  with  an  amphoteric  base.  Should,  therefore, 
the  preponderant  constant  or  the  total  concentration  be  very  small, 
due  allowance  must  be  made  for  this  neglect. 

Since  the  publication  of  my  previous  paper,  Mr.  John  Johnston, 
B.Sc.,  has  made  in  my  laboratory  some  experiments  on  the  conductivity 
of  asparagine  and  of  cacodylic  acid,  two  well-marked  amphoteric 
electroljrtes  of  character  somewhat  different  from  the  amino-benzoic 
acids  already  investigated. 

Asparagine  is  of  special  interest,  inasmuch  as  both  its  acidic  and 
basic  constants  have  been  determined  by  Winkelblech  from  hydrolysis 
experiments  on  the  two  types  of  salts  to  which  it  gives  rise.  The 
values  found  by  him  were  ka  =  5*2  x  10"-'  and  Aft/K  =  150.  Calcu- 
lating from  these  values  and  adopting  /^^H"*",  XOH"  =  355  and 
/Aj^HX"^,  XOH~  =  66,  in  accordance  with  the  method  previously 
described,  we  obtain  as  the  molecular  conductivity  at  v  =  16  the 
number  0*087.  The  value  obtained  directly  l)y  Walden*  was  0*541 
Winkelblech  t  also  determined  the  molecular  conductivity,  and  found 
numbers  some  40  per  cent,  smaller  than  those  of  Walden,  although  he 
still  considers  them  too  great.  The  reason  of  the  discrepancy  is  the  very 
small  value  of  the  conductivity  of  asparagine,  any  conducting  impurity 
either  in  the  substance  itself  or  in  the  solvent  water  having  a  very 
great  relative  effect.  At  my  request  Mr.  Johnston  carefully  purified 
a  specimen  of  asparagine  by  repeated  recrystaliisation  from  water 
until  the  conductivity  showed  no  further  diminution  on  repetition  of 
the  process.     He  ascertained  that  with  a  specimen  which  might  be 

•  *  ZeitBchrift  fur  physikal.  Chem.,'  vol.  8,  p.  483,  1891. 
t  Loc.  cit.,  vol.  36,  p.  563,  1901. 
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accounted  pure  in  the  ordinary  analytical  sense  no  less  than  twenty- 
four  recrystallisations  were  required  to  reduce  the  conductivity  to  a 
constant  value  unaffected  by  further  recrystallisation.  The  solvent 
water  employed  during  the  last  crystallisations  and  in  the  determina- 
tion of  the  conductivity  was  purified  in  the  manner  described  by 
Walker  and  Cormack.*  The  constant  molecular  conductivity  of 
asparagine  found  with  this  water  at  v  =  16  was  0-096.*  This  experi- 
mental number  is  still  somewhat  too  great  owing  to  the  impossibility 
of  removing  all  conducting  impurity  from  the  water,  the  error  due  to 
this  cause  being  probably  of  the  dimensions  of  one-tenth  of  the  total 
conductivity,  t  In  view  of  the  experimental  error,  then,  the  agreement 
between  the  vahies  calculated  and  found  is  as  close  as  could  be 
expected. 

The  results  in  the  case  of  cacodylic  acid  have  been  published  by 
Mr.  Johnston  elsewhere,^  ^nd  are  also  in  satisfactory  accordance  with 
the  theory,  which  has  thus  been  tested  by  conductivity  and  hydrolytic 
experiments  in  a  range  of  ka  from  5  x  10~^  to  1*6  x  10~^  and  of  ZVK 
from  32  to  1100. 

An  interesting  theoretical  point  arises  in  connection  with  cacodylic 
acid,  the  formula  of  which  is  generally  written  (CH8)2  AsO.OH.  This 
formula  does  not  come  under  the  general  formula  H.X.OH,  which  is 
applicable  to  the  amino-acids,  inasmuch  as  the  only  replaceable 
hydrogen  atom  it  contains  is  that  of  the  hydroxyl  group.  The  distinc- 
tion between  these  two  classes  of  amphoteric  electrolytes  has  already 
l)een  pointed  out  by  08twald.§  From  the  standpoint  of  the  theory  just 
put  forward,  however,  it  is  unnecessary  to  consider  it,  for  as  long 
as  the  unionised  substance  is  not  subject  to  molecular  association, 
the  theory  is  applicable  without  modification  to  either  class.  The 
freezing-point  determinations  of  Zawidzki  show  that  this  condition  is 
fulfilled  for  cacodylic  acid. 

With  regard  to  the  freezing-point  depression  and  correlated 
phenomena  exhibited  by  non-associating  amphoteric  electrolytes,  the 
following  points  may  be  noted.  Since  the  production  of  HX"''  and 
XOH-  from  H.X.OH  in  the  first  class,  or  of  Y"*"  and  YO"  from 
Y.OH  in  the  second  class,  involves  no  change  in  the  total  number 
of  molecules,  this  type  of  dissociation  is  not  connected  with  any 
alteration  in  the  freezing  point  of  the  solution.  The  production  of 
H"*"  and  OH"  on  the  other  hand  increases  the  total  number  of 
molecules,  and  in  consequence  the  freezing-point  depression.  We  may 
say  briefly,  then,  that  the  acidic  or  basic  ionisation  of  an  amphoteric 
electrolyte    increases    the    freezing-point    depression  or  any  derived 

•  '  Journ.  Chem.  Soo.,'  toI.  77,  p.  8,  1900. 

t  Compare  Walker  and  Cormack,  loc,  cit.^  p.  18. 

X  *  Berichte  Deut.  chem.  Ges.,*  toI.  87,  p.  3625, 1904. 

§  <  Zeitochrift  ffir  Blektroohemie,'  toI.  6,  p.  86, 1899. 
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magnitude,  whereas  the  ''saline"  ionisation  does  not.  Taken  in 
conjtmction  with  the  electric  conductivity,  the  cryoscopic  method 
should  yield  results  of  utility  with  soluble  electrolytes  whose  ionisation 
is  considerable.  As  a  means  of  determining  the  extent  to  which  acidic 
or  basic  ionisation,  as  distinguished  from  saline  ionisation,  has  taken 
place,  measurements  of  electromotive  force  with  hydrogen  electrodes 
may,  in  some  instances,  be  applied  with  success.  Experiments  in  this 
•direction  are  at  present  in  progress. 


^*The  Electrical  Conductivity  and  other  Properties  of  Sodium 
Hydroxide  in  Aqueous  Solution,  as  elucidating  the  Mechanism 
of  Conduction."  By  William  Robert  BousnELD,  M.A., 
K.C.,  M.P.,  and  Thomas  Martin  Lowry,  D.Sc.,  Lecturer  in 
Physical  Chemistry  and  Crystallogmphy  at  the  Central 
Technical  College.  Communicated  by  Professor  H.  E. 
Armstrong,  F.RS.     Received  June  24, — Read  November  17, 

1904. 

(Abstract.) 

The  original  object  of  the  research  was  to  investigate  the  decay,  as 
the  temperature  rises,  in  the  *'  ionising  "  properties  of  water ;  which 
is  manifest,  especially  in  the  case  of  the  alkalies,  in  the  inflected 
character  of  the  curves  expressing  the  relation  between  temperature 
and  conductivity  in  aqueous  solutions.*  It  was  found,  however, 
that  the  available  data  for  the  physical  properties  generally  of  the 
alkalies  were  very  few ;  the  inquiry  was,  therefore,  extended  so  as 
to  include  the  measurement  of  the  density  and  conductivity  of 
solutions  of  sodium  hydroxide  at  IS""  C,  as  well  as  of  the 
temperature  co-efficients  of  conductivity  and  density.  The  great 
viscosity  of  the  more  concentrated  solutions  being  very  noticeable, 
measurements  of  viscosity  were  also  made,  in  order  to  correlate  this 
property  with  the  low  conductivity  of  these  solutions.  The  principal 
results  of  the  investigation  are  as  follows : — 

(1)  In  the  most  dilute  solutions,  in  which  ^'  ionisation  "  is  nearly 
complete,  the  curves  expressing  the  relation  between  molecular 
conductivity  and  temperature  are  not  inflected  between  5°  and 
100°  C.  They  resemble  the  curves  representing  the  changes  in 
viscosity  with  temperature  in  dilute  aqueous  solutions.  Concen- 
trated solutions  also  give  curves  that  are  not  inflected.  In  these 
solutions  a  very  rapid  increase  of  conductivity  takes  place  as  the 
temperature    is    raised :    the  conductivity  of  a  50-per-cent.  solution 

•  Gompare  *  Roy.  Soc.  Proc.,'  1902,  vol.  71,  pp.  42—64. 
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increasing  5-fold  between  0**  and  IS*"  and  80-fold  between  0**  and 
lOO"*  C. ;  the  form  of  the  conductivity-temperature  curves  again 
appears  to  be  determined  mainly  by  molecular  changes  rendered 
apparent  in  the  rapid  changes  of  viscosity  which  accompany  changes 
of  temperature.  Moderately  dilute  solutions  give  curves  that  are 
inflected  between  0**  and  100" ;  a  regular  curve  can  be  drawn  connect- 
ing the  temperature  of  inflection  with  the  percentage  of  sodium 
hydroxide  in  the  solution :  this  temperature  reaches  a  minimum,  at 
48'  C,  in  the  case  of  a  normal  (4  per  cent.),  solution,  but  rises  to 
lOO*'  C.  when  the  concentration  is  raised  to  30  per  cent. 

(2)  The  inflected  conductivity-temperature  curves  can  be  represented 
by  the  simple  cubic  formula 

where  r  is  the  temperature  of  inflection.  As  this  formula  is  unsatis- 
factory when  applied  to  curves  that  are  not  inflected  between  0"*  and 
100"  C,  a  formula  was  devised  which  was  based  upon  the  three 
factors  of  concentration,  ionisation  and  ionic  mobility,  on  which 
the  variations  of  specific  conductivity  depend.  The  influence  of 
temperature  on  the  density,  and  therefore  on  the  concentration,  has 
been  experimentally  determined  and  can  be  directly  allowed  for  ;  in 
order  to  express  the  influence  of  temperature  on  the  other  two  factors, 
it  has  been  assumed  that  the  variation  of  ionic  mobility  with  tempera- 
ture may  be  expressed  by  a  formula  similar  to  that  of  Slotte  for  the 
variation  of  fluidity 

and  that  the  decay  of  ionisation  with  rising  temperature  may  be 
expressed  by  a  formula  similar  to  that  of  Abegg  and  Seitz  for  the 
decrease  in  the  dielectric  constant 

D/Do  =  e"^. 

The  formula  '^  =  ^  (1  -H  W)*  «"*•*,  which  had  been  used  to  express 

to      po 

the  influence  of  temperature  on  conductivity,  has  the  advantages  that 
it  is  applicable  to  conductivity-temperature  curves  of  all  kinds,  that  a 
definite  physical  meaning  can  be  given  to  each  of  the  constants,  and 
that  it  gives  expression,  not  only  to  the  inflection  now  imder  considera- 
tion, but  also  to  the  maximum  conductivity  and  the  second  inflection 
in  the  general  conductivity-temperature  curve.*  What  is,  perhaps,  of 
even  greater  importance,  is  the  fact  that  it  has  been  found  possible, 
with  the  help  of  this  formula,  to  make  some  approximation  to  resolving 
the  two  opposing  influences  which  determine  the  form  of  this  curve. 

(3)  The  density  tables  for  caustic  soda,  in  general  use  until  about 
10  years  ago,  were  based  on  the  early  measurements  of  Dalton  and  of 

*  Loe.  cii,f  p.  52, 
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Tunnermaim  (1827).  A  revised  table  was  published  by  Hager  in 
1883,  but  the  first  table  in  which  even  the  second  place  of  decimals 
is  correctly  given  is  that  of  Pickering  (1894).  Pickering's  solutions 
were  prepared  from  piuified  material,  but  were  standardised  by  titra- 
tion, and  can  therefore  be  relied  on  only  to  the  third  place  of  decimals. 
The  re-determination  of  the  densities  was  undertaken  in  order  to 
obtain  a  method  of  standardisation  that  should  be  more  accurate  than 
titration.  Quantities  of  sodium,  amounting  to  about  150  grammes  at 
a  time,  were  weighed,  and  converted  quantitatively  into  concentrated 
solutions  of  sodium  hydroxide  by  the  action  of  steam  in  a  platinum 
vessel.  Eleven  determinations,  made  with  six  diiferent  standard 
solutions,  gave,  as  the  density  of  a  .50-per-cent.  solution,  the  value 
1*5268,  with  an  average  error  of  0*0001.  Solutions  of  known  concen- 
trations having  been  prepared  by  dilution,  their  densities  were  deter- 
mined ;  it  was  then  possible,  by  measuring  the  density,  to  determine 
the  percentage  of  sodium  hydroxide  in  any  pure  solution,  with  an 
error  only  one-tenth  as  great  as  that  introduced  in  standardising  by 
titration.  This  method  contributed  greatly  to  the  accuracy  of  the 
electrical  measurements  ;  in  the  absence  of  such  a  method,  the  measure- 
ments of  some  of  the  earlier  investigators  have  been  vitiated  by  errors 
in  the  concentration,  amounting  to  as  much  as  2  per  cent,  on  the  total 
weight  of  alkali  in  the  solution. 

(4)  The  determination  of  the  conductivity  at  18"  C.  of  solutions 
prepared  in  this  way  led  to  results  which,  although  slightly  different 
from  the  earlier  observations  of  Kohlrausch,  gave  a  curve  of  similar 
form.  The  maximum  conducti\'ity  at  18"  C.  is  0*3490  in  a  15-per-cent. 
solution,  the  value  given  by  Kohlrausch  being  0*3462.  At  higher  tem- 
peratures the  maximum  conductivity  is  considerably  greater,  rising  to- 
over  1*4  at  100**,  and  occurs  in  solutions  of  greater  concentration. 

(5)  The  viscosity  of  a  50-per-cent.  solution  of  sodium  hydroxide  is 
approximately  seventy  times  as  great  as  that  of  wat^r.  This  increase 
of  viscosity  must  produce  a  large  effect  on  the  ionic  mobility;  the 
influence  of  this  factor  may  be  to  some  extent  eliminated  by  dividing 
the  molecular  conductivity  by  the  fluidity,  and  this  ratio  we  have 
called  the  "intrinsic  conductivity"  of  the  solution.  Whilst  the 
molecular  conductivity  of  sodium  hydroxide  solutions  decreases 
steadily  as  the  concentration  is  increased,  the  intrinsic  conductivity 
falls  to  a  minimum  at  about  8  per  cent.  NaOH,  and  then  rises,  until 
at  50  per  cent.  NaOH,  the  value  is  considerably  greater  than  in  the 
most  dilute  solutions.  It  is  believed  that  this  increase  is  due  to  the 
fact  that  liquid  soda  is  an  electrolyte,  per  se,  and  that,  in  concentrated 
solutions,  the  current  is  conveyed  partly  by  the  soda  alone,  as  if  it 
were  in  the  fused  state. 

(6)  A  study  of  the  influence  of  temperature  on  the  density  revealed 
the  fact  that  the  addition  of  soda  produces  a  simplification  in  behaviour 
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that  may  be  attributed  to  the  destruction  by  the  soda  of  the  ice- 
molecules  present  in  the  water.    In  the  formula 

pt  =  po  +  a<  +  )8^  +  r^, 

which  represents  the  influence  of  temperature  on  the  density  of  water 
and  aqueous  solutions  of  soda,  the  coefficient  of  ^  vanishes  when  a 
concentration  of  12  per  cent.  NaOH  is  reached,  whilst  the  coefficient  of 
fi  vanishes  at  42  per  cent.  NaOH ;  at  the  latter  concentration  there  is 
a  simple  linear  relationship  between  density  and  temperature. 

(7)  The  molecular  volume  of  sodium  hydroxide  in  dilute  aqueous 
solution  has  a  large  negative  value,  a  litre  of  water  dissolving  140 
grammes  of  sodium  hydroxide  at  O"",  100  grammes  at  18*",  or  60  grammes 
at  50*",  without  increasing  in  volume.  It  is  noteworthy  that  the 
molecular  volume  does  not  increase  continuously  as  the  temperatiire 
rises,  but  reaches  a  maximum  value  at  about  70**  C.  In  a  50-per-cent. 
solution,  however,  the  temperature  has  little  effect  on  the  molecular 
volume,  the  extreme  variation  being  only  about  10  per  cent. 


"  The  Refractive  Indices  of  the  Elements."  By  Cuvb  Cuthbertson. 
Communicated  by  Professor  F.  T.  Trouton,  F.RS.  Received 
October  18,— Read  November  24,  1904. 

(Abstract.) 

In  a  letter  addressed  to  'Nature,'  in  October,  1902,  attention  was 
drawn  to  the  fact  that  the  refractivities  of  the  five  inert  gases  of  the 
atmosphere,  He,  Ne,  A,  Kr,  and  X,  as  determined  by  Ramsay  and 
Travers,  were,  within  narrow  limits  of  accuracy,  in  the  proportion  of 
1,  2,  8,  12  and  20;  or,  more  simply,  of  ^,  ^,  2,  3,  and  5. 

In  a  second  letter  it  was  shown  that  the  refractivities  of  the  halogens, 
CI,  Br,  and  I,  stand  also  in  the  relation  of  2,  3,  and  5  to  the  same 
degree  of  accuracy;  but  it  was  pointed  out  that  the  figures  for  P^ 
As,  and  S,  as  measured  by  M.  Le  Roux  in  1861,  did  not  show  any 
similar  relation ;  and  it  was  observed  that  a  redetermination  of  them 
would  be  interesting. 

With  a  Jamin's  refractometer,  adapted  for  use  with  high  tem- 
peratures, results  have  now  been  obtained  for  Hg,  P,  and  S,  which 
differ  widely  from  those  of  M.  Le  Roux.  The  index  of  mercury^ 
calculated  for  a  molecule  containing  two  atoms,  is  placed  at  1*001857^ 
a  number  which  agrees  closely  with  the  value  given  by  the  refractive 
equivalent  of  Gladstone.  The  index  of  P^  is  found  to  be  1*001197  and 
that  of  S2  is  1*001101. 

In  all  three  cases  it  is  estimated  that  the  margin  of  error  doo^  wi^Xi 
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exceed  1^  per  cent.  Onnpariiig  these  Tallies  for  Ps  and  S2  with  those 
of  N2  and  O2,  it  is  shown  that  the  simple  relations  found  in  the  case  of 
the  inert  g&ses  and  the  halogens  also  hold  in  the  case  of  nitrogen  and 
phosphorus,  oxygen  and  sulphur;  and  that  an  atom  of  phosphorus 
r^Anls  light  four  times  as  much  as  an  atom  of  nitrogen,  an  atom  of 
sulphur  four  times  as  much  as  an  atom  of  oxygen. 

Efforts  have  also  been  made  to  measure  the  index  of  fluorine  in  the 
gaseous  state,  but,  owing  to  the  experimental  difficulties,  success  has 
not  yet  been  attained. 

It  appears  then,  that,  out  of  fourteen  elements  whose  index  of 
refraction  has  been  measured  in  the  gaseous  state,  twelve  conform  to 
the  rule  that  in  each  chemical  group  the  refractivities  of  the  elements 
are  in  the  ratios  of  small  integers.  The  other  two,  Hg  and  H,  have  no 
allied  elements  with  which  they  can  be  compared. 

It   is    pointed    out    that    N,   O,  and  Ne  are  each  followed,  in 

Aeir    respective    families,    by    an    element    whose    refractivity    is 

four  times  as  great,  and   that,  consequently,  there  are  reasons   for 

believing  that  the  elements  composing  the  series  N,  O,  F,  and  Ne,  and 

P,  S,  CI,  and  A  are,   in  some  sense,  homologous.     Comparing  the 

refractivities  of  the  latter  series  we  see  that  the  power  to  retard  light 

appears  to  be  closely  connected  with  the  valency,  increasing  as   it 

increases,  in  spite  of  the  decrease  in  atomic  weight,  as  shown  in  the 

following  table : — 

Blemdiit. 
I ' ^ 

P.  s.  a.  A. 

Atomic  weight  31  32  35  5  40 

Refractivity   299x4    275x4       192x4       141x4 

The  series  Ne,  O,  N,  show  the  same  relation,  and  it  is  probable  that 
the  refractivity  of  C  is  even  higher  than  that  of  N. 

The  refractivity  of  B,  estimated  from  BCls  and  BBrs,  is  certainly 
very  great ;  but  whether  it  exceeds  that  of  C  there  is  not  sufficient 
evidence  to  determine. 
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"  Some  Physical  Characters  of  the  Sodium  Borates,  with  a  New 
and  Rapid  Method  for  the  Determination  of  Melting  Points." 
By  Charles  Hutchkns  Burgess  and  Alfred  Holt,  Junr. 
Communicated  by  Professor  H.  B.  DixoN,  F.R.S.  Received 
October  27,— Read  November  24,  1904. 

Some  time  ago  we  published  a  note*  containing  some  new  observa- 
tions on  the  solubility  of  metallic  oxides  in  fused  boric  anhydride. 
Since  its  pubHcation  we  have  been  further  studjnng  some  of  the  points 
therein  mentioned,  but  have  been  in  part  anticipated  by  W.  Guertler,t 
who  has  examined  many  of  the  phenomena  we  remarked,  in  a  more 
complete  manner.  As,  however,  our  experiments  do  not  cover  exactly 
the  same  ground  as  his,  we  have  arranged  in  the  following  paper  the 
results  relating  to  the  sodium  borates,  which  we  believe  are  completely 
new,  and,  at  the  same  time,  present  many  interesting  features  towards 
the  study  of  these  complex  bodies. 

When  a  quantity  of  ordinary  pure  borax  glass  is  heated  for  some 
hours  at  a  temperature  which  gives  it  about  the  consistency  of  a  thick 
syrup,  it  gradually  changes  to  a  mass  of  colourless  crystals.  The 
crystallisation  begins  at  two  or  three  points  on  the  surface  of  the  mass, 
generally  around  a  particle  of  dirt,  or  minute  fragment  of  imperfectly 
fused  borax,  and  spreads  in  more  or  less  spherulitic  growths  throughout 
the  glassy  portion.  As  the  crystals  grow,  there  appears  to  be  a 
contraction  of  volume,  since  the  glass  around  them  appears  as  raised 
hummocks,  and  a  subsequent  investigation  of  the  specific  gravities  of 
the  crystals  and  glass  showed  that  this  was  really  the  case. 

The  crystals  do  not  seem  to  grow  at  a  uniform  rate.  They  start 
rapidly,  but  as  development  continues,  they  take  longer  and  longer  to 
form,  so  that  many  hours  are  occupied  in  changing  from  pure  glass  to 
a  holocrystalline  aggregate. 

We  have  not  been  able  to  isolate  any  individual  crystals,  and  so 
study  their  characters,  but  the  whole  crystalline  mass  appears  to  be 
composed  of  dense,  matted  clusters  of  very  minute  needles,  which  are 
doubly  refracting,  and  have  a  pearly  lustre.  They  are  about  as 
soluble  in  water  as  ordinary  borax  glass,  are  not  hygroscopic,  and  melt 
at  a  higher  temperatiu*e  than  the  glass,  into  which  they  are  reconverted 
on  melting,  and  then  cooling  quickly. 

We  find,  however,  that  it  is  not  borax  glass  alone  which  exhibits 
this  phenomenon  of  crystallisation  on  reheating,  but  that  the  glasses 
obtained  by  fusing  mixtures  of  boric  anhydride  and  sodium  carbonate, 

•  *  Journ.  Chem.  Soc.  Proc.,*  1903,  p.  221. 

t  *  Zeit.  Anorg.  Chem./  toL  40,  2,  pp.  225  and  268 ;  to).  40,  8,  p.  337. 
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in  which  the  ratio  of  the  boric  anhydride  to  the  sodium  carbonate  ia 
not  2 : 1,  also  exhibit  it  in  varying  degree. 

Thus,  all  mixtures  in  which  the  ratio  varies  from  6:1  to  8 : 5,  give  a 
glass  when  fused,  and  are  all  capable  of  being  changed  completely  into 
crystals  on  reheating,  exactly  like  borax.  Mixtures  in  which  the  boric 
ai^ydride  is  present  in  greater  proportion  than  6  : 1,  only  change  with 
difficulty  on  prolonged  heating ;  and  when  they  do,  the  crystals  are 
always  found  to  be  mixed  with  more  or  less  truly  glassy  material,  till, 
when  the  ratio  40 : 1  is  reached,  it  seems  impossible  to  obtain  crystals 
at  alL  So  far  as  we  can  ascertain,  a  mixture  of  this  composition  is 
always  a  true  glass  in  any  circumstances. 

Mixtures,  on  the  other  hand,  in  which  the  ratio  of  boric  anhydride 
is  less  than  8 : 5,  when  fused,  and  allowed  to  cool,  yield  nearly  opaque, 
white  substances,  which  seem  to  be  micro-crystaUiiie.  Nevertheless, 
these  mixtures  if  heated  to  a  high  temperature,  and  then  suddenly 
chilled  by  being  poured  into  mercury,  abo  yield  glasses. 

The  glasses  obtained  by  this  sudden  chilling  seem  to  be  very 
unstable,  as  on  gently  heating  by  means  of  a  Bunsen  flame,  they 
change  completely,  and  almost  instantaneously,  into  crystals. 

There  seems  then  to  be  a  gradual  alteration  in  the  rapidity  and 
completeness  with  which  this  change  occurs,  and  as  it  seemed  probable 
that  the  crystaHisation  of  some  borate  rich  in  sodium  was  the  cause  of 
it,  we  proceeded  to  determine  what  was  the  composition  of  the  borate 
richest  in  sodium  which  could  be  obtained  by  fusing  boric  anhydride 
with  sodium  carbonate. 

When  boric  anhydride  is  fused  with  sodium  carbonate,  carbon 
dioxide  is  evolved,  and  the  product  may  be  regarded  as  boric 
anhydride  combined  with  sodium  oxide  (Na20).  Thus,  by  heating 
boric  anhydride  with  a  large  excess  of  sodium  carbonate,  and 
determining  the  amount  of  carbonate  decomposed,  the  greatest 
proportion  in  which  boric  anhydride  combines  with  sodiiun  oxide 
can  be  ascertained,  and  ought  to  give  the  composition  of  the  richest 
sodium  borate  obtainable  by  fusion. 

We  have  periormed  this  experiment  several  times,  and  have  obtained 
the  following  results  : — 

(i)  One  part  of  BsOs  combines  with  1*29  parts  Na20 
(ii)  One  „  „  1-34 

(iii)  One  „  „  132 

These  results  are  probably  a  little  too  low,  as  the  sodium  carbonate 
loses  some  carbon  dioxide  merely  on  heating  alone,  but  this  amount  is 
negligible,  and  does  not  in  any  way  affect  the  conclusion  that  the 
product  obtained  in  this  way  is  not  sodium  metaborate  (NaBOj),  in 
which  the  ratio  of  boric  anhydride  to  sodium  oxide  is  1:1,  and  that 
ll  sodium  orthoborate  (NasBOa),  in  which  the  ratio  is  1  :  3,  cannot  in  any 
ease  be  termed  by  fusion  of  boric  anhydride  and  sodium  carbonate. 
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The  object  of  the  research  became  thus  threefold : — 

(a)  To  determine  what  compounds  are  present  in  crystals  obtained 
with  various  mixtures  of  bone  anhydride  and  sodium  carbonate ; 

(b)  What  is  the  nature  of  the  glass ; 

(c)  What  is  the  nature  of  the  change  from  glass  to  crystals. 

The  most  obvious  method  seemed  to  be  to  determine  the  melting 
points  of  crystals  and  glasses  of  varying  composition,  to  see  if 
compounds  existed,  and  to  compare  and  correlate  the  melting  point 
curves  obtained.  To  do  this  it' was  necessary  to  employ  some  new 
melting  point  method,  as  none  is  known  by  which  the  melting  point  of 
glasses  can  be  determined  at  all  accurately. 

We  devised  an  apparatus  which  is  somewhat  similar  to  the 
"  meldometer  "  described  by  Joly,*  and  we  found  it  to  be  both  rapid 
and  peculiarly  suitable  in  the  case  of  plastic  substances,  which  have 
hitherto  been  supposed  to  possess  no  definite  melting  point.f  Our 
apparatus  is  represented  in  fig.  1. 

Fio.  1. 


^. 


1 


i. 


•f 


A  uniform  piece  of  platinum  wire,  AA,  about  4  cms.  long,  was 
welded  to  two  stouter  pieces  of  the  same  metal,  BB.  These  were 
sealed  into  two  thin  glass  tubes,  and  were  welded  to  two  thick  copper 
wires,  CC,  which  conveyed  the  current.  The  whole  was  fixed  by  two 
rubber  stoppers  in  a  glass  tube,  with  an  opening  at  D. 

A  small  bead  of  the  material  whose  melting  point  was  desired,  was 
made  on  one  end  of  a  very  thin  platinum  wire,  to  which  a  weight  of 
about  a  gramme  was  attached. 

A  current  of  4 — 6  amperes  was  passed  through  the  wire  AA  so  as  to 
raise   its   temperature   considerably  above   that  at  which   the   bead 

•  *  Boy.  Irish  Acad./  1889. 

t  We  use  the  words  '* melting  point"  to  denote  the  sudden  decrease  in  yiscosity 
which  occurs  at  a  very  well  defined  temperature  in  glasses. 


288  Me68i8.  C.  H.  Burgess  and  A.  Holt»  Junr.       [Oct.  27, 

melted.  The  bead  was  then  inserted  through  the  opening  D,  when  on 
touching  the  wire  it  became  fused.  The  current  was  switched  ott,  and 
the  bead,  on  solidifying,  ranained  attached  to  the  edge  of  the  wire  AA. 
Air  currents  wore  prevented  by  closing  the  opening  D  with  a  test-tube. 

A  slowly  increasing  current  was  then  passed  through  the  wire  till 
the  portion  of  the  bead  in  contact  with  it  melted,  when  the  wei^t  and 
bead  fell  into  the  test-tube.  The  moment  this  occurred,  the  voltage 
between  the  ends  of  the  wire  and  the  amperes  passing  through  it  were 
carefully  noted.  From  the  values  obtained  the  resistance  was  calcur 
lated,  and  thence  the  temperature. 

The  weight  hanging  from  the  bead  had  no  decided  effect  oii 
the  melting  point.  We  found  that  with  weights  varrying  from 
0*2 — 5  grammes,  the  bead  dropped  off  at  practically  identical  tem- 
peratures. This  temperature  at  which  beads  of  various  compounds 
drop  off  the  wire  is  extremely  well  defined,  even  in  the  case  of 
substances  which  become  plastic  on  heating,  like  glass,  so  that  provided 
no  chemical  change  occurs  during  the  heating,  the  method  proved 
rapid  and  elegant.  A  certain  amount  of  heat  is  conducted  away  by 
the  ends  of  the  thick  platinum  wires  BB  to  which  the  thinner  one  AA 
is  welded,  and  also  by  the  bead  itself.  It,  therefore,  became  necessary 
to  calibrate  the  wire  by  means  of  pure  salts  of  known  melting  points. 

We  found  this  was  a  matter  of  some  difficulty,  as  very  many  of  the 
most  ordinary  salts  were  found  to  decompose  to  some  extent  on 
heating.  Sodium  chloride,  sodium  carbonate,  potassium  iodide, 
calcium  chloride,  and  strontium  chloride  all  underwent  change.  Of 
these  salts  sodium  chloride  was  very  little  attacked,  but  after  only  a 
few  minutes'  fusion  we  found  it  had  absorbed  quite  an  appreciable 
amount  of  oxygen,  being  converted  into  the  peroxide.  Potassium 
iodide  changed  in  part  to  iodate,  sodium  carbonate  to  the  peroxide, 
and  calcium  and  strontium  chlorides  to  the  oxides. 

These  changes  completely  prevented  any  accurate  melting  point 
determinations,  so  after  repeated  trials  we  adopted  potassium  nitrate, 
lithium  chloride,  and  potassium  chloride  as  standards.  It  is  tme  that 
potassium  nitrate  decomposes  on  heating,  but  as  the  nitrite  (to  which 
it  changes)  has  almost  the  same  melting  point,  the  small  amount  of 
ohange  was  found  to  be  immaterial.  The  chlorides  we  employed 
seemed  to  be,  on  the  whole,  very  stable. 

The  melting  points  given  in  Camelley's  tables  for  these  three  standard 
substances  were  assumed  as  correct;  they  were  used  in  fixing  three 
points  on  the  temperature-resistance  curve. 

Thus,  any  temperature  between  the  melting  points  of  potassium 
nitrate  and  potassium  chloride  could  be  obtained  by  interpolation  from 
the  measured  resistance,  and  those  above  the  melting  point  of  potassium 
chloride  by  extrapolation.  The  results  did  not  seem  to  contain  an 
error  larger  than  1  per  cent.,  so  that  we  considered  the  meUiod  wis 
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satisfactory  etiough.  The  melting  point  curvee  for  the  gluaea  and 
crygtals  are  represented  on  fig.  2.  The  curve  for  the  passes  presents 
some  features  which  are  difficult  to  explain,  since,  so  far  ae  we  are 
aware,  no  such  curve  has  before  been  described. 
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The  addition  of  sodium  oxide  to  boric  anhydride  raises  the  melting 
point  contuiuously  till  a  mixture  of  composition  Nai0.4B)0g  is  reached. 
There  seems  to  be  no  depression  of  the  melting  point  at  s-tl,  thereby 
differing  from  the  case  of  ordinary  solution,  and  indicating  the 
probability  that  there  is  no  solid  phase. 

The  curve  then  remains  fairly  level  till  a  composition  Na,0.2B20g  is 
reached,  when  it  falls  irregularly  to  3Na30.4BgOg. 

The  last  point  we  could  obtain  on  this  curve  was  with  composition 
NaiO.BjOg,  where  the  melting  point  practically  cmncided  with  the 
temperature  of  change  from  the  glassy  to  the  crystalline  state  of  this 
mixture.  Indeed  it  is  a  little  above  it,  but  it  was  possible  by  fturly 
rapid  heating  to  melt  the  bead  before  the  change  had  occurred. 

At  present  we  are  unable  to  state  exactly  what  the  meaning  of  this 
melting  point  curve  for  the  glasses  may  be.  Qlassea  have  hitheito  been 
supposed  to  possess  no  sharp  melting  point,  but  this  does  not  seem  to 
be  the  case,  as  our  results  for  each  different  temperature  were  remark- 
ably close  and  well  defined. 
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The  mdtiiig  poiiit  cuire  f oi;  the  crystals  is  more  easily  explainable 
than  that  <rf  the  glass. 

We  were  unable  to  obtain  any  point  on  it  between  pore  boric 
anhjrdride  and  a  mixtore  of  composition  Nai0.4BsQs.  This  was 
because  the  crystallisation  of  the  small  mass  of  substance  in  the  beads 
we  employed  for  the  melting  point  determinations  took  an  extremely 
long  time,  and  also  because  the  devitrification  was  never  complete 
except  in  the  neighbourhood  of  the  mixture  Nai0.4B208. 

From  a  mixture  of  composition  Na^O.iBsOs  the  melting  point  falls 
nearly  uniformly  till  SNasO.SBsQs  is  reached,  at  which  point  it  begins  * 
to  rise  rapidly.    The  mixture  5Na30.8B208  would  then  appear  to  be  a 
marked  eutectic  point. 

The  summit  of  the  curve  is  reached  with  composition  SNajO.iBsOs, 
^hen  it  falls  again  to  a  mixture  which  may  be  considered  to 
have  the  composition  5Na80.4B^8  +  4Na2C08,  and  which  represents 
the  eutectic  point  between  SNasO.iBsOs  and  NasCOs. 

The  further  addition  of  sodium  carbonate  causes  a  gentle,  almost 
uniform  rise  in  the  melting  points. 

As  the  summit  occurs  with  composition  5Na20.4B208,  and  as 
this  very  nearly  agrees  with  the  analysis  of  the  borate  richest  in 
sodium,  which  can  be  obtained  on  fusion  of  boric  anhydride  and 
sodium  carbonate,  this  would  seem  to  indicate  a  compound. 

The  results  of  these  melting  point  determinations  of  the  crystalline 
mixtures  indicate  that  borax  (Na20.2B208)  is  not  a  definite  compound 
in  this  state,  but  is  almost  a  eutectic  mixture  of  the  borate  with  com- 
position 5Na20.4B208  and  one  of  composition  Na20.4B208,  for  the 
existence  of  which  we  have  other  evidence. 

This  melting  point  curve  for  the  crystalline  forms  of  these  various 
mixtures  cannot  be  regarded  as  truly  representing  either  the  sdidus  or 
liquidiis.  It  seems  probable  that  in  this  case  they  are  situated  close  to 
each  other,  and  that  our  melting  points  really  represent  temperatures 
close  to  the  liquidus.  The  fact  that  a  mass  of  crystals  would  apparently 
melt  almost  completely  at  an  almost  constant  temperature  .certainly 
indicates  that  there  cannot  be  any  very  great  difference  between  the 
liquidus  and  solidus,  and,  as  in  the  cases  studied  by  Heycock  and 
Neville,  that  the  actually  determined  melting  points  lie  probably  very 
near  to  the  liquidus. 

The  following  table  gives  the  melting  points  for  the  various  glasses 
and  crystals : — 
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Melting  point. 


/ > V 


Compoiition  of  mixture.  Glass.  Crystals. 

BjOs    468'*  — 

Na2O.40B2O8 470  -:- 

NaaO.lGBsOg 528  — 

NaaO.iRjOs    628  858** 

NaaO.iB^Os    628  791 

9Na20.16B208    613  — 

SNaaO.SBaOs  620  777 

SNaaO.iBaOs  610  815 

Na20.B203 615  930 

5Na20.4B203 —  960 

5Na20.4R208  4-  NaaCOs —  917 

5Na20.4B203  4-3Na2C08  ...  —  783 

5Na20.4B203  +  4Na2C08   ...  —  654 

5Na20.4B208  +  5Na2C08    ...  —  664 

5Na20.4B208  +  6Na2C03    ...  —  692 

5Na20.4B203  +  7Na2C08   ...  —  685 

5Na20.4B208  +  27Na2C03  ...      —  722 

We  have  analysed  a  number  of  the  glasses  and  crystals  obtained 
with  various  mixtures,  and  obtained  most  unexpected  and  interesting 
results. 

The  analysis  of  a  borate  is  always  a  matter  of  difficulty,  but  we 
found  the  following  method  worked  quite  well,  and  gave  accurate 
results.  A  weighed  quantity  of  the  substance  (glass  or  crystals  in 
very  fine  powder)  was  evaporated  to  dryness  twice  with  fairly  strong 
hydrochloric  acid.  By  this  means  all  the  sodium  was  converted  into 
the  chloride.  The  dry  powder  thus  obtained  was  repeatedly  treated 
with  small  quantities  of  methyl  alcohol,  and  evaporated  to  dryness. 
By  this  means  all  traces  of  hydrochloric  acid  were  removed,  as  well  as 
the  whole  of  the  boracic  acid,  so  that  pure  sodium  chloride  remained. 
This  was  dissolved  in  water  and  estimated  by  titration  with  N/10  silver 
nitrate  solution,  using  potassium  chromate  as  indicator. 

The  complete  separation  of  the  crystals  from  the  glass  was  by  no 
means  an  easy  matter.  We  found  that  quite  the  easiest  and  most 
satisfactory  method  was  to  crush  up  the  substance  into  coarse  powder, 
and  then  to  pick  out  with  forceps  the  really  glassy  fragments  and  the 
crystalline  masses.     This  was  quite  easy  by  using  a  lens. 

Though  the  crystals  and  glass  have  different  specific  gravities,  it 
was  not  found  possible  to  obtain  a  real  separation  by  means  of  a 
heavy  liquid.  This  was  because  pieces  of  material  which  looked 
wholly  crystalline  often  contained  glass  in  the  interior,  so  that  they 
would  float  anywhere  in  the  liquid. 

We  also  tried  extraction  with  hot  methyl  alcohol  which  is  a  aolyent 
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for  boric  anhydride,  for,  if  the  crystak  had  been  due  to  a  separation  of 
a  borate  from  its  solution  in  boric  anhydride,  this  should  have  left  the 
compound  pure.  As  a  matter  of  fact  we  found  that  the  methyl 
alcohol  decomposed  both  the  crystals  and  glass,  giving  methyl  borate, 
boracic  acid,  and  sodium  methylata  Both  j^ass  and  crystals  were 
decomposed  at  the  same  rate. 

Attempts  to  use  water  as  a  means  of  separation  were  also  failures, 
since  the  solubility  of  both  glass  and  crystals  is  about  the  same. 

The  results  of  our  analyses  are  as  follows : — 

(i)  Mixture  of  ComposUion  abotU  Na20.2B208. — This  mixture  crys- 
tallised completely  in  a  few  hours,  giving  a  hard,  white,  completely 
crystalline  mass.  When  about  two-thirds  had  crystallised  the  glass 
and  crystals  were  separated,  and  gave  on  analysis  : — 

Glass  =  30*9  per  cent  Na20 ;  crystals  =  31*0  per  cent.  Na20. 

(ii)  Mfxture  of  ComposUion  about  dNasO.SBsOs. — This  crystallised 
completely,  and  had  the  same  characters  as  (i). 
On  analysis  obtained  : — 

Glass  =  .25'86  per  cent.  Na20 ;  crystals  =  25*81  per  cent.  NagO. 

(iii)  Mixture  of   Composition    about   Na20.4B208. — This   crystallised 
completely,  and  had  the  same  characters  as  (i). 
On  analysis  obtained  : — 

Glass  =  18*70  per  cent.  NajO;  crystals  =  18*67  per  cent.  NajO. 

(iv)  Mixture  of  Composition  about  Na20.6B208. — This  crystallised 
very  nearly  completely,  but  seemed  to  contain  small  translucent  glass* 
like  fragments. 

On  analysis  obtained  : — 

Glass  =11*5  per  cent.  NaiO;  crystals  =  13*7  per  cent.  Na20. 

(v)  Mixture  of  Composition  about  Na20.8B208. — This  did  not  crystal- 
lise completely.  After  very  prolonged  heating  it  nearly  all  changed 
to  a  crystalline  mass  with  an  almost  waxy  lustre,  but  which  was  not 
really  wholly  crystalline.  There  was  always  in  addition  a  portion  of 
the  mass  which  remained  a  glass. 

On  analysis  obtained : — 

Glass  =  10*06  per  cent.  Na^O ;  crystals  =  11*90  per  cent.  Na^O. 

(vi)  Mixture  of  Composition  about  Na.20.12B203. — Only  about  half 
would  crystallise,  and  this  took  a  very  long  time. 
On  analysis  obtained  : — 

Glass  =  2*1  per  cent.  Na20 ;  crystals  =  12*2  per  cent.  NajO. 

(vii)  Mixture  of  Composition  about  Ka20.16B208. — After  heating  this 
mixture  for  several  days  only  a  very  small  amoiut  crystallised. 
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On  analysis  obtained : — 
Glass  =  4*18  per  cent.  Na20;  crystals  =  10*02  per  cent.  NagO. 

(viii)  Mixture  of  Composition  about  NagO.iORiOa. — This  could  not 
be  crystallised  at  all. 

From  these  numbers  it  appears  that  with  mixtures  between 
Na20.4B208  and  Na20.2B203  the  crystals  and  glass  have  absolutely 
identical  composition,  but  with  mixtures  containing  more  boric  anhy- 
dride than  Na20.4B203,  only  a  part  (decreasing  in  quantity  as  the 
amount  of  boric  anhydride  present  increases)  crystallises,  and  this 
part  has  approximately  the  composition  Na20.6B208. 

As  the  crystals  of  the  mixture  of  this  composition  contain  more 
sodium  than  the  glass,  it  seems  probable  that,  could  one  obtain  the 
crystals  really  pure  and  not  entangling  any  glass,  the  composition 
might  approach  that  of  Na20.4B208. 

The  nearness  in  composition  of  the  crystals  obtained  from  mixtures 
varying  from  Na20.16B208  to  Na20.6B208  makes  it  seem  fairly  certain 
that  it  is  the  same  compound  which  separates  out  in  all  of  them,  and 
that  the  differences  in  the  analyses  are  due  to  the  crystals  being  mixed 
with  more  or  less  glass  which  it  was  impossible  to  remove.  In  experi- 
ment (vi)  the  crystals  and  glass  were  particularly  well  separated,  and 
the  result  is  shown  by  the  great  difference  in  their  analyses. 

It  seemed  so  curious  that  with  mixtures  of  composition  Na20.2B208 
to  Na20.4B208  the  glass  and  crystals  should  give  similar  analytical 
results,  that  we  thought  it  worth  while  to  try  fractional  crystallisation 
of  the  glasses,  to  see  if  we  could  detect  any  differences  between  the 
different  crystalline  portions. 

The  analyses  of  these  various  portions  gave  the  following  results  : — 

(i)  For  a  mixture  of  composition  about  Na2O.2B.2O3 — 

Per  cent.  Na.»0. 

First  portion    glass        =  29*7 

crystals  =  29*3 

Second  portion    glass  =  29  9 

crystals  =  29*2 

Third  portion  glass  =  30-3 

crystals  =  30*5 

Fourth  portion     glass  =  30*2 

crystals  =  30*  I 

(ii)     For  a  mixture  of  composition  about  Na20.4B20s — 

Per  cent.  Na«0. 

First  portion    glass       =  18*7 

crystals  =  18-6 

Second  portion    glass       =  18*6 

crystals  =  18'4 
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We  also  fractionally  crystallised  borax  itself  five  times,  when  the 
final  crystalline  portion  was  found  to  contain  30*8  per  cent.  NajO, 
theory  for  Na2B407  requiring  30*7  per  cent.  Na20. 

These  differences  are  negligible,  and  the  crystals  that  separate  out 
from  the  glass  have  exactly  the  same  composition  from  the  beginning. 

These  results  show  at  once  that  this  crystallisation  is  not  due  to  the 
separation  of  any  single  compound  as  we  had  previously  supposed,  but 
that  it  is  more  probably  due  to  the  formation  of  mixed  crystals  or  a 
solid  solution  from  a  superfused  liquid. 

All  the  various  crystalline  fractions  obtained  from  any  one  glass  of 
composition  Na2O.4B.2O8  to  Na20.2B203  were  found  to  melt  at 
identical  temperatures,  as  also  did  the  residual  glasses.  Further,  the 
crystalline  portions  when  melted,  gave  glasses  which  had  a  melting 
point  identical  with  that  of  the  previous  residual  glass,  and  these 
residual  glasses  could,  in  their  turn,  be  changed  to  crystals  with 
similar  melting  points  to  those  which  had  originally  been  separated. 

This  shows  most  conclusively  the  identity  of  the  crystals  and  glass 
in  chemical  composition.  We  have  also  determined  in  the  case  of 
several  mixtures  the  temperatures  at  which  this  crystallisation  takes 
place.  The  curve  indicating  these  temperatures  is  shown  in  fig.  2  by 
the  line  joining  AA. 

A  bead  of  the  glass  was  put  on  the  platinum  wire  of  our  melting 
point  apparatus,  and  the  temperature  raised  extremely  slowly,  whilst 
the  bead  was  watched  with  a  lens.  In  the  case  of  those  mixtures 
which  melted  before  the  change  occurred,  no  weight  was  attached  to 
the  bead.  The  crystallisation  appeared  to  start  at  a  fairly  well  defined 
temperature,  and,  if  it  was  maintained,  would  gradually  spread  through 
the  bead. 

It  is  a  little  hard  to  say  exactly  what  is  the  meaning  of  this  curve 
AA,  fig.  2,  and  all  that  seems  certain  is  that  it  gives  approximately 
the  temperatures  at  which  the  rate  of  crystallisation  assumes  a  sufficient 
velocity  to  visibly  change  the  state  of  the  substance. 

From  a  consideration  of  the  melting  point  curves,  together  with  the 
analytical  and  other  observations  we  have  described,  it  is  possible  to 
form  some  idea  as  to  the  nature  of  these  glasses  and  the  crystals  into 
which  they  are  wholly  or  partially  transformable. 

The  glass  must  be  regarded  as  a  superfused,  and,  therefore,  metastable 
form  of  the  crystals,  behaving  in  several  respects  as  if  it  were  a  liquid 
of  enormous  viscosity. 

Now,  on  considering  the  behaviour  of  the  glasses  ranging  in  composi- 
tion from  pure  boric  anhydride  to  Na20.6B208,  it  will  be  noticed  that 
the  supposition  of  the  existence  of  a  borate  of  about  the  composition 
Na20.5B203,  which  is  dissolved  in  boric  anhydride,  will  explain  the 
observed  facts.  A  mixture  of  composition  Na2O.40B2O8  cannot  be 
crystallised  at  aJJ,  and  one  of  composition  Na20.16B208  only  partially 
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crystallises,  hence  some  point  between  these  mixtures  will  give  the 
maximum  solubility  of  this  borate  in  boric  anhydride.  On  further 
increasing  the  amount  of  this  borate  present,  the  glass  becomes  a 
supersaturated  and  superfused  liquid,  the  amount  of  crystallisation 
measuring  the  supersaturation. 

Somewhere  between  Na20.6B208  and  Na20.4B208  no  free  boric 
anhydride  remains  in  the  solution,  and  the  whole  mass  will  crystallise 
for  the  first  time. 

On  further  addition  of  sodium,  another  borate  of  composition  near 
5Na20.4B208  begins  to  be  formed,  and  we  have  shown  that  in  any 
mixture  between  these  two  compounds,  both  crystals  and  glass  have 
identical  compositions.  We  are  here  probably  dealing  with  a  case  of 
solid  solution,  and  the  glass  is  merely  its  superfused  form. 

The  character  of  the  curve  would  indicate  that  there  are  two  types  of 
crystals,  one  rich  in  B2O8,  the  other  rich  in  NajO,  and  the  lowest  point 
of  the  curve  is  the  eutectic  point  formed  by  mixtures  of  these  two. 

That  the  crest  of  the  curve  does  not  occur  with  the  composition 
Na^O.BsOg  can  be  most  conveniently  explained  by  the  fact  that  solid 
solutions  cannot  be  treated  as  pure  substances,  and  so  a  slight  shifting 
of  the  maximum  point  is  to  be  expected.  The  further  depression  of 
the  melting  point  curve  probably  indicates  the  eutectic  point  between 
these  crystals,  rich  in  Na20,  and  sodium  carbonate. 

In  conclusion  we  wish  to  express  our  thanks  to  P^f  essor  H.  B.  Dixon 
and  Mr.  D.  L.  Chapman,  for  the  kindly  interest  they  have  taken  in 
our  work. 
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"  On  the  Group  IV  Lines  of  Silicium."  By  Sir  Nokman  Logkysb, 
K.C.B.,  LL.D.,  Sc.D.,  F.R.S.,  and  F.  E.  Baxandall,  A.RC.SC. 
Received  October  11, — Sead  November  17,  1904. 

[Plates  11  Airo  12.] 

In  previous  communications  to  the  Royal  Society"^  an  account  was 
given  of  the  behaviour  of  the  Jines  of  silicium  under  varying  experi- 
mental conditions,  and  as  a  result  of  this  enquiry,  the  lines  were 
divided  into  four  distinctive  groups. 

In  these  papers  no  reproductions  of  the  silicium  spectra  were  given, 
a  description  of  the  behaviour  of  the  lines  in  the  various  photographs 
being  at  the  time  considered  sufficient. 

The  genuineness  of  the  lines  of  Group  IV,  as  silicium  lines,  has 
recently  been  questioned  by  M.  de  Gramont.  In  his  papert  he  gives 
an  accoimt  of  the  effect  of  self-induction  on  the  various  groups  of  lines 
into  which  the  silicium  spectrum  was  divided  from  a  study  of  the 
Kensington  photographs.  He  also  gives  an  analysis  of  these  lines 
with  regard  to  their  appearance  in  stellar  spectra.  He  agrees  as  to 
Groups  I,  II,  and  HI,  but  states  that  the  lines  of  Group  IV  always 
disappear  from  his  spectra  with  the  air  lines,  and  he  concludes  from 
this  that  they  are  not  genuine  lines  of  silicium,  but  belong  to  either 
oxygen  or  nitrogen.  This  conflicts  so  much  with  the  conclusions 
arrived  at  from  the  investigations  of  the  Kensington  photographs 
that  it  becomes  necessary  to  give  the  photographic  evidence  on  which 
the  lines  were  accepted  as  being  due  to  silicium. 

The  wave-lengths  of  the  lines  of  Group  IV  are  4089*1,  4096*9,  and 
4116*4.  Of  these  three,  4096*9  is  quite  insignificant  in  intensity 
compared  with  the  other  two,  and  as  it  is  so  weak  as  not  to  be  Shown 
in  the  reproductions  of  the  photographs,  it  may  well  be  left  out  of  the 
present  discussion.  It  may  here  be  stated  that,  according  to  Neovius, 
there  is  a  weak  and  diffuse  oxygen  line  (Intensity  1)  at  X  4089*2,  and  a 
weak  nitrogen  line  (Intensity  <1)  at  X4116*7;  which  are  very  nearly 
the  positions  of  the  silicium  lines.  Whether  these  are  the  lines  which 
M.  de  Gramont  gets  in  his  spectra — he  records  both  in  his  lists  as  very 
faint — it  is  not  possible  to  say,  but  that  they  are  not  the  lines  which 
appear  in  the  Kensington  photographs  will  probably  be  readily 
admitted  when  the  reproductions  of  the  spectra  in  the  present  paper  are 
carefully  examined. 

The  spectrum  A  shown  in  Plate  11  is  that  given  by  an  electric 
discharge  in  a  vacuum  tube  containing  silicium  tetra-fluoride.  The 
bottom  portion  is  that  from  the  incandescent  gases  in  the  bulb  of  the 

•  •  Roy.  Soc.  Proc.,*  toI.  65,  p.  449 ;  vol.  67,  p.  403. 
t  *  Comptes  Kendu*,*  toI.  139,  p.  188. 
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tube,  the  top  that  from  the  capillary,  both  photographed  during  the  same 
exposure.  The  transverse  white  line  represents  the  junction  of  the 
spectra  of  the  bulb  and  capillary.  In  the  top  portion  the  silicium  lines 
of  Groups  II,  III,  and  IV,  are  well  seen,  and  also  the  ordinary  lines  of 
oxygen,  these  being  indicated  in  the  reproduction.  The  triplet 
marked  0  is  one  of  the  most  conspicuous  features  of  the  spark 
spectrum  of  oxygen,  and  the  individual  lines  are,  according  to  Neovius, 
the  strongest  in  the  oxygen  spectrum.  It  will  be  seen  that  the  Si  IV 
line  4089*1  is  stronger  than  any  of  the  oxygen  triplet  lines,  while  the 
line  411 6' 1  is  about  as  strong  as  the  latter.  As  the  oxygen  and  nitrogen 
lines  of  Neovius  which  occur  near  these  lines  are  of  intensity  (1)  and 
( <  I)  respectively,  it  is  evident  that  if  the  lines  ascribed  to  Si  IV  in  the 
Kensington  spectra  are  really  due  to  air,  as  M.  de  Gramont  contends, 
they  must  undergo  a  remarkable  transformation  as  regards  intensity  in 
passing  from  the  conditions  of  the  ordinary  spark  spectrum  to  those  of 
the  vacuum  tube.  There  is,  however,  no  indication  of  the  selective 
enhancement  of  these  faint  air  lines  in  the  Kensington  spectra  of  air 
under  the  vacuum  tube  conditions. 

It  will  be  instructive  to  trace  the  behaviour  of  these  different  sets  of 
lines  in  the  two  portions  of  the  spectrum  shown  in  Plate  11.  It  will  be 
noticed  that  in  the  bottom  or  bulb  portion  of  the  spectrum  the  oxygen 
triplet  survives,  though  it  is  very  weak.  The  Si  IV  lines,  however, 
one  of  which  is  stronger  in  the  top  spectrum  than  the  oxygen  lines, 
have  entirely  disappeared.  As  to  the  silicium  lines  of  Groups  II  and  III, 
they  are  represented  in  the  bulb  spectrmn ;  both  sets,  however,  being 
weaker  than  in  the  capillary  spectrum,  the  weakening  in  intensity 
being  more  marked  in  the  case  of  Group  III  than  Group  II.  It  is  thus 
seen  that  the  conditions  appertaining  to  the  gases  in  the  bulb  are 
conducive  to  the  existence  of  the  lines  of  Group  II ;  less  so  to  those  of 
Group  III ;  and  not  at  all  to  those  of  Group  IV. 

In  B  of  Plate  1 1  the  Si  F4  spectrum  is  reproduced  alongside  that  of 
€  Orionis.  The  identity  of  position  of  the  oxygen  triplet  and  Si  IV 
lines  with  lines  in  the  stellar  spectrum  is  there  denoted.  It  may  here 
be  stated  that  the  stellar  and  terrestrial  spectra  do  not  exactly  fit 
throughout  their  whole  length,  owing  to  the  fact  that  they  were 
obtained  with  different  prisms. 

In  A  of  Plate  12  the  spectrum  shown  in  the  top  part  of  A  Plate  11  is 
compared  with  the  ordinary  spark  spectrum  of  air.  The  lines  4089*1 
and  4116*4  of  Si  IV,  which  are  strongly  marked  in  the  vacuum  tube 
spectrum,  are  entirely  lacking  in  the  air  spectrum,  although  the  oxygen 
triplet  previously  referred  to  is  common  to  both  spectra  and  of  about 
equal  intensity  in  each. 

In  B  of  Plate  12  the  spark  spectrum  of  sodium  silico-fluoride, 
volatilised  between  platinum  poles,  is  compared  with  the  spectrum 
of    air,    also  made  incandescent  between  platinum  poles.      In  each 
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gpeotmm  the  ordinary  lines  of  oxygen  and  nitrogen  are  well  seen. 
The  Bilieinm  linee  4089*1  and  4116*4,  denoted  in  the  reproduction,  are 
shown  in  the  top  spectrum,  but  they  are  entirely  lacking  in  the  air 
spectrum  at  the  bottom.  It  would  be  remarkable  that  these  lines,  if 
really  due  to  air,  should  not  appear  in  the  air  spectrum  itself.  More- 
over, the  lines  do  not  appear  in  the  spark  spectra  of  any  of  the 
chemical  elements  investigated  other  than  silicium,  although  in  all 
these  the  ordinary  air  lines  are  always  well  shown. 

To  sum  up,  the  lines  of  Group  IV  have  never  been  noted  in  any 
Kensington  spectra  without  being  accompanied  by  silicium  lines  oi 
other  groups,  and  they  never  appear  unless  silicium  in  some  form  or 
other  is  used  in  the  light  source  furnishing  the  spectrum. 

With  regard  to  their  identity  with  stellar  lines,  whatever  their 
true  terrestrial  origin  may  be,  there  is  scarcely  any  doubt.  They 
agree  exactly  in  wave-length  with  very  strong  lines  in  the  spectra  of 
the  belt  stars  of  Orion,  and  with  less  conspicuous  lines  in  many  other 
stellar  spectra,  for  which  no  other  satisfactory  origin  has  been  suggested. 


**  On  Chemical  Combination  and  Toxic  Action  as  exemplified  in 
Haemolytic  Sera."*  By  Robert  Muib,  M.D.,  Professor  of 
Pathology,  University  of  Glasgow,  and  Carl  H.  Browning, 
M.B.,  Ch.B.,  Cam^e  Research  Fellow,  University  of  Glasgow. 
Communicated  by  Dr.  C.  J.  Martin,  F.RS.  Received 
November  10, — Read  December  1, 1904 

It  is  now  well  known  that  the  action  of  a  hsBmolytic  serum  depends 
upon  two  substances,  viz. :  (a)  the  immime-body,  which  is  developed 
as  the  result  of  the  injection  of  the  red  corpuscles  of  an  animal  of 
different  species,  and  (b)  the  complement,  a  labile  substance  which  is 
present  in  the  serum  of  the  normal  animal,  and  which  is  not  increased 
as  the  result  of  such  injection.  Ehrlich  has  pointed  out  the  similarity 
in  the  constitution  of  complements  and  of  various  toxins,  and  our  own 
observations  strongly  support  his  views.  We  may,  in  the  study  of 
haemolysis,  consider  the  complement  as  a  toxin,  the  red  corpuscles 
treated  with  the  appropriate  immime-body  as  the  object  on  which  the 
toxin  is  to  act,  and  the  haemolysis  as  the  indication  of  the  toxic  action. 
Ehrlich  regards  the  complement  as  consisting  of  two  chief  atom-groups, 
the  haptophore  or  combining  group  and  the  zymotoxic ;  but  in  speaking 
of  the  action  of  sera  he  does  not  always  carry  out  this  distinction 
completely.  For  example,  the  efficiency  of  different  complements  as 
tested  by  their  hsemolytic  or  bacteriolytic  effects  is  often  taken  as 

*  The  expenses  of  thu  reeeuoh  were  defnjed  by  a  grant  from  the  Garaegie 
Trustees. 
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evidence  of  the  degree  of  chemical  affinity  between  the  complements 
and  the  immune-body.  But  it  is  manifest  that  theoretically  a  com- 
plement may  combine  perfectly  through  the  medium  of  the  immune- 
body,  and  yet  produce  little  haemolysis,  owing  to  the  absence  of 
sensitiveness  to  the  zymotoxic  group — combination  or  "complementing" 
mAy  occur  and  yet  haemolysis  be  deficient  or  absent.  The  question 
which  we  have  investigated  is  accordingly  this — Where  different 
complements  differ  in  their  action  as  shown  by  the  dosage,  both  of 
complement  and  of  immune-body  required,  does  this  depend  upon 
differences  in  their  combining  affinities  or  upon  differences  in  their 
toxicity  ? 

In  working  out  this  problem  we  have  made  use  of  three  sera,  viz. : 
(a)  the  serum  of  the  rabbit  injected  with  ox's  corpuscles,  therefore 
haemolytic  towards  ox's  corpuscles,  (6)  the  serum  of  the  rabbit  injected 
with  guinea-pig's  corpuscles,  {c)  the  serum  of  the  guinea-pig  injected 
with  rabbit's  corpuscles.  In  each  case  the  hsemoly  tic  serum  is  deprived 
of  its  complement  by  heating  at  55°  C.  and,  therefore,  contains  only 
immune-body ;  it  is  accordingly  inactive  until  complement  (i.^.,  normal 
serum)  is  added. 

In  this  and  the  other  tables  the  following  abbreviations  are  used : 
IB  =  immune  body,  and  v.  is  placed  before  the  name  of  the  animal 
on  whose  corpuscles  the  immune-body  acts,  thus  IB  rathit  v.  guineorpig 
signifies  the  immune-body  o1)tained  from  the  rabbit,  and  acting  on 
guinea-pig's  corpuscles,  C  =  complement,  ID  =  one  haemolytic  dose 
(of  IB  or  C  as  the  case  may  be). 

In  the  first  place,  we  may  give  in  tabular  form,  the  average  dosage 
of  the  several  complements  with  the  different  immune  sera :  the  test 
amount  of  corpuscles  being  1  c.c.  of  a  5-per-cent.  suspension  in 
0*8  per  cent,  sodium  chloride  solution. 


Immune-body  '       Rabbifn  Guinea-pig's 

and  corpuscles  tested.  i    complement.        complement. 


IB  rabbit  v.  ox 
Ox's  corpuscles 


} 


IB  rabbit  r.  guinea-pig   1 
Guinea-pig's  corpuscles  j  "  ' ' 

IB  guinea-pig  v.  rabbit  1 
Babbit's  corpuscles        j 


015  c.c. 


015   „ 


0025  0.0. 


08       „ 


0-6 


it 


007 


» 


Ox's 
complement. 


00 


003  c.c* 


0  04   „  • 


*  The  normal  serum  of  the  ox  has  a  strong  luemoljtio  action  both  on  rabbit's 
and  on  guinea-pig's  corpuscles.  This  is  due  to  the  presence  of  a  natural  immune- 
body,  and  it  is  not  possible  to  remove  this  in  the  usual  way  by  placing  the  scrum  in 
contact  with  the  corpuscles  at  0**  0.  We  have,  however,  made  allowance  for  thif» 
circumstance,  and  the  dosage  of  complement  has  been  calculated  accordingly,  and 
may  be  taken  as  substantially  correct. 
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This  table  shows  that  in  the  cases  studied  the  highest  dosage  of  the 
complement  of  an  animal  occurs  when  used  against  its  own  corpuscles. 

Dosage  of  Immune-bodies  with  different  Complements. 


Complement. 

IB  rabbit  v.  ox. 

IB  rabbit 
V.  guinea-pig. 

IB  giiinea-pig 
V.  rabbit. 

Babbit's 

0  -008  c.c. 
0-008   „ 
00 

0008  c.c. 
008      „ 

?• 

0*16  c.c. 
0015  „ 
0*02     „ 

(phiiDe>^-i>ii?'fi-  -  -  T  t  -  T  -  T . .  1  -  T  - 

Ox's 

The  most  striking  facts  brought  out  in  this  table  concern  the  relative 
doses  of  immune-bodies  with  rabbit's  and  guinea-pig's  complements 
respectively,  they  are  (a)  in  the  case  of  an  immune-body  acting  on  the 
corpuscles  of  another  animal  (viz.,  ox's  corpuscles),  its  dose  with 
rabbit's  complement  is  practically  the  same  as  that  with  guinea-pig's 
complement ;  (b)  when  the  immime-body  acts  on  guinea-pig's  corpuscles 
its  dose  is  ten  times  greater  with  guinea-pig's  complement  than  with 
rabbit's  complement,  and  a  converse  statement  obtains  in  the  case  of 
the  inunime-body  to  rabbit's  corpuscles.  It  is  also  to  be  noted  that  the 
immune-body  to  ox's  corpuscles  does  not  bring  about  complete  haemolysis 
at  all  when  the  ox's  complement  is  used. 

These  tables  supply  the  hsemolytic  doses  of  the  different  immune- 
bodies  and  complements ;  they  do  not,  however,  give  us  the  facts  with 
regard  to  their  several  combinations.  In  illustration  of  this  we  may 
mention  that  Ehrlich  and  Morgenroth,t  finding  that  the  dose  of  the 
immune-body  to  rabbit's  corpuscles  obtained  from  the  guinea-pig  was 
ten  times  higher  (as  shown  in  the  table)  when  rabbit's  complement  was 
used  than  when  guinea-pig's  complement  was  used,  supposed  that  there 
were  really  two  immune-bodies,  one  present  in  large  amount  taking  up 
guinea-pig's  complement  and  another  present  in  small  quantity  taking 
up  rabbit's  complement.  This  is  manifestly  a  satisfactory  theoretical 
explanation,  but  we  have  to  enquire  whether  it  is  supported  by 
facts. 

We  shall  accordingly  consider  the  amounts  of  complement  taken  up 
through  the  medium  of  different  doses  of  immune-body  in  the  several 
cases.  It  will  be  convenient  to  take  first  the  second  and  third  sera,  as 
above  arranged.     The  method  employed  for  estimating  the  amount  of 

*  We  haye  not  succeeded  in  getting  a  satisfactory  estimation  of  the  dose  of  this 
immune-body  with  ox's  complement,  owing  to  failure  to  rcmoTe  the  natural 
immune.body  for  guinea-pig's  corpuscles  in  the  ox's  serum. 

t  Ehrlich  and  Morgenroth,  *  Berlin,  klin.  Woch.,'  1900,  No.  31. 
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complement  taken  up  depends  upon  the  firmness  of  imion  of  comple- 
ment, and  has  been  described  in  former  papers.* 


I.  Immune-body  to  Chiinea-pig^s  Corpuscles  {obtained  by  injecting  the 

Babbit  vnth  these  corpuscles). 

(a)  fVith  Guinea-pig's  Complement — 

We  may  first  compare  the  results  when  guinea-pig's  complement  is 
used,  with  those  when  rabbit's  complement  is  used.  In  the  former 
case  the  dose  of  complement  is  very  high ;  in  fact,  more  than  ten  times 
the  amount  of  guinea-pig's  complement  sufficient  to  hsemolyse  ox's 
corpuscles,  is  necessary  to  hsemolyse  its  own  corpuscles.  This  might 
be  due  to  the  fact  that  only  a  fraction  of  the  complement  molecules 
suited  the  immune-body  to  guinea-pig's  corpuscles,  or  it  might  be  due 
merely  to  weakness  of  toxic  action  of  the  complement.  If  the  former 
were  the  case  the  presence  of  the  uncombined  complement  would  be 
shown  by  adding  the  corpuscles  of  another  animal  treated  with  the 
corresponding  immune-body.  The  matter  is  put  to  the  test  by  adding 
varying  amounts  of  guinea-pig's  complement  to  guinea-pig's  corpuscles 
with  their  corresponding  immune-body,  and  then  after  allowing 
2  hours  at  37"  C.  for  combination,  to  test  for  the  presence  of  comple- 
ment by  means  of  ox's  corpuscles  treated  with  their  immune- body.  If 
we  use  1  D  of  -  immune-body  to  indicate  the  amount  necessary  to 
produce  lysis  when  rabbit's  complement  is  used,  then  10  D  will 
be  the  M.H.D.  when  guinea-pig's  complement  is  used.  The  following 
are  the  chief  results  which  we  have  obtained.  It  is  to  be  noted  that, 
of  course,  if  less  than  10  D  is  added  complete  lysis  does  not  occur 
with  guinea-pig's  complement,  and  in  such  cases  the  tubes  are  cen- 
trifugalised  and  the  clear  fluid  is  added  to  the  indicator,  i.e,,  ox's 
corpuscles  treated  with  their  immune-body.  This  indicator  is 
specially  suitable  on  account  of  the  high  sensitiveness  of  the  corpuscles 
to  guinea-pig's  complement. 

Such  an  experiment  may  be  graphically  represented  thus — 

Guinea-pig's  O  +  ^  IB  I-  a;  guinea-pig's  C  •    +  Ox's  O  +  IB 

the  small  circle  indicating  red  corpuscles,  the  vertical  dotted  line 
a  period  of  incubation  at  37"  C,  n  indicating  a  definite  multiple  of 
IB,  and  x  varying  amounts  of  C. 


*  Muir,  *  The  Lancet,'  1903,  toI.  2,  p.  446 ;  and  Muir  and  Browning,  '  Boy.  Soe. 
Proc.,'  June  9,  1904. 
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IB  Babbit  v,  Quinea-pig.    Quinea-pig's  C. 
Experiment   XLII. — 2  D  of  IB  took  up  0*08    c.c.  guinea-pig's  G. 


8      „  „      0*288   „ 

Dose  of  guinearpig's  C  =  about  0*3  c.c. 


i> 


i> 


XLIIL— 1  D  of  IB  took  up  0*026  c.c.  guinea-pig's  C. 
5      „  „      0114  „ 

10      „  „      0*254 

Dose  of  C  =  0*25  c.c. 


99 


}} 


XLIV. — 1  D  of  IB  took  up  0*014  c.c.  guinea-pig's  C. 
14      „  „       0*38     „ 

Dose  of  C  =  0*35  c.c. 

LXIX. — 1  D  of  IB  took  up  0*04  c.c.  guinea-pig's  C. 
5      „  „      0*28   „  ,. 

10      „  „      0*48  \, 

Dose  of  C  =  0*4  c.c. 

From  these  results  it  is  manifest  that  the  large  amount  of  guinea- 
pig's  complement  necessary  to  produce  lysis,  combines  completely  with 
the  guinea-pig's  corpuscles  treated  with  the  corresponding  immune- 
body,  there  being,  up  to  a  certain  point,  no  complement  left  over  to 
act  on  the  test  corpuscles,  and  the  large  dose  of  immune-body 
necessary  is  simply  due  to  this  amount  being  required  to  bring  the 
necessary  complement  into  combination  with  the  corpuscles.  The 
guinea-pig's  complement  has,  therefore,  a  v?eak  toxic  action  on  guinea- 
pig's  corpuscles,  about  ten  times  weaker  than  it  has,  for  example,  on 
ox's  corpuscles. 

Note. — The  amount  of  complement  taken  up  is  calculated  from  the  point  at 
which  free  complement  is  obtainable  after  time  has  been  allowed  for  combination. 
It  wiU  be  noticed  that  the  amount  of  complement  taken  up  is  approximately, 
though  not  strictly,  proportional  to  the  amount  of  immune- body  present.  The 
divergence  is  more  marked  when  higher  multiples  arc  used,  as  has  been  noted  by 
one  of  us  in  the  case  of  another  combination ;  in  other  words,  what  is  known  as 
**  Ehrlich's  phenonienon,"  is  seen  to  a  slight  exkmt.  As,  however,  there  is  very 
little  evidence  of  dissociation  of  complement  after  it  has  combined,  the  phenomenon 
in  this  case  is  probably  due  to  presence  of  compleinentoid. 

(b)  fnth  liabWs  Coinpkm^nt — 

It  will  be  seen  from  the  tables  that  (a)  the  M.H.D.  of  immime-body 
in  this  case  is  small — about  a  tenth  of  that  necessiiry  when  guinea- 
pig's  complement  is  used,  and  (b)  that  the  dose  of  complement  also 
is  comparatively  small,  in  fact,  practically  the  same  as  that  necessary 
for  the  haemolysis  of  ox's  corpuscles.  In  investigating  the  amount  of 
rabbit's  complement  taken  up  by  means  of  multiple  doses  of  immune- 
body,  interesting  and  at  first  very  puzzling   results  emerged.      An 


1904.]       On  Chemical  CombiruUion  and  Toxic  Action,  etc,  303 

experiment  of  this  kind  may  be  graphically  represented   as  before, 
thus : — 

Guinea-pig's  Q-^-nYR  +  x  rabbit's  C  •  Guinea-pig's  O  +  IB- 

In  performing  experiments  of  this  kind  we  found  that  five  or  even 
ten  doses  of  immune-body  apparently  led  to  the  taking  up  of  scarcely 
more  complement  than  one  dose  of  immune-body  did ;  and  further 
that  the  amoimt  of  complement  apparently  taken  up  seemed  to 
become  less,  the  longer  the  test  corpuscles  were  left  in  the  fluid.  Thus, 
for  example,  at  the  end  of  2  hours,  15  c.c.  of  complement  might 
appear  to  be  taken  up,  and  next  morning  only  05  c.c.  It  appeared, 
therefore,  (a)  that  multiple  doses  of  immune-body  did  not  lead  to 
the  taking  up  of  corresponding  multiple  doses  of  complement,  and 
(h)  that  the  complement  taken  up  appeared  to  dissociate  again  in 
part,  though  this  phenomenon  might  possibly  be  due  to  the  presence 
of  some  complement  molecules  with  very  slow  action.  When,  however, 
we  used  as  the  indicator  ox\'i  corpuscles  treated  with  their  corresponding 
immune-body,  quite  different  results  were  obtained.  The  scheme  is 
now : — 

Guinea-pig's  O  +  ^  IB  -H  «  rabbit's  G  i    +  Ox's  O  +  IB. 

The  following  results  will  serve  as  examples  : — 

Experiment  LX. — 1  D  of  IB  took  up  0.2    c.c.  rabbit's  C. 

3         „  „       0*45    „         „ 

10        „  „       M6    „ 

T))e  M.H.I),  of  C  was  only  0*1  c.c.  before  the  experiment ;  it  is  possible  that  it 
may  have  increased  subsequently. 

p:xperiment  LXVIIL— 2  D  of  IB  took  up  0-28  c.c.  rabbit's  C. 

5         „  „       0-58    „         „ 

10        „  „       0-74    „ 

The  M.H.D.  of  C  was  006  c.c. 

It  is  thus  seen  that  when  ox's  corpuscles  suitably  treated  are  used 
as  the  indicator,  the  amount  of  complement  taken  up  increases  as  the 
amount  of  immune-body  is  increased,  though  there  is  a  greater 
deviation  from  strict  arithmetical  proportion  than  when  guinea-pig's 
complement  is  used. 

The  difference  in  the  results  obtained  with  the  two  indicators 
(guinea-pig's  and  ox's  corpuscles  respectively),  is  manifestly  due  to 
the  fact  that  there  is  in  the  rabbit's  serum  a  complement  which  acts 
on  guinea-pig's  corpuscles,  and  not  on  ox's  corpuscles,  and  that  this 
complement  dither  becomes  dissociated  from  the  guinea-pig's  corpuscles 
or  combines  in  very  small  amount.  On  the  other  hand  the  chief 
complement  present  acts  on  bqth  varieties,  and  its  union  is  a  firm  one  \ 
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eren  with  this  combination,  however,  the  amount  taken  up  appeared 
to  diminish  somewhat  over  night. 

The  fact  already  stated  that,  when  giime»-pig'i  corpusdei  were  nted  aa  the 
indicator,  additional  doses  of  immnne-hodj  did  not  appear  to  lead  to  the  taking-np 
of  additional  amounts  of  complement,  raised  the  question  whether  there  might 
not  be  two  immune-bodies  present,  one  of  -which  acted  with  rabbit's  oomplement, 
and  one  with  guinea-pig's  complement.  Evidence  of  this  was  sought  for  bj 
leaving  the  immune-serum  in  contact  with  the  corpuscles  for  a  time,  then 
separating  bj  centrifugalisation,  and  thereafter  testing  the  dose  of  the  un- 
oombined  immune-bodj  with  rabbit's  and  with  guinea-pig's  complement  zeepeo- 
tirelj.  It  is  evident  that  if  two  immune-bodies  were  present,  and  were  taken  np 
bj  the  corpuscles  in  different  proportions,  then  the  relative  doses  of  the  separated 
fluid  would  become  changed.  Such  an  investigation  is  theoretically  of  simple 
nature,  but  it  is  difficult  to  carry  it  out  exactly}  owing  to  the  fact  that  it  is  not 
possible  to  remove  completely  the  natural  immune-body  from  the  rabbit's  serum, 
i.e.,  to  make  this  serum  entirely  devoid  of  hemolytic  action.  In  several  experi- 
ments, however,  allowance  being  made  for  this  circumstance,  it  appeared  that  the 
relative  doses  with  the  two  complements  did  altor  in  the  way  that  the  dose  with 
guinea-pig's  complement  became  relatively  still  higher,  f.0.,  after  the  contact  with 
the  corpuscles  there  seemed  to  be  immune-body  molecules  left,  which  acted 
with  rabbit's,  but  not  with  guinea-pig's  complement.  This  may  mean  merely  that 
the  molecules  of  iramune-body  vary  in  their  combining  affinities,  and  that  those 
with  the  weaker  affinity  act  with  the  more  powerful  complement  (rabbit's).  The 
question  is  one  of  great  complexity,  and  we  have  not  attempted  a  full  solution,  as 
it  did  not  appear  necessary  for  the  purposes  of  the  present  research.  Everything 
goes  to  show,  however,  that  the  great  majority  of  the  immune-body  molecules  act 
both  with  rabbit's  and  with  guinea-pig*B  complement ;  and  we  found  that  the 
presence  of  a  small  amount  of  guinea-pig's  complement  kept  out  of  combination  a 
certain  amount  of  rabbit's  complement,  and  vice  vers^. 

(c)  With   Qjfs   Complement — 

The  ox's  complement  is  not  a  very  suitable  one  to  employ  in  this 
combination,  as  the  natural  serum  of  the  ox  has  a  very  powerful 
hsemolytic  action  in  itself,  and  it  is  only  possible  to  remove  a  small 
proportion  of  the  natural  immune-body  l)y  contact  experiments. 
Nevertheless,  we  have  found  that  the  dose  of  ox's  complement,  along 
with  the  immune-body  to  guinea-pig's  corpuscles,  is  a  small  one,  and 
there  is  no  doubt  that  guinea-pig's  corpuscles  are  very  sensitive  to  the 
zymotoxic  action  of  ox  complement. 

When  we  come  to  investigate  the  combining  affinities,  we  find  that 
multiple  doses  of  immune-body  have  very  little  effect  on  the  amount  of 
ox's  complement  taken  up,  the  amount  taken  up  by  means  of  from  four 
to  eight  doses,  for  example,  being  very  little  more  than  that  taken  up 
by  means  of  one  dose.  This  may  be  due  to  a  true  want  of  combining 
affinity  on  the  part  of  the  complement,  or  it  may  be  due  to  the 
combination  being  a  very  loose  one.  It  may  be  noted,  however,  that 
there  is  practically  no  evidence  of  dissociation  of  complement  in  the 
course  of  12  hours.     The  following  will  serve  as  an  example  : — 


1904.]       On  CheniiccU  Combination  and  Toodc  Action,  etc.  305 

Experiment  LXXIV.— 1  D  of  IB  took  up  0-04  c.o.  of  ox's  C. 

4        „  „      0042    „ 

"  «  »  l»  »  l> 

The  indicator  was  guinea-pig's  corpuscles  treated  with  immune-body, 
for  which  the  dose  of  ox's  complement  was  0*02  c.c. 

//.  Immune-body  to  Babbits  Corpiscles  {obtained  by  injecting  the  Guinea- 

(a)  JVith  Babbit's  Complement, — 

This  case  is  in  many  ways  analogous  to  that  of  the  immune-body  to 
guinea-pig's  corpuscles  along  with  guinea-pig's  complement.  In  both 
cases  the  hsemolytic  dose  of  immune-body  is  ten  times  greater  when  the 
complement  of  the  animal  whose  corpuscles  are  being  tested  is  used, 
than  when  the  complement  of  the  other  animal  is  used.  This  will  be 
seen  from  the  table.  In  this  case,  also,  the  dose  of  rabbit's  comple- 
ment is  high,  just  as  in  the  previous  case  the  dose  of  guinea-pig's 
complement  was.  How  much  rabbit's  complement  is  taken  up  when 
multiple  doses  of  immune-body  are  used  1  The  scheme  of  experi- 
ment is : — 

Rabbit's  Q+nlB  +  x  rabbit's  C  i    +  Ox's  O  +  IB. 
The  following  are  some  of  the  results  : — 

Experiment  LXII. — 1  D  of  IB  takes  up  0*14  c.c.  rabbit's  C. 

10        „  ,.        M6 


n  »  *  *^     »  >i 


„        LXIIL— 1  D  of  IB  takes  up  022  c.c.  rabbit's  C. 

10         „  „         1'12   „         „ 

LXVI.— 1  D  of  IB  takes  up  0-086  c.c.  rabbit's  C. 
5        „  „        0-55     „        „ 

Dose  of  rabbit's  C  with  rabbit's  corpuscles  =  0*6  c.c.  "  1  D  "  =  M.H.D. 
of  IB  along  with  guinea-pig's  C.  "  10  D  "  =  M.H.D.  with  rabbit's  C 
{vide  tables). 

It  will  be  seen  that  there  is  no  lack  of  combining-power  on  the  part 
of  rabbit's  complement,  and  that  the  amount  increases  with  the  amount 
of  immune-body,  though  considerable  deviations  from  exact  arithmetical 
proportions  are  met  with.  Sometimes  more,  proportionally,  is  taken  up 
by  10  hsemolytic  doses  than  by  1  haemolytic  dose,  sometimes  less ;  we 
have  met  with  the  former  phenomenon  in  several  other  experiments 
than  that  quoted,  and  are  not  able  to  give  at  present  an  explanation  of 
it.  Another  point  is  that  the  hsBmolytic  dose  of  immime-body 
(expressed  as  '*  10  D.  of  IB.")  leads  to  the  taking  up  of  more  than  a 
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hsemolytic  dose  of  rabbit's  complement.  This  phenomenon  is,  probably, 
related  to  the  fact  brought  out  by  Morgenroth  and  Sachs,*  that  the 
M.H.D.  of  complement  sometimes  varies  greatly,  according  to  the 
amount  of  immune-body  used,  and,  conversely,  the  M.H.D.  of  immune- 
body  may  vary  greatly,  according  to  the  amount  of  complement.  The 
explanation  of  this  is  also  outside  the  scope  of  the  present  paper. 

(b)  ffith  GumeorPi^s  Complement — 

The  combination  of  guinea-pig's  complement  may  be  exemplified  by 
the  following : — 

Experiment  LXII. — 1  D  of  IB  took  up  0*04  c.c.  guinea-pig's  C. 

10        „  „       0-36   „ 

„         LXIII. — 1  D  of  IB  took  up  0*012  c.c.  guinea-pig's  C. 

10        „  „      0-27      „ 

The  indicator  was  ox's  corpuscles  treated  with  immune-body.  Here 
we  have  variations  corresponding  to  those  noted  above. 

We  have  also  found  that  with  this  immune-body  a  small  quantity  of 
guinea-pig's  complement  keeps  out  of  combination  a  certain  amount  of 
rabbit's  complement,  and  that  saturation  with  rabbit's  complement 
implies  practical  saturation  for  guinea-pig's  complement  also.  A 
similar  statement  applies  to  ra])bit*s  complement  keeping  out  guinea- 
pig's  complement. 

(c)  Jl^ith  Ox*s  Complement — 

Owing  to  the  lack  of  serum,  we  have  been  unable  to  study  the 
combining  relationships  of  ox's  complement  through  the  medium  of  this 
immune-body.  This  defect,  however,  cannot  modify  the  main  conclu- 
sions arrived  at. 

///.  Immune-hoily  to  Ox\i  Corpvadea  (obtained  hy  injecting  th4>  HahlAt), 

It  will  be  seen  from  the  tiibles  above  that  the  dose  of  immune-body 
is  practically  the  same  with  guinea-pig's  as  Avith  rabbit's  complement. 
The  dose  of  the  latter  complement  is  the  higher,  and  in  a  previous 
papert  it  was  shown  that  this  was  probably  due  to  a  smaller  number 
of  complement  molecules  in  a  given  volume  of  serum,  rather  than  to  a 
weaker  action  of  the  zymotoxic  group.  The  combining  relationships 
of  the  two  complements  have  also  been  fully  discussed  there,  so  that  it 
is  unnecessary  to  repeat  the  results  obtained.  It  is  sufficient  to  say 
that  they  behave  as  regards  combination  in  haemolysis  pretty  much  as 
if  they  had  the  same  haptophore  groups.  We  shall  refer  merely  to  the 
action  of  ox's  complement  along  with  the  a])ove  immune-body. 

With  this  combination  it  is  usually  impossible  to  produce  more  than 
a  fraction  of  lysis  in  the  corpuscles  (usually  not  more  than  a  tenth),  no 

•  Morgenroth  and  Sachs,  *  Berlin,  klin.  Woch./  1902,  No.  36. 
t  Muir  and  Browning,  *  B07.  Soc.  Proo.,'  June  9, 1904. 
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matter  how  large  amounts  of  immune-body  and  complement  are  used ; 
in  only  one  case  did  we  get  a  considerable  amount  of  lysis,  about  three- 
fourths.  We  never  obtained  complete  lysis,  however.  In  other  words, 
the  ox's  serum  does  not  '^  complement."  Is  this  due  to  want  of 
combining  power  of  the  ox's  complement,  or  to  the  deficiency  of  toxic 
action  1  This  question  can  be  answered  by  finding  the  amount  of 
complement  taken  up  when  varying  amounts  of  inunune-body  are  used. 
The  scheme  is  : — 

Ox's  O  +  nlB  +  x  ox's  C  i  guinea-pig's  O  +  IB- 

As  lysis  does  not  occur  in  the  first  stage,  the  contents  of  each  tube 
are  centrifugaliscd,  and  the  fluid  is  added  to  the  guinea-pig's  corpuscles. 
The  following  results  were  obtained ; — 

Experiment  LXXIII. — 1  D  of  IB  took  up  0*04  c.c.  ox's  C. 

4         „  .,       0-05   „         „ 

"         >»  i>  >»      II        II 

Dose  of  ox's  complement  for  guinea-pig's  corpuscles  =  0*03  c.c.  • 

Experiment  LXXIV.— 1  D  of  IB  took  up  0014  c.c.  ox's  C. 

4         „  „       002      „ 

^         II  II  II        II         II 

Dose  of  ox's  complement  for  guinea-pig's  corpusclest=  0*02  c.c. 

From  these  it  is  e\adent  (1)  that  a  considerable  amount  of  ox's  comple- 
ment is  taken  up  l)y  one  dose  of  immune-body  {i.e.,  by  1  M.H.D.  as  tested 
with  rabbit's  or  guinea-pig's  complement),  but  this  amount  of  comple- 
ment, which  may  be  more  than  sufficient  to  produce  complete  lysis  of 
rabbit's  or  guinea-pig's  corpuscles,  produces  almost  no  lysis  of  the  ox's 
corpuscles,  and  (2)  the  total  amount  of  complement  which  can  be  taken 
up  IS  almost  reached  with  one  dose  of  immune-body,  additional  doses  , 
of  immune-body  scarcely  increasing  the  amoimt.  There  is,  of  course, 
in  this  case,  no  possibility  of  the  phenomenon  being  due  to  dissociation 
of  complement  after  combination,  as  the  ox's  corpuscles  are  removed  by 
centrifugalisation  before  the  guinea-pig's  corpuscles  are  added,  and, 
therefore,  any  complement  obtainable  must  have  been  free  in  the  fluid. 
Accordingly,  we  have  here,  again,  an  example  of  the  relative  non- 
sensitiveness  of  an  animal's  corpuscles  to  the  action  of  its  own  comple- 
ment when  it  is  brought  into  union  with  them  by  an  immune-body. 
But,  in  addition,  there  is,  unlike  the  two  previous  cases,  a  deficiency 
also  in  the  combining  power  of  complement  beyond  a  certain  point,  or, 
in  other  words,  only  a  small  proportion  of  the  molecules  of  the  red 
corpuscles  combined  with  immune-body  (R-(-IB  molecules)  take  up 
ox's  complement. 

The  fact  that  in  the  case  just  described,  only  some  of  the  R-f-IB 
molecules  take  up  complement  is  of  considerable  theoretical  importance. 
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It  is  to  be  noted  that  almost  all  the  B  +  IB  molecules  capable  of  taking 
up  complement  are  present  after  the  addition  of  one  dose  of  immune- 
body^andthat  the  subsequentadditionof  the  sameimmune-body  molecules 
scarcely  increases  the  amoimt  of  complement  taken  up,  though  these 
molecules  combine  with  the  receptors  of  the  red  corpuscles.  It  would 
therefore  appear  that  the  failure  on  the  part  of  an  B  +  IB  molecule  to 
combine  with  complement,  is  due  in  some  way  to  the  receptors  and  not 
to  the  immune-body.  According  to  Ehrlich's  theory  the  amboceptor 
(immune-body)  has  practically  no  affinity  for  complement  in  the  free 
state,  but  acquires  that  affinity  when  combined  with  the  tissue  or 
bacterial  molecule.  But  the  result  above  stated  would,  according  to 
the  amboceptor  hypothesis,  imply  that  only  some  molecules  capable 
of  combining  with  immune-body  give  the  latter  affinity  for  comple- 
ment. According  to  the  view  that  the  immune-body  renders  the  tissue 
molecule  capable  of  taking  up  complement,  the  explanation  would 
simply  be  that  some  of  the  molecules  of  the  ox's  corpuscles  have  no 
oombining-group  for  the  ox's  complement,  though  they  enter  into 
combination  with  immune-body.  It  is  not  possible  on  theoretical 
grounds  to  establish  either  of  these  hypotheses  by  the  exclusion  of  the 
other,  but  whichever  may  be  ultimately  established,  the  importance  of 
the  nature  of  the  tissue  molecule  in  determining  whether  complement 
will  be  taken  up  or  not  is  brought  out  with  sufficient  clearness. 

If  we  consider  the  action  of  guinea-pig's  and  rablnt's  complements, 
it  will  appear  that  the  striking  variations  in  dosage  brought  out  in  the 
original  tables,  are  due  to  the  zymotoxic  and  not  to  the  haptophore 
group.  The  combining  relationships  of  the  two  complements  may  be 
compared  in  another  way,  viz.,  by  adding  a  large  amount  of  immune- 
body,  say  ten  doses,  and  finding  the  ratio  of  rabbit's  to  guinea-pig's 
complement  taken  up  in  the  case  of  the  three  sera.  We  have  carried 
this  out,  and  the  following  are  the  results.  It  was  found  most 
convenient  to  compare  only  two  sera  on  the  same  day.  Manifestly, 
only  the  two  ratios  in  the  same  experiment  are  comparable. 

Ratio 
Experiment  LXX —  of  two  Cs. 

Ox's  corpuscles   ]0  D  IB  took  up  0*44  c.c.  guinea-pig's  C  1  ,  ^  .,^y 

„  „  „  „         0*56   „    rabbit's  C         J 

Guinea-pig's  corpuscles. .  „  „         0*48   „    guinea-pig's  CI,  ^  ,  ,  ,^ 

„  I,        •  •  })  >»        056   „    rabbit's  C         J      * 

Experiment  LXXI — 

Ox's  corpuscles    10  D  IB  took  up  0*18  c.c.  guinea-pig's  CI,,  o.g 

„  „  „  „         0-48   „    rabbit's  C         J      *        ' 

Guinea-pig's  corpuscles  , ,  „  „        0-2S   „    guinea-pig's  C  1  j^  .  gi 

„        ..  „  „         0-6     „    rsbbit'sO        J 

Experiment  LXXI  I — 

Ox's  corpuscles   10  D  IB  took  up  0*26  c.c.  guinea-pig's  01,     , . . 

„  ,,        0-86   „    rabbit's  C         J      ''       ' 

Babbit's  corpuscles „  „        0-86   „    guinea-pig's  C 1  j^  .  j^.^ 

„  „        0*64  ,.    rabbit's  C         J 


f*  t>  .    •    .  .  I)  „  V   V-M        )| 
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It  is  thus  seen  that  a  comparatively  dose  correspondence,  considering 
the  conditions  of  experiment,  is  brought  out  between  the  combining- 
ratios  of  the  two  complements  in  the  case  of  these  three  sera. 


The  chief  results  may*  be  summarised  as  follows  : — 

1.  In  the  action  of  a  complement  there  are  two  distinct  factors,  viz., 
(a)  power  of  chemical  combination,  and  (h)  toxic  action,  corresponding  to 
the  "haptophore  "  and  the  "  zymotoxic  "  groups  of  Ehrlich ;  deficiency  in 
the  action  of  complement  (or  in  "  complementing  ")  does  not  necessarily 
imply  want  of  combining  affinity,  but  may  be  entirely  due  to  the  non- 
sensitiveness  of  the  tissue-molecule  to  the  zymotoxic  group. 

2.  In  the  case  of  the  three  hsemolytic  sera  studied  the  outstanding 
fact  is  the  large  dose  both  of  immune-body  and  of  complement  neces- 
sary when  we  use  the  complement  of  the  same  species  of  animal  as  that 
whose  corpuscles  are  being  tested. 

3.  In  all  three  cases  there  is  a  relative  non-sensitiveness  of  the 
corpuscles  of  the  animal  to  the  zymotoxic  group  of  its  own  comple- 
ment ;  hence  a  large  dose  of  immune-body  is  requisite  to  bring  into 
combination  the  amount  of  complement  necessary  for  haemolysis.  In 
one  case  (that  of  the  ox)  there  is  also  a  deficiency  in  the  combining 
power  of  the  complement  with  the  receptors  of  the  red  corpuscles 
united  to  immune-body;  from  the  two  conditions  acting  together 
complete  haemolysis  cannot  be  obtained. 

4.  Although  differences  among  the  molecules  of  the  same  immune- 
serum  may  occur,  we  have  found  no  evidence  that  the  striking 
differences  in  the  dosage  of  the  immune-body  with  different  comple- 
ments, and  also  in  the  dosage  of  various  complements,  are  due  to 
multiplicity  of  immune-bodies. 

No  one  has  yet  succeeded  in  producing  an  anti-substance  or  immune- 
body  by  injecting  an  animal  with  its  own  corpuscles  or  cells — such 
a  body  as  with  the  aid  of  complement  would  produce  destruction  of 
these  cells.  This  is  manifestly  a  provision  against  self-poisoning,  and 
Ehrlich  has  applied  to  it  the  term  autotoxicus  horror.  The  results  which 
we  have  brought  forward,  if  they  were  found  to  hold  generally,  would 
go  to  show  that  even  if  some  substance  should  appear  which  acted  as 
an  immune-body,  there  is  a  provision  whereby  the  complement  of  an 
animal  should  produce  comparatively  little  harmful  effect. 
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^  On  the  Presence  of  Tyrosinases  in  the  Skins  of  some  Pigmented 
Vertebrates. — Preliminary  Note."  By  Fix)RBNCE  M.  Durham. 
Comniiinicated  by  W.  Batkson,  F.RS.  Eeceived  November 
10,— Read  December  1,  1904 

(From  the  Balfour  Laboratory,  Cambridge.) 

In  the  coimse  of  an  investigation  of  the  "  heredity  of  coat-colour  in 
mice,"  the  necessity  for  further  knowledge,  concerning  the  formation 
of  pigment,  became  evident. 

In  the  hairs  of  these  animals,  there  are  apparently  three  pigments 
{probably  different  forms  of  melanins),  yellow,  chocolate,  and  black. 
The  characteristic  colour  of  each  mouse  is  due  to  the  presence  of  one 
or  more  of  these  pigments.  Thus,  the  yellow  or  "fawn  "mouse  has 
only  yellow  pigment  \\\  its  hairs,  the  chocolate  mouse  has  only  the 
chocolate  pigment,  a  black  mouse  has  both  chocolate  and  black  pig- 
ments, while  the  house  mouse  or  "  agouti "  mouse  has  all  three 
pigments  in  its  hairs  (1). 

The  differences  in  the  nature  of  these  pigments  have  not  been 
worked  out  as  yet.  Much  work,  however,  has  been  done  upon  the 
origin  of  melanins  and  on  their  relationships  to  the  aromatic  decom- 
position products  of  proteids. 

In  1901,  V.  Fiirth  and  Schneider  (2)  showed  that  a  tyrosinase  could 
be  obtained  from  the  blood  of  certain  insects.  This  tyrosinase  acted 
upon  a  chromogen  present  in  the  blood,  and  converted  it  into  a 
melanin-like  substance.  When  a  solution  of  tyrosin  in  water  was 
treated  with  the  ferment,  a  melanin-like  body  was  also  obtained. 
According  to  the  observations  of  Przibram  (which  are  published  with 
those  of  V.  Fiirth  and  Schneider),  a  tyrosinase  can  be  extracted  from 
the  ink-sac  of  Sepia  officinalU.  This  ferment,  acting  in  a  like  manner 
upon  a  watery  solution  of  tyrosin,  yields  a  black  pigment,  probably  a 
melanin.  Ducceschi  (3)  has  shown  that  a  similar  ferment  can  be 
obtained  from  the  blood  of  Bomhijx  mori. 

Arguing  from  these  facts,  Cuenot  (4),  in  a  paper  on  the  "  Heredity 
of  Coat-Colour  in  Mice,"  suggests  that  the  formation  of  pigment  in 
these  animals  is  due  to  the  presence,  either  of  different  chromogens 
and  one  ferment,  or  of  two  different  ferments  and  one  chromogen. 
The  results  of  the  action  of  the  ferment  on  the  chromogen  would"  be 
to  produce  the  characteristic  colour  of  the  mouse.  The  alteration  of 
colour  would  be  due  either  to  the  presence  of  a  diflTerent  chromogen,  or 
to  the  presence  of  a  different  ferment. 

It  seemed  worth  while,  therefore,  to  determine  whether  a  ferment 

coidd  be  extracted  from  animals,  which,  like  the  mouse,  are  deeply 

pigmented  in  tbeir  coats ;  and  to  test  whether,  if  such  a  ferment  could 
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be  obtained  from  the  skins  of  these  animals,  pigmented  substances 
corresponding  in  colour  to  those  of  the  animals  taken,  could  be  formed 
by  the  action  of  the  ferment  upon  tyrosin  or  allied  bodies. 

I  chose,  for  this  purpose,  the  skins  of  young  or  foetal  animals, 
because  these  are  in  a  condition  of  active  pigment-formation.  The 
study  of  adult  forms  shows  that  the  older  animals  moult  graduaUy, 
and  that  they  would,  therefore,  in  all  probability,  yield  less  material. 

As  young  mice  are  very  small,  I  preferred  to  use  new-bom  rabbits 
and  rats  (of  black  or  agouti  origin)  and  foetal  guinea-pigs  (about 
8  weeks).  In  the  case  of  the  guinea-pigs,  the  skins  of  the  mothers 
>  were  also  used  for  comparison. 

The  skins,  having  been  removed  from  the  animals,  were  chopped  in 
a  sausage-machine,  and  ground  in  an  agate  mortar  with  kieselguhr 
and  distilled  water.  The  use  of  this  mortar  was  kindly  permitted  to 
me  by  Professor  Sims  Wood  head.  The  ground-up  skins  were  then 
pressed  out  as  completely  as  possible. 

The  expressed  juice  was  red,  and  opaque  in  appearance.  A  portion 
of  it  was  placed  in  a  test-tube  with  solid  tyrosin,  and  a  milligram  of 
ferrous  sulphate  was  added  as  an  activator.  Toluol  was  then  added 
as  an  antiseptic,  and  the  tube  was  closed  with  cotton-wool,  and  placed 
in  an  incubator  at  37*  C. 

For  comparison,  a  series  of  tubes  were  prepared,  in  order  to  control 
the  experiment.  In  the  first  tube  boiled  juice  was  placed,  to  which 
tyrosin  and  ferrous  sulphate  were  added.  In  the  second  tube  juice  only 
was  placed.  The  third  tube  contained  juice,  to  which  tyrosin  was 
added.  The  fourth  tube  contained  the  juice,  with  a  milligram  of 
ferrous  sulphate.  The  fifth  tube  contained  no  juice,  but  tyrosin  in 
distilled  water,  with  ferrous  sulphate.  These  tubes  were  all  placed  in 
the  incubator. 

A  similar  series  of  tubes  was  also  prepared,  and  kept  at  the  ordinary 
temperature  of  the  laboratory.  A  tube  containing  juice,  tyrosin,  and 
ferrous  sulphate  was  also  prepared,  and  kept  at  the  laboratory  tem- 
perature. In  every  case,  toluol  was  used  as  an  antiseptic.  Cotton- 
wool was  used  to  close  the  tubes,  on  account  of  the  action  of  iron 
upon  cork,  which  might  introduce  an  error  into  the  result. 

In  24  hours,  the  contents  of  the  tube,  which  was  incubated, 
containing  the  juice,  tyrosin,  and  ferrous  sulphate  showed  a  change  in 
appearance.  The  fluid  had  darkened  and  a  black  substance  was 
deposited;  the  amoiuit  of  this  substance  increased  as  time  went  on. 
In  no  case  did  any  of  the  other  tubes  arranged  to  control  the  experi- 
ment show  any  such  change. 

In  one  case,  when  considerable  juice  had  been  obtained  from  a 
number  of  young  black  rabbits,  about  2  days  old,  a  certain  quantity  of 
the  juice  was  kept,  in  order  to  test  the  effect  of  time  upon  it.  After  it 
had  been  tested,  it  was  kept  standing  for  two  days  and  fresh  tubes 
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were  prepared  from  it.  The  hiackening  and  formation  of  hlack  suhstance 
occurred  as  hefore,  hut  48  hours  in  the  incuhator  were  required  before 
the  action  commenced.  The  same  juice  was  foimd  to  have  lost  its 
activity  when  kept  for  a  wQek. 

Experiments  were  then  made  with  extracts  of  skins,  which  had 
been  kept  in  alcohol  (95  per  cent.).  The  skins  were  chopped  and 
ground  with  kieselguhr  and  distilled  water,  and  pressed  out  as  before. 
The  resulting  extract  was  colourless  and  cloudy  in  appearance.  When 
treated  with  tyrosin  and  ferrous  sulphate,  and  incubated,  the  same 
results  were  obtained,  viz.,  darkening  of  the  fluid  and  the  formation 
of  a  black  deposit.  The  time  of  action  was  delayed,  so  that  about  . 
10  days  were  necessary  for  the  change  of  colour  to  appear. 

I  also  tried  the  skins  of  black  unhatched  chickens,  which  had  been 
kept  in  95  per  cent,  alcohol,  and  obtained  like  results  from  them.  The 
extract  from  the  sldns  of  the  chickens  was  clear  and  colourless.  After 
the  darkening  had  commenced,  I  filtered  the  solution  and  added  more 
tjrrosin,  and  in  this  way,  I  was  able  to  get  a  further  deposit  of  black 
substance. 

Solutions  were  prepared  in  another  way.  Juice,  which  had  been 
obtained  from  the  skins  of  fresh  animals  was  saturated  with  ammo- 
nium sulphate.  The  resulting  precipitate  was  filtered  off,  and  was 
then  washed  with  a  solution  of  saturated  ammonium  sulphate,  dissolved 
in  distilled  water  and  re-precipitated  by  saturation  with  ammonium 
sulphate.  On  re-dissolving  this  precipitate  in  distilled  water,  a  certain 
portion  of  it  was  found  to  be  insoluble.  This  was  filtered  off  and  the 
filtrate  was  dialysed  against  distilled  water.  When  free  from  sulphate 
(as  shown  by  testing  with  lead  acetate  solution),  the  clear,  colourless 
fluid  was  treated  with  tyrosin  and  ferrous  sulphate  and  incubated. 

As  before,  pigment  was  formed,  and  as  in  the  case  of  the  skins  preserved 
in  alcohol,  the  action  was  delayed.     About  10  days  were  required. 

Amongst  other  animals  tested  in  this  way,  I  used  self-coloured 
"  red  "  guinea-pigs.  I  used  the  foetal  young  and  also  the  mother  for 
comparison.  The  hair  of  this  kind  of  guinea-pig  contains  only  one 
pigment,  deep  yellow  or  orange  in  colour. 

In  the  case  of  the  young  guinea-pigs,  the  solution  became  yellow 
and  an  orange-coloured  deposit  was  formed.  I  filtered  this  off,  and 
on  the  addition  of  more  tyrosin,  a  fresh  orange  deposit  was  obtained. 
The  extract  made  from  the  skin  of  the  mother  also  changed  in 
colour  and  yielded  a  yellow  deposit,  but  less  in  amount  than  in  the 
case  of  the  young  animals. 

Hitherto,  material  from  white  or  albino  animals  has  yielded  no 
results,  but  the  animals  obtained  were  too  few  for  final  conclusions  to 
be  formed  in  regard  to  them.  Up  to  the  present,  only  minute  quantities 
of  the  coloured  substances  have  been  obtained,  insufficient  for  complete 
Analysis.     They  resemble  melanins  in  being  soluble  in  alkalis  and 
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insoluble  in  mineral  acids.     Further  experiments  are  in  progress,  on  a 
larger  scale,  to  endeavour  to  produce  enough  for  a  thorough  analysis. 

Summary, 

An  extract  can  be  made  from  the  skins  of  certain  pigmented 
animals  (rabbits,  rats,  guinea-pigs  and  chickens),  which  will  act  upon 
tyrosin  and  produce  a  pigmented  substance.  This  action  suggests 
the  presence  of  a  tyrosinase  in  the  skins  of  these  animals. 

The  action  of  the  tyrosinase  is  destroyed  by  boiling,  does  not  take 
place  in  the  cold,  is  delayed  by  time,  requires  a  temperature  of  about 
37**  C,  and  also  the  presence  of  an  activating  substance  such  as 
ferrous  sulphate  to  start  it. 

The  coloured  substances  produced  are  in  accordance  with  the  colour 
of  the  animals  used.  Black  substances  are  obtained,  when  animals 
with  black  pigment  in  their  skins  are  used,  and  yellow  substance, 
when  the  skin  contains  the  orange  pigment.  The  coloured  substances 
are  soluble  in  alkalis,  but  insoluble  in  acids. 

In  conclusion,  I  take  this  opportunity  to  express  my  gratitude  to 
Dr.  Hopkins,  to  whom  I  am  indebted  for  help  and  advice  in  the 
foregoing  experiments. 
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"  On  the  Structure  and  Affinities  of  Fossil  Plants  from  the 
Palaeozoic  Rocks. — V.  On  a  New  Type  of  Sphenophyllaceous 
Cone  (Sphenophyllum  fertile)  from  the  Lower  Coal-measures." 
By  D.  H.  Scott,  M.A.,  Ph.D.,  F.RS.  Honorary  Keeper  of  the 
Jodrell  Laboratory,  Royal  Botanic  Gardens,  Kew.  Received 
November  22, — Read  December  1,  1904. 

(Abstract.) 

The  class  Sphenophyllales,  of  which  the  fossil  described  is  a  new 
representative,  shows  on  the  one  hand  clear  affinities  with  the  Equise- 
tales,  while  on  the  other  it  approaches  the  Lycopods ;  some  botanists 
have  endeavoured  to  trace  a  relation  to  the  Ferns.  The  nearest  allies 
among  recent  plants  are  probably  the  Psilotacese,  which  some  writers 
have  even  proposed  to  include  in  the  Sphenophyllales. 

The  new  strobilus  appears  to  find  its  natural  place  in  the  type- 
genus  Sphenophyllum,  as  at  present  constituted,  but  it  possesses  peculiar 
features  of  considerable  importance,  which  may  probably  ultimately 
justify  generic  separation.  The  specimen,  of  which  a  number  of 
transverse  and  longitudinal  sections  have  been  prepared  by  Mr.  Lomax, 
is  from  one  of  the  calcareous  nodules  of  the  Lower  Coal-Measures  of 
Lancashire,  and  was  found  at  Shore  Littleborough,  a  locality  rich  in 
petrified  remains,  now  l)eing  opened  up  by  the  enterprise  of  the  owner, 
Mr.  W.  H.  Sutcliffe. 

The  close  affinity  of  the  strobilus  with  Sjyhenophyllum  is  shown  by 
the  anatomy  of  the  axis,  which  has  the  solid  triarch  wood  characteristic  of 
that  genus,  and  by  the  fact  that  the  whorled  sporophylls  are  divided 
into  dorsal  and  ventral  lobes,  as  in  all  other  known  fructifications  of 
this  clays.  But,  whereas,  in  all  the  forms  hitherto  described,  the  lower 
or  dorsal  lobes  are  sterile,  forming  a  system  of  protective  bracts,  while 
the  ventral  lobes  alone  bear  the  sporangia ;  in  the  new  cone,  dorsal  and 
ventral  lobes  are  alike  fertile,  and  no  sterile  bracts  are  differentiated. 
On  this  ground  the  name  Sphenophyllum  fertile  is  proposed  for  the  new 
species. 

Each  lobe  of  the  sporophyll  divided  palniately  into  several  segments, 
the  sporangiophores,  each  of  which  consisted  of  a  slender  pedicel, 
terminating  in  a  large  peltate  lamina,  on  which  two  pendulous  sporangia 
were  borne.  In  the  bi-sporangiate  character  of  the  sporangiophores, 
and  in  other  details  of  structure,  Sphenophyllum  feiiile  approaches  the 
Bowmanites  liomeri  of  Coiuit  Solms-Laubach,  while  in  the  form  and 
segmentation  of  the  sporophylls  there  is  a  considerable  resemblance  to 
the  Lower  Carboniferous  genus  Cheirosirobus. 

The  wall  of  the  sporangium  has  a  rather  complex  structure,  the  most 
interesting  feature  in  which  is  the  well-defined  small-celled  stomium» 
marking  the  line  of  longitudinal  dehiscence. 
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The  spores,  so  far  as  observed,  are  all  of  one  kind ;  they  are  ellip- 
soidal in  form,  with  longitudinal  crests  or  ridges ;  their  dimensions  are 
90—96  fi  in  length  by  65—70  fi  in  width. 

The  most  characteristic  point  in  the  structure  of  the  new  cone — the 
fertility  of  both  dorsal  and  ventral  lobes  of  the  sporophyll — is  regarded 
as  more  probably  due  to  special  modification  than  to  the  retention  of  a 
primitive  condition. 


**  On  the  Convergence  of  Infinite  Series  of  Analytic  Functions." 
By  H.  A.  Webb,  B.A.,  Fellow  of  Trinity  College,  Cambridge. 
Communicated  by  Professor  A.  R  Forsyth,  Sc.D.,  LL.D., 
F.RS.     Eeceived  November  10, — Kead  November  24,  1904. 

(Abstract.) 

Consider  the  differential  equation 

VQo»  Qi>  Q'i*  •  •  •>  are  one-valued  analytic  functions  of  z,  independent  of 
k,  k  is  a,  constant,  and  the  series  defining  Q  is  convergent  for  all  values 
of  kf  such  that 

|^'|>R, 

except  at  the  singularities  of  the  functions 

Qo>  Qi>  Q2-  •  •  • 

Exclude  points  in  the  2:-pIane  indefinitely  near  these  singularities. 
The  series 

where  oi  </>  ^  are  functions  of  z  independent  of  k,  can  be  formally  and 
uniquely  constructed  to  represent  any  given  particular  integral  of  the 
difiercntial  equation. 
For  all  values  of  z  not  exchided  the  series 

are  convergent,  and  when  k  is  very  large, 
is  an  approximate  value  of  the  integral. 
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By  means  of  this  theorem  approximate  ezpressionB  for  large  values 
of  one  or  more  of  the  argcm^^i^te  c<^  be  f oimd  for  many  functions  thai 
oocur  in  analysis  and  satisfy  linear  differential  equations  of  die  second 
order.    For  instance,  the  approximate  solution  of  Lamp's  equation 

l^  =  n(«+l)A28n2^+B 
y  dz^  ' 

for  large  values  of  n  is 

sn  "  fc  [Ci  (dn? + ^-cne)*"^*  +  Cg  (dn?  +  fexn?)-**-*], 

where  Ci  and  C^  are  arbitrary  constants. 

We  can  often  determina  the  condition  of  convergence  of  an  infinite 
series  of  functions  by  replacing  the  nth  term  by  its  approximate  value 
for  large  values  of  n.     For  instance,  the  series  of  Lamp's  functions* 


00 


2c,»E;(8in«).Fj(8inO, 

nr=l 

where  the  c's  are  arbitrary  constants,  subject  to  the  condition  that  the 
series  „ 

n=I 

has  unit  radius  of  convergence,  converges  if 

dn  (g,  k) .  dn  (iy,  k')  ^  dn  (gi,  k) .  dn  (i;i,  k') 

cn(f,A;)  cn(gi,A:) 

where 

The  limitation  of  the  method  is  noteworthy;  we  cannot  find  the 
condition  of  convergence  of  the  expansion  of  a  given  function  in  an 
infinite  series  of  given  functions  without  knowing — 

(i)  That  the  expansion  formally  exists  ;  and 

(ii)  The  approximate,  if  not  the  accurate,  value  of  the  nth  term  in 
the  expansion  for  large  values  of  n. 

In  the  case  of  an  expansion  in  hypergeometric  functions,  the  limita- 
tion may  be  removed  with  the  help  of  two  theorems  :^- 

(i)  If  <^  (^)  be  a  solution  of  the  linear  differential  equation  of  the  nth 
order, 

+   .  .  .    -\-(kii-\-kiz)J  -\-loy  =  0, 

az 

the  coefficient  of  -^  being  a  polynomial  in  z  of  order  r ;  then 

*  The  notation  is  thafc  of  Byerly  ('  Fourier's  Series  and  Spherical  Harmoniot/ 
V       p.  265  (1896)),  B  =  />  (1  +  it*). 
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/(.)  =  jfiL).rf.. 


taken  along  a  suitable  path,  satisfies  the  equation,  and  there  are  in 
general  {n-\)  such  integrals  linearly  independent, 
(ii)  If  u  and  v  be  integrals  of  the  equations 


and 


il^tL  ill  I 


where  </>i,  <^2,  <^8  are  any  holomorphic  functions  of  z^  and  a,  ^  are  two 
luiequal  constants,  the  integral 

L 

vanishes  if  L  is  a  suitably  chosen  path. 

We  deduce  the  following  result : — 

Let  <^  {z)  be  any  function  of  z  which  is  regular  at  all  points  in  the 
interior  of  an  ellipse,  C,  whose  foci  are  at  the  points  z  =  0  and  z  =  \. 
The  ellipse  passes  through  one  (or  more)  of  the  singulanties  of  <^  {z). 
The  curve  is  thus  completely  defined  when  <^  {z)  is  given.  Further,  let 
jp,  ^,  7  be  any  constant  quantities  whatever,  real  or  complex,  save  that 
neither  (^+1)  nor  y  is  a  negative  integer.  Then  </)(^)  can  be  expanded 
in  the  infinite  series  of  hypergeometric  functions. 

"^anY{p-{-n,q-n,y,z), 

where 

^  (;?-g  +  2yt).n(y-g  +  n-l).n(jP  +  n-l) 
"^  {n(7-l)}2.n(n-(?).n{p-7  +  n) 

-(0+,l  +  ,0-,  I-) 

The  series  is  convergent  if  z  is  inside  C,  and  divergent  if  z  is  outside 
C ;  if  2:  is  on  C  the  series  is  in  general  oscillatory  and  the  expansion 
fails. 
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On  the  Theaty  ^  the  ParUtwMof  Nwnhers. 


''Memoir  on  the  Theory  of  the  Partitions  of  Numher&  Ftot  III.'' 
By  Major  P.  A.  MagMahon,  ScD.,  F.RS.  Beoeiyed 
November  21,— Read  December  8, 1904. 

(Abstract.) 

In  this  commmiioation  a  *' general  magic  square"  is  defined  as 
consisting  of  n'  numbers  arranged  in  a  square  in  such  wise  that  each 
row,  column,  and  diagonal  contains  a  partition  of  the  same  number. 

Such  squares  can  be  added  together,  by  addition  of  corresponding 
numbers,  without  losing  the  magic  prepay,  and  we  can  thus  speak 
of  a  linear  function  of  squares  of  the  same  order,  the  coefficients  being 
integers.  The  squares  can,  in  fact,  be  regarded  as  numerical  magnitudes, 
and  can  be  taken  as  the  elements  of  a  linear  algebra.  Since,  moreover, 
withmetical  addition  can  be  made  to  depend  upon  algebraical  multipli- 
cation, the  properties  of  the  magnitudes  can  be  investigated  by  means 
of  a  non-linear  algebra. 

The  properties  of  a  magic  square  can  be  exhibited  by  means  of  a 
qrstem  of  homogeneous  linear  diophantine  equations,  so  that  it 
immediately  follows  that  there  is  syzygetic  theory  of  such  formations. 

The  method  of  procedure  is  set  forth  and  worked  out  in  detail  for 
the  third  order. 

In  Section  10  the  general  question  of  enumeration  associated  with 
a  given  sum  is  considered,  and  some  particular  results  obtained. 

The  methods  are  applicable  not  only  to  general  magic  squares  as 
herein  defined,  but  to  all  cases  of  forms  in  **  Arithmetic  of  Position," 
which  retain  their  properties  after  addition  of  corresponding  elements. 
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"  Note  on  a  Means  of  producing  a  High-voltage  Continuous  or 
*  Pertinacious '  Current."  By  Sir  Ouver  J.  Lodge,  F.RS. 
Eeceived  November  24, — Eead  December  8,  1894. 

The  methods  hitherto  employed  for  propelling  a  current  through 
very  high  resistance  have  involved  the  use  either  of  a  very  large  static 
inductive  machine,  such  as  that  of  Wimshurst  and  others,  or  a  battery 
of  a  very  large  number  of  cells,  as  employed  by  De  la  Rue,  Trowbridge, 
etc.  The  author  finds  that  by  the  use  of  high-tension  mercury-rectifiers 
the  same  result  can  be  attained  with  ordinary  sources  of  supply,  e.g.^ 
by  transforming  and  utilising  the  current  from  any  steady  or  alternating 
main.  In  particular  the  use  of  rectifiers  enables  a  high-tension  inter- 
mittent or  jerky  current,  such  as  that  from  a  Kuhmkorff  coil,  to  be 
trapped,  and  the  supply  stored  in  a  couple  of  reservoirs,  all  the  positive 
pulses  in  one,  all  the  negative  in  another,  whence  they  can  be  con- 
tinuously discharged  through  any  high  resistance. 

The  author  proposes  to  exhibit  the  effect  at  a  forthcoming  soir^ 
The  arrangement  was  originally  designed  for  the  purpose  of  discharging 
large  quantities  of  electricity  into  the  air  for  the  purpose  of  coagulating 
mist  and  fog. 
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**  The  Halogen  Hydridee  as  Conducting  Solvents. — Part  III.  The 
Transport  Numbers.  Prelimmary  Notica"  By  B.  D. 
Steele.  Communicated  by  Sir  William  Bamsat,  K.C.B., 
F.RS.    Received  November  29,— Bead  December  15,  1904. 

In  continuation  of  this  investigation*  the  transport  numbers  of 
several  substances  have  been  measured  when  dissolved  in  liquefied 
hydrogen  bromide. 

The  substances  selected  were  ethyl  ether,  acetone,  methyl  hexyl  ketone 
and  triethylammonium  bromide,  the  first  two  of  which  have  been 
shown  to  form  compounds  with  hydrogen  bromide. 

As  a  preliminary  to  the  main  series  of  experiments  the  validity  of 
Faraday's  law  for  solutions  in  hydrogen  bromide  was  tested,  and  the 
law  found  to  hold  within  the  limits  of  the  errors  of  experiment  of 
the  method  employed,  which  consisted  in  the  direct  comparison  of  the 
amount  of  hydrogen  evolved  during  the  electrolysis  of  various  substances 
in  hydrogen  bromide  solution,  with  the  weight  of  silver  deposited  at . 
the  cathode  of  a  silver  voltameter. 

In  one  experiment  the  amount  of  hydrogen  evolved  was  19*7  c.c, 
the  hydrogen  equivalent  of  the  silver  deposited  being  19*8  c.c. 

Xhe  transport  numbers  were  determined  by  the  method  of  Hittorf 
at  a  temperature  of  -  8r. 

Great  difficulties  were  experienced  in  carrpng  out  the  analjrses  with 
the  required  degree  of  accuracy,  and  the  method  of  analysis  finally 
found  to  be  successful  was  one  depending  on  the  direct  weighing  of 
die  whole  solution  to  be  analysed  in  a  specially  constructed  absorbing 
apparatus,  and  the  subsequent  determination  of  the  hydrogen  bromide 
by  titration,  the  difference  giving  the  amount  of  dissolved  substance 
contained  in  the  solution  taken. 

The  following  mean  values  were  found  for  the  transport  number  of 
the  cation : — 

Ether n  =  10,  p  =  0*82 

Triethylammonium  bromide n  =  0*5  to  0*75,  j?  =  0*20 

n  =  104,  p  =  0*35 

Acetone  n  =  TO,  p  =  0*38 

n  =  1*8,  p  =  0*95 

Methyl  hexylketone n  =  0*9,  p  =  0*39 

n  =  1*8,  p  =  0*77 

n  =  concentration  expressed  in  gramme-molecules  per  litre. 
p  =  cation  transport  number. 

The  experiments  show  that  the  cation  transport  number  increases 
with  increasing  concentration,  and  that  the  ether  (or  acetone,  &c.), 
functions  as  the  cation  or  as  a  component  part  of  it. 

•  *  ^'ee  *  Roy.  Soc.  Proc.,'  toI.  78,  pp.  450—465. 
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"The  Halogen  Hydrides  as  Conducting  Solventa — Part  IV. 
Preliminary  Notice."  By  B.  D.  Steele,  D.  M*Intosh,  and 
E.  H.  Archibald.  Communicated  by  Sir  William  Eamsay, 
K.C.B.,  F.R.S.  Eeceived  November  29, — Read  December  15, 
1904. 

liecent  investigations  have  shown  that  the  power  of  forming  con- 
ducting solutions  is  manifested  to  a  greater  or  less  extent  by  a  large 
number  of  inorganic  and  organic  solvents.  Some  of  the  resulting 
solutions  behave  in  a  similar  manner  to  those  in  water,  as  regards  the 
variation  with  dilution  of  the  molecular  conductivity  fi,  and  of  the 
average  molecular  weight  of  the  dissolved  substance.  Others  show  a 
variation  of  fi  which  appears  to  be  inconsistent  with  Arrhenius*  theory 
of  ionic  dissociation. 

Conducting  solutions  in  which  the  halogen  hydrides  and  sulphuretted 
hydrogen  act  as  solvents,  are  strikingly  abnormal,  and  show,  as  has 
been  pointed  out  in  Parts  1  and  2,*  an  enormous  diminution  of  /jl  widi 
dilution,  instead  of  the  steady  slow  increase  required  by  the  theories  of 
Arrhenius,  Van't  Hoff  and  Ostwald. 

These  abnormal  results  can,  we  believe,  be  simply  explained  on  the 
assumption  that  the  dissolved  substance  enters  into  combination  with 
the  solvent,  and  that  the  resulting  compound  undergoes  ionic  dissocia- 
tion. It  can  be  shown  from  the  law  of  mass  action  that,  if  n  molecules 
of  solute  combine  with  m  molecules  of  the  solvent  to  form  a  single 
molecule  of  the  electrolyte,  the  concentration  of  the  latter  will  be 
proportional  to  v~*»,  where  v~^  =  c  is  the  concentration  of  the  original 
dissolved  substance.  But  the  specific  conductivity  #c  is  proportional  to 
the  number  of  ions,  and  this  is  proportional  to  the  concentration  of 
the  electrolyte  multiplied  by  a,  where  a  is  its  coefficient  of  ionisation. 

Thus 

K  =  aKc~  =  aK/v2,  if  n  =  2, 
or 

#cv2  =  aK. 

If  a  varies  but  slightly  over  a  given  range  this  equation  becomes 

KV2  =  K'. 

It  is  found  that  the  whole  of  our  results  may  be  thus  explained.  In 
some  cases  kv^  is  approximately  constant  over  a  certain  range  of 
dilution ;  and  that  this  approximate  constancy  does  not  hold  at  greater 
dilutions  is  to  be  assigned  to  the  variation  of  a,  which  may  become 
greater  in  more  dilute  solutions  on  account  of  a  secondary  dissociation 
intervening. 


•  ( 
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This  beliaviour  ia  manifested  by,  amongst  others,  a  solution  of 
hydrocyanic  add  in  hydrogen  chloride,  which  gives  die  following 
Talues  for  v  and  irv'. 


aK 


V  =  41-4    21-6    141     10-2      312     2-66     179     123 
icv«  =    211     1-96     1-40    1-20     115     115     1-04    094 


From  these  it  will  be  seen  that  according  to  the  foregoing  explana- 
tion, a  increases  with  dilution,  a  variation  which  is  that  required  by 
the  ionio  theory. 

In  the  case  of  triethylammonium  chloride  dissolved  in  hydrcgea 

ohioride  a  varies  to  a  much  greater  extent,  as  the  following  figures 

show 

V  =  37-0     161       9-43    613      425      364 

icFa  =  oK  =  66-7     43-7    343    31-6      285      280 

In  both  the  foregoing  cases  n  is  found  to  be  equal  to  2,  or  two 
molecules  of  solute  combine  with  the  solvent  to  form  the  dissociating 
substance. 

In  other  cases  n  =  3,  or  three  molecules  combine  with  the  solvent,  as 
for  example,  acetone  dissolved  in  hydrogen  bromide,  for  which  solution 

V  =    8-33     500    3-23     164     135     1-07     075 
«^  =  OK  =  [700]   8-50    8-1       6-3      5*9       49       32 

Here  again  the  increase  of  ol  with  dilution  is  clearly  indicated. 
For  substances  dissolved  in  water  n  =  1  and  K  =  fi^,  and  since 
lev  s  fly  the  equation  k  =>  aKv"  becomes 

Mk  =  «/*«,     or    a  =  ikIi^^, 

and  for  purposes  of  comparison  with  the  foregoing  the  corresponding 
numbers  for  v  and  icy  are  given  for  a  salt.  (Cd  SO4)  dissolved  in 
water. 

V  =  100      50      20       10        5         2         1 

Kv  =  aK  =    71-8    61-8    496    424    362    291    23*8 

Confirmation  of  these  views  is  afforded  by  the  results  of  the  molecular 
weight  determinations,  which  show  that  in  many  instances  the 
molecular  weight  is  greater  than  the  normal,  indicating  that  associa- 
tion has  taken  place  to  some  extent. 
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**An  Analysis  of  the  Eesults  from  the  Falmouth  Magnetograms 
on  '  Quiet '  Days  during  the  Twelve  Years  1891  to  1902." 
By  Charles  Chree,  Sc.D.,  LL.D.,  F.RS.,  Superintendent  of 
the  Observatory  Department  of  the  National  Physical 
Laboratory.  Received  November  23, — Sead  December  15r 
1904. 

(From  the  National  Physical  Lahoratorj.) 

(Abstract.) 

The  paper  contains  an  analysis  and  discussion  of  the  results  obtained 
from  the  decHnation  and  horizontal  force  magnetograms  at  Falmouth 
on  quiet  days  from  1891,  when  the  records  commenced,  until  1902, 
The  discussion  proceeds  on  parallel  lines  to  those  followed  in  dealing 
with  the  corresponding  Kew*  data  for  1890  to  1900,  and  a  comparison 
is  instituted  in  many  cases  between  Kew  and  Falmouth  results. 

The  total  secular  changes  of  declination  from  1891  to  1900  at  Kew 
and  Falmouth  were  identical,  and  the  changes  from  year  to  year  were 
closely  alike.  In  horizontal  force  the  annual  changes  recorded  at  the 
two  stations  did  not  agree  so  closely,  and  on  the  average  the  change  at 
Falmouth  was  somewhat  the  greater. 

When  discussing  the  "  non-cyclic  effect "  in  the  diurnal  variation  of 
the  declination  at  Kew,  it  was  pointed  out  that  though  so  small  and 
irregular  as  to  be  possibly  attributable  to  accident,  it  yet  presented 
features  suggestive  of  a  true  physical  origin.  Though  differences  exist 
between  the  phenomena  at  Kew  and  Falmouth,  still  the  points  of 
agreement  are  such  as  to  give  strong  support  to  the  view  that  the 
phenomenon  is  not  accidental. 

The  data  considered  being  the  means  from  the  five  selected  quiet 
days  a  month,  out  of  the  120  months  in  the  10  years  1891  to  1900 
common  to  the  two  investigations,  there  is  agreement  of  sign  in  the 
non-cyclic  effects  at  Kew  and  Falmouth  in  69  cases  and  disagreement 
in  only  22,  the  effect  being  nil  at  one  or  both  stations  in  the  remaining 
29  cases.  Also  at  both  places  the  sign  of  the  non-cyclic  effect,  though 
prevailingly  positive  throughout  the  year,  is  distinctly  negative  near 
midsummer,  and  the  seasonal  variations  in  the  two  cases  are  fairly 
alike. 

In  horizontal  force  the  non-cyclic  effects  at  Kew  and  Falmouth  are 
large  and  closely  alike.  From  1891  to  1900  there  were  only  5  months 
in  which  the  non-cyclic  effects  differed  in  sign,  as  against  99  in  which 
they  agreed,  and  the  mean  values  of  the  effects  at  the  two  stations 
differed  by  only  about  5  per  cent,  of  the  mean  value  at  Kew. 

Whilst  the  mean  daily  range  of  temperature  at  Falmouth — a  seaside 
station — is  notably  less  than  at  Kew,  the  daily  ranges  of  declination  at 
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the  two  places  are  as  nearly  as  possible  equal,  and  the  daily  range  of 
horizontal  force  is  somewhat  larger  at  Falmouth. 

The  annual  variation  of  temperature  range  is  again  notably  less  at 
Falmouth  than  at  Kew,  the  winter  range  at  the  former  station 
being  relatively  high,  and  the  summer  range  low.  There  is  in 
this  case  a  somewhat  analogous  state  of  matters  in  magnetics,  the 
difference  between  the  diurnal  ranges  at  midsummer  and  midwinter 
being  relatively  less  at  Falmouth  than  at  Kew,  but  the  phenomenon  is 
less  marked  than  in  temperature. 

Analysing  the  diurnal  inequality  of  temperature  into  harmonic 
terms  of  24,  12  and  8-hour  periods,  General  Strachey*  foimd  that 
the  local  time  of  occurrence  of  the  maxima  was  distinctly  earlier  at 
Kew  than  at  Falmouth,  the  difference  being  greatest  for  the  24'hour 
term,  for  which  it  amounted  to  nearly  an  hour.  When  the  declination 
and  horizontal  force  diurnal  inequalities  are  similarly  analysed,  the 
local  times  of  occurrence  of  the  maxima  are  so  nearly  alike  at  the  two 
stations  that  it  is  impossible  to  say  with  certainty  which  is  the  earlier. 
If  a  difference  exists,  it  is  of  the  order  of  only  one  or  two  minutes  of 
time. 

This  last  result  applies  to  the  average  year  of  a  sun-spot  cycle.  It 
has  already  been  found  that  the  time  of  occurrence  of  the  first  maximum 
in  the  24,  12  and  8-hour  terms  at  Kew  varies  with  sun-spot  frequency, 
being  later  in  years  when  spots  are  numerous  than  when  they  are  few. 
Thus  the  sun-spot  maximum  period  1892  to  1895,  as  compared  to  the 
sun-spot  minimum  period  1890,  1899  and  1900,  showed  a  retardation 
of  15^  minutes  in  the  time  of  occurrence  of  the  maximum  in  the 
24-hour  term.  The  phenomena  at  Falmouth  are  closely  similar,  the 
retardation  in  the  24-hour  wave  in  the  period  1892  to  1895,  as 
compared  to  the  sun-spot  minimum  period  1899  to  1902,  amounting  to 
14  minutes. 

When  the  annual  variations  in  the  amplitudes  of  the  daily  ranges  in 
declination  and  horizontal  force  at  Kew,  and  of  the  24,  12  and  8-hour 
terms  in  the  diurnal  inequality,  were  expressed  as  Fourier  series,  with 
an  annual  and  a  semi-annual  term,  there  proved  to  be  a  remarkably 
close  agreement  between  the  dates  of  occurrence  of  maximum  in  the 
annual  terms,  and  also  in  those  of  the  semi-annual  terms  for  the  several 
elements.  The  same  phenomenon  appears  at  Falmouth,  and  there 
proves,  moreover,  to  be  a  remarkably  close  agreement  between  corre- 
sponding Kew  and  Falmouth  dates.  Thus  taking  for  both  declination 
and  horizontal  force  the  three  most  important  quantities  considered, 
viz.,  the  amplitudes  of  the  diurnal  ranges  and  of  the  24-hour  term  in 
the  diurnal  inequality,  and  the  sum  of  the  24  hourly  differences  from 
the  mean  for  the  day,  and  consideiing  both  the  annual  and  semi-annual 
terms,  we  have  12  dates  for  the  occurrence  of  the  fii*st  maximum  at 
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Kew  and  at  Falmouth.  Of  the  differences  between  these  12  pairs  of 
dates  only  three  were  as  large  as  2  days,  and  the  mean  of  the 
differences  taken  algebraically  was  only  about  2  hours.  The  agreement 
in  short  was  well  within  the  limits  of  probable  error. 

This  result  again  applies  to  the  average  year  of  a  sun-spot  cycle. 
Comparing  Falmouth  results  from  the  two  periods,  1892  to  1895  and 
1899  to  1902,  it  was  found  that  a  small  but  decided  difference  existed 
between  the  dates  of  occurrence  of  the  maximum  in  the  annual  terms 
in  both  declination  and  horizontal  force,  and  in  the  semi-annual  term 
in  declination.  The  dates  proved  to  be  accelerated  in  the  sun-spot 
maximum  period  as  compared  to  the  sun-spot  minimum  period.  To 
make  certain  that  the  result  was  not  peculiar  to  Falmouth,  a  similar 
comparison  was  instituted  between  the  Kew  data  for  the  two  periods 
1892  to  1895  and  1890,  1899  and  1900.  The  results  were  closely 
similar  to  those  obtained  at  Falmouth.  Thus  the  average  results  for 
the  acceleration  in  the  sun-spot  maximum  as  compared  to  the  sun-spot 
minimum  period  from  the  ranges,  the  24  differences  from  the  mean, 
and  the  24-hour  term  in  the  diurnal  inequality,  were  as  follows  : — 


Annual  term. 


Declination. 


I. 


Falmouth 
Kew 


3  *5  days. 
3-4 


Horizontal  force. 


Semi>anni2al  term. 


Declination. 


»> 


11  *1  days. 
10*3 


»> 


6  '4  dajs. 

7  0     „ 


The  phenomenon  emphasises  the  importance  of  employing  contem- 
poraneous data  when  comparing  two  stations. 

Applying  Wolf's  formula  R  =  a-f  6S,  associating  the  range  R  of  a 
magnetic  element  with  sun-spot  frequency  S,  results  are  obtained  for 
the  variation  of  b  and  b/a  throughout  the  year  at  Falmouth  very  similar 
in  character  to  those  previously  obtained  for  Kew.  On  the  whole  the 
Falmouth  values  of  bja  are  distinctly  the  higher,  i.e.,  sun-spot  influence 
is  greater  at  Falmouth  than  at  Kew. 

Taking  the  above  formula,  but  making  S  represent  not  merely 
Wolfer's  sun-spot  frequency,  but  in  turn  the  areas  of  whole  sun-spots, 
umbrae  and  faculae  as  observed  at  Greenwich,  Mauritius,  and  Dehra 
Dun,  and  given  by  the  Astronomer  Royal  in  the  *  Monthly  Notices  of 
the  Royal  Astronomical  Society,'  values  are  calculated  for  a  and  b  in 
the  case  when  R  represents  the  range  of  declination  or  horizontal 
force  in  the  mean  diurnal  inequality  for  the  year.  A  comparison  is 
then  instituted  between  the  ranges  for  individual  years  of  the  12-year 
period  as  calculated  from  the  values  of  a  and  b  thus  found,  and  the 
Astronomer  Royal's  mean  yearly  data  on  the  one  hand,  and  as  actually 
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observed  on  the  other.  When  S  represents  areas  of  whole  sim-spots  or 
of  umbrae,  the  agreement  between  observed  and  calculated  ranges  is 
nearly  though  not  quite  as  good,  especially  in  horizontal  force,  as  when 
S  represents  Wolfer's  sun-spot  frequencies;  but  when  S  represents 
areas  of  faculaB  the  agreement  is  much  inferior,  especially  in  years  of 
gun-spot  maximum.  The  mean  differences  between  the  ranges  calcu- 
lated from  Wolfer's  frequencies,  and  from  either  the  spot  areas  or  the 
umbrse  \a  considerably  less  than  between  any  one  of  the  three  sets  of 
calculated  ranges  and  the  observed  ranges.  Also  the  differences 
between  the  observed  ranges  and  those  calculated  from  Wolfer's 
frequencies  nearly  always  possess  the  same  sign  at  Kew  and  Falmouth. 
Both  phenomena  point  to  the  conclusion  that  the  differences  between 
observed  magnetic  ranges  at  individual  stations,  and  those  calculated 
from  any  of  the  above  measures  of  solar  disturbance,  though  small, 
cannot  be  regarded  as  wholly  fortuitous. 


"  The  Effect  of  Liquid  Air  Temperatures  on  the  Meclianical  and 
other  Properties  of  Iron  and  its  Alloys."  By  Sir  James 
Dewar,  F.R.S.,  Hon.  M.I.C.E.,  and  Kobert  Abbott  Hadfield, 
M.I.C.E.,  President  elect  Iron  and  Steel  Institute.  Received 
Noveml)er  24, — Read  December  8,  1904. 

As  many  iron  alloys  have  shown  anomalous  results  in  their  physical 
behaviour  at  ordinary  temperatures,  it  became  advisable  to  ascertain 
the  exact  effect  of  very  low  temperatures  upon  such  bodies,  and, 
accordingly,  a  series  of  tests  were  carried  out  on  standard  iron  and 
iron  alloyed  with  other  elements,  the  specimens  being  selected  from 
a  large  collection  made  by  one  of  the  authors,  which  is  located  at 
the  Hecla  Works,  SheflSeld.  In  the  course  of  the  enquiry  some 
500  specimens  have  been  examined,  and  the  detailed  description  of 
each  test  will  appear  later  on  in  a  special  Monograph.  In  the  meantime 
the  more  important  results  are  submitted  to  the  Royal  Society. 

For  the  purpose  of  the  experiments,  the  irons  were  taken  in  the 
form  of  forged  bars,  and  the  iron  alloys  in  the  form  of  cast  ingots 
2^  inches  square.  They  were  then  carefully  heated  to  the  required 
forging  temperatures  and  reduced  to  rods  ^-inch  diameter,  and  from 
these  rods  finished  test-bars  0*180  inch  diameter  were  accurately 
machined  to  the  following  sketch  : — 


<--0^-'-»?«- O-ffl)" 200--- >>   -  0-60' 
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The  bars  were  then  forwarded  to  the  Boyal  InBtiiution  Laboratory, 
and  there  tested  in  a  small  hydraulic  testing  machine,  similar  in 
principle  to  that  described  in  '  Proceedings  of  the  Boyal  Institution, 
1894,'  to  which  the  necessary  arrangements  could  be  applied  for 
breaking  the  specimens  while  immersed  in  liquid  air. 

The  present  research  confirms,  in  a  larger  field,  the  conclusions  set 
forth  in  the  discourse  of  one  of  the  authors  at  the  Boyal  Institution 
in  1894  on  the  "Scientific  Uses  of  Liquid  Air,"  in  which  the  results 
of  tests  on  metallic  wires  and  cast  metals  at  low  temperatures  were 
discussed.  The  results  of  the  present  series  of  tests  corroborate  the 
inference  previously  drawn,  viz.,  that  all  common  metals  and  alloys 
increase  in  tenacity  at  low  temperatures,  and  this  whether  the 
ductility  increaseb  or  decreases,  and,  further,  that  the  increase  of 
tenacity  is  solely  due  to  the  low  temperature,  and  persists  only  during 
its  continuance. 

The  Remits  of  Low  Temperatures  on  Irons, — The  first  specimen 
examined  in  this  class  was  Swedish  charcoal  iron,  this  material  in  its 
composition  most  nearly  approaching  that  of  pure  iron.  The  analysis 
of  this  specimen  gave  C  0-045,  Si  0*07,  S  0005,  P  0-004,  Mn 
trace,  Fe  99*82  per  cent.  This  iron,  after  careful  annealing,  gave 
20  tons  per  square  inch  tenacity  and  20  per  cent,  elongation  at 
normal  temperature;  after  cooling  in  liquid  air  the  tenacity  rose  to 
38  tons,  with  substantially  no  elongation.  Another  specimen,  after 
being  quenched  at  950'  C.  and  again  at  600**  C.  in  water,  showed 
similar  results  in  liquid  air.  Two  other  specimens  in  the  unannealed 
condition  and  one  after  special  heat  treatment,  showed  similar 
properties.  Specimens  immersed  in  liquid  air  and  allowed  to  return  to 
the  normal  temperature  before  testing,  showed  almost  exactly  the  same 
tenacity  and  elongation  as  before  cooling,  showing  that  the 
brittleness  is  entirely  a  fiuiction  of  temperature. 

Several  specimens  were  then  quenched  from  600**  C,  800**  C,  and 
950"  C.  in  liquid  air,  and  allowed  to  return  to  the  normal  temperature 
before  testing.  It  might  have  been  expected  that  with  this  extraordinary 
chilling  a  considerable  hardening  effect  would  have  been  noticed,  but 
singular  to  say,  whilst  the  tenacity  is  practically  the  same  in  each  case, 
the  ductility  is  improved  rather  than  reduced.  It  may  be  mentioned  that 
the  specimens  quenched  from  high  temperatures  in  liquid  air  remained 
red  hot  in  the  liquid  air  much  longer  than  would  have  been  expected. 
In  order  to  determine  the  hardness  of  these  Swedish  charcoal  irons, 
a  series  of  tests  were  carried  out  by  the  Brinell  ball  test,  which 
showed  that  the  hardness  is  increased  nearly  200  per  cent,  by  quench- 
ing in  liquid  air.  The  specimens,  though,  no  doubt,  much  stiffer  than 
at  normal  temperature,  could  be  readily  filed  at  -  182°  C.  Magnetic 
tests  also  showed  that  no  marked  change  takes  place  at  low  temperature 
as  regards  this  quality. 
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In  order  to  determine  whether  there  is  a  critical  point  where  the 
abnormal  rise  in  tenacity  and  loss  of  ductility  occurred,  four 
specimens  wore  tested  at  +18''  C,  -  80'  C,  -  100'  C,  and  -  193'  C. 
respectively.  The  results  clearly  show  that  there  is  no  critical  point, 
i,e,,  gradual  decrease  in  temperature  is  accompanied  by  gradual  increase 
in  tenacity. 

Other  irons  tested  were  L.S.S.  Swedish  iron,  English  Bowling,  and 
Cooke  iron,  all  showing  increase  in  tenacity  and  corresponding  decrease 
in  ductility  upon  quenching  in  liquid  air. 

The  next  class  are  Iron-Carbon  Alloys,  This  class  is  of  special 
interest  and  importance,  as  upon  the  various  percentages  of  carbon 
present  in  steel  depend  chiefly  its  physical  properties.  The  specimens 
first  dealt  with  are  those  in  which  manganese  is  absent,  or  present  in 
only  very  small  quantities.  Test  No.  74  (C  0*14,  Si  008,  Mn  007  per 
cent.)  represents  very  mild  or  soft  steel ;  it  enables  a  comparison  to  be 
drawn  between  the  Swedish  charcoal  iron  previously  descril)ed  and  soft 
steel.  In  the  case  of  this  specimen  the  tenacity  was  nearly  trebled, 
but  it  is  apparently  more  ductile  than  Swedish  charcoal  iron.  A 
specimen  containing  (C  0*78  per  cent.)  showed  a  considerable  rise  in 
tenacity  in  liquid  air,  the  ductility  being  reduced  to  practically  nil. 
A  specimen  of  the  same  material  was  also  submitted  to  the  liquid  air 
temperature,  and  allowed  to  return  to  normal  temperature  before 
testing;  it  showed  a  similar  result  to  the  original  specimen  not  so 
treated.  It  may,  therefore,  be  said  that  the  effect  produced  by  liquid 
air  is  of  a  physical  and  temporary  character. 

Other  specimens,  viz.,  Nos.  115  (C  0*83,  Mn  0*25  per  cent.), 
9  (C  0-85,  Mn  032  per  cent.),  10  (C  1-09,  Mn  0*32  per  cent.), 
13  (C  1*23,  Mn  01 4  per  cent.)  showed  the  usual  behaviour  at 
liquid  air  temperature.  Specimens  of  No.  115  (C  0*83  per  cent.) 
were  then  quenched  in  liquid  air  from  700'  C.  and  750'  C.  respec- 
tively, and  tested  at  normal  temperature.  As  with  the  Swedish 
charcoal  iron,  the  quenching  from  these  comparatively  high  points 
has  not  produced  the  effect  that  might  be  expected ;  in  fact,  instead 
of  the  ductility  l>eing  reduced,  it  is  now  quite  considerable,  viz., 
13  per  cent,  from  the  700'  C.  and  8  per  cent,  from  the  750'  C. 
Specimens  of  No.  13  (C  1*23  per  cent.)  also  showed  the  same  singular 
effects  after  quenching  from  700'  C.  and  750'  C.  in  liquid  air.  It  is 
certainly  most  remarkable  that  a  specimen  containing  1^  per  cent.  C, 
suddenly  lowered  930'  C,  is  so  little  injured  as  regards  ductility.  If 
these  specimens  had  been  quenched  from  the  same  condition  in  ordinary 
water  or  oil,  they  would  have  been  unfileable  and  of  extraordinary 
hardness.  These  specimens  were  as  magnetic  at  -  182'  C.  as  at  normal 
temperature,  and  readily  fileable. 

In  connection  with  this  series,  specimens  were  also  taken  of  various 
iron-carbon  alloys  in  which  the  Mn  percentage  was  higher  than  in 
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the  preceding  specimens,  e.g.,  Test  Nos.  110  (C  0'19,  Mn  0*52  per 
cent.),  1  (C  0*20,  Mn  0*50  per  cent.),  2  (C  0*50,  Mn  I'OO  per  cent.), 
3  (C  0-58,  Mn  058  per  cent.),  5  (C  075,  Mn  I'OO  per  cent.),  11 
(C  105,  Mn  0-58  per  cent.),  12  (C  120,  Mn  0*62  per  cent.),  31 
(C  1*68,  Mn  ril  per  cent.).  All  these  specimens  showed  the  usual 
rise  in  tenacity  and  fall  in  ductility,  and  although  Specimen  No.  31 
is  of  abnormally  high  carbon,  yet  this  does  not  appear  to  have 
interfered  with  the  ordinary  effect  of  the  liquid  air  treatment.  In  the 
case  of  Test  No.  1,  after  quenching  specimens  of  the  same  material  in 
liquid  air  from  700"  C.  and  750°  C,  the  same  peculiar  behaviour  was 
noticed  as  previously  described,  i.e.,  considerable  increase  in  ductility. 
Having  now  dealt  with  the  iron-carbon  alloys,  the  various  other 
alloys  may  be  dealt  with  : — 


Iron  and  Silicon 
Iron  and  Aluminium 
Iron  and  Tungsten 
Iron  and  Chromium 
Iron  and  Copper 


Specimens  were  tested  representing  all  these 
alloys,  but  the  results  do  not  call  for  any  special 
^  comment,  the  usual  increase  in  tenacity  and  fall 
in  ductility  being  noticeable  at  low  tempera- 
ture. 


Iron  and  Nickel — Specimen  No.  45  (C  0*26,  Ni  0*58  per  cent.). 
Although  the  liquid  air  doubles  the  tenacity,  probably  owing  to  the 
lower  carbon  and  the  presence  of  nickel,  the  elongation  is  not  reduced 
to  the  extent  noticed  in  previous  specimens.  This  is  important,  and 
gives  material  proof  that  the  brittleness  of  iron  at  low  temperatures 
can  be  modified  by  another  element,  provided  the  carbon  is  not 
present  in  any  considerable  percentage.  In  another  specimen.  No.  46 
(C  01 4,  Ni  1*92  per  cent.),  the  nickel  appears  to  vigorously  assert 
itself,  as  the  ductility  at  - 182"  C.  only  decreases  from  20 — 12  per 
cent.,  the  tenacity  increasing  from  34 — 59  tons.  In  Specimens 
Nos.  49  (C  0-19,  Ni  3*82  per  cent.)  and  50  (C  0-18,  Ni  11-39  per 
cent.),  the  remarkable  effect  of  nickel  is  noticeable,  as,  whilst  the 
tenacity  rises  considerably  in  both  cases,  the  ductility  remains  practi- 
cally unaltered.  The  tenacity  rose  in  a  further  specimen.  No.  54 
(C  01 6,  Ni  24*51  per  cent.),  in  which  the  nickel  is  very  high, 
from  90 — 118  tons  at  -182"  C,  the  ductility  being  only  reduced 
from  12 — 10  per  cent.  The  specimens  were  non-magnetic  both  at 
normal  and  at  liquid  air  temperature.  The  same  material  showed 
an  increase  of  from  306 — 524  in  hardness  under  the  liquid  air  treatment. 

Iron  and  Manganese, — These  form  an  important  class.  The  peculiar 
alloy  of  iron  and  manganese,  known  as  **  Manganese  Steel,"  is  non- 
magnetic, and  it  is  possible  to  produce  similar  alloys  of  iron  and 
manganese  even  when  the  former  element  is  present  in  as  high  a  pro- 
portion as  87 — 88  per  cent.  Excellent  results  as  regards  physical 
properties  can  be  obtained  upon  exceeding  1^  and  up  to  2^  per  cent., 
provided  the  carbon  is  low.     From  about  3 — 7  per  cent,  the  material 
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is  comparatively  brittle,  even  with  low  carbon.  Upon  exceeding 
7  per  cent,  the  material  now  known  as  "Era''  manganese  steel  is 
formed,  and  continues  up  to  17  or  18  per  cent.  Manganese  steel 
proper  is  the  alloy  containing  11 — 15  per  cent,  of  manganese  wiUi 
carbon  varying  from  0*80 — 1*40  per  cent. 

We  will  deal  first  with  manganese  steels  having  low  carbon,  t.«.,  under 
O-30  per  cent.  Test  No.  14  (C  0*08,  Mn  3*50  per  cent.),  the  usual  rise 
in  tenacity  and  loss  in  ductility  occurs  at  - 182"  C,  and  on  the 
specimen  being  allowed  to  return  to  normal  temperature  it  does  not 
appear  to  be  injured  in  any  way.  Samples  Nos.  15,  16,  and  17  (Mn 
varying  from  5*40 — 15*28  per  cent.),  which  are  extremely  brittle  at 
normal  temperature,  show  very  little  modification  at  the  low 
temperature. 

Dealing  now  with  alloys  having  higher  percentages  of  carbon,  several 
specimens  tested  with  Mn  ranging  from  2*23  to  11*53  per  cent,  with 
carbon  increasing  proportionately  from  0*41 — 1*66  per  cent,  showed 
normal  behaviour  at  low  temperature.  An  interesting  specimen 
No.  26  (C  1*23,  Mn  12*64  per  cent.)  was  examined,  representing  a 
normal  "  Hadfield's  Era  manganese  steel."  At  normal  temperature  this 
gave  56  tons  tenacity,  with  the  high  elongation  of  30  per  cent,  and 
after  immersion  in  liquid  air  showed  a  slight  rise  in  tenacity,  the  elonga- 
gation,  however,  falling  to  2J  per  cent.,  the  low  temperature  thus 
entirely  de-toughening  the  material.  This  result  is  somewhat 
unexpected,  as  it  might  have  been  anticipated  that  the  great  ductility 
of  this  material  at  normal  temperature  would  not  have  been  interfered 
with  to  any  great  extent  at  the  low  temperature.  In  the  ordinary 
treatment  of  Mn  steel  for  toughening,  the  sudden  drop  in  tempera- 
ture is  about  1000**  C,  and  in  the  liquid  air  only  200"  C.  A  repetition 
test,  No.  26a,  gave  a  similar  result,  the  tenacity  at  normal  temperature 
being  65  tons,  with  40  per  cent,  elongation,  while  at  -  182"  C.  the 
ductility  dropped  to  nil,  the  tenacity  remaining  the  same,  viz., 
64  tons.*  Similar  specimens  of  this  steel  cooled  down  and  allowed 
to  return  to  normal  temperature  again  exhibited  the  usual  extraordinary 
toughness  of  the  material,  thus  showing  that  the  de-toughening  or 
embrittling  action  is  only  temporary,  as  with  the  Swedish  charcoal  iron 
and  ordinary  steel  specimens. 

It  is  certainly  curious  to  find  that  a  specimen  of  steel,  which 
only  a  few  moments  before  would  break  in  the  easiest  manner, 
can  again  be  bent  double.  This  is  produced  by  a  change  in  tem- 
perature conditions  of  about  200"  C.  These  results  also  show  that 
manganese  steel,  notwithstanding  its  many  peculiarities,  in  this 
respect  falls  into  line  with  and  is  subject  to  the  same  laws  as  iron 

*  It  IB  Terj  extraordinarj  that  the  metal  iron,  no  matter  what  its  treatment, 
nerer  becomes  so  ductile  as  the  treated  and  quenched  manganese  steel — mainly 
.eompoBcd  o£  iron— with  an  original  ductility  of  40  per  cent. 
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and  ordinary  steels.  It  is  therefore  all  the  more  curious  that  the 
iron-nickel-manganese  alloy  (1414b)  described  later,  entirely  diflfers  in 
this  respect,  where  the  effect  of  low  temperature  is  not  only  nil,  but 
there  is  a  positive  increase  in  ductility.  The  ball  tests  on  specimen 
No.  26  shows  an  increase  in  hardness  at  -  182**  C.  of  70  per  cent.,  viz., 
from  205  to  372.  Three  other  specimens,  Nos.  26  E,  F,  and  6  are 
also  interesting  as  showing  the  effect  ofj  quenching  upon  Mn  steel, 
from  temperatures  of  605°,  800%  and  950°  C.  in  liquid  air,  the 
tests  being  then  carried  out  at  normal  temperatures.  The  specimens 
E  and  F  give  similar  results  to  those  that  would  be  obtained  by 
quenching  in  ordinary  cold  water  at  600°  and  800°  C,  t.«.,  little  or  no 
increase  in  ductility.  On  the  other  hand,  in  specimen  26  6,  quenched 
from  950^^  C,  there  is  no  doubt  the  result  obtained,  66  tons  tenacity 
^vith  38  per  cent,  elongation,  is  excellent,  but  it  is  not  any  better  than 
can  be  obtained  by  quenching  in  water  at  15°  C.  It  is  important  to 
here  mention  that  the  three  specimens  E,  F,  G,  were  all  non-magnetic 
at  -  182°  C,  showing  that  there  is  no  change  in  the  magnetic  properties 
of  manganese  steel  at  low  temperatures.  This  experiment  finally 
settles  quite  a  number  of  misunderstandings  in  metallurgical  literature 
which  have  arisen  on  this  subject,  namely,  that  at  no  range  of  increase 
or  decrease  in  temperature  (provided  this  is  not,  as  regards  high 
temperature,  sustained  for  any  length  of  time)  does  any  marked 
change  in  magnetic  property  occur  in  manganese  steel. 

The  effect  of  low  temperature  on  Iron  alloyed  toith  Two  other  Main 
Elements.  Taking  first  the  alloys  of  Iron,  Nickel,  and  Chromivm. 
Tests  Nos.  78  (C  025,  Cr  0*64,  Ni  2-67  per  cent.)  and  81 
(C  0-89,  Cr  2-00,  Ni  1*92  per  cent.).— In  the  first  instance  in  the 
presence  of  low  carbon  the  nickel  shows  its  toughening  influence, 
as  at  -  182°  C.  the  tenacity  rises  from  38  to  61  tons,  the  elongation 
only  falling  from  20 — 17  per  cent.  In  the  latter  specimen  the 
(effects  of  the  nickel  are  not  so  apparent  owing  to  the  higher 
carbon,  but  the  elongation  does  not  entirely  disappear.  Another 
specimen  of  this  latter  material  after  quenching  in  oil  at  760°  C,  and 
then  water  at  650°  C.  showed  an  increase  in  tenacity  at  -  182°  C.  of 
from  81 — 105  tons,  the  elongation  being,  however,  reduced  from 
7 1  per  cent,  to  nil.  The  embrittling  influence  of  the  carbon  is  seen  in 
both  instances.  In  the  next  specimen.  No.  79  (C  0*31,  Cr  1*80, 
Ni  2-60  per  cent.),  the  ductility  is  not  affected,  remaining  at  15  per  cent. 
Notwithstanding  the  considerable  presence  of  chromium,  the  nickel 
asserts  itself  in  this  specimen,  the  tenacity  rising  from  49 — 79  tons. 
A  similar  result  was  also  noticeable  in  specimen  No.  107  (C  0*17, 
Cr  155,  Ni  3  02  per  cent.),  the  tenacity  rising  to  59  tons,  and  the 
ductility  dropping  only  from  25 — 20  per  cent.  Test  No.  80  (C  0*64, 
Cr  2*01,Ni  12*24  per  cent.). — In  this  specimen  the  very  high  tenacity  at 
the  norm'al  temperature  (115  tons)  does  not  appear  to  be  affected  by  the 
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liquid  air,  in  other  words,  a  steel  having  high  tenacity  at  normal  tem- 
perature is  practically  imaffected  by  liquid  air. 

Tests  were  carried   out  in 


/ron,  Nickel^  and  Silicon 
Irony  Manganese,  and  Chromium 
Iron,  Manganese,  and  Silicon 
Iron,  Chromium,  and  Aluminium 
Iron-,  Chromium,  Silicon 
Iron,  Chromium,  Copper 
Iron,  Chromium,  and  Tungsten 


liquid  air  on  specimens  repre- 
senting these  alloys,  but  the 
results  do  not  call  for  any 
special  comment,  in  all  cases 
the  specimens  behaving  in  the 
normal  manner,  i,e,,  showing 
increase  in   tenacity  and  de- 


Iron,  Cobalt,  Manganese,  Siliron 
Iron,  Chromium y  Mangan^sie,  Silicon 
Iron  Nickel,  Manganese,  Aluminium 


.  crease  in  ductility  in  liquid  air. 

Iron,  Manganese,  Coppei\— Test  No.  19  (C  025,  Mn  2-01,  Cu  1-39 
per  cent.)  shows  a  remarkable  rise  in  tenacity,  the  elongation  remaining 
unaffected  by  the  low  temperature.  It  is  remarkable  that  the  copper, 
which  is  present  only  to  the  extent  of  H  per  cent.,  absolutely  neutralises 
what  would  be  the  action  of  manganese,  which  clearly  produces  brittle- 
ness  and  hardness  at  low  temperatures. 

Tests  were   carried  out  on 

specimens   representing    these 

-^  alloys,     but     the     results    do 

not  call  for  any  special  com- 

.  ment. 

Iron,  Nichel,  ami  Mangaiu'.<e. — In  this  class  a  number  of  specially 
interesting  results  were  obtained.  There  is  an  important  alloy, 
No.  1109D  (C  0-60,  Mn  5*04,  Ni  14-55  per  cent.),  including  two 
elements,  which,  if  added  sepiirately  in  the  same  proportions  to 
iron,  would  cause  extreme  brittleness.  Most  singular  to  say,  this 
double  combination  now  confers  extraordinary  toughness.  This  alloy 
is  probably  the  most  ductile  form  of  iron  alloy  known,  in  several  cases 
an  elongation  of  no  less  than  75  per  cent,  having  been  obtained  at 
normal  temperature.  Taking  the  first  specimen,  No.  60,  under  liquid 
air  treatment,  this  material  drops  in  elongation  from  70 — 25  per  cent., 
this  remaining  ductility  even  now  being  very  great.  This  is  the  first 
specimen  met  with  in  which  the  ductility  remains  comparatively  high. 
A  further  test  carried  out  on  the  same  steel  ahoWs  a  similar  result.  It 
may  be  mentioned  that  the  magnetic  qualities  of  the  specimen  remained 
unchanged  at  -  182°  C.  1109d  may  be  termed  almost  non-magnetic, 
though  not  so  much  so  as  manganese  steel.  1109D  is  much  more 
sensitive  to  magnetic  changes  by  temperature,  though  to  an  ordinary 
magnetic  test  it  appears  inert. 

The  next  specimen.  No.  61  (C  100,  Mn  605,  Ni  1791  per  cent.), 
shows  a  further  increase  in  nickel  percentage,  and  this  is  clearly  the 
factor  in  preventing  loss  of  ductility  at  -  182*  C,  the  ductility  only 
decreasing  from  57 — 42  per  cent.     Another  specimen  taken,  No.  114 
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(C  11 8,  Mn  605,  Ni  24*30  per  cent.)  shows  a  still  further  increase  in 
percentage  of  nickel.  For  the  first  time  in  this  series  of  tests  there  is 
now  met  with  a  specimen  in  which  there  is  an  actual  rise  in  ductility 
at -182^  C.  The  tenacity  now  rises  from  61—84  tons,  and  the 
ductility  from  60 — to  67  per  cent.  This  is  remarkable.  It  is  curious 
that  the  considerable  percentage  of  manganese  does  not  interfere  with 
the  toughening  of  the  iron,  of  which  there  is  68  per  cent.  In  any  case 
it  cannot  be  claimed  that  manganese  confers  this,  as  it  must  be  remem- 
bered that  a  similar  percentage  of  manganese  in  an  iron  alloy  containing 
no  nickel  shows  remarkable  brittleness  either  at  normal  or  low  tem- 
perature. Nor  does  an  iron  alloy  containing  a  similar  high  percentage 
of  nickel  and  no  manganese  show  much  ductility.  In  face  of  these 
apparent  anomalies  it  is  difficult  to  offer  a  satisfactory  explanation  of 
the  remarkable  effects  noticed.  A  repetition  of  the  above  test  showed 
even  more  remarkable  results,  the  ductility  rising  from  42 — 57 
per  cent. 

The  liquid  air  experiments  on  this  series  (iron,  nickel,  manganese) 
l)ring  out  in  a  much  clearer  manner  than  any  other  tests  have  yet  done, 
the  remarkable  toughness  and  ductility  of  the  iron  alloys  containing 
6  per  cent.  Mn  and  14 — 24  per  cent,  nickel.  They  show  what  an 
extraordinary  molecular  combination  has  been  produced.  In  other 
words,' these  particular  iron  alloys  have  almost  non-magnetic  properties, 
possess  the  highest  electrical  resistance  of  any  known  alloy,  and  also 
represent  the  most  ductile  iron  alloy  yet  known. 

The  Concluding  Group  includes  Metah  and  Miscellaneous  Alloys, — The 
first  specimen  taken  in  this  group  was  No.  120  forged  nickel  (C  0*09, 
Ni  99*27  per  cent.),  representing  an  excellent  quality  of  commercial 
nickel.  This  was  tested  in  the  forged  condition,  and  in  liquid  air  the 
tenacity  was  increased  from  29 — 46  tons,  and  ductility  from  43 — 
51  per  cent.  This  may  be  considered  a  remarkable  result,  and 
probably  explains  why  in  iron-nickel  and  iron-nickel-manganese  alloys 
tlie  presence  of  nickel  (provided  the  carbon  is  low)  prevents  low 
temperature  injuring  iron.  It  is  difficult  to  explain  why  this  should 
be  so,  in  view  of  the  similar  position  of  these  two  elements  in  the 
chemical  classification  of  the  elements. 

Although  no  absolutely  pure  specimen  of  the  metal  manganese  is  yet 
available,  that  containing  about  98  per  cent,  shows  comparative  brittle- 
ness, and  in  this  respect,  therefore,  entirely  differs  from  the  metal  nickel. 
This,  to  some  extent,  explains  why  nickel-iron  alloys  are  remarkably 
tf)Ugh,  but  still  leaves  unsolved  why  manganese  steel,  which  contains 
1 2  per  cent,  of  Mn,  is  so  extraordinarily  tough  when  alloyed  with  iron 
and  some  carbon,  and  quenched  from  high  temperatures. 

Test  No.  131  (copper  99  per  cent.)  shows  that  whilst  the  results 
obtained  from  this  metal  resemble  nickel,  the  tenacity  being  increased, 
it  is  to  a  much  less  degree,  the  ductility  not  being  materially  altered. 

^  ^  ^^ 
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It  is  curious  to  find  that  by  chilling  down  the  metals  iron,  nickel,  and 
copper  to  -  182'  C.  their  absolute  and  ultimate — if  the  terms  may  be 
allowed — qualities  are  shown  more  truly  than  at  the  normal  tempera- 
ture. The  effects  here  noticed  also  explain  in  a  more  satisfactory 
manner  than  has  yet  been  possible,  why  nickel  is  so  valuable  in  nickel- 
iron  alloys ;  that  is,  it  tends  to  counteract  the  constant  tendency  of  the 
sensitive  metal,  iron,  to  become  embrittled  on  the  slightest  provocation. 
If  this  research  reveals  this  one  important  fact,  it  will  have  well  repaid 
the  labour. 

From  the  results  it  would  seem  to  be  indicated  that  copper  might  be 
a  useful  metal  to  alloy  with  iron.  There  are,  however,  difficulties  in 
the  way  of  this,  at  any  rate  as  regards  forged  metal,  as  copper-iron 
alloys  containing  no  manganese  are  considerably  red-short,  and  cannot 
be  readily  manipulated.  For  some  reason  not  yet  explained  it  also 
does  not  alloy  well  with  iron,  but  this  may  be  a  question  of  temperature 
effect  at  fusion  point.  At  any  rate,  these  experiments  are  suggestive 
for  further  research  and  investigation. 

In  the  case  of  aluminium,  Test  No.  113  (Al  99*50  per  cent.),  the 
metal  shows  a  remarkable  increase  in  tenacity,  viz.,  8  to  15  tons,  the 
elongation  being  nearly  quadrupled,  viz.,  from  7  to  27  per  cent. 
Singularly  enough,  when  alloyed  with  iron,  such  increases  in  both 
tenacity  and  ductility  are  not  noticed ;  in  fact,  a  contrary  effect 
was  produced. 

Specimens  of  cupro-nickel  (Cu  95,  Ni  4*85  per  cent.)  and  Bull's 
metal  showed  only  slight  changes  at  low  temperature,  whilst  specimens 
of  delta  metal  and  manganese  copper  showed  a  rise  in  tenacity  and 
ductility. 

Various  experiments  carried  out  in  connection  with  this  reseiirch  deal 
with  contraction,  electrical  properties,  micro-structure,  magnetic  and 
brittleness  tests,  all  of  which  will  bo  included  in  the  special  mono- 
graph. 

General  Condnsions. 

It  is  clear  that  as  regards  iron  and  iron  alloys,  \vith,  however, 
certain  exceptions,  the  effect  of  low  temperature  is  to  increase  in  a 
remarkable  degree  their  maximum  tensile  stress,  and  to  reduce  their 
ductility  to  practically  nothing.  These  changes  take  place  to  the  same 
extent,  and  this  is  very  curious  in  the  softest  wrought  iron,  as 
represented  by  the  specimens  S.C.I.  (Swedish  charcoal  iron),  L.S.S. 
(the  famous  Swedish  melting  iron),  and  also  English  wrought  iron,  and 
in  carbon  steel  samples  from  0*10  to  0*20  per  cent,  to  the  high  percentages, 
such  as  1  '25  or  1  '50  per  cent.  Thus,  the  absence  or  presence  of  carbon 
in  ordinary  carbon  steel,  in  which  other  special  elements  are  not 
present,  seems  to  have  but  little  influence.  That  there  is  no  error  in 
this  statement  is  proved,  independently  of  the  tensile  tests,  by  the  fact 
that  several  bars  of  the  S.C.I.,  and  mild  steel  specimens,  were  sub- 
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mitted  to  the  low  temperature  test,  and  tested  by  hammer  immediately 
after  being  immersed.  In  all  cases  they  exhibited  great  brittleness, 
breaking  off  instantly  upon  being  struck.  Further  confirmation  is 
obtained  by  the  Brinell  hardness  ball  test,  under  which  test  the  hardness 
number  of  the  S.C.I,  increased  at  -  182"  C.  from  90  to  266,  or  about 
equal  to  the  hardness  of  0'80  per  cent,  carbon  steel  at  normal  temperature. 
This  almost  seems  incredible  when  it  is  remembered  that  the  S.C.I. 
shows  by  analysis  99*88  per  cent,  of  iron,  and  has  only  20  to  22  tons 
tenacity,  with  25*30  per  cent,  elongation. 

The  importance  of  the  discovery  of  the  toughening  effect  of  nickel 
upon  iron  at  low  temperatures  will  be  seen  when  it  is  understood  that 
whilst  it  has  been  well  known  that  nickel  in  certain  percentages 
produced  important  improvements  in  the  qualities  and  properties  of 
iron  and  steel  alloys,  no  microscopical  or  chemical  research  work  has 
yet  proved  why  this  came  about.  It  seems  clear  that  these  experiments 
go  a  long  way  towards  offering  a  satisfactory  explanation.  The  experi- 
ments prove  that  the  purest  iron,  as  represented  by  the  S.C.I,  (con- 
taining 99*82  per  cent,  iron),  becomes  brittle  to  an  extraordinary  degree 
under  the  influence  of  low  temperatures,  whereas  nickel  itself,  tested 
under  the  same  conditions,  has  improved  rather  than  deteriorated,  not 
only  in  tenacity,  which  iron  also  does,  but  in  ductility,  in  which  latter 
quality  iron  entirely  breaks  down.  If  nickel,  therefore,  is  present  in 
an  iron  alloy  containing  but  little  carbon,  or  comparatively  low  in  that 
element,  it  acts  as  a  preventive  of  brittleness,  or  is  a  very  considerable 
modifier  of  that  o])jectionable  quality.  It  may  be  interesting  to  state 
that  at  ordinary  temperatures  the  toughness  or  ductility  of  nickel  is  no 
greater  than  that  of  iron.  For  example,  in  comparative  tensile  tests 
made  on  nickel  and  pure  iron,  the  ductility  of  iron  was  greater. 

Iron  to  a  more  or  less  degree,  at  any  rate  in  manufacturing  operations, 
always  seems  to  be  endeavouring  to  wander  out  of  the  "  paths  "  of 
ductility  and  toughness,  and  will  assume  its  apparently  brittle  nature 
on  the  slightest  provocation.  It  would  appear  therefore  that  iron,  a 
cheap  and  convenient  metal  itself,  must  be  permeated  by  some  element 
that  will  mask  or  modify  its  properties.  Until  recently  carbon  wiis 
the  only  element  known  to  modify  the  properties  of  iron ;  but,  as  will 
be  seen  in  this  research,  this  element,  where  great  toughness  is  required, 
only  helps  to  make  matters  worse.  Fortunately  for  iron,  however,  its 
close  companion  nickel  acts  as  a  preventive  in  keeping  it  from 
wandering  out  of  the  narrow  road  of  metallurgical  rectitude,  that  is 
toughness  or  ductility.  Why  this  should  be  so  cannot  at  present  be 
explained.  Iron  is  a  crystalline  metal,  whereas  nickel  appears  to  l>e 
much  more  amorphous ;  it  is  possible,  therefore,  that  nickel  tends  to 
prevent  iron  crystallizing.  This  action  of  nickel  is  remarkable  in 
certain  of  the  alloy  specimens,  e.g,^  No.  114,  which  is  an  alloy  of  iron, 
carbon  1*18  per  cent.,  nickel  24*30  per  cent.,  and  manganese  6*05  ^r 
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oent.  Here  tihe  ductility  is  extraordinary  at  not  only  normal  but  low 
temperatures,  probably  the  highest  known  for  any  iron  alloy,  and 
certainly  for  An  alloy  having  such  tenacity  as  85  tons  per  square  inch. 
There  is  still  present  in  this  alloy  68  per  cent,  of  iron,  yet  the  tendency 
of  the  latcer  metal  to  become  brittle  is  not  only  entirely  checked  at  the 
low  temperature ;  but  the  elongation,  already  so  great,  is  considerably 
increased,  viz.,  from  60  to  67^  per  cent.  There  is  also  an  increase  <rf 
tenacity  in  both  cases,  viz.,  a  rise  from  10  to  38  per  cent.  Thus  the 
nickel  present  causes  the  bar  under  high  tension,  and  at  -  182*  C,  to 
remain  far  more  ductile  than  the  very  best  ductile  iron  of  one  third  the 
tenacity.  Although  the  action  of  nickel  has  been  specially  referred  to» 
it  must  not  be  overlooked  that  in  this  alloy  there  is  also  present  6  per 
cent,  of  manganese,  which  in  its  ordinary  combination  with  iron,  that 
is  with  no  nickel  present,  would  confer  intense  brittleness  upon  the 
iron  and  render  it  more  brittle  than  if  not  present.  This  treble 
combination  of  nickel,  manganese,  and  iron,  appears  to  reverse  all  the 
known  laws  of  iron  alloys. 

We  have  to  thank  the  mechanician  of  the  Davy-Faraday  Laboratory, 
Mr.  C.  N.  Cooke,  for  able  assistance  in  the  conduct  of  the  experiments. 
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"  The  Effects  of  Temperature  and  Pi-essure  on  the  Thermal  Con- 
ductivities of  Bodies.  Part  I. — The  Effect  of  Temperature 
on  the  Thermal  Conductivities  of  some  Electrical  Insulators." 
By  Charles  H.  Lbbs,  D.Sc.  Communicated  by  Arthur 
Schuster,  F.RS.  Eeceived  November  29, — Eead  December  15, 

1904. 

[Abstract.] 

The  substance  whose  thermal  conductivity  is  to  be  determined  has 
the  form  of  a  cylinder  about  8  cms.  long,  2  cms.  diameter,  and  is 
surroimded  by  a  thin  cylinder  of  brass,  which  on  accoimt  of  its  com- 
paratively high  thermal  conductivity,  makes  the  outer  siuiaces  of  the 
substance  isothermal  surfaces.  The  brass  cylinder  is  placed  in  a  Dewar 
tube. 

The  heat  is  supplied  by  the  passage  of  an  electrical  current  through 
a  platinoid,  wire  embedded  in  the  substance  parallel  to  the  axis  of  the 
cylinder,  and  about  '4  cm.  distant  from  it.  The  amount  of  heat 
generated  is  determined  by  the  current  through  the  ^dre  and  the 
potential  difference  between  its  ends.  The  temperature  is  measured 
by  the  electrical  resistance  of  two  short  spirals  of  No.  40  pure  platinum 
wire,  down  the  centre  of  one  of  which  the  heating  wire  passes.  To 
eliminate  errors  due  to  want  of  symmetry,  a  second  heating  wire 
passes  down  the  centre  of  the  second  spiral,  and  the  heating  current 
may  be  sent  through  either  or  both  at  will. 

The  difference  of  temperature  of  the  two  spirals  is  determined  by 
making  them  two  arms  of  a  resistance  bridge,  the  other  two  arms  of 
which  are  equal.  By  means  of  mercury  cups  resistances  may  be 
placed  in  series  with  either  of  the  spirals  till  a  balance  is  obtained. 
From  the  resistance  necessary  to  effect  the  balance  and  the  "funda- 
mental constants  '*  of  the  platiniun  thermometers  which  the  two  spirals 
constitute,  the  difference  of  their  temperatures  is  calculated.  The 
thermal  conductivity  k  of  the  medium  would,  if  the  latter  were  infinite 
in  extent  and  the  heating  wire  infinitely  long,  be  connected  with  the 
difference  of  the  temperatures  ri,  v^,  at  the  two  points  distant  7*i  and  r^ 
from  the  heating  wire,  and  the  amount  of  heat  H  generated  per  second  in 
1  cm.  of  the  latter,  by  the  equation 

n  - 1?2  =  —~j-  log  -  . 

In  the  apparatus  used  the  connection  between  the  quantities  is  not 
so  simple,  but  the  theory  is  worked  out  completely  in  the  paper,  and  the 
corresponding  expression  given. 

The  following  fairly  representative  substances  have  been  tested  each 
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at  a  number  of  temperatures  between  that  of  liquid  air  and  the 
melting  point  of  the  substance :  Ice,  glycerine,  aniline,  paraffin  wax, 
naphthaline,  )8-naphthol,  para-nitrophenol,  and  diphenylamine. 

The  results  show  a  marked  increase  of  the  conductivities  of  ice, 
naphthaline,  aniline  and  nitrophenol,  and  a  slight  increase  of  those  of 
)S-naphthol,  and  diphenylamine  at  low  temperatures.  Glycerine  has  a 
maximum  conductivity  about  -80*  C,  and  paraffin  wax  shows  a 
tendency  to  behave  in  the  same  way. 

A  few  values  of  the  conductivities  for  a  portion  of  the  range  of 
temperature  are  given  in  the  following  table: — 


Ice  

Naphthaline 

Aniline 

Nitrophenol  (para) 

Glycerine 

Paraffin  wax 

/3-Naphthol 

Diphenylamine  . .  . 


At      I       At      i       At      I 
120"*  abs.  180°  abs.  240°  abs. 


Previous  Talues. 


0-0062 


0-0013 


0  0058 


0  -0011 


0-0011    .0-00086 


0-0010 


3  00085 


0-0052 

0-00091 
0  00070 
0-00070 


0  00078   0-00082 


0-00076 


0 
0 

0 


-00568,  Neumann,  *  Ann.  CL. 

Phj8./  vol.  3,  p.  66. 

•0050,  Mitchell,  *  Roy.  Soc. 

Edin.  Proe,'  vol.  8H,  p.  592. 

•0014  liquid  at  20°  O. 

-00096  af  33"  C,  Lees,  *  Phil. 

Trans.,'  A,  vol.  191,  ]».  4l6. 

-00041  liquid  at  12",  H.  F. 

Weber,  *  Berl.  Ber./  1885. 


0  00060  0  00065 
0  -00067  ,  0  -00065 
0  -00058  0  -00054 


0-00061 
0- 00063 
0  00052 


0-00062   liquid 
Graetz.,  '  Ann 
vol.  25,  p.  337 
.{  0 -000^)7   liquid 
H.  F.  Weber, 

0  00068   liquid 
Lees,  loc.  cif. 

0  00061  at 35°C. 
Trans..'  A,  vol 

0-00asiat32°C. 
Trans./  A,  vol 


at    13-    C. 
.  der  Ph}-8.,* 

at    12°     C, 

loc.  cit. 

at    25°     C, 

,  Lees,*  Pliil. 
.183,  p.  48 1. 
,l>ee6/PhiL 
.  191,  p.  416. 


The  temperatures  are  given  in  terms  of  the  hydrogen  scale,  measured 
from  the  absolute  zero,  the  thermal  conductivities  in  c.g.s.  units. 

It  will  be  noticed  that  the  thermal  conductivities  are  much  greater  in 
the  solid  than  in  the  liquid  state  in  the  case  of  water  and  aniline,  but 
almost  alike  in  the  case  of  glycerine. 
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"  On  the  Normal  Series  satisfying  Linear  Differential  £quations." 
By  E.  Cunningham.  Communicated  by  Dr.  H.  ¥.  Baker, 
F.RS.     Received  December  8, — Bead  December  15,  1904. 

(Abstract). 

If  y  denotes  a  column  of  n  elements,  and  u  is  a  square  matrix  of 
n  rows  and  columns  of  elements,  each  of  which  is  a  function  of  the 
independent  variable,  n  independent  solutions  of  the  system  of 
simultaneous  equations 

dyjdt  =  wi 

iire  given  by  the  n  columns  of  the  matrix 

12(w)  =  l  +  Qw  +  Q(wQw)  +  Q;MQ(ttQ?0}  + ; 

where  Q  (<^)  denotes    I     <^  dt. 

In  the  *  Proceedings  of  the  London  Mathematical  Society,'  vol.  35, 
pp.  333  ff.,  the  form  of  this  solution  is  developed  by  Dr.  H.  F.  Baker, 
for  the  piirticular  case  in  which  each  element  of  u  has  a  pole  of 
order  unity  at  the  point  ^  =  0.  This  is  the  case  of  a  system  derived 
from  a  linear  ordinary  equation  of  order  w,  all  of  whose  integrals  are 
regular  in  the  neighbourhood  of  /  =  0. 

If  X  is  any  square  matrix  of  order  n,  and  ?/  a  square  matrix  satisf3dng 
the  system  of  equations 

di)ldt  =  m)  -  vx, 

then  //  =  i]il  (x)  is  a  matrix  satisfying 

dyjdt  =  uy. 

This  result  is  used  by  Dr.  Baker  in  the  paper  above  mentioned  to 
show  that  in  the  above  case  a  solution  may  be  found  in  the  form 
^/^^(x)>  where  the  elements  of  77  are  simply  series  of  powers  of  /,  and 
the  matrix  fi(x)  is  expressible  in  finite  terms.  The  form  of  the  result 
puts  in  evidence  what  are  known  as  Hamburger's  sub-groups  of 
integrals. 

The  present  paper  deals  with  the  linear  system  of  equations  in  which 
the  matrix  xi  is  of  the  form 

|±i+*i'+.... +«<,+/?,<+ 

dry  l^r  being  matrices  of  constants. 

The  general  linear  ordinary  equation  of  order  n  which  has  /  =  0  as 
a  pole  of  its  coefficients  is  reduced  to  this  form.  It  is  shewn,  in  the 
first  place,  that  provided   the  roots  of  the  determinantal  equation 
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■ 

I  Op^.!  -  0  I  a  0  are  all  differenti  a  matrix  x  c&n  be  found,  of  the  form 

in  which  all  elements  of  Xn  aave  the  diagonal  elements,  are  cero,  such 
that  the  system  of  equations 

is  formally  satisfied  by  a  square  matrix  whose  elements  are  series  of 
positiye  integral  powers  of  /,  generally  divergent. 
The  elements  of  the  matrix  y  =  v^{x)  ai*^  therefore  of  the  fcMin 

Secondly  it  is  found  that,  if  the  roots  of  the  equation  |  Op+i  -  ^  |  «  0 
are  not  all  unequal,  provided  certain  conditions  attached  to  each  group 
of  equal  roots  are  satisfied,  a  matrix 

Y  -  Xp-*-^  +  4. Xi 

X  -  ^+r  -f-  •  •  •  •  f  ^~ 

can  be  found,  having  all  elements  to  the  left  of  the  diagonal  zero,  such 
that  the  equations 

are  still  formally  satisfied  by  a  matrix  of  series  of  positive  integral 
powers  of  t. 

The  matrix  12(x)  can,  in  this  case  also,  be  completely  integrated  in 
finite  terms ;   the  result  may  contain  a  certain  number  of  powers  of 

log  (<)• 

Applied  to  the  single  linear  equation  of  order  n  it  is  seen  that  the 

n  integrals  fall  into  groups  of  the  form  : — 

«>"    S^*  t^i{<l>o  +  <h^og{x)  + +  <^(loga;y}. 

Lastly,  when  the  conditions  above  mentioned  are  not  satisfied,  the 
system  of  equations  is  transformed  by  the  change  of  variable  t^s^  to 
a  new  system  of  the  same  type  in  which  the  coefficients  have  poles  of 
order  kp+i  at  «  =  0. 

It  is  then  shown  that  in  all  cases  an  integer  k  can  be  found,  such 
that  the  conditions  that  the  new  system  can  be  solved  by  expressions 
of  the  above  form  are  all  satisfied. 

The  groups  of  svbnormal  integrals  thus  found  agree  with  those 
obtained  by  Fabry*  directly  from  the  linear  equation  of  order  ». 

•  Th^,  1885,  PariB. 
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*•  The  Flow  of  Water  through  Pipes. — Experiments  ou  Stream-line 
Motion  and  the  Measurement  of  Critical  Velocity."  By 
H.  T.  Baknes,  D.Sc,  Assistant  Professor  of  Physics,  and 
E.  6.  CoKER,  M.A.,  D.Sc,  Associate  Professor  of  Civil  Enj»ineer- 
iug,  McGill  University.  Communicated  by  Professor  Osborne 
Ekynolds,  F.R.S.  Received  November  4, — Head  November  24, 
1904. 

In  a  brief  note  published  in  the  *  Physical  Review,**  we  have 
described  a  thermal  method  of  observing  the  change  from  stream-line 
to  eddy  motion  for  water  flowing  through  pipes  of  difierent  diameters. 
This  method  we  have  recently  employed  in  a  series  of  experiments, 
which  we  have  carried  out  on  a  much  larger  scale  than  was  previously 
attempted.  The  method  had  several  points  to  recommend  it  for  our 
particular  work,  the  chief  one  being  the  simplicity  of  the  experimental 
arrangements.  The  object  in  undertaking  this  investigation,  for 
which  our  method  was  adapted,  was  in  the  interest  attached  to  a  study 
of  stream-line  flow,  where  every  form  of  initial  disturbance  was  as 
completely  removed  from  the  water  as  possible. 

The  impossibility  of  heating  a  column  of  water  uniformly  throughout 
while  flowing  in  stream-line  motion  has  been  previously  observed.! 
It  was  shown  that,  when  water  is  heated  electrically  while  flowing 
through  a  tube  of  two  or  three  millimetres  in  diameter  by  a  central 
wire  conductor,  the  heat  is  carried  off  by  the  rapidly  moving  stream, 
which  forms  a  cloak  of  hot  water  around  the  wire,  and  leaves  the 
walls  of  the  tube  almost  entirely  imheated.  If  the  heat  be  applied  to 
the  outside  of  the  tube,  the  heated  water  remains  in  contact  with  the 
inner  surface  of  the  tube  and  the  water  flows  through  the  centre  of 
the  tube  at  a  much  lower  temperature.  It  is  quite  different  if  the 
flow  is  increased  sufficiently  to  break  up  the  stream-lines.  In  this  case, 
eddy  or  sinuous  motion  results,  and  the  distribution  of  heat  throughout 
the  water  column  becomes  uniform. 

The  change  from  stream-line  to  eddy  motion  can  be  very  clearly 
observed  in  a  tube  heated  on  the  outside,  since  the  temperatiu'e  of  the 
emerging  stream  immediately  increases  when  the  flow  rises  above 
the  critical  point.  The  point  of  change  is  very  sharp,  and  the 
<lisappearance  of  the  stream-lines  instantaneous. 

At  the  outset  of  our  work  we  were  guided  by  the  two  very  im- 
portant papers  of  Osborne  Reynolds,  {  in  which  the  laws  governing 
the  flow  of  water  in  pipes  and  channels  are  worked  out.     It  is  clear 

•  *  Phyiical  Reriew,*  toI.  12,  p.  372  (1901). 

t  H.  T  Barnes,  •  Pha.  Trans.,'  A,  toI.  199,  p.  234  (1902). 

t  '  Phil.  Trans.,  1882  and  1895. 
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from  a  study  of  the  work  of  Reynolds  that  the  change  from  stream* 
line  to  eddy  motion  may  take  place  within  a  wide  range  of  velocities. 
We  may  observe  the  critical  velocity  in  two  ways :  either  by  observing 
the  velocity  at  which  the  stream-lines  break  up  into  eddies,  or  by 
obtaining  the  velocity  at  which  the  eddies  from  initially  disturl)ed 
water  do  not  become  smoothed  out  into  stream-linos  in  a  long  uniform 
pipe.  The  first  change  may  be  at  any  velocity  within  certain  limits 
depending  on  the  initial  steadiness  of  the  inflowing  water,  while  in 
the  second,  the  change  can  take  place  at  only  one  velocity.  It 
therefore  depends  on  whether  we  start  with  initially  quiet  water  or 
disturbed  water  what  value  will  be  attained.  Below  what  we  will  call 
the  lower  limit  of  critical  velocity  or  stream-line  flow,  the  stream-lines 
will  form  the  stable  flow  whatever  may  be  the  condition  of  the  water 
before  entering  the  pipe.  If  it  be  in  a  disturbed  state,  a  short  length 
of  pipe  is  required  before  the  eddies  are  smoothed  out,  but  stream- 
lines finally  appear  further  on  and  subsequently  persist  as  the  stable 
flow.  The  greater  the  initial  disturbance  in  the  water,  the  greater 
will  be  the  length  of  pipe  probably  required  before  the  eddies  disappear. 
The  flow  at  which  the  eddies  persist  throughout  the  entire  pipe, 
however  long,  indicates  that  the  change  has  taken  place  from  one 
kind  of  flow  to  the  other.  This  point  of  change  is  the  true  critical 
velocity,  and  although  the  production  of  eddies  at  the  mouth  of  the 
pipe  may  vary,  it  will  be  independent  of  them.  If  the  initial 
disturbance,  however,  is  not  sufficient  to  prevent  the  water  from 
starting  in  stream-line  motion,  the  critical  velocity  is  raised.  The 
change  in  flow  in  this  case  takes  place  by  the  birth  of  eddies  in  the 
pipe  itself,  and  the  point  of  change  is  in  some  way  related  to  or  limited 
by  the  degree  of  steadiness  in  the  water.  In  regard  to  this  point, 
Reynolds  says,  on  p.  955  of  his  original  memoir :  "  The  fact  that  the 
steady  motion  breaks  down  suddenly  shows  that  the  fluid  is  in  a  state 
of  instability  for  disturbances  of  the  magnitude  which  cause  it  to  break 
down.  But  the  fact  that  in  some  conditions  it  will  break  down  for  a 
large  distuibance,  while  it  is  stable  for  a  small  disturbance,  shows  that 
there  is  a  certain  residual  stability  so  long  as  the  disturbances  do  not 
exceed  a  given  amount. 

"  The  only  idea  that  I  had  formed  before  commencing  the  experi- 
ments was  that  at  some  critical  velocity  the  motion  must  become 
unstable,  so  that  any  distiu*bance  from  perfectly  steady  motion  would 
result  in  eddies. 

"  I  had  not  been  able  to  form  any  idea  as  to  any  particular  form  of 
disturbance  being  necessary.  But  experience  having  shown  the 
impossibility  of  obtaining  absolutely  steady  motion,  I  had  not  doubted 
but  that  appearance  of  eddies  would  be  almost  simultaneous  with  the 
condition  of  instability.  I  had  not,  therefore,  considered  the  dis- 
tarbances  except  to  try  and  diminish  them  as  much  as  possible.    I 
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had  expected  to  see  the  eddies  make  their  appearance  as  the  velocity 
increased,  at  first  in  a  slow  or  feeble  manner,  indicating  that  the 
water  was  but  slightly  unstable.  And  it  was  a  matter  of  surprise 
to  me  to  see  the  sudden  force  with  which  the  eddies  sprang  into 
existence,  showing  a  highly  unstable  condition  to  have  existed  at  the 
time  the  steady  motion  broke  down." 

In  this  connection  it  is  a  matter  of  interest  to  note'  that  when  all 
forms  of  initial  disturbance,  as  well  as  the  disturbing  influence  of  the 
walls  of  the  pipe,  are  removed,  eddy  motion  is  no  longer  possible. 
Such  a  condition  of  affairs  we  have  in  a  jet  of  water  issuing  from  a 
circular  orifice.  It  is  easy  to  show  experimentally  that  the  beautiful 
rod-like  appearance  of  the  water  jet  depends  on  the  absolute  quietness 
of  the  water  feeding  the  jet,  and  that  the  jet  is  immediately  broken  up 
l)y  producing  eddies  artificially.  Jets  flowing  in  stream-line  motion 
at  a  speed  of  from  20 — 30  feet  per  second  have  been  obtained  by  us 
from  a  two-inch  orifice. 

In  our  present  series  of  experiments  we  arranged  that  our  pipes 
should  feed  from  the  same  tank  from  which  we  produced  the  jets,  in 
order  that  we  might  l^e  sure  to  have  the  water  in  a  perfectly  quiet 
state.  We  could,  therefore,  be  fairly  safe  in  assuming  that  the  birth 
of  eddies  was  the  result  of  the  disturbing  influence  of  the  walls  of 
the  tube  only. 

Two  methods  of  study  were  adopted  by  Keynolds  in  his  experiments. 
The  first  was  the  method  of  colour  bands,  which  gave  the  point  at 
which  stream-lines  break  up  into  eddies,  and  which  we  have  called  the 
upper  limit  of  critical  velocity,  and  the  second  was  a  method  of 
pressures,  where  the  relation  between  velocity  and  pressure  was 
obtained  above  and  below  the  critical  velocity.  In  the  colour-band 
tests  a  long  narrow  tank  was  used,  in  which  the  pipe  was  placed.  A 
flare,  carefully  smoothed,  was  fastened  to  the  inflow  end,  while  the 
outflow  end  protruded  out  of  the  tank  and  connected  with  the  waste 
pipe.  A  small  tube  containing  coloured  liquid  was  directed  just 
in  front  of  the  flare  and  a  thin  stream  of  colour  was  drawn  into  the 
tube  with  the  water.  This  thread  of  colour  remained  intact  all  along 
the  tube  for  stream-line  motion,  but  disappeared  with  great  suddenness 
when  the  critical  velocity  was  reached.  The  water  in  the  tank  was 
allowed  to  become  as  quiet  as  possible  before  beginning  the  experiment. 
The  rate  of  flow  was  calculated  from  the  rate  of  lowering  of  the  water 
surface,  and  the  dimensions  of  the  pipe.  In  the  pressure  experiments 
the  water  was  allowed  to  flow  directly  from  the  mains  into  the  pipe. 
After  a  sufficient  length  of  pipe  to  allow  of  the  dying  out  of  the  eddies, 
pressure  gauges  were  attached  at  a  fixed  distance  apart,  and  readings 
of  velocity  and  pressure  made.  The  critical  velocity  was  not  observed 
directly  by  this  method,  but  since  the  resistance  changes  with  the 
change  in  the  flow,  from  the  first  power  of  the  velocity  to  about  the 
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1*7  th  power,  the  intersection  of  the  logarithmic  homologues  gave  a 
method  of  determining  it.  Reynolds  remarks  that  for  a  short  distanee 
above  and  below  the  critical  vdodty  the  gauges  became  unsteady  and 
no  readings  could  be  made. 

By  means  of  his  experiments  Seynolds  was  able  to  verify  his 
mathematical  deductions,  and  he  showed  from  three  different  pipes, 
together  with  a  comparison  with  the  experiments  of  D'Arcy  for  largjb 
pipes  and  with  Poiseuille's  for  small  tubes,  that  the  critical  velocity 
varied  inversely  as  the  diameter  of  the  pipe.  He  further  showed  that 
the  critical  velocity  followed  the  viscosity  temperature  law  as  deduced 
by  Poiseuille,  and,  therefore,  varied  as  the  viscosity  over  the  density. 
Similar  experiments  with  three  different  pipes  by  the  method  of 
colour  bands  showed  that  the  upper  limit  followed  the  same  laws 
approximately.  The  theoretical  equations,  however,  had  to  do  with 
the  lower  limit. 

In  our  experiments  on  the  upper  limit  of  critical  velocity  with 
absolutely  quiet  water,  we  foimd  that  stream-lines  were  preserved  in 
many  cases  to  very  much  higher  velocities  than  would  be  expected 
from  the  inverse-diameter  law,  and  that  the  upper  limit  falls  off  slightly 
more  rapidly  with  rise  in  temperature  than  the  law  of  Poiseuille.  We 
do  not  wish  to  lay  stress  on  these  points,  or  intimate  in  any  way  that 
we  think  they  question  the  validity  of  the  theoretical  laws  which  have 
been  so  completely  worked  out  by  Reynolds.  We  think,  however, 
that  they  show  the  instability  of  the  upper  limit  of  stream-line  flow, 
and  how  much  it  depends  on  forms  of  disturbance.  We  have,  more- 
over, made  independent  determinations  of  the  temperature  variation  of 
the  lower  limit,  and  find  by  two  different  methods  that  over  a  wide 
range  in  temperature  the  critical  velocity  follows  the  viscosity 
temperature  law  accurately.* 

The  slight  deviation  from  the  theoretical  law  for  the  variation  with 
temperature  of  the  upper  limit  which  we  have  observed  in  the  case  of 
two  pipes  of  different  diameters  .is,  we  think,  due  to  the  fact  that  it 
becomes  more  and  more  difficult,  as  the  temperature  rises,  to  maintain 
stream-line  flow  in  the  unstable  region.  This  would  result  in  the 
upper  limit  apparently  falling  off  more  rapidly  than  the  temperature 
formula  would  allow  for. 

The  question  has  suggested  itself  to  us  that  some  form  of  initial 
disturbance  in  our  tank  may  have  come  in  as  the  temperature  was 
raised  to  cause  a  greater  falling-off  in  the  upper  limit  than  the 
theoretical.  Convection  currents  might  have  supplied  such  a  form 
of  disturbance,  but  the  size  of  our  tank  and  the  fact  that  the  mouth 
of  our  pipes  was  always  placed  at  or  near  the  middle,  together  with 

•  K.  a.  Coker  and   S.  B.  Clement,  *  Phil.  Trans.,'  A,  vol.  201,  p.  45  (1903) ; 
jj^H.  T.  Barnes,  *  B.  A.  Boport/  Belfast  (1902). 
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the  length  of  time  required  for  the  tank  to  cool  down,  make  it 
appear  to  us  improbable  that  convection  currents  played  an  important 
part. 

Thermal'  Method  of  Measuring  Critical  VehcUy, 

In  some  of  our  first  experiments,  we  observed  the  change  in 
temperature  in  the  column  of  water  at  the  critical  velocity  by  noting 
the  increase  in  resistance  of  a  platinum  wire  threaded  through  the 
centre  of  the  tube,  which  was  heated  on  the  outside,  and  our 
preliminary  results  showed  that  the  presence  of  a  wire  of  6  mils, 
thickness  in  a  tube  of  \  inch  in  diameter  was  quite  sufficient  for  our 
purpose.  We  found  that  the  point  of  change  in  flow  could  be  observed 
more  simply  by  placing  the  bulb  of  a  mercury  thermometer  in  the 
stream  of  water  as  it  flowed  out  of  the  tube.  A  glass  prolongation,  of 
slightly  greater  diameter  and  connected  carefully  to  the  brass  pipe  by 
a  specially  constructed  cone  or  adapter,  enabled  the  readings  on  the 
thermometer  to  be  observed.  It  was  a  matter  of  interest  to  us  to 
see  the  sudden  way  in  which  the  reading  on  the  thermometer 
indicated  the  point  of  change  by  an  almost  instantaneous  change 
of  reading. 

We  were  fortunate  in  having  at  our  .disposal,  through  the  kindness 
of  Dr.  H.  T.  Bovey,  F.R.S.,  the  facilities  offered  by  the  hydraulic 
laboratoiy,  where  the  large  experimental  tank,  20  feet  high  and 
25  square  feet  in  area,  served  admirably  for  a  reservoir.  The  tank 
stood  on  the  bed-rock,  and  was  therefore  free  from  disturbance  in  the 
rest  of  the  building,  and,  after  the  eddies  occasioned  by  filling  had 
died  out,  the  water  was  in  a  very  quiet  state.  The  water  used  for  the 
experiments  was  supplied  from  the  Montreal  mains  and  was  quite 
clear ;  and  every  precaution  was  taken,  by  repeated  cleaning,  to  have 
the  water  and  tank  clean.  The  action  of  finely  divided  matter  in 
suspension  in  the  water  is  to  cause  a  breaking-up  of  the  stream-lines,  so 
that  it  was  necessary  for  us  to  avoid  this  form  of  instability. 

Our  preliminary  experiments,  made  to  test  the  method  before 
applying  it  on  a  large  scale,  were  quite  satisfactory,  and,  after  profiting 
l)y  various  trials,  the  final  apparatus  took  the  form  of  that  represented 
in  fig.  1. 

In  one  side  of  the  large  tank  A,  a  hole  was  cut,  in  which  was  fitted 
a  special  fonp  of  stuffing  box  to  take  the  tubes  of  diflerent  sizes. 
Each  tube  was  made  of  brass  and  joined  to  a  metal  trumpet  flare, 
such  that  the  inside  was  filed  perfectly  smooth,  and  free  from  sharp 
points  which  might  disturb  the  flow.  The  flare  was  located  at  about 
the  centre  of  the  tank,  so  as  to  be  as  free  as  possible  from  convection 
streams  along  the  sides  of  the  tank  when  working  at  high  temperatures. 
The  end  of  the  pipe  protruding  from  the  tank  was  inserted  in  a 
cylindrical  water  jacket  B,  with  ends  closed  by  stuffing  boxes  similar 
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to  those  on  the  tank.  T^rom  the  end  of  the  tank  a  glass  prolongation 
C  held  the  mercury  thermometer  placed  and  securely  fastened 
centrally  in  the  tube.  The  glass  tube  was  cemented  into  a  brass  tube, 
connected  with  a  screw-down  valve  D,  for  regulating  the  flow.  From 
the  valve  a  pipe  led  to  a  two-way  switch  over  E,  provided  with  one 
pipe  to  waste  and  one  pipe  leading  to  the  double-coned  copper  measure, 
shown  at  F.  This  measure  had  been  very  carefully  calibrated  by 
Mr.  T.  P.  Strickland  some  time  previously. 

For  small  flows,  where  the  time  for  fiDing  the  tank  became 
inconveniently  long,  a  smaller  vessel  was  used  and  the  amount  ol 
discharge  obtained  by  weighing  on  a  large  bullion  balance.  For  the 
high  temperature  experiments,  a  worm  pipe  G  was  inserted  in  the 
outflow  so  as  to  cool  the  water  before  it  entered  the  measure.  Water 
was  circulated  continuously  through  the  jacket  by  means  of  a 
centrifugal  pump  H,  operated  by  a  Pelton  water  motor  I.  A  gas  flame 
J,  under  the  pump,  served  to  regulate  the  temperature  of  the  jacket. 
A  thermometer  K  was  placed  in  the  water  circuit  so  that  the  tempera- 
ture could  be  regidated  at  will  and  maintained  a  few  degrees  above  or 
below  the  temperature  of  the  water  flowing  out  from  the  tank.  A 
graduated  disc  L  was  provided  on  the  valve,  by  means  of  which 
a  pointer  on  the  valve  gave  an  indication  of  the  amount  opened. 

During  the  greater  part  of  the  experiments,  the  temperature  of  the 
tank  was  taken  from  a  long-stem  thermometer  placed  so  that  its  bulb 
reached  to  the  centre  somewhat  below  the  flare  on  the  pipe.  It  was 
found  that  the  temperature  thus  indicated  differed  but  little  from  the 
stream-line  reading  on  the  thermometer  in  the  glass  prolongation  at 
high  temperatures,  and  was  in  practical  agreement  with  it  at  the  lower 
points.  For  the  majority  of  the  experiments,  an  average  head  of 
about  8  feet  was  maintained,  sometimes  running  down  to  4  feet,  but 
seldom  getting  as  low  as  that.  One  fllling  of  the  copper  measure 
only  lowered  the  head  f  of  an  inch,  so  that  no  constant  level  device 
was  necessary.  The  temperature  of  the  tank  could  be  raised  to  any 
point  up  to  QO""  C.  by  means  of  a  steam  heater.  A  stirrer  was  also 
fitted  to  the  tank,  but  of  course  was  not  kept  moving  after  the 
temperature  of  the  tank  was  once  brought  to  a  uniform  state. 

The  method  of  making  an  experiment  was  very  simple.  One 
observer  stood  at  the  valve  and  regulated  the  flow  until  it  was  seen  by 
the  reading  that  the  stream-lines  had  completely  disappeared,  and  the 
other  observer  then  switched  over  the  flow  into  the  measure  and  took 
periodic  readings  of  the  temperatures.  The  time  was  taken  on  a 
chronograph  during  the  earlier  runs,  but  was  changed  to  a  Frodsham 
and  Keen  chronometer  which  had  been  carefully  rated.  The  water  in 
the  tank  was  always  allowed  to  remain  undisturbed  for  several  hours 
before  taking  an  experiment.  For  the  high  temperature  experiments 
the  tank  was  heated  to  about  90*"  and  then  allowed  to  settle.     Over  a 
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weak  was  required  for  tbe  tsnlc  to  oool  down,  dnring  which  time 
•ncceMiTe  readings  were  nude.  No  two  determinatioiu  were  erer 
nude  with  one  setting  d  the  valve,  but  in  every  caae  a  i  ~ 
tioa  fd  the  critical  velocity  was  made. 

It  might  be  questioned  whether  the  preeence  of  the  t 
bolb  in  the  outflowing  stream  oouM  have  produced  a  disturbing  inflnoiee, 
bat  in  no  case  was  Uie  bulb  placed  inside  die  tube  under  teeL  We 
dunk  tlut  our  very  high  values  obtained  in  many  coses  for  the  critical 
velodty  show  conclusively  that  the  bulb  had  no  influence,  and  especially 
in  the  tubes  we  used,  which  were  all  considerably  larger  than  the 
thermometer  bulb. 

In  order  to  satisfy  ourselves  on  many  points  in  connection  with  oar 
meaaarements,  we  made  some  teste  to  determine  the  effect  of  s  change 
of  length  on  the  critical  velocity.  To  do  this  we  first  took  a  pipe 
S-fl  metres  long  and  1'9B  cm.  in  diameter,  and  determined  the  critieal 
velocity  by  moving  the  temperature  jacket  to  the  end  where  the  ^us 
prolongation  began.     We  obtained  the  following  readings : — 


TBinp. 


Mean 1605 


Vci 


I  ft.  por  Hc.  Tc  in  metro  per  lec. 
3-79  11B5 

3-82  1163 

3-66  1115 

3-92  1-192 


3-80 


1-158 


The  tube  was  then  removed  and  cut  in  the  middle,  so  aa  to  be  only 
1-8  metres  long,  and  the  following  readings  ware  obtained : — 


Mean. . . 


Temp. 
15-4 
X6-7 
16-7 

16-2 


3-77 


1-115 
X-170 
1-163 

1-148 


The  agreement  is  really  better  than  the  individual  observations. 
For  each  of  these  readings  the  flow  was  closed  off  and  then  opened 
carefully  until  the  jump  took  place  on  the  thermometer.  The  readings 
could  have  been  repeated  to  any  desired  accuracy  of  course  by  leaving 
the  flow  unchanged. 

The  formula  for  calculating  the  critical  velocity  which  Reynolds 
deduced  from  his  experiments  for  the  upper  limit  reads : — 

¥.  -  -^?, 
'       43-7D' 

whan  D  is  the  diameter  of  the  pipe  in  metrea,  and  P  ia  a  funotioB  flf 
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the  temperature,  which  was  found  to  be  the  formula  obtained  by 
Poiseuille  for  the  change  in  flow  of  water  in  capillary  tubes. 

P  then  equals 

(1  +0-03368  T  + 0-000221  T2)-i. 

Calculating  the  upper  limit  for  this  pipe  we  find  : 

Ve=        0-0228     _  0.^3^ 
0-0195 X 1-59 

This  value  comes  out  0*734  metre  per  second  instead  of  1*15,  as  we 
observed  it.  The  higher  limit  obtained  in  our  measurements  is 
undoubtedly  due  to  the  steadiness  of  the  water  at  the  mouth  of  our  pipe. 

We  convinced  ourselves  in  these  experiments  that  we  had  not 
exceeded  the  upper  limit,  for  the  valve  controlling  the  flow  was  moved 
yery  slowly  as  the  point  was  reached,  and  stopped  instantly  the  jump 
took  place.  It  was  possible  to  obtain  the  stream-lines  again  by  slightly 
closing  the  valve.  For  a  velocity  of  0-7  metre  we  had  perfectly  steady 
stream-lines.  For  our  smaller  pipe,  1*05  cm.  in  diameter,  we  found  a 
close  agreement  with  the  formida  of  Reynolds,  but  that  above  this,  for 
pipes  of  larger  diameters,  the  deviations  became  larger  the  larger  the 
pipe. 

If  we  tried  the  experiments  too  soon  after  filling  the  tank,  before 
the  water  had  become  perfectly  steady,  the  upper  limit  came  much 
lower,  and,  as  the  water  became  more  settled,  a  higher  limit  was 
indicated  by  a  tendency  to  form  stream-lines,  followed  by  a  breaking- 
up,  giving  rise  to  the  phenomenon  described  by  Reynolds  as  "  flashing.'' 
The  flashes  became  less  frequent  until,  finally,  the  water  being 
perfectly  steady,  the  higher  limit  was  reached.  It  was  possible  to 
obtain  the  higher  limit  as  soon  as  the  flashes  started,  since  it  was 
only  necessary  to  increase  the  flow  until  the  flashing  ceased.  The 
flashes  showed  themselves  by  an  oscillation  on  the  thread  of  the 
thermometer. 

It  was  not,  therefore,  really  necessary  to  have  absolutely  quiet  water 
to  obtain  the  upper  limit,  since  we  were  able  to  satisfy  ourselves  by 
experiment  that  the  flashes  indicated  a  disturbance  in  the  tank,  which, 
if  removed,  would  enable  us  to  reach  the  upper  point  without  their 
appearance  at  all.  Hence,  flashing  was  taken  to  indicate  a  tendency  to 
form  stream-lines,  and  if  they  appeared,  the  upper  limit  was  obtained 
by  increasing  the  flow  until  the  permanent  reading  on  the  thermometer 
indicated  that  eddy  motion  was  the  steady  flow. 

Stream-Line  Flow  at  High  Velocities. 

The  1*8  metre  length  of  our  brass  pipe  had  remained  attached  to  the 
tank  for  several  days  under  an  8-foot  head,  after  completing  our 
experiments,  to  test  the  influence  of  length.     On  retunvixv^Xx^  xXs^  '^^^:^> 

^  \>  'i 
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we  not  only  paaaed  our  former  limit,  but  were  unable  to  make  the 
stream-lines  break  up  until  we  produced  an  artificial  disturbance  by 
giving  the  pipe  a  sluurp  rap.  The  change  in  flow  produced  by  the  jar 
was  seen  by  the  jump  on  the  thermometer  reading.  It  returned  to  the 
stream-line  reading  as  soon  as  the  rapping  ceased.  We,  unfortunately, 
did  not  measure  the  flow  in  this  case,  but  we  at  least  doubled  the 
previous  value  of  1*148  metres  per  second.  Being  somewhat  surprised 
by  this  result,  we  made  some  experiments  on  this  same  pipe  by  colour 
bands,  instead  of  the  thermometer,  in  order  to  satisfy  ourselves  that 
the  high  values  we  obtained  were  not  due  to  some  peculiarity  of  the 
thermal  method.  After  some  trouble  we  introduced  the  colour  tube 
into  the  tank,  and  dispensed  with  the  heating  jacket.  For  this  we 
were  obliged  to  let  the  water  out  of  the  tank,  and  introduce  fresh 
water.  Owing  to  the  disturbance  thus  caused,  it  was  several  days 
before  we  could  proceed  with  the  experiments.  It  was  a  simpkr 
matter  than  we  had  supposed  to  observe  the  colour  band,  since  we  had 
removed  the  thermometer  from  the  glass  prolongation,  the  thread  of 
colour  could  be  distinctly  seen  issuing  from  the  brass  pipe.  We 
obtained,  in  these  experiments,  a  critical  velocity  at  the  same  point  as 
before,  but,  on  opening  the  valve,  the  stream-lines  re-formed  at  higher 
velocities,  and  persisted  to  the  highest  velocity  we  could  produce.  This 
corresponded  with  our  thermal  results,  except  that,  in  this  case,  we  had 
an  actual  re-formation  of  stream-lines  at  the  higher  velocities  after 
eddies  had  appeared  at  the  usual  point. 

In  order  to  study  the  re-formation  of  the  stream-lines  more  easily, 
a  glass  pipe,  specially  made  for  critical  velocity  experiments,  with  a 
flare  blown  on  to  the  tube,  was  inserted,  and  a  colour  tube  was  put  in 
as  before.  The  tube  was  1*2  metres  long,  and  1*47  cms.  in  diameter. 
No  thermometer  was  used,  or  heating  jacket,  and  the  head  was  about 
8  feet,  as  before.  We  found,  incidentally,  that  by  increasing  the 
quantity  of  colour  it  was  possible  to  cause  a  very  large  disturbance  in 
the  flow. 

The  following  readings  were  obtained  : — 

Yc  in  feet       Vc  in  metre* 
Temp.        per  sec.  per  see. 

Little  colour  20"  C.  3466  1-056 

„        20  3-366  1-026 

Excess  of  colour 20  1-252  0-382 

Little  colour  19  3-786  1-154 

These  observations  showed  the  importance  of  using  little  colour,  as 
a  small  colour  stream  produced  practically  no  effect. 

Working  out  the  value  of  Vc  as  before  from  the  formula,  we  get  at 
20°  C.  the  value  0-88  metre  per  second.  This  value  is,  again,  much 
Jess  than  the  observed  value  using  little  colour. 
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We  observed  that  by  opening  the  valve,  and  increasing  the  flow,  the 
stream-lines  appeared  to  re-form.  This  was  shown  by  a  return  of  the 
thread  of  colour.  It  was  not  until  we  reached  a  velocity  of  2*97  metres 
per  second  that  the  thread  again  disappeared.  By  altering  the  flow  a 
little  at  this  point  we  could  make  the  thread  of  colour  disappear,  or 
obtain  it  clearly  defined.  We  repeated  this  several  times,  and  found 
that  the  definite  nature  of  this  point  was  remarkable,  the  thread  of 
colour  appearing  in  almost  as  sudden  a  manner  as  it  disappeared. 

The  diameter  of  the  pipe  plays  an  important  part  in  obtaining  the 
higher  stream-line  flow,  for  we  found  that  with  a  pipe  1*05  cms.  in 
diameter  we  could  not  pass  the  upper  limit,  nor  cause  a  re-formation  of 
stream-lines.  We  made  some  experiments  with  a  brass-pipe,  5*41  cms. 
in  diameter,  and  1*5  metres  long,  by  the  method  of  colour  bands,  and 
found  that  we  could  carry  the  stream-line  flow  up  to  velocities  of 
1  metre  per  second,  which  was  the  highest  flow  we  could  measure. 
To  obtain  this  flow  we  were  obliged  to  arrange  a  much  larger  measiu'e 
to  handle  the  water  discharged.  The  upper  limit  for  a  pipe  of  this 
size,  according  to  the  formula,  amounts  to  about  0*24  metre  per  second 
at  20"*  C.  We,  therefore,  exceeded  this  by  four  times,  as  far  as  we 
could  see,  without  the  formation  of  eddies.  There  was  a  tendency  to 
flash  at  the  highest  point,  but  no  definite  critical  velocity,  and  the 
thread  of  colour  could  be  seen  very  distinctly. 

We  cannot  enter  into  a  discussion  of  the  influence  of  the  diameter  of 
the  pipe  on  the  attainment  of  the  second  stream-line  flow,  but  it 
appears  to  us  obvious  that  we  were  able  to  obtain  these  higher  readings 
only  by  paying  the  strictest  attention  to  the  steadiness  of  the  water  in 
the  tank.  The  magnitude  of  our  tank,  and  the  volume  of  water  at  our 
disposal,  made  this  comparatively  easy.  The  inverse  diameter  law  has 
been  shown  by  Eeynolds  to  be  true  both  for  the  upper  and  lower 
limits,  and  our  experiments  show  the  same  where  the  water  has  not 
become  perfectly  steady ;  but  it  is  probable  that,  as  the  diameter  of  the 
pipe  becomes  larger,  the  disturbing  influence  of  the  walls  becomes  less 
eflective  in.  causing  a  breaking  up  of  the  stream-lines.  In  the  jet 
experiments,  where  there  is  no  directing  pipe,  stream-line  is  the  stable 
flow  for  all  velocities,  providing  the  water  has  become  absolutely  quiet. 
For  pipes  of  small  diameter,  under  ^  inch,  or  1  cm.,  the  steadiness  of 
the  water  probably  becomes  less  important,  compared  with  the  influence 
of  the  walls  of  the  pipe.  It  is  probable  that  for  absolutely  quiet  water 
the  inverse  diameter  law  holds  up  to  1  cm.,  beyond  which  the  critical 
velocity  apparently  increases  with  increasing  diameter,  luitil  for  large 
pipes  we  approach  the  jet.  The  higher  critical  velocity  may  be  a 
second  critical  velocity,  but  we  have  not  decided  this  point. 
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7<9m(wniAire  Effixt  m  the  Upper  Limit  Ajr  Ou  J^ermai  MeAid. 

In  Table  I  we  gire  the  Mriee  of  experiment  obtained  for  the  effect  ef 
tempsrature  on  the  upper  limit  for  our  smalleet  bran  pipe,  1-05  ciiia. 
in  diameter.  The  results  are  worked  out  for  each  point,  comoting  the 
▼olnme  d  the  water  in  the  meaeore  to  the  rolume  at  the  tempwi^an 
of  efflax  from  the  tank.  The  velocit}'  of  efflox  was  Ihen  calcniated  in 
the  usual  manner.  In  fig.  2  we  give  a  plot  of  the  obeerraticRU,  which 
extended  from  16 — 86°.  Unfortunately,  we  were  unable  to  extend 
below  IS*,  on  account  of  the  temperature  of  the  water  in  the  mains  not 
being  below  that  at  the  outset  of  the  experiments.  During  the  time  of 
dw  experiments,  June  and  July,  after  the  beginning  of  the  hot  weathw, 
the  temperature  steadily  rose  in  the  mains  bo  as  high  as  20*,  where  it 
stayed  daring  the  remainder  of  the  work. 


Table  I. 

D  =  0-0106  metre. 

Total  qnuititj 

Totkl  lima 

Tcinmetr. 

in  cnbio  iache*. 

in  Mooadi. 

parwoond 

20°-2 

3910-7 

644-2 

1'146 

40- 1 

3898-7 

1085-4 

0-677 

341 

3891-8 

929  9 

0-789 

29-1 

3894-5 

811-4 

0-905 

23-6 

3897-9 

675-8 

1-088 

22-8 

3895-6 

674-3 

1-091 

56-6 

3918-7 

1753-0 

0-421 

49-1 

3908-8 

1592-7 

0-466 

84-3 

1781-8 

245-1 

0-137 

72-9 

1778- 1 

129-6 

0-259 

47-3 

3893-8 

1442  0 

0-512 

23-3 

3899-4 

675-5 

1-091 

20-2 

3903-8 

643-8 

1-149 

15  09 

3902-9 

525-7 

1-401 

In  Table  II  we  give  Reynolds'  obaervationa  for  hie  two  smaller  pipes, 
the  diameters  of  which  lie  just  above  and  below  our  pipe.  These  tests 
were  made  with  colour  bands.  In  the  last  column  we  reduce  the 
observations  to  a  pipe  equal  in  area  to  ours,  by  the  simple  ratio  of  the 
diameters.  In  the  plot  we  have  included  Reynolds'  observations,  and 
indicated  them  by  circled  crosses.  We  have,  also,  included  the 
temperature  law  of  Poiseuille. 
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Table  II. — Reynolds'  Observations  on  Pipes  2  and  3  reduced  to  a 


Vc  in  meires 

Yo  in  metres 

Temperature. 

per  sec. 

Temperature. 

per  sac. 

22^* 

1-086 

6° 

1-849 

1-478 

6 

1-869 

11            • 

1-489 

6 

1-838 

1-505 

6 

1-967 

1-628 

6 

1-978 

1-556 

4 

1-981 

4 

1-891 

4 

2-027 

Temperature. 

Vinfi 

2r-3 

3 

34-5 

2 

40-0 

1 

510 

1 

550 

1 

70-8 

0 

73-6 

0 

In  the  next  table  we  give  a  summary  of  the  observations  which  we 
obtain  for  our  larger  brass  pipe  at  various  temperatures. 

Table  III. 

y  in  feet,  per  sec.    V  in  metres  per  sec. 

458  1-064 

2059  0-628 

791  0-546 

362  0-415 

115  0-340 

631  0  192 

777  0-237 

These  results  are  plotted  in  Fig.  2  and  represented  by  circled 
dots.  The  general  slope  of  the  two  curves  is  the  same  and,  although 
the  agreement  between  the  different  determinations  is  not  perfect,  it  is 
sufficient  to  show  that  the  upper  limit  falls  off  more  rapidly  than  the 
theoretical  law. 

The  temperature  variation  of  the  upper  limit  may,  from  these 
observations,  be  represented  by  the  formula 

P  =  (1+ 0-0300  T  + 0000704  T2). 

We  do  not  think  that  the  divergence  indicates  a  temperature 
variation  for  the  critical  velocity  different  to  the  theoretical,  but 
rather  that  it  shows,  as  we  have  pointed  out  in  a  previous  part  of  this 
paper,  that  the  true  critical  velocity  is  at  the  lower  limit.  The  inverse 
diameter  law  does  not  hold  for  our  larger  pipe,  as  will  be  seen  by 
reference  to  the  plot,  and  we  have  shown  that  it  does  not  hold  for  the 
upper  limit  in  the  case  of  our  other  large  pipes. 

TemperaJtwe  Fdriatum  of  the  Lower  Limit,* 

In  a  note  by  one  of  the  authors  (H.  T.  B.),  read  before  the  Belfast 
meeting  of  the  British  Association,  it  was  announced  that  the  thermal 

*  Compare  also  £.  Q.  Coker  and  S.  B.  Clement,  loc,  cit. 
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method  had  been  applied  to  the  measurement  of  the  lower  limit  of 
stream-line  flow,  and  that,  from  measurements  at  different  tempera* 
tures,  it  had  been  found  that  the  variation  with  temperature  followed 
the  theoretical  accurately. 
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The  thermal  experiments  were  arranged  in  the  following  way: — 
A  large  copper  tank  was  fitted  with  a  lead  pipe,  8  feet  long,  coiled  up 
in  a  smooth  spiral.  One  end  of  the  pipe  was  connected  with  the  water 
mains,  and  the  other  protruded  from  the  side  of  the  tank  and  passed 
through  a  water-bath,  2  feet  long,  the  temperature  of  which  could  be 
regulated  at  will  and  maintained  constant  by  a  special  form  of  con- 
tinuous electrical  regulator.  The  pipe  was  fitted  with  a  glass 
prolongation,  similar  to  our  previous  experiments,  and  a  thermometer 
was  used  as  before.  The  tank  was  fitted  with  an  electrical  heater^  by 
means  of  which  the  temperature  could  be  changed  quickly  at  will  and 
maintained  constant.  For  the  low  temperature  experiments,  an  ice-and- 
water  mixture  was  placed  in  the  tank. 
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It  was  found  that  it  was  possible  to  measure  three  flows:  that 
at  which  the  flow  was  entirely  stream-line  with  no  tendency  to  form 
eddies ;  second,  that  at  which  the  eddies  remained  in  the  flow  without 
the  appearance  of  stream-lines  j  and  third,  that  at  which  the  eddies 
and  stream-lines  followed  each  other  at  regular  intervals.  The  change 
from  one  flow  to  the  other  was  observed  by  the  rate  of  the  oscillation  on 
the  thread  of  the  thermometer.  An  inspection  of  the  curves  given  by 
Reynolds  for  the  relation  between  velocity  and  pressure,  above  and 
below  the  critical  velocity,  shows  that  no  sharp  line  of  intersection 
exists  between  the  curve  representing  stream-line  and  that  representing 
eddy  motion,  but  that  there  is  a  portion  over  a  considerable  range  of 
flow  where  the  readings  are  unsteady.  It  was  in  this  region  that  the 
three  flows  mentioned  above  were  found.  The  flrst  was  the  highest 
limit  of  the  stable  stream-line,  thie  second  the  lowest  limit  of  the 
stable  eddy  flow,  and  the  third  the  point  half-way  between.  The  results 
are  given  in  the  following  table  for  the  third  point,  which  is  the  critical 
velocity  of  Reynolds : — 

Table  IV. 
Diameter  of  pipe,  0*0125  metre. 


Q. 

Time. 

Temp. 

c.c. 

sees. 

Vc. 

P. 

UL. 

6^ 

830 

30-2 

0-225 

0-238 

0-239. 

6 

866 

30-2 

0-234 

0-238 

0-239 

17-2 

952 

45-2 

0-171 

0-176 

0-167 

17-2 

930 

45-0 

18-1 

951 

46-1 

18-1 

926 

45-2 

18-1 

944 

45-1 

0-171 

0-172 

0163 

18-1 

960 

46-0 

18-1 

923 

45-2 

40-5 

580 

45-3 

40-5 

568 

45-2 

0-103 

0-104 

0-086 

40-5 

565 

46-1 

The  flrst  column  contains  the  temperature  at  which  the  critical 
velocity  was  measured.  The  second  column  contains  the  total  quantity 
of  liquid  Q  which  was  collected  in  the  measuring  glass  during  the  time 
given  in  the  third  column.  The  times  were  all  taken  on  a  stop-watch. 
Under  Vc  are  given  the  values  of  the  critical  velocity,  calculated  in  the 
usual  way  from  the  area  of  the  pipe  and  the  flow  per  second.  Under 
P  the  values  of  the  critical  velocity  are  given,  calculated  by  Reynolds* 
lower-limit  formula.     This  formula  reads — 


Vc   = 


1     P 


278  *D 
in  metres  per  second,  where  P  and  D  have  the  same  meaning  as  b^to^^. 


356    Dr.  H.  J.  S.  Sand.    Ilu  TiJble  of  IHffuri(m  during    [Nov.  22, 

In  the  last  column,  UL,  the  values  of  Ye  are  given,  calculated  by  the 
same  formula,  but  using  for  P  the  temperature  variation  deduced  from 
the  experiments  on  the  upper  limit.  The  correspondence  of  columns  4 
and  5,  and  the  divergence  in  column  6,  are  quite  sufficient  to  show 
that  the  temperature  variation  of  the  lower  limit  is  in  agreement  with  the 
hiw  of  viscosity  rather  than  with  the  formula  obtained  from  the  upper 
limit.  The  experiments  are  important  in  showing  a  close  agreement 
with  the  theoretical  formula  of  Reynolds,  which  requires  not  only  the 
viscosity  formula  to  hold,  but  the  inverse-diameter  law  as  well.  The 
agreement  of  the  individual  observations  confirms  our  previous 
conclusions,  in  showing  the  uncertainty  in  measuring  critical  velocity, 
not  from  the  want  of  accuracy  in  the  measuring  appliances,  but  from 
the  variation  in  the  point  itself.  It  is  only  by  taking  a  mean  of  a 
number  of  observations  that  anything  like  an  accurate  value  can  be 
obtained. 


"  The  Sdle  of  Diffusion  during  Catalysis  by  Colloidal  Metals  and 
Similar  Substances."  By  Henry  J.  S.  Sand,  Ph.D.,  M.Sc, 
University  College,  Nottingham.  Communicated  by  Professor 
J.  H.  PoYNTiNG,  F.It.S.  Eeceived  November  22, — Read  De- 
cember 8, 1904. 

In  a  paper  on  reaction-velocities  in  heterogeneous  systems,  Nemst* 
has  recently  put  forward  the  view  that  all  chemical  reactions  taking 
place  on  the  boundary  of  two  phases  proceed  to  equilibrium  practically 
instantaneously,  and  that  the  velocities  actually  observed  are  simply 
those  with  which  diffusion  and  convection  renew  the  reacting  material 
at  the  boundary.  As  a  special  instance  of  heterogeneous  reactions,  he 
mentions  catalytic  decompositions  due  to  finely  divided  particles,  such 
as  colloidal  metals,  and  he  believes  it  probable  that  the  kinetics  of 
these  reactions  can  be  deduced  from  the  assumption  that  chemical 
equilibrium  remains  permanently  established  on  the  surface  of  the 
particles. 

Processes  of  this  kind  have  recently  undergone  a  considerable  amount 
of  experimental  investigation,  the  most  important  instances  being  the 
catalytic  decomposition  of  hydrogen  peroxide  due  to  colloidal  platinumt 
and  colloidal  gold}  by  Bredig  and  his  pupils,  and  the  catalytic  decom- 
position of  the  same  substance  due  to  hsemase  by  Senter.§  In  his  last 
paper  Senter  discusses  his  reaction  in  the  light  of  Nemst's  hypothesis, 
and  arrives  at  the  conclusion  that  the  known  facts  do  not  contradict  it. 

•  *  Ztschft.  Phys.  Chem.,*  Tol.  47,  p.  62  (1904). 

t  Bredig  and  MuUer,  y.  Berneck,  '  Ztschft.  Phjs.  Chem./  vol.  31,  p.  258  (1899)  ; 
Bredig  and  Ikcda,  ibid.,  toI,  87,  p.  .1  (1901). 

J  Bredig  and  Reinders,  *  Ztschft.' Phys.  Chem.,'  vol.  37,  p.  323  (1901). 
§  Ibid.,  vol.  44,  p.  257  (1903);  *  Roy.  Soc.  Ppoc.,*  vol.  74,  p.  201  (1904). 
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With  regard  to  this  result,  it  must  be  observed  that  a  colloidal 
solution  of  hsemase  does  not  afford  the  most  suitable  example  from 
which  to  draw  theoretical  conclusions,  as  nothing  whatever  is  known 
regarding  the  size  of  the  active  particles,  their  nature  and  their  number. 
More  definite  results  can  be  obtained  from  a  criticism  of  Bredig's 
experiments,  for  in  them  we  are  dealing  with  platinum,  or  gold, 
substances  of  known  properties,  the  absolute  quantities  of  which  are 
stated  for  every  experiment.  Moreover,  although  we  are  without 
definite  information  regarding  the  shape,  size,  and  number  of  the 
particles,  yet  we  are  safe  in  assuming  that  in  those  colloidal  solutions 
which  were  at  all  stable,  no  particles  occurred  of  a  diameter  greater 
than  0*5 /i.*  In  order  to  carry  out  any  calculations,  the  diffusion 
coefficient  of  hydrogen  peroxide  is  also  requisite.  So  far  as  I  am 
aware,  this  number  has  not  been  determined.  If  we  take  as  represen- 
tative of  diffusion  coefficients  of  non-electrolytes  at  25%  the  follow- 
ing values  determined  by  Scheffer  for  molecules  heavier  than 
that  of  hydrogen  peroxide  : — 

Urea,  0*94  [1  -h(25''  -  7-5*)  0-025]  10-^  =  1-35  x  10"*  cmVsec. ; 
Chloral  hydrate,  0*64  [1  +  (25**  -  9')  0*025]  10"*  =  0*86  x  lO-^  cwS/sec.  ; 
Mannite,  044  [1  4-  (25'  -  10")  0-025J  =  0-60  x  10"^  cmVsec, 

we  see  that  'we  shall  probably  not  make  a  very  large  error,  and  not 
take  a  too  high  value,  if  we  assume  for  hydrogen  peroxide  a  diffusion 
coefficient  of  10~^  cm^/sec. 

Summary  of  the  Available  Experimental  Results, — It  will  be  convenient 
to  preface  this  discussion  by  a  summary  of  the  available  results. 

In  neutral  and  acid  solutions  Bredig  found  that  the  reaction  pro- 
ceeded as  one  of  the  first  order,  that  is,  it  was  expressed  by  the 
equation 

]'^h^ (»)' 

in  which  Co  is  the  initial  concentration  of  the  hydrogen  peroxide,  C  its 
concentration  after  the  time  /,  and  K  a  constant.  The  same  equation 
holds  for  hsemase,  according  to  Senter's  experiments.  In  alkaline 
solution,  no  general  formula  was  found  by  Bredig  to  express  the 
results.  The  constant  K  is  greatly  influenced  by  the  addition  of 
certain  substances  (poisons) ;  it  varies  more  rapidly  than  proportionally 
with  the  concentration  of  the  catalyser,  and  increases  geometrically 
with  change  of  temperature,  rising  to  its  threefold  value  every  20\ 

Qn  the  Relative  Size  and  Available  Surface  of  the  Particles  in  Wholly  and 
Partially  Poisoned  Solutions, — I  do  not  propose  to  enter  into  a  discussion 
of  the  effect  of  poisons  more  deeply  than  is  required  for  the  primary 
objects  of  the  present  paper.  It  seems  that  two  explanations  are 
compatible  with  Nernst's  views.     Firstly,  in  the  case  of  substances 

•  Loe.  cii.,  Tol.  81,  p.  272. 
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which  have  a  rery  powerful  efibet,  an  inaotive  film  may  be  formed  on 
the  particles  by  chemical  action  of  the  poiscm,  whenever  the  ccmcentm- 
tion  of  tile  latter  in  the  solution  is  greater  than  a  certain  definite  value, 
and  the  platinum  would  thus  be  completely  pcnsoned  as  nooa  as  this 
value  was  exceeded  by  the  small  quantity  necessary  to  form  the 
coating.  Such  an  explanation  is,  however,  manifestly  not  applicaUe 
to  weak  poisons,  such  as  acids  and  certain  electrolytes,  the  acticm  of 
which  begins  at  low  concentrations,  and  is  not  complete  until  very 
large  values  are  attained.  In  this  case  it  seems  that  the  only  explana- 
tion compatible  with  Nemst's  hypothesis  would  have  te  be  mmfjbit  in 
the  tendency  of  such  substances  to  cause  the  coalescence  and  final 
precipitetion  of  the  particles.  The  influence  of  alkalies  in  aocelorating 
the  reaction  would  lie  in  their  tendency  to  bring  about  further  disinte- 
gration of  particles  which  had  already  undergone  partial  coalesoenee.* 
In  any  case,  however,  as  has  already  been  pointed  out,  we  may  a»ame 
that  in  solutions  which  are  at  all  stoble  no  particles  occur  of  a  diameter 
greater  than  0'5  /a. 

ITie  Experimental  ReeuUs  an  Dependence  of  Reaction  VdoeUy  on  Ooneen- 
traiionoftheCatalyser  can  ontyhe  Reconciled  viUh  the  Idea  of  a  Heterogeneaut 
Reaction  by  Recognising  the  Important  Part  Played  by  Convection  CurrenU. — 
It  is  a  priori  clear  with  regard  to  the  relative  role  of  diffusion  and 
convection  that  the  latter  must  be  seriously  considered,  owing  to  the 
fact  that  solid  particles  suspended  in  a  liquid  are  known  to  be  in  a 
state  of  continual  movement  performing  the  so-called  Brownian 
motions.  Besides,  in  the  more  concentrated  solutions  oxygen-bubbles 
are  given  off,  and  cannot  fail  to  stir  the  liquid. 

As  a  matter  of  fact,  a  brief  examination  of  the  results  summarised 
above  suffices  to  show  that  they  are  not  in  agreement  with  Nemst's 
hypothesis,  if  we  suppose  diffusion  alone,  without  convection,  to  be 
responsible  for  the  neutralisation  of  changes  of  concentration.  We  may 
even  go  further,  and  say  that  the  fact  that  K  increases  more  rapidly 
than  proportionally  with  the  concentration  of  the  catalyser  cannot  be 
reconciled  with  the  idea  of  a  heterogeneous  reaction  at  all,  unless  the 
process  teking  place  on  the  surface  of  one  of  the  particles  influences 
that  of  its  neighbours  by  some  non-chemical  means,  such  as  the 
production  of  convection  currents.  If  we  were  dealing  with  a 
stationary  liquid,  whatever  the  chemical  mechanism  of  the  reaction 
may  be,  the  amount  of  substance  decomposed  in  a  given  time  at  the 
beginning  of  the  experiment  would  be  proportional  to  the  number  ci 
particles,  that  is,  to  the  concentration  of  the  platinum.  Now,  the 
constant  K  may  be  taken  as  a  direct  measure  for  this  amount,  as  is 
clear  from  the  following  relation  arising  from  Equation  1, 

~f  =  CK (2). 

*  Bredig,  loe.  cit,^  rol.  31 ,  p.  306,  note  2. 
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Bredig's  results  thus  contradict  the  idea  of  a  heterogeneous  reaction 
taking  place  in  a  stationary  liquid.  They,  however,  become  intelligible 
if  we  consider  the  influence  of  convection.  Proceeding  on  lines 
similar  to  those  adopted  by  Nernst,  we  may  assume  each  particle  to  be 
surrounded  by  a  film  of  adhering  liquid,  the  thickness  of  which  depends 
very  largely  on  the  amount  of  motion  taking  place  in  the  solution. 
The  thinner  the  film,  the  greater  will  be  the  flow  of  solute  to  the 
particles,  and  the  greater,  therefore,  the  velocity  of  the  reaction; 
Now,  in  the  solutions  containing  large  quantities  of  the  catalyser, 
considerably  more  convection  is  produced  than  in  those  in  which  small 
quantities  are  present,  owing  to  the  brisker  evolution  of  bubbles  of 
oxygen  gas,  and  in  this  fact  the  explanation  of  Bredig's  result  is 
very  probably  to  be  sought. 

In  accordance  herewith,  we  should  expect  that  in  solutions  containing 
very  small  amounts  of  catalyser,  and  in  which,  consequently,  the 
evolution  of  oxygen  is  so  slight  that  no  gas-bubbles  are  produced, 
no  deviation  from  the  law  of  proportionality  between  K  and  the 
concentration  of  the  catalytic  particles  would  occur. 

This  point  has  not  been  specially  tested  by  Bredig,  but  by  collating 
results  scattered  over  his  paper,  we  may  gather  that  the  conclusion 
di-awn  is  correct.  Thus,  in  Table  11,  first  part,  p.  291,  we  have  for  a 
concentration  of  N/30000  platinum  an  average  value  of  K  of  approxi- 
mately 0  0 16  min.~^  whereas,  at  the  end  of  Table  13,  p.  300,  we  have, 
at  a  later  date,  with  the  same  platinum  solution,  diluted  to  a  concentra- 
tion of  N/300000  K,  approximately  equal  to  0*0012  min.-\  t.e.,  only 
slightly  less  than  one-tenth  of  the  former  value. 

In  agreement  with  this,  Senter  found  that  in  his  very  dilute  solutions 
the  velocity  of  the  reaction  was  proportional  to  the  concentration  of 
the  catalyser,  whereas  in  more  concentrated  solution  it  increased  more 
rapidly. 

The  Expei'imental  Results  on  Dependence  of  Reaction  Velocity  on  Temperor 
tare  Cannot  be  Reconciled  wUh  Nemsfs  Hypothesis  unless  Convection  Plays 
an  Important  Part. — Bredig's  results  regarding  the  influence  of  tem- 
perature cannot  be  reconciled  with  Nemst's  hjrpothesis  if  we  suppose 
the  particles  and  liquid  to  be  stationary.  In  this  case  the  only  effect 
of  a  rise  of  temperature  would  be  to  increase  the  diffusion  coefficient 
of  the  solute  by  about  2\  per  cent,  per  degree,  and  the  result  of  doing 
this  can  be  seen  from  the  following  theorem : — If  concentrations  in 
a  liquid  are  determined  solely  by  diffusion  according  to  Fick's  law, 
in  such  a  manner  that  they  arise  out  of  a  given  initial  state  and  a 
condition  not  defined  as  a  time-relation  which  is  maintained  uniformly 
throughout  the  experiment  (such  as  the  one  that  the  concentration  is 
permanently  kept  at  zero  on  the  surface  of  stationary  particles  of  any 
shape  and  distribution  whatever),  then  the  concentration  at  any  point 
may  be  expressed  as  a  function  only  of  the  co-ordinates  of  that  point 
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and  the  product  of  the  difiusion  coefficient  and  the  time,  the  average 
concentration  beuig  a  function  only  of  the  product  of  the  difEtudon 
coefficient  and  the  time.* 

By  the  application  of  this  theorem  to  Equation  1,  we  find  that 
if  this  equation  were  the  result  solely  of  diffusion  in  a  staticmary 
liquid,  then  in  order  that  it  may  conform  with  Nernst's  hypotheeii, 
the  constant  K  must  increase  by  about  2^  per  cent,  per  degree. 
This  is  a  far  smaller  increase  than  that  actually  observed.  If,  however, 
convection  takes  place  with  increasing  efficiency  as  the  temperature 
rises,  there  is  so  far  no  contradiction  with  Nernst's  hypothesis. 

If  the  Distribution  of  the  Partides  is  Fine  Enough,  the  Coneeniraiion 
Throughout  the  Liquid  wUl  be  Pradiadly  Uniform. — It  should  be  pointed 
out  here  that  if  only  the  disintegration  of  the  particles  is  great  enough 
and  their  distribution  consequently  fine  enough,  changes  of  concentra- 
tion occurriug  on  their  surfaces  will  be  transmitted  practically 
instantaneously  throughout  the  liquid  by  diffusion.  In  this  case, 
if  Nemst's  hypothesis  is  correct,  the  concentration  of  the  whole 
solution  would  be  instantaneously  reduced  to  zero,  but  even  if  this 
hypothesis  does  not  hold,  the  idea  of  a  heterogeneous  reaction  would 
•demand  that  the  velocity  of  reaction  at  a  given  concentration  of  the 
solute  should  be  proportional  to  the  concentration  of  the  catalysing 
particles. 

If  Nemo's  Hypothesis  Holds,  the  Reaction  Velocities  Found  by  Bredig 
must  be  Greater  than  those  Calculated  for  a  Stationary  Liquid. — We  have 
thus  seen  that  convection  currents  play  an  important  part  in  the 
processes  under  discussion,  and  always  tend  to  accelerate  them. 
The  last-named  fact  opens  up  a  way  by  means  of  which  to  apply  a 
•direct  test  to  Nernst's  hypothesis.  If,  on  this  hypothesis,  an  ex- 
pression could  be  calculated  which  is  equal  to  or  smaller  than  the 
reaction  velocity  under  the  smallest  conceivable  amount  of  convection, 
this  expression  should  always  be  smaller  than  the  experimentally 
found  values,  and  if  it  is  equal  to  or  greater  than  the  latter,  this 
would  prove  that  Nemst's  hypothesis  must  be  discarded  in  the  cases 
under  investigation,  i.e.,  that  the  concentration  of  hydrogen  peroxide 
on  the  sui-faces  of  the  particles  is  not  permanently  maintained  at 
zero. 

As  has  already  been  stated,  we  possess  an  upper  limit  for  the 
diameter  of  the  particles,  and  we  shall  assume  them  all  to  be  spheres 
of  this  diameter,  thus  being  certain  to  obtain  a  minimum  value  for 

*  There  is  no  difficulty  whatoTer  iu  proving  this  theorem  in  a  purely  mathe- 
matical way,  but  it  becomes  immediately  obTious,  when  we  remember  that  we  can 
giro  the  diffusion  coefficient  k  any  desired  value  ar  by  increasing  the  unit  of  time 
to  its  a-fold  value.  In  the  new  units  any  interval  of  time  which  before  was 
expressed  by  ^  is  now  given  by  tjeiy  and  in  order  that  concentrations  after  any  real 
interval  of  time  may  remain  unaltered,  the  above  theorem  must  hold. 
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reaction  velocity.  It  is  evident  that  if  a  given  volume  were  dis- 
tributed in  pieces  of  larger  surface  and  more  especially  in  flat  pieces 
or  in  pieces  of  smaller  diameter,  a  much  larger  reaction  velocity  would 

arise. 

We  again  assume  each  particle  to  be  surrounded  by  an  adhering 
film  of  liquid,  in  which  no  convection  occurs,  in  such  a  manner  that 
the  greater  the  amount  of  stirring  or  motion  in  the  solution,  the 
smaller  the  thickness  of  this  layer.  On  the  outside  of  the  film  the 
concentration  may  be  considered  to  have  a  definite  value  which  is 
not  exceeded  in  any  part  of  the  solution.  If  the  film  is  exceedingly 
thin,  then  the  flow  of  solute  to  the  particle  will  continually  be  very 
great  and  roughly  inversely  proportional  to  the  thickness  of  the  film. 
If  the  latter,  however,  be  thick,  then,  as  will  be  seen  in  the  sequel, 
the  flow  of  solute  to  the  particle  rapidly  decreases  to  a  value  corre- 
sponding to  a  permanent  distribution  of  concentration  in  such  a 
manner  that  this  flow  becomes  practically  independent  of  the  thickness 
of  the  layer  and  only  depends  on  the  concentration  outside. 

It  should  be  pointed  out  here  that  a  limit  is  set  to  the  thickness 
of  the  films  by  the  fact  that  their  total  volume  must  be  smaller  than 
that  of  the  liquid.  If  each  layer  with  its  enclosed  particle  forms  a 
sphere  of  radius  R,  and  N  is  the  number  of  particles  per  imit  volume, 
we,  therefore,  have  the  inequality 

|^R8N<1 (3). 

The  concentration  outside  the  films,  as  will  be  seen  in  the  sequel, 
is  practically  the  average  concentration  of  the  liquid.  If,  therefore, 
the  particles  are  far  apart,  we  shall  by  always  assuming  the 
permanent  flow  to  take  place,  corresponding  to  a  very  (infinitely) 
thick  layer,  on  the  outside  of  which  the  average  concentration  of  the 
liquid  is  maintained,  obtain  values  for  reaction  velocity,  which  may 
be  taken  to  be  those  belonging  to  the  minimiun  conceivable  amount 
of  convection. 

Deduction  of  a  Formida  for  the  Reaction  Velocity  Corresponding  to  a 
Minimum  Amount  of  Convection, — We  have  to  deal  with  the  following 
case : — A  sphere  of  given  radius  r  is  immersed  in  a  solution  of  the 
concentration  Co.  On  its  surface  the  concentration  is  kept  continually 
at  zero,  and  at  a  distance  R  from  its  centre  the  concentration  D  is 
always  to  be  found,  which  is  not  exceeded  in  any  part  of  the  liquid. 
The  smallest  conceivable  amount  of  solute,  Ydt,  that  could  under 
these  conditions  flow  to  the  sphere  in  the  time  dt^  is  the  value  which 
Ydt  would  have  if  the  conditions  we  have  assmned  had  already  been 
in  operation  for  an  infinite  period  of  time.  This  would  mean  that 
a  permanent  state  had  been  established,  and  as  it  is  our  object  to 
find  a  minimum  value  for  the  substance  removed,  the  first  part  of 
our  problem  consists  in  determining  Ydt  corresponding  to  the 
permanent  state. 
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The  total  amount  of  solute  F^  flowing  in  the  time  di  towards  the 
centre  of  ihe  sphere  across  a  concentric  spherical  surface  of  radius  z 
is  given  by 

Y^di^iiTKX^^di  :..     (4), 

ox 

if  K  indicates  the  diffusion  coefficient  of  the  solute,  and  c  its  concentra- 
tkm  at  the  points  under  consideration.  From  this  equation  we  arriye 
by  considerations  of  a  well-known  kind*  at  the  relation 


dt     va.^ 


For  the  permanent  state  we  have  dc/di  =»  0,  the  limiting  conditions 

being 

c  =  0    for    «  =  r   (6X 

c  =  Dfor    aj  =  R (7). 

The  result  of  the  integration  under  these  conditions  is 

'-^^r"^'     <»)' 

,    JtC  —  r    X 

and  the  amount  removed  at  the  surface  of  the  small  sphere  in  the  time 
tU  follows  from  Equation  4 

Fdt  =  iiricryDdt  (9), 

the  quantity  y  being  defined  by 

>  =  ^-r : <i«)' 

and  decreasing  from  infinity  to  1  as  R  increases  from  r  to  infinity. 

We  now  have  to  show  that  in  all  the  cases  we  are  dealing  with  the 
quantity  D  does  not  differ  appreciably  from  the  average  concentration 
C  of  the  liquid.  Indicating  again  by  N  the  number  of  particles  per 
unit  volume  of  solution,  and  by  v  their  total  volume,  then 

i'rf^N  =  t;     (11), 

and  C,  which  is  equal  to  the  total  amount  of  solute  per  unit  volume 
of  liquid,  is  given  by 


R 


C  =  N  {^TTx^cdx  +  (1  -  NjirRS)  D. 


r 


Eliminating  c  and  N  from  this  expression  by  means  of  Equations  8 
and  11  and  simplifying,  we  obtain 

c  =  i.{.-i.[(?)V?]}. 

•  See  e.ff.,  Fouriert  *•  Analj? tical  Tlieorj  of  Heat,"  §§  112  and  113. 
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This  equation,  taken  in  conjunctjjton  with  the  inequality  3,  and  with 
Equation  11,  leads  to  the  conclusion  that  the  greatest  conceivable  value 
for  the  difference  between  C  and  D  is  JD  {v^  +  H). 

Now,  in  all  the  cases  we  have  to  consider  v  is  smaller  than  10~^,  so 
that  we  may,  without  appreciable  error,  make  D  equal  to  C.  Eemem- 
bering,  also,  that  the  decrease  -  ci{C  of  G  in  the  time  di  equals  NF(i^, 
and  expressing  the  radii  of  the  spheres  by  their  diameter  L,  we  obtain 
from  Equations  9  and  11 


from  which,  by  utilising  the  limiting  condition  C  =  C©  for  /  =  0,  we 

find  by  integration 

1         n. 

=  K (12), 


1,     Co 


the  constant  K  being  given  by  the  equation 


K  =  ig-%   (13). 


and  having  the  minimum  value 


K  =  ^  (14). 


t 


Examples  to  Show  thai  Equations  9,  12,  and  14,  ore  a  Close  Approximation 

to  the  Correct  Besult. 

(a)  A  Sphere  in  Infinite  Space. — In  deducing  the  foregoing  equations, 
we  assumed  the  permanent  state  to  be  always  produced  instantaneously, 
and  we  have  made  it  clear  that  the  result  thus  obtained  for  the  rate  of 
change  of  concentration  will  certainly  not  be  too  large.  In  reality, 
when  the  spheres  are  so  s^nall  as  those  we  have  to  deal  with,  and 
the  volume  they  draw  solute  from  more  than  a  millionfold  as  great 
as  their  own,  no  appreciable  error  is  made  by  our  assimiption.  We 
can  readily  prove  this  by  integrating  Equation  5  completely  for  simple 
cases,  and  showing  that  the  results  approximate  very  quickly  to  those 
we  have  calculated. 

As  a  first  example,  we  determine  the  amount  of  solute  which  would 
be  removed  by  each  sphere  after  the  time  /  if  it  were  placed  in  an 
infinite  amount  of  solution  at  the  beginning  of  the  experiment.  For 
this  purpose  we  calculate  an  expression  for  the  concentration  throughout 
the  liquid  at  any  time  t  by  integrating  Equation  5  imder  the  limiting 
condition  c  «=  D  between  x  =^  r  and  a;  ==  oo  for  <  =  0,  and  the  con- 
dition expressed  by  Equation  6. 

VOL.  LXXIV.  ^I  ^ 
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a  result  which  can  be  Terifled  without  difficulty. 
The  amount  of  solute  S  removed  by  the  sphere  after  the  first  t 

seconds  is 

t 

f  3r 
S  =  4«-icr*  I  —-  dt  when  x  =  r 

=  iwKDri  +  Sji^r^D 

The  first  member  on  the  right  side  of  this  equation  is  identical  with 
the  value  which  follows  for  R  equal  infinity  from  the  Equation  9  we 
previously  employed.  Making  2r  =  5  x  lO-*  cm,  R  =  10~*  cm^sec., 
we  can  caJculate  that  the  difference  between  this  quantity  and  S  amounts 
to  only  0'9  per  cent,  of  S  after  1  second. 

(b)  A  Sphere  in  a  Large  Enclosed  Spherical  Space. — The  close  approxi- 
mation of  the  result  expressed  by  Equations  12  and  14  to  the  correct 
value  for  stationary  liquids,  in  which  the  radius  of  action  of  each 
spherical  particle  is  great  compared  with  its  own  diameter,  is  specially 
made  clear  by  the  full  calculation  of  the  case  in  which  one  of  the 
spherical  particles  is  placed  in  the  centre  of  a  spherical  vessel  of  large 
cQameter  filled  with  solute.  In  this  case  we  have  to  integrate 
Equation  5,  the  limiting  conditions  being  firstly  that  no  solute  can  pass 
through  the  wall  of  the  vessel.  Indicating  the  radius  of  the  latter  by 
B»  this  means  that 

Fb  =  0,  i.e.,  according  to  Equation  4,  that  —  =  0,  for  a;  =  R. 

ox 

We  have  besides  the  limiting  condition  expressed  by  Equation  6  and 
the  condition 

c  =  Co    between  x  =  r    and  a;  r=  R,    for  <  =  0. 

The  differential  equation  can  be  integrated  subject  to  these  limits  by 
methods  similar  to  those  employed  in  §§  283  to  293  of  Fourier's  Analytical 
Theory  of  Heat  for  the  determination  of  changes  of  temperature  in  a 
solid  sphere.    The  following  result  is  thus  obtained : — 

c  =  -  [ai^-"^"'  sin  7ii  {x  -  r)  +  a^-*^^^  sin  ti^  («  -  r)  + .  .  .  .], 

the  numbers  n  being  determined  as  the  successive  roots  of  the  equation 

tan  n  (R  -  r)      , 

and  the  coefficients  a  by  the  equation 
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I  zsinnp(z-r) 


dx 


1 


I  sin^  np{x-r) 


_  P  1   *^ 


—  Bin  fly  (K  -  r)  -  Kcos  np(R  -r)-^r 


dx 


♦^       Hti-r)-±«in2n,(R-r) 


This  system  of  equations  is  simplified,  and  the  dimensions  of  the 
quantities  occurring  in  them  made  clear  by  introducing  in  place  of  a 
and  n  the  quantities  a  and  v  defined  by  the  relations : 

n{R-r)  =  V    and    Op/iiy  =  apCo(R-r)*. 

These  quantities  a  and  v  are  functions  only  of  the  non-dimensional 
number  €  defined  by  the  equation 

r 


€    = 


E^" 


After  several   transformations    the   final    system  of    equations  is 
arrived  at. 

rt       Co(R-r)r         -w  — >"      •         aJ-^  .  -trt    "«'      •         x-r 


z 


R-r 


R-r 

the  quantities  v  being  found  as  the  successive  roots  of  the  equation 

tan  V 


=  1  + 


(16). 


and  the  quantities  a  by  the  equation 


OLp  = 


2c 


v/[l-(l+€)C062v^"] 


(17). 


Values  of  time  always  exist  for  which  the  infinite  series  can  practically 
be  replaced  by  its  first  member.  If  €  be  small  the  values  for  vi^  and  aj 
arising  out  of  Equations  16  and  17  may  be  taken  as 


vi2  =  3c, 
and  the  whole  expression  simplified  to 


1 


c  =  Co  — ^e-i2«'-*/i^. 


The  concentration  varies  with  distance  from  the  small  sphere  in  the 
identical  manner  we  found  previously  in  Equation  8,  and  we  have 
already  proved  that  this  being  so  the  average  concentration  C  may 
without  appreciable  error  be  assumed  to  be  equal  to  the  upper  con- 
ceivable limit  of  c.     We  thus  have 

an  equation  which  by  a  slight  transformation  becomes  identical  with 
Equations  12  and  14. 

"1  ^  *L 
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The  Applteaiioi^  of  EgwHan  14  (o  Bredi^i  BeiuUs  Shows  thai  theg 
wwtradid  Nemsfs  Hf/pathuk. — Equation  No.  12  is  identical  in  form 
with  No.  1  which  Bredig  found  to  represent  his  experimental  reeulte. 
As  the  constant  K  is  a  measure  for  reaction  velocities  under  corre- 
sponding conditions  (see  Equation  2),  we  can  submit  Nemst's  hypothesis 
to  the  test  we  have  outlined  above  by  a  comparison  of  the  theoretical 
minimum  value  for  K  of  Equation  14  with  the  experimental  values 
found  by  Bredig. 

We  employ  the  results  given  by  him  in  Table  7  'Zeitschrift  f. 
Fhysikalische  Chemie,'  vol.  31,  p.  285.  The  concentration  of  the 
platinum  was  here  31500"^  g-atom  of  platinum  per  litre,  which  is 
approximately  3150000'^  c.c.  of  platinum  per  c.c.  We  thus  have 
lo  substitute  K  =  lO'^cmVsec,  L  -  5  x  IQ-^cm,  and  v  =  3150000-^  into 
Equation  14,  and  find  * 

K  = 12  X  10-fi ^  0-0152  880.-1  =  0-91  min.-^. 

(5  X  10-»)«  X  3150000 

Whereas    the    average    value    of    Bredig's    experiments   in    which 

ftgjvQ  Na2HP04  was  present  amounted  to  only  qjTqTq  =0-037  min."*, 

that  is  about  one  twenty-fifth  of  the  calculated  minimum  number,  and 

the  average  value  in  a  solution  containing  no  electrolyte  whatever  was 

0*024 

- —        =:  0*055  min.~\  that  is  about  one-sixteenth  of  the  calculated 

0-4343 

value. 

Even  in  alkaline  solution  in  which  the  reaction  proceeds  very  much 

faster,  the  velocity  is  smaller  thap  the  calculated  value,  whereas  on 

Nemst's  hypothesis  it  ought,  as  already  explained,  to  be  much  greater. 

We  employ  the  numbers  given  by  Bredig  in  Table  12,  p.  297,  for  a 

N 

«rt  NaOH  solution,  which  probably  correspond  to  the  very  greatest 

velocity  measured  by  him.  Here  we  have  v  =  300000"^  g-atom 
of  platinum  per  litre,  that  is  approximately  v  =  30000000"'  c.c. 
per  c.c,  the  other  quantities  being  the  same  as  above.  By  Equation  14 
we  thus  calculate 

R  =  00016  sec.-^  =  0096  min.-\ 
whereas  the  average  value  of  the  constant  given  by  Bredig  amounts  to 
^  .q.A  =  0*0472  min."'\  that  is  about  half  of  the  calculated  minimum 

U*4«>4«> 

value.  We  thus  see  that  Bredig's  reactions  proceed  far  too  slowly  to 
allow  us  to  reconcile  them  with  Nernst's  hypothesis. 

An  Equation  of  the  Form  of  No.  1  expresses  the  B^sult  if  the  Felodiy 
of  the  Beadian  Oecwrring  on  the  Surface  of  the  Particle  is  Prqportumal 
to  the  ConcentraUon  of  the  Solution  in  Immediate  Contact  with  titem. 
— The  fact  that  the  law  obeyed  by  Bredig's  reactions  differs  only  in 
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the  magnitude  of  a  constant  from  the  formula  we  have  deduced  on 
Nemst's  hypothesis  might,  perhaps,  seem  an  argument  in  favour  of  the 
latter. 

We  now  proceed  to  show  that  we  can  obtain  an  equation  of  the  same 
form  asNos.  1  and  12,  but  differing  from  Nos.  13  and  14  in  the  value  of 
the  constant  K,  if  we  drop  altogether  the  assumption  that  equilibrium  is 
permanently  maintained  on  the  boundary  between  the  particles  and 
the  solution,  i,e,,  that  the  concentration  of  the  hydrogen-peroxide  is 
permanently  maintained  at  zero.  Instead  we  assume  that  the  amount 
Fdt  acted  upon  in  the  time  di  by  each  particle  is  proportional  to  the 
concentration  C  of  the  solute  actually  in  contact  with  it.  Retaining 
the  same  notation  we  employed  above,  we  thus  have 

Ydt  =  aim-Ki'dt    (18), 

a  being  a  constant.  The  amount  of  substance  removed  on  the  surface 
of  the  particle  must  be  replaced  by  diffusion  from  the  interior  of  the 
solution  as  a  discontinuity  of  concentration  would  otherwise  occur.  It 
can  be  expressed  in  terms  of  ^c,  y  and  D  -  C  by  making  use  of  Equation  9. 
This  Equation  was  deduced  on  the  assimiption  that  the  concentration 
on  the  surface  of  the  particles  is  zero.  As  absolute  values  of  concen- 
tration do  not  occur  in  Fick's  law  of  diflfusion,  it  is  evident  that  we  may 
generalise  the  result  so  as  to  comprise  the  case  that  the  concentration 
on  the  surface  of  the  particles  is  C  by  replacing  D  of  Equation  9  by 
the  difference  D  -  C.     We  thus  obtain 

Ydt  =  4^icry  (D  -  C)  *  (19) 

Eliminating  C  from  Equations  18  and  19,  we  find 

ar+  Ky 

from  which  we  deduce  a  formula  identical  with  No.  12,  by  reason- 
ing exactly  analogous  to  that  employed  to  establish  it.  The  constant 
K  in  the  present  case,  however,  has  the  value 


K  = 


l2aKyv 
L  (aL  +  2Ky)  ' 


the  number  y  varpng  according  to  the  amount  of  convection  from  1  to 
infinity,  as  is  clear  from  Equation  10,  and  the  number  a  having  any 
positive  value,  which  may  be  called  the  velocity  constant  proper  of  the 
reaction. 

Thermodynamical  Criticism  of  Nems^s  Hypothesis, — In  conclusion,  it 
may  be  useful  to  criticise  the  principle  put  forward  by  Nernst  from  a 
thermodynamical  point  of  view.  The  essence  of  it  is  contained  in  the 
following  two  sentences : — "  Many  facts  lead  to  the  assumption  that 
equilibriimi    is    established   on  the   boundary   of   two  phases^  witk 


368    Bfile  <tf  Dt^iuian  during  Oaialyns  hy  CoUaidal  MetaU,  etc 

extremdy  great  velocity.  Such  a  behavioiir  is  also,  it  eeema,  tbeoreti* 
cally  necessary,  for,  otherwise,  finite  differences  of  chemical  potential 
would  occur  on  the  boundary  of  two  phases,  ».«.,  at  infinitely  near 
points,  which  would  manifestly  lead  to  infinitely  great  forces  and 
reaction  velocities." 

As  is  well  known,  we  owe  Nemst  the  calculation  of  the  diflbaion 
coefficient  of  an  electroljrte,  which  probably  forms  the  most  brilliant 
instance  we  possess  for  the  deduction  of  the  velocity  of  a  natural 
process  from  thermodynamical  data.  In  this  case,  the  force  is  calculated 
which  may  be  considered  to  act  upon  a  g-ion  of  electrolyte  (force  due 
to  osmotic  pressure)  in  a  solution  of  uneven  concentration,  and  by 
assuming  the  mobility  of  the  ions  to  be  the  same,  whether  under  the 
influence  of  forces  due  to  difference  of  concentration,  or  under  that  of 
electric  forces,  the  diffusion  coefficient  of  the  electrolyte  can  be  calcu- 
lated. Here  we  have  an  instance  to  which  the  considerations  quoted 
above  from  Nemst  apply  beyond  doubt.  We  may  put  the  matter  in 
the  following  form : — If  a  discontinuity  of  concentration  were  to  occur 
in  a  solution,  we  should  have  finite  differences  of  thermodynamical 
potential  at  infinitely  near  points,  or,  in  other  words,  finite  amounts  of 
work  would  become  available  in  order  to  move  a  given  quantity  of 
solute  an  infinitely  small,  or,  at  least,  a  very  small  way.  Now,  as  the 
work  required  to  overcome  internal  resistance  in  moving  a  finite 
quantity  of  solute  through  an  infinitely  small  stretch  of  solution  is 
infinitely  small,  a  condition  such  as  the  one  considered  would  lead  to 
an  infinite  flow  of  solute.  Similarly,  if  a  solid  be  brought  together  with 
its  unsaturated  solution,  finite  amounts  of  free  energy  are  available  to 
dissolve  a  given  quantity.  Now,  in  this  case,  although  it  is  not  a  priori 
certain,  yet  it  is  exceedingly  probable  that  the  work  is  practically 
infinitely  small  which  is  necessary  to  overcome  internal  resistance  in 
transferring  substance  an  infinitely  small  distance  from  the  solid  to  the 
liquid  phase.  We  may,  therefore,  conclude  that  a  practically  infinite 
instantaneous  flow  would  occur,  and  bring  about  equilibrium  on  the 
boundary.  Similar  considerations  probably  apply  to  most  physical 
processes,  or,  at  any  rate,  to  such  as  are  capable  under  any  conditions 
of  occmring  in  a  reversible  manner. 

When,  however,  we  turn  to  chemical  processes,  we  meet  with  a 
difference  in  principle.  If  we  wish  to  consider  a  chemical  reaction  as  a 
transference  of  atoms  over  molecular  distances,  we  can  no  longer  say 
that  the  work  in  overcoming  internal  friction  during  this  transferenoe 
is  a  negligible  quantity  for  a  finite  amount  of  substance.  If  it  were,  it 
is  evident  that  all  chemical  reactions  in  homogeneous  systems  during 
which  finite  amounts  of  free  energy  are  destroyed,  should  be  instan- 
taneous. This  is,  however,  not  the  case.  In  fact,  it  is  not  clear  why 
a  chemical  reaction  should  proceed  with  greater  velocity  on  the 
boundary  of  two  phases  than  in  the  interior  of  one  of  them.    It  is  not 
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to  be  denied  that  many  chemical  reactions  do  take  place  instantaneously 
on  the  boundary  of  two  phases,  and  a  considerable  number  of  interesting 
cases  have  been  investigated  by  Brunner,*  which  evidently  conform  to 
this  rule.  It  does  not,  however,  seem  probable  that  a  useful  purpose 
would  be  served  in  considering  this  rule  to  hold  universally. 

I  have  examined  consequences  drawn  from  it  with  regard  to 
irreversible  electrolytic  reductions,  and  do  not  find  them  to  agree  with 
facts,  t  Many  other  cases  might  also  be  brought  forward  that  would 
be  very  diflScult  to  reconcile  with  this  theory,  e,g,y  the  great  difference 
of  velocity  shown  by  metals  in  dissolving  in  different  acids,!  catalysis 
by  substances  such  as  nitrogen  peroxide  during  the  solution  of  copper 
in  nitric  acid,  and  others. 

In  conclusion,  the  author  desires  to  say  that  he  has  had  the 
advantage  of  discussing  the  matter  treated  in  this  paper  with 
Dr.  Senter  and  Professor  Poynting,  for  which  he  acknowledges  his 
indebtedness. 
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In  my  paper  "  On  Chemical  Statics  and  Dynamics  "  (*  PhiL  Trans.,' 
A,  vol.  199,  1902,  p.  337),  and  especially  *  Zeit.  Physik  Chemie,'  vol.  42, 
1902,  pp.  316 — 335,  I  deduced,  from  thermodynamics,  the  laws 
experimentally  found  by  me  for  velocity  of  chemical  reaction,  and  for 
chemical  equilibrium  under  the  action  of  light,  from  the  fundamental 
conception  that  the  chemical  potential  of  substance  in  light  and  in 
the  dark  is  different,  becoming  greater  in  light.  The  foundation  for 
this  conception  was  that  two  metallic  plates  immersed  in  a  liquid  and 
connected  to  a  circuit  form  a  "  galvanic  "  combination,  when  one  plate 
is  exposed  to  light  while  the  other  is  kept  in  the  dark ;  and,  according 
to  Gibbs'  equation,  v" -v'  =■•  (ia(jJ^' - ihi')y  no  galvanic  cell  could  be 
formed,  unless  the  chemical  potentials  at  the  two  electrodes  were 
different  in  light  and  in  the  dark. 

The  experiments  of  Becquerel  and  Minchin  left  students  to  infer 

•  *  Ztschft.  Phj8.  Chem.,'  vol.  47,  p.  56  (1904). 

t  Faraday  Sooietj,  October  25,  1904. 

X  Ostwald,  '  Grundlinien  d.  anorganlichen  Cheinie/  p.  249. 

§  This  paper  contains  a  preliminary  account  of  the  uutlior's  further  researches 
on  '*  Cheini(»d  Statiod  and  Dynamics  of  Reversible  and  Irreversible  Systems  under 
the  Action  of  Light." 
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that  the  E.M.F.  obeerved  is  due  to  <<  surface  phenomena,"  beoanae, 
with  AgGl,  AgBr,  Agl  plates  both  observed  currents  sometimes  in  one 
direction,  sometimes  in  the  other,  and  in  every  experiment  different 
curves  and  mysterious  phenomena  (*'  very  curious  cases  of  inversion  of 
the  current ")  were  observed.  No  galvanic  combination  we  know  of 
gives  a  current  in  one  direction  at  one  time,  in  the  opposite  at  another, 
the  anode  and  cathode  exchanging  their  parts. 

Not  only  were  the  deflections  of  the  galvanometer  observed,  but  all 
the  curves  in  all  their  complexity  were  studied  and  photographed  from 
beginning  to  end,  including  the  induction  and  deduction  periods.  I 
succeeded,  after  much  trouble,  in  making  the  investigation  quantitative 
instead  of  qualitative,  as  hitherto ;  the  results  observed  were  studied, 
and  considered  in  connection  with  the  chemical  composition  of  the 
heterogeneous  system,  and  with  those  chemical  reactions,  previously 
unknown  to  us,  which  take  place  in  the  different  systems  under  the 
action  of  light ;  the  complex  nature  of  the  phenomena  observed  was 
found,  quantitatively  separated  into  constituents,  and  freed  from 
interfering  concomitants,  etc. 

Though  the  amperes  and  volts  measured  were  mostly  exceedingly 
small  (the  first  bad  to  be  measured  in  units  of  10~^,  and  the  second  in 
units  of  10~®),  the  photographed  curves  obtained  show  that  the 
experimental  difficulties  in  this  region  were  quite  overcome,  since 
concordant  results  were  obtained  on  repetition  of  the  experiments. 

As  the  result  of  more  than  3  years'  work,  I  find  that  there  is,  under 
the  action  of  light,  a  region  of  galvanic  cells  as  wide  and  as  varied  as 
in  the  case  of  ordinary  galvanic  cells.  We  have  here  constant  and 
inconstant  cells,  reversible  and  irreversible  cells.  The  chemical 
reactions  and  chemical  equilibrium  in  these  galvanic  combinations  are 
now  perfectly  clear,  yet  they  are  all  sui  genetis,  all  the  phenomena 
being  intermixed,  and  characterised  by  phenomena  of  induction  and 
deduction  peculiar  to  light  cells  only.  I  succeeded  also  in  placing 
this  region  of  phenomena  on  a  physico-mathematical  basis,  testing  and 
proving  the  equations  experimentally  in  all  details.  The  principal 
results  obtained  are : — 

(1)  The  total  E.M.F.  produced  by  light  consists  of  an  E.M.F.  pro- 
duced by  light  at  a  constant  temperature,  owing  to  increase  of  chemical 
potential,  and  of  solution  pressure  of  the  exposed  plate,  and  of  a 
thermo-E.M.F.  caused  by  one  of  the  two  plates  in  contact  with  the 
liquid  being  heated  by  light.  Both  E.M.F. 's  are  found  to  be  directly 
proportional  to  the  intensity  of  light,  and  )>oth  give  currents  in  the 
same  direction,  pro\ing  that  light  acts  on  chemical  potential,  as  well 
as  on  solution  pressure  of  the  electrode,  in  the  same  way  as  does  heat. 
My  generalisation  for  light :  "  Each  kind  of  equilibrium  between  two 
states  of  matter  (system)  is,  at  constant  volume,  on  exposure  to  light, 
diifted  in  the  direction  accompanied  by  greater  a))sorption  of  light" 
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{analogous  to  van't  Hoffs  '*  principle  of  moveable  equilibrium  '*  for  heat) 
is  thus  proved* 

(2)  The  phenomena  of  reversal  of  the  current,  etc.,  observed  by 
Becquerel  and  Minchin,  are  due,  not  to  surface  phenomena  or  different 
**  thicknesses  of  sensitive  layer,"  but  to  the  fact  that  their  combinations 
all  give  inconstant  cells  showing  polarisation,  a  phenomenon  which  they 
and  other  observers  entirely  overlooked,  since  they  made  no  study  of 
the  induction  and  deduction  periods.  Whenever  a  consideration  of  the 
composition  of  the  heterogeneous  system,  and  of  the  reactions  going  on 
in  the  same  under  the  action  of  the  current,  shows  that  an  inconstant 
<;ell  should  be  formed,  the  curve  illustrated  by  fig.  2  is  obtained,  the 
peculiar  course  of  the  induction  and  deduction  periods  being  caused  by 
the  principal  KM.F.  and  the  KM.F.  of  polarisation  being  set  up 
simultaneously  under  the  action  of  light,  with  different  velocities,  and 
diminishing  on  removal  of  the  light,  with  different  velocities,  vanishing 
almost  simultaneously.  Whenever  a  consideration  of  the  composition 
of  the  heterogeneous  systems,  and  of  the  reactions  going  on  in  the  same 
under  the  action  of  the  current,  shows  that  the  cell  should  be  reversibly 
constant,  then,  provided  the  action  of  light  upon  the  plate  is  such  as  to 
allow  of  the  formation  of  a  constant  cell,  and,  provided  the  plates  are 
so  prepared  as  to  avoid  the  formation  of  **  gas  batteries  "  (for  this  the 
E.M.F.  in  the  dark  must  be  made  very  small — a  few  millionths  of  a 
volt)  we  get  constant  cells,  the  induction  and  deduction  period  having 
a  normal  course,  as  illustrated  in  fig.  1. 

(3)  The  law  governing  the  induction  period  in  constant  reversible 
cells  is  evidently 

—  =  c  (tto' -  tt)  (tt  -  ^0  +  K), 

ij\f  the  speed  with  which  the  system  approaches,  on  exposure  to  light, 
its  new  state  of  equilibrium  in  light  (given  by  the  line  d — «,  and 
characterised  by  the  value  of  constant  RM.F.,  ttq)  is  directly  propor- 
tional to  the  remoteness  of  the  system  at  the  given  time,  t,  from  the 
point  of  equilibriimi  in  light  (given  by  the  value  wq  -  tt,  if  w  is  the 
E.M.F.  at  the  time  r,  while  ttq  is  the  maximum  E.M.F.  in  light),  and 
to  the  amount  of  variation  already  produced  by  light  in  the  system  up 
to  the  time  t  (given  by  ^  -  ttq,  if  ttq  is  the  initial  E.M.F.  of  the  system 
in  the  dark)  plus  a  constant  K,  which  is  also  of  the  character  of  an 
instability  constant,  i,e,,  the  more  the  system  is  removed  from  its  point 
of  equilibrium  in  light,  the  quicker  it  approaches  it,  and  the  more  the 
molecules  and  atoms  have  been  shaken  up  by  light  (exposed  to  light 
previously  to  the  time  t),  the  quicker  the  system  approaches  the  point 
of  equilibrium  in  light.  This  gives  also  the  fimdamental  law  of 
photography,  the  connection  between  the  amount  of  silver  salts 
decomposed  and  the  time  of  exposure,  since  the  E.M.F.  is,  during  this 

•  See  <  Zeitsch.  phjtik.  Chemie,*  1902,  p.  332  ;  *  PhU.  Mag./  1903,  vol.  5,  \i.  22&. 
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period,  directly  proportional  to  the  current,  and  gives  the  true  measure 
of  the  amount  of  silver  salts  decomposed  by  light.  The  equation  for 
the  deduction  period  is  also 

—  ^   -C'(iro-ir)(ir-iro'  +  K'), 

i.^.,  is  directly  proportional  to  the  remoteness  of  the  system  from  the 
point  of  equilibrium  in  the  dark,  ir^  -  ir,  and  to  ?r  -  iro\  which  gives  the 
amount  of  variation  produced  by  the  removal  of  the  light  in  the 
system  already,  up  to  the  time  r  plus  a  constant  K'. 

(4)  The  pbysico-mathematical  theory  of  "  constant  cells  reversible  in 
respect  of  the  cation  "  {e,g,,  Ag  plate  in  light,  AgNOs  solution  in  light, 
AgNOs  solution  in  dark,  Ag  plate  in  dark)  is  the  following.  The  result 
of  the  process  under  the  action  of  light  consists : — 

+ 

(1)  In  one  gramme-atom  of  the  cation  (Ag)  of  a  higher  chemical  potential 
passing  from  the  electrode  (Ag)  in  light  into  the  solution  of  the  salt  of  the 
electrode  in  light.  ^"^ 

••^(2)  From  the  solution  in  light  the  gramme-atom  of  the  oation  passes  to  the 
solution  in  dark,  transforming  there  into  cations  of  a  lower  chemical  potential, 
passing  a  deduction  period. 

(3)  Finally  from  the  solution  in  dark  the  gramme-at'Om  of  the  lower  chemical 
potential  separatefl  upon  the  electrode  (Ag)  in  dark. 

Let  the  solution  pressure  of  the  plate  be  in  dark  P^^,  the  osmotic 
pressure  of  the  cations  ( +  Ag)  in  the  solution  in  dark  pa*  Then,  since 
the  chemical  potential  of  a  substance  is  different  (greater)  in  light  than 
in  dark,  the  solution  pressure  of  the  same  plate  in  light  will  be  P^,  and 
the  osmotic  pressure  of  the  cations  of  the  same  concentration  in  light 
will  be  pi.  If  now  we  calculate  the  work  done  by  such  a  system,  when, 
under  the  action  of  light,  1  gramme-atom  of  Ag  passes  from  the  plate 
in  light  to  the  plate  in  dark,  we  get 

for  (1)        El  =  0-860T  log«  ?' .  10-*  volt ; 

Pi 

for  (2)         E2  =  0-860T^— ^  loft,^  .  10"*  volt  (very  nearly) ; 

u  +  v        pd 

for  (3)        Es  =  0-860T  log,  ^"^ .  10"*  volt ; 
and 

SE  =  El  +  E2  -  Es  =  0-860T  (loge  ^-^loge^^)  10"*  volt ..  (I) 

\  ^Fd    u+v        pdJ 

gives  the  value  of  the  E.M.F.  of  such  combinations  under  the  action  of 
light.     This  equation  shows : — 

(1)  The  E.M.F.  of  such  a  combination  must  be  independent  of  concentratioD, 
».«.,  JE-2E'  =0. 

This  was  found  experimentally  to  be  the  case. 

(2)  Experiments  were  made  which  showed  that  both  the  value 
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Hid  the  deeferioal  potontuU  diffBrence  between  the  iQumiiieted  and  the  aoa4lh»nl« 
iMiled  tolation  een  be  ne^^eoted,  in  oomp«iMNi  with  the  dectrieal  potentiale  of  tlie 
pbtee  and  solution.    Thne  Equation  (I)  mn  be  written 

aB»O-80OT^log,|i^lO-4Tolt (IV). 

(5)  Sinee  P/  ie  >'Bit,  SB  it  poeitiTe,  i^.,  tlie  eurrent  must  flow  from  the  plate  m 
li|^  to  the  plate  in  dark,  ae  wat  actuall j  found. 

(4)  FromtE-O-SOOTlogrs^.lO-^ToltorHSE-BTlogr-^.wegetondiftr. 
-tfating  .d  prttfag  ^  -  ^!^.  ^' -  rfi^  (whew  ,  «id  /  «.  ft. 

+ 

heat  of  traoafonnation  of  Ag  into  Ag  iooa  in  light  and  in  dark),  a  law,  aDalogo«a 
to  that  of  Oibbe  and  Helmholti  for  ordinaiy  galTanio  ceUe : 

f^E-p"+i^.T (VI>. 

(€)  Eq[aation  (YI)  allowi  ni  to  ealonlate  the  heat  of  reaction  (p")  from  the 

+ 

B.KJ.t  obterred;  p  and  p',  or  the  beat  of  transformation  of  Ag  into  Ag  catioiia 
mnst  eridently  be  different  in  light  and  in  dark. 

(6)  Bj  Equation  (IT)  we  can  calculate  both  the  ratio  of  the  two  solution 
pressures  of  the  same  electrode  in  light  and  in  dark,  from  the  E.M  J.  obserred, 
and  also  the  absolute  Talue  of  P/  if  P^/  is  known  otherwise. 

(7)  It  was  found  experimentally  that  the  E.M.F.  created  by  light,  or  the  work 
done  bj  the  system  under  the  action  of  light,  is  directly  proportional  to  the 
intensity  of  light.* 

(5)  The  phyrico-mathematical  theory  of  "  constant  cells  reversible  in 
respect  of  the  anion"  {e.g.,  Ag-6rAg  plate  in  light,  EBr  solution  in 
light,  KBr  solution  in  dark,  Ag-6rAg  plate  in  dark)  is  the  following. 

The  result  of  the  process  under  the  action  of  light  consists  of : — 


(1)  One  gramme-atom  of  the  anion  (Br)  of  a  higher  chemical  potential 
from  the  electrode  Ag-BrAg  in  light  into  the  solution  containing  a  salt  of  the 
same  acid  (BrK)  as  the  salt  (BrAg)  covering  the  metal  plate  Ag. 

(2)  The  gramme-atom  of  the  Br  ions  passes  from  the  solution  in  light  to  the 
solution  in  dark,  transforming  into  anions  of  a  lower  chemical  potential ;  and 

(3)  The  gramme-atom  of  the  Br  ions  in  the  dark  of  the  lower  chemical  potential 
separatee  from  the  solution  upon  the  electrode  in  the  dark. 

If  we  now  calculate  the  maximum  work  done  by  such  a  system,  when 

under  the  action  of  the  current  1  gramme  of  anion  (Br)  passes  from 
the  plate  in  light  to  the  plate  in  dark,  putting  P^  P^,  for  the  solution 


•  Bee  *Zeitsch.  physik.  Ohemie,'  1902,  pp.  819  and  383;   'PhU.  Mag.,'  1908, 
il.  6,  pp.  211,  224. 
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pressures  of  the  electrodes  in  respect  of  the  anion  in  light  and  in  dark 
and  pi  and  pd  for  the  osmotic  pressures  of  the  anions  in  light  and  in 
dark,  we  get 


for  (1) 


for  (2) 


El  =  0-860T  log^  I' .  10-*  volt ; 


u-v 


E2  =  0-860T!^— llog^^ .  10--*  volt  (approximately)  ; 


for  (3)        Eg  =  0-860T  log,  1^ .  10"*  volt ; 
and 

2E  =  El  +  Ea  -  Es  =  0-860T  (  ~  log,  ?i.  +  Jl.  log,|' \  lO"*  volt,    (I). 

This  is  the  general  equation.     It  follows : — 

(1)  The  E.M  J*,  must  be  independent  of  concentration ;  and  this  was  aoboally 
fonnd  by  direct  experiment. 

(2)  An  experimental  inyestigation  of  the  Talue  0'860  T  -=^  log«^  lO-^Tolt  and 

of  the  electrical  potential  difference  between  the  illuminated  and  not  illuminated 
solution  showed  in  two  different  ways  that  it  can  be  neglected,  so  that  we  can  put 

2E  =  0-860  T.  log.  ?^.  10-^  Tolt (IV). 

(3)  Equation  (IT)  shows  that,  since  P/  >  P^,  the  current  must  flow  from  the 
plate  in  the  dark  to  the  plate  in  the  light,  as  was  found  experimentally. 

(4)  The  connection  is  deduced,  from  Equation  (lY),  between  the  E.M.F.  of  a 
constant  galvanic  combination  reversible  in  respect  of  the  anion  under  the  action  of 
light  and  the  heat  of  chemical  reaction  in  the  same,  or  the  chemical  energy  created 
by  light : 

We  have 

2E  «  0  860('log,^''  +  J^\ofu^\  10-*  volt  -  0-860T log, ?^.10-*  volt, 
\    '^P/       «  +  ©        pj  P/ 

or  fift^  =  RT  log«  ^,  and  for  «,  -  1,  fo^B  »  BT  log,  ^^. 

P/  P/ 

Prom  this  equation  we  get 

Now  the  solution  pressures  must  follow  in  light  and  in  dark  a  law  similar  to 
Clausius'  law  of  evaporation,  and  -—.(log,— ^)  »  ^=^;  therefore 

RW(log.g)  =  p"^.   Slid    «..«aE-p"+!!i^^.T....     (VI), 

i.e.,  we  get  for  constant  galvanic  cells  reversible  in  reepect  of  the  anion  in  light,  a 
law  analogous  to  that  of  Gibbs  and  Helmholts  and  according  as  ^'^^^^  ii  >,  « 

or  <  p'\  the  system  will  take  up  or  not,  or  giTe  up  heat  to  the  sunroimding 
medium. 
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(5)  BqtmAm  (VT)  aDom  as  to  odenkte  Uia  hMt  of  noolioii  in  gihaolo 
nationi  crested  liy  Uf^  from  tlio  ofaeerrod  B.M J.  and  its  tempenfeim 
The  mneh  gi  eater  defleetioiie  obtained  here  indnoed  the  author  to  mako  vigovooa 
effmte  to  detennine  the  temperatan  ooeflloieiit  of  the  B.M  J.  dbeerred,  but  the 
4Dormmis  experimental  difiooltieB  entailed  preTented  him  from  getting  mora  than 
the  general  molt  that  it  ean  onlj  be  totj  email  (eiqwrimente  with  KBr  aohitiaoB 
and  LiBr  eolutione).  For  the  aame  reason  the  heat  of  reaotion  ean  be  deiennined 
4inl7  approziniatel J. 

(6)  Am  to  the  aolntion  teneion  in  light  and  in  dark,  there  are  difierenoee  bet  ween 
edOe  created  bj  h'ght  and  ordinary  galvanic  cells;  the  first  are  dependent  apon  tho 
capacity  of  absorption  of  light,  the  effect  of  preTions  illumination,  physical  cfanngee 
in  the  dark,  the  intensity  of  light,  etc. ;  all  this  makes  the  solution  teneioo  of  an 
elcetrode  in  light  9m%  gemeria,  distinct  from  the  solution  tension  of  ordinary  galvanie 
oeOs. 

(7)  The  E.K  J.  of  constant  cells  rerersible  in  respect  of  the  anion  ie  fonnd  also 
to  be  direcay  proportional  to  its  intensity  (2E  ^  e  .1  (YII)).  Since  the  light 
energy  falling  upon  the  plate  is  also  directly  proportional  to  the  intensity  of  li^t, 

tA,  li  >-  K.I,  we  hare  SB  »  _L,  ».«.,  the  S.MJ.  or  the  work  done  by  tlie  giTcn 

^^ 

^stem  forms  always  the  same  fraction  of  the  total  light  idling  upon  it,  and  this 
smst  hold  good  for  monochromatic  light  as  welL  Sinee  the  solution  preesnre  of  a 
substance  in  the  dark  is  a  constant,  it  follows  from  (VII)  that 

-logrP/-r.I  :0-8«)T.10-<-log,Prf   and    log, P/ =  K'M  +  K'"     (VIII) 

This  equation  gires  the  variation  of  t)ie  solution  pressure  P/  of  the  electrode  in 
light  in  dependence  upon  its  intensity  ;  if  P^  is  known  from  other  sourcevi  the 
absolute  value  of  P/  can  be  calculated  for  esch  intensity  of  light  from  (VIII). 

(6)  The  theory  of  thermogalyanic  cells  is  the  following.  An  analyab 
of  the  chemical  reactions  going  on  in  such  systems  (two  equnl 
plates  immersed  in  a  solution,  one  plate  being  kept  at  a  higher 
temperature  than  the  other)  shows  that,  e.g,y  Ag  plates  in  AgNQs 
solution  must  form  a  constant  cell  reversible  in  respect  of  the  cation, 
that  Ag-BrAg  plates  in  NaBr  solution  must  form  constant  cells 
reyersible  in  respect  of  the  anion,  and  Ag  plates  in  NaCl  solution  most 
give  an  inconstant  irreversible  combination,  etc. 

The  E.M.F.  of  a  thermogalyanic  combination  evidently  consists  of : 
(I)  The  potential  difference  between  one  of  the  plates  and  the  solution 
at  T^,  (2)  the  potential  difference  of  the  same  plate  and  the  same 
solution  at  T^^  and  (3)  the  potential  difference  between  two  solutions  of 
the  different  temperatures,  i.^.,  2)  E  =  £i  -  E^  +  £$. 

Now  we  have  for  the  single  electrical  potential  differences  Ej  =  p  + 

^ T,  at  T,  Eg  =  f)  +  ^  T,^  at  T,,  where  p  is  the  heat  of  ionisation  of 

+ 
one  granune-atom  of  ions  (Ag  in  the  above  mentioned  constant  cell 

reversible  in  respect  of  the  cation),  while  Es  can  be  put  =  E'  (T^  -  T^), 

t^,  the  f<»'ce  driving  the  ions  from  one  part  of  the  solution  at  one 

temperature  to  the  other  part  of  the  solution  at  another  temperature 

must  be  directly  proportional  to  the  difference  of  the  two  temperatareig 
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because  the  osmotic  pressures  are  pi  = 
^(T,-T„).    Therefore 


RT  ET       J 

—-;  Pi  =--"a,nd  pi-pi  = 

V  V 


2E  =  g+E')(T,-T„)    (I), 

i,e,,  the  E.M.F,  of  thermogtUwxnic  cells  must  be  directly  proportional  to  the 
difference  of  temperahare  of  the  two  electrodes^  a  law  which  is  analogous  to 
the  thermo-E.M.F.  produced  when  two  metals  are  in  contact,  instead 
of  a  metal  and  solution.  (The  assiunption,  however,  is  made  that  p  or 
heat  of  ionisation  can  be  taken  between  T^  and  T  ^  to  remain  constant.) 

The  laws  for  thermogalvanic  cells  can  be  deduced  in  another  way 
from  the  solution  pressures  of  the  electrodes  and  the  osmotic  pressures 
of  the  solution.  We  take  the  system  (Ag,  NOjAg  sol.)T^  (NOjjAg  sol., 
Ag)T,, 

We  have 

El  =  0-860Ti  log,  ??'  .  10-4  volt ;    Eg  =  0-860T^,  log^  ^ .  10"*  volt ; 

E8  =  E'(T,-TJ; 
and 

^ti  =  El  —  E2  +  Eg 

=  0-860  (t,  log,  ?5'  -  T„  log,  5l\  10-<  volt  +  E'  (T,  -  T„) 
^  Pr,  ptj 

(I). 

where  Pj,,  Pj,,  are  the  solution  pressxires  of  the  silver  electrodes  at  T, 
and  T^^.     Similarly  we  get  for  cells  reversible  in  respect  of  the  anion 

2E  =  0-860  (T^log.  ^  -  T,,  log.  ^  10"*  volt  +  Ei'  (T,  -  T J  . . .  (II). 

Since  pi,,  pi,,  are  directly  proportional  to  the  absolute  temperature, 
we  have  for  systems  reversible  in  respect  of  the  cation 

and 

2E  =  0-860  (T^  loge  Pt,  -  T^,  log,  Pt,)  10"*  volt 

"  +  0-860  (T,,  loge  a/xT,^  -  T,  log,  a/.T,)  10"*  volt  +  E'  (T,  -  T  J . . .     (H, 

and  for  systems  reversible  in  respect  of  the  anion, 

2E  =  0-860  (T^,  log,  Pt„  -  T,  log,  Pt,)  lO"*  volt 

+  0-860  (T,  log, a^ T,  -  T,,  log,  a/x T J 10"*  volt  +  Ei'  (T,  -  TJ. . .  (IF). 

Equation  (IF)  differs  from  the  equation  of  Nernst  by  the  term  Es 
which  I  put  =  El'  (T^  -  T^^),  but  while  Nernst  assumes  that  Ei  and  Es 
remain  unknown,  and  tries  to  eliminate  them  (i.e.  their  content),  by  the 
use  of  two  different  concentrations,  we  shall  try  to  determine  the  value 
and  content  of  these  equations  so  as  to  get  to  the  fundamental  equation 
concerning  the  thermogalvanic  system  for  any  one  concentration. 
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If  Pt,  and  Pt„  are  the  solution  pressures  of  the  electrodes,  they  most 
follow  a  law  analogous  to  Clausius'  law  for  eTai)oration  in  a  vacuum,  •.«., 

S  =    '-Y^^        *"^    '^'""'^^"^        ^""^  Ft.  =  ^  +  log.  T,  +  K 

and  log.  Pt.,  =  gj^  +  log,  T,,  ^  K. 

Putting  these  values  into  equation  I  and  IF  we  get : — 

2E  =  [0-860  (K  -  log.  afi)10-*  +  E^  (T,  -  T,,),  instead  of  (I^ ; 

SE  =  [0-860  (log.  aii.  -  K')  10"*  +  E^  (T  -  TJ,  instead  of  (JY), 

i.e.y  the  E.M.F.  of  constant  thermogalvanic  cells  reversible  in  respect 
of  either  cation  or  anion,  must  be  directly  proportional  to  the  differ- 
ences of  temperature  of  the  two  plates  in  contact  with  the  liquid. 
From  the  observations  of  Nernst  and  myself,  it  can  be  shown  that  this 
is  actually  the  case.     Hence  we  prove  that : 

(1)  The  thennogalyanic  E.M.F.  is  directly  proportional  to  the  diiferenoe  of 
temperature  of  the  two  places  of  contact  of  the  plates  with  the  liquid  (deduced  in 
two  ways). 

(2)  The  solution  pressure  of  the  electrodes  follows  a  law  similar  to  Clausius'  law 
of  eraporation. 

(3)  The  law  of  Gibbs  and  Helmholtz  giving  the  connection  between  the  E.M.F. 
of  a  galvanic  combination,  the  heat  of  reaction,  and  the  temperature  coefficient  of 
the  E.M.F.,  holds  good  for  each  of  the  two  potentials  separately,  giving  thus  the 
connection  between  the  electric  potential  differences  of  the  giren  plate  and  solution, 
the  heat  of  ionisation  of  the  given  plate,  and  the  temperature  coefficient  of  the 
value  of  this  potential  difference. 

(7)  A  very  detailed  investigation  of  the  E.M.F.  in  the  dark 
showed  that  it  is  due  to  the  formation  of  *'  gas  batteries " 
through  adhesion  of  gases  in  different  concentrations  to  the 
plates,  the  degree  of  adhesion  depending  upon  the  state  of  the 
surface  of  the  plate.  The  current  polishes  the  plates,  the  amount 
of   the    gases    adhering  to   them  becomes    thus    more  equal,    and 

according  to  the  equation  tt  =      -      -  log«^  the  E.M.F.  of  the  gas 

Tie  Jt  2 

battery  becomes  smaller.  From  these  we  must  distinguish  gas  batteries 
created  under  the  action  of  light  as  the  result  of  the  chemical  processes 
going  on  in  the  system  under  the  action  of  the  current — the  separation 
of  gas  upon  one  electrode  only,  or  of  different  gases  on  the  two 
electrodes. 
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**  Experiments  on  the  Nature  of  the  Opsonic  Action  of  the  Blood 
Serum."  By  William  Bulloch,  M.D.,  and  E.  E.  Atkin,  B.A., 
Bacteriological  Laboratory,  London  Hospital,  K  Communi- 
cated by  Leonard  Hill,  M.B.,  F.R.S.  Eeceived  January  10, 
—Read  January  19,  1905. 

In  a  series  of  simple  and  conyincing  experiments  Wright  and 
Douglas'"'  have  shown  that  in  phagocytosis  so  called,  an  important  if  not 
a  cardinal  rdle  is  played  by  the  body  humors,  whereby  they  act  upon  the 
bacteria,  thus  rendering  the  latter  an  easy  prey  for  the  polynuclear 
leucoc3rtes.  The  demonstration  of  this  opsonic  action  of  the  serum  or 
plasma  was  mainly  brought  about  by  testing  separately  and  combined 
the  body  humors  and  the  corpuscles  which  had  been  washed  in  salt 
solution.  Contrary  to  general  opinion,  Wright  acid  Douglas  found  that 
the  leucocytes  were  capable  of  engulfing  microbes  only  when  the  latter 
had  been  attacked  by  the  serum  or  plasma.  This  attack  on  the  microbe 
does  not  lead  to  the  death  of  the  latter,  as  sera  may  manifest  a  marked 
opsonic  effect  without  being  in  the  slightest  degree  bactericidal. 
Wright  and  Douglas  found  that  the  opsonic  substance  was  more  or  less 
thermolabile,  being  destroyed  in  10  to  15  minutes  at  a  temperature  of 
60  to  65  **  C.  In  subsequent  papers  these  authors  have  demonstrated 
that  there  is  a  definite  type  of  immunity  in  which  the  blood  fluids 
co-operate  with  the  leucocytes  to  destroy  the  invading  micro-organisms, 
this  being  different  from  the  antitoxic  and  bactericidal  types  of  immunity 
which  have  already  been  studied  with  completeness. 

Technique. — The  technique  we  have  employed  is  that  described  by 
Wright,  and  for  the  most  part  the  experiments  were  made  with  living 
cultures  of  Staphylococcus  alhus  not  more  than  24  hours  old.  For  accurate 
and  uniform  results  it  is  essential  that  the  emulsions  of  the  cultures 
should  be  homogeneous,  the  bacteria  being  uniformly  distributed  and 
separated  from  each  other.  This  is  best  obtained  by  shaking,  and  the 
subsequent  application  of  the  centrifuge.  From  their  tendency  to 
group  themselves  into  masses,  certain  strains  of  staphylococci  are 
unsuitable  for  determining  the  opsonic  power  of  the  serum.  Where 
different  bacterial  emulsions  are  compared  with  each  other  it  is  essential 
that  they  should  contain  the  same  number  of  bacteria,  a  result  best 
obtained  by  counting  and  diluting  as  required,  t  The  leucocytes  were 
obtained  from  the  citrated  blood  of  the  authors  and  other  human  beings 
or  from  rabbits.  The  sera  used  were  either  of  human  or  animal  origin 
and  were  for  the  most  part  from  normal  individuals. 

In  all  cases  the  proportion  of  serum,  bacteria,  and  corpuscles  was 
3:1:3. 

•  *  Eoy.  Soc.  Proc.,*  toU.  72  «nd  78. 
t  See  Wright,  *  Luioet,'  July  4, 1902. 
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^§Bd  of  fliwrf  iifom  S&nm  otmiaimng  Opdtmm. — SenimceawMtoaiMftan 
opioiiio  ^eot  upon  bacteria  after  it  has  been  heated  in  the  water  baA 
at  W  to  65*  for  10  to  15'.  In  moet  oases  the  opsonic  etfeet  is  totaUy 
aboliahed  at  this  temperature,  in  a  few  cases,  however,  some  siU^ 
eflbct  can  be  witnessed,  bat  this  is  mainly,  if  not  entirely,  doe  to 
of  seram  left  attached  to  the  leucocytes  where  these  hare 
incompletely  washed  in  normal  salt  solution. 

Bxpmimmit, — ^Normal  rabbit's  serum  (three  parts),  mixed  with  staphylo- 
OOO0IIS  emulsion  (one  part),  and  washed  human  Uood  oorpoades 
(three  parts).  A  portion  of  this  was  tested,  the  serum  being  nnheated. 
Other  portions  were  heated  to  60*  C.  for  raiying  periods.  In  each 
case  a  phagocytic  count  was  made  by  numbering  the  cood  in  fitly 
leucocytes  and  then  striking  the  average  per  leucocyte. 

Cooei  per 
leucocyte. 
1  (Control).  Nonnii  serum  4-  ooeoi  -¥  corpuscles  «  14 

t.  Serum  heetod  to  00°  C.  f  or  8*  -i-    „    -i-        „        »   0 
a.  „  „  C+M+w^O 

4.        „  M        y*  „  +      „      -  0 

6.  „  „  12'+     „    +         „         -    0 

6.  „  „  16'+     „    +         „         =0 

The  opsonin  can,  however,  be  destroyed  at  even  lower  temperatures 
if  the  heat  is  prolonged. 

Es^mimemt, — ^Here  the  conditions  of  the  Experiment  were  the  same, 
with  the  exception  that  the  serum  was  heated  to  55*  and  50*  respec- 
tively instead  of  at  60*  C. 

Cocci  per 
leucoqyta. 

(1)  1  (Control),  nnheated  serum  +  oooci  +  leucocytes  »  10  "9 
2.  Serum  heated  to  66*"  C.  for  80'+  „  +  „  »  0  '8 
8.  „  H  60'+    „     +         „         a*    0 

(2)  1.  (Control).    Unheated  serum     +  cocci  +  corpuscles  «  18 

2.  Serum  heated  to  60^  C.  for  10'+    „    +  „  -    8*4 

8.  „  „  16'+    „    +  „  -    2-4 

4.  „  „  20'+,,+  ,,  =2 

6.  „  „  26'+    „     +  „  —    1 

6.  „  „  30'+     „    +  „  =1 

Effect  of  Cold  upon  Opsonin, — Cold  exerts  little  effect  upon  the  opeonic 
power  of  the  serum ;  even  when  immersed  in  ice  water  for  24  hours 
the  opsonic  value  sinks  about  one-third.  At  ordinary  temperatures 
the  opsonin  is  remarkably  stable,  showing  practically  no  diminution 
for  24  hours. 

Effects  of  Exposure  to  Light. — In  ordinary  difiused  daylight  the  opeonic 
power  of  the  serum  remains  unaltered  for  many  hours,  but  whsn 
exposed  to  bright  sunlight  for  3  hours  a  serum  was  seen  to  become  less 
opsonic  in  the  proportion  of  10  :  7. 

Are  the  opsonins,  or  are  the  leucocytes,  the  variable  factors 
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the  phagocytic  power  of  different  hloods  is  compared )  For  many 
years  Metchnikoff  has  taught  that  the  leucocyte  is  the  dominant  factor 
in  phagocytosis.  He  has  also  emphasised  the  training  of  the  leucocyte 
as  the  essential  thing  in  immunity.  The  experiments  we  have  made 
confirm  the  results  already  obtained  by  Wright  and  point  to  the 
conclusion  that  the  leucocyte  is  indifferent,  the  variable  in  a  series 
of  bloods  being  the  serunL  In  a  first  series  of  experiments  the  leucocytes 
derived  from  seven  different  persons  were  tested  with  respect  to  their 
phagocytic  power,  one  and  the  same  staphylococcic  emulsion  and  one 
and  the  same  serum  (rabbit's)  being  used  in  each  case. 

In  a  second  series  the  sera  of  the  seven  individuals  whose  corpuscles 
had  been  used  in  the  above  experiment  were  tested  in  respect  of  their 
opsonic  power,  one  and  the  same  suspension  of  cocci,  and  one  and  the 
same  variety  of  leucocytes  (derived  from  one  of  ourselves,  W.  B.)  being 
employed  throughout. 

Experiment  L — Rabbit's  serum  mixed  with  emulsion  of  staphylococci 
and  human  leucocytes  (from  seven  persons)  in  the  proportion  of  3  : 1 :  3. 
Phagocytic  count  obtained  by  counting  the  number  of  cocci  in  thirty- 
five  polynuclear  leucocytes  and  then  calculating  the  number  per 
leucocyte. 


Cooci  p«r 

leucocyte. 

1. 

Babbit's  senim  •¥  cocci  +  corposdefl 

(of  W.  B.,  a 

normal 

male)  »  9  '8 

2. 

+     »» 

(of  F.  T., 

» 

)  -  9-8 

3. 

+     .»    + 

(of  0.  G., 

»> 

)  =9-7 

4. 

+     i»    + 

(of  K.  D., 

>» 

)  -  9-6 

5. 

+     f»    + 

(of  C.  H., 

11 

)«9 

6. 

+          M        + 

(of    H.    M., 

an    aniemic  »  9*9 

7. 


>» 


» 


female) 
(of  8.  M.,  male,  facial  acne)  «  9 


Experiment  IL — Various  human  sera  +  cocci  +  one  kind  of  leucocytes 

from  a  normal  male  individual. 

Cocci  per 
leucocyte. 

1.  Serum  of  W.  B.  +  cocci  +  corpuscles  of  W.  6.  »  21  '8 

»  20-3 
•  21  1 
»  20 
-  19-8 
«  16-5 
»  14 


2. 

F.  T.  + 

»» 

+ 

3. 

0.  G.+ 

» 

+ 

4. 

R.  D.+ 

)f 

+ 

5. 

C.  H.+ 

»f 

+ 

6. 

H.M.+ 

» 

+ 

7. 

S.  M.+ 

91 

+ 

I) 


» 


)) 


♦> 


yy 


»t 


>i 


*) 


>» 


>i 


)» 


»» 


The  possible  objection  that  the  human  leucocytes  would  be  injured 
in  contact  with  rabbit's  serum  is  disposed  of  by  an  experiment  in 
which  the  phagocytic  power  of  one  serum,  either  human  or  rabbit's, 
was  determined  with  both  human  and  rabbit's  leucocytes.  Even  in  this 
case  the  leucocyte  is  largely  an  indifferent  factor. 
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1.  Babbift 

a.  Hunuui 

4. 


M 


Ooo0t  psr 

•i-tbiphjloooooi-l'imbbitfs  Uneoejtm  •-10*8 
•f  „  -fhimiaii         „  -•  la 

•I-  n  -f  imbbift        „  •  19*5 

•I-  ••  "i-liiiiiiAii  —  17*6 


>» 


II 


The  preponderating  effect  exerted  by  the  aerom  as  di«tingniahed 
from  the  polynudear  leucocytes  is  again  brought  out  strikinj^y  in  the 
following  experiment.  In  this  case  the  serum  mixed  with  corposolea  of 
a  normal  indiyidual  (W.  R)  is  compared  with  the  sera  and  the  corpoacles 
of  three  advanced  cases  of  facial  lupus,  the  first  of  these  cases  (No.  3 
and  Na  5)  being  a  wretchedly  under-nourished  girl  of  ten  with  Teiy 
ecKtensiye  facial  lupus  and  large  ulcerated  tubercular  sores  on  the  hands. 
The  test  material  in  this  experiment  was  an  emulsion  of  tubercle 
bacilli,  and  the  number  of  T.  B.  in  100  leucocytes  was  counted,  and  the 
ayerage  struck  as  usual 

T.  B«  psr 
I6iieo0jftau 

1.  SenuD  of  normal  indiridml  -f  T.  B.  emulflion  -f  lancooytes  of  nonnal  «  6'7 

indiTidaal 

2.  „  ,,  4  „  +  leuoooytes  of  a  Inpos » 5-4 

patient 

o.         tt  II         +  »i  +       tt  i»        =*  a*2 


5.  Serum  of  a  lupus  patient      + 


6. 
7. 


•I 
II 


II 
ti 


+ 
+ 


II 

If 

>t 

II 


•f  leucocytes  of  a  nor- 
mal indiyidual 


+ 


II 

»i 


II 
i» 


2-5 

2-4 
8-2 


Expressing  these  relations  as  the  opsonic  index,  we  have — 


No.  I 
2 
3 
4 
5 
6 
7 


10 

0-94 

0-90 

0-93 

0-43 

0-43 

0*56 


II 


normal  serum  +  nonnal  leucocytes ). 

+  leucocytes  from  lupus  patient). 

+ 

+ 
lupus  serum  +  nonnal  leucocytes). 

+  "  ) 

+  i>  ) 


11 


I) 


II 


11 


II 


11 


11 


11 


On  the  Constitution  of  the  Opsonic  Body  in  the  Serum, — The  bacterial 
bodies  already  known  to  exist  in  the  serum  are  referable  to  one  of  three 
classes,  viz.,  antitoxins,  agglutinins,  lysins.  The  last  of  these  are  the 
most  complex,  as  the  lytic  action  occurs  only  after  the  coalition  of  two 
distinct  elements,  the  complement  which  for  the  most  part  is  thenno- 
labOe,  and  the  immune  body,  which  is  thermostable.  The  ag^^utiniDS 
are  of  simpler  constitution,  although  here  special  conditions  of  the 
agglutinating  substance  (the  serum)  and  the  agglutinable  sabstaiiee 
(the  bacteria)  must  exist  before  agglutination  is  manifest.  Tempetmtons 
above  70*  C.  applied  either  to  the  serum  or  to  the  bacteria  soffioe  to 
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inhibit  the  agglutination,  although  the  agglutinin  is  apparently  not 
entirely  destroyed.  In  comparison  with  the  lysins  and  agglutinins  the 
antitoxins  are  believed  to  be  relatively  simple  bodies.  We  have  asked 
ourselves  the  question  to  which,  if  any,  of  these  classes  do  the  opsonins 
belong,  and  we  have  followed  the  usual  methods  of  experimentation 
which  have  been  utiliBed  to  determine  the  constitution  of  such  anti- 
bodies. These  experiments  chiefly  consist  in  determining  the  tempera- 
ture at  which  the  specific  action  is  abolished,  the  temperatures  at  which 
the  antibody  enters  into  combination  with  the  bacteria,  and  whether  the 
action  of  heat  is  one  of  destruction  or  merely  a  conversion  into  some 
modification  in  which  the  specific  action  is  no  longer  manifest. 

Can  the  opsonin  act  on  bacteria  which  have  been  subjected  to  high 
temperatures ) 

Experiment  1. 

Technique, — Emulsions  of  cultures  of  staphylococcus  were    placed 

in  sealed  glass  tubes  and  subjected  to  temperatures  of  100  to  134*  C. 

for  var3dng  periods,  the  opsonic  action  of  serum  on  such  heated  cultures 

being  compared  with  that  upon  unheated  emulsions. 

Remits, — 

Good  per 
leuoocTte. 

1.  Normal  human  serum -I- unheated  oocoi  •!- leucocytes  «*  80 

2.  „                „          +  cocci  heated  to  \(Xf  C.  for  SO'  -i-  .,,  » 20 

3.  „                „          +         „            „   100°  0.  for  60'+  „  =20 

4.  „                „          +         „            „    US'*  C.  for  SO' +  „  =15 

+         ..            ,.   120°  C.  for  30'+  „  «15 


»»  »» 


Experiment  2. 

Cocci  per 
leucocyte. 

1.  Human  serum  +  unheated  oocci  +  corpuscles  =  27 

2.  „  +  cocci  heated  to  100^  0.  for    k  Hr.   +         „  -  17 

3.  ,,  +  »>  ♦»  1     I,      +  ,,  "  15 

4.  „  +         ,.  „  li  hrs.  +         „         =»  12-9 

5.  ,,  -h         „  „  2^   ji    +         »)  "  13 

6.  ,  +         M  184°  C.  for  U    »     f         „  -12-6 

« 

From  these  experiments  it  is  apparent  that  there  is  a  certain  falling- 
off  of  the  opsonic  action  when  the  cultures  are  kept  at  high  tempera- 
tures for  long  periods,  but  even  at  134**  C.  for  1^  hours  the  diminution 
in  phagocytic  power  is  about  50  per  cent.  It  is  possible,  too,  that  the 
readings  are  really  higher,  as  it  is  often  very  difficult  to  count  the 
bacteria  which  have  been  subjected  to  such  high  temperatures  on  account 
of  defective  penetration  of  the  stains  employed. 

Effect  of  beating  to  60"*  C.  a  mixture  of  serum  and  cocci  which  have 
already  been  digested  at  37**  C.  for  15'. 


^Vx 
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Wb  klh^  AfareMj  iMh  tllM  i^  tettlMmiUire  of  M*  G.  appiM  to  ttl 
MMiJiii  AuBttil  M  fttrank  fts  oJj^ilDhfc  cflnNBtw  Wn^^  Aildi  Do^lplli 
(BAW^mI,  HMeV^r,  AUt  if  tte  flUAhini  #6M  8nt  bhMlght  fiito  coMiM  thA 
MMlMte  lO;  $7*  G.  f<^  15',  imd  the  mittort  #enB  thMi  lleatMl  to  iT  a 
9&t  IV,  tbb  co6ci  Wefft  {felted  o)^  by  leuODcyM  #itli6ut  diOeuIlgf.  ik 
#M  tt)MMi  tlite  tbiiptoUMnt  ttat  tky  baaed  MAr  eonclwdob  IhM  ttb 
Dpitiii  tMHf  aetB  a]pbli  the  btteteria  tt&d  d<M  tIM  m^rdj  slifaiubM  tfeb 
IMHidbytd.  We  bkire  tMci|{kit  it  U&pDitlUft  to  dMennibe  wlMlhet*  jlto- 
toA^IISB  hMtfaig  ^t  60*  C.  of  d^feomBed  oMci  cAn  destroy  Hib  <^Mriifc 
pM^t  Kb  ttat  thM  cocci  cactmot  be  (tebd  tip  sUbeeijaeBtly  by  tmob- 
cytes. 

Tedimiique. — Normal  serum  (three  parte)  mixed  with  ttaphylococciu 
emalnon  (one  part) ;  mixture  kept  in  water  bath  at  37*  C.  for  15'. 
This  mixture,  which  is  spoken  of  below  as  "  opsonised  cocci,"  was  then 
disMfibuted  into  a  series  erf  gfaiss  pipMtes  which  were  ^aced  in  the 
i^aUr  bath  at  60*  0.  for  periods  <rf  15'  up  to  5  hours.  On 
tmioVal  from  thb  water  bath,  four  volumes  of  the  "  opsonised  oooei  * 
were  mixed  with  three  vohimes  of  corpuscles  at  37*  G.  for  15',  and  the 
phagocytic  count  made  as  usual.  For  comparison  the  phagocytic  ocmnt 
tH  unheated  serum  +  cocci,  and  of  serum  heated  to  60**  C.  before 
with  cocci,  is  added. 


Gooei  per 
IsoecMsjte. 


lUsuUs, — 


1.  UnlieAtad  serum  (8  toIb.)         +  coooi  (1  toI.)  ^  covpuBoles  (8  toIb.) 

2.  Serom  heated  to  60^  0.  for  16'  -K    „  „      +         „  „ 
8.  **  Opflonised  oocci  "  at  60^  C.  for  15'  (4  toIs.)  + 

»f 
»» 
i» 
>» 
If 
»» 
*t 
»» 


4. 

5. 

6. 

7. 

8. 

9. 

10. 

11. 

8^        „ 

+ 

46'        „ 

+ 

W        „ 

+ 

li  hrs.  „ 

+ 

2      It    »i 

+ 

8i  ,.  » 

+ 

8      If   It 

+ 

^      >f    » 

+ 

0-1 
28 


84-6 
28 

28*6 

22 

24 


The  experiment  shows  that  some  change  is  produced  in  the  bacteria 
during  the  15'  exposure  at  37*  C.  and  the  change  is  such  that  sub- 
sequent heating  to  60*  for  even  5  hours  is  inoperative,  this  being  vaiy 
different  to  the  effect  of  a  preliminary  heating  of  serum  at  60*  G. 
before  admixture  with  bacterial  emulsion. 


Experiments  on  the  rate  of  disappearance  of  opsonin  from 
when  the  latter  is  brought  into  contact  with  cocci  at  37*  C.  and 
atO*G. 
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ExpermewU 

techmgue, — Normal  serum  mixed  with  an  equal  volume  of  staphylo- 
coccus emulsion  and  then  filled  into  a  series  of  ci^ules.  l^e  ea^pcniles 
were  sealed  and  placed  in  the  water  bath  at  87**  C.  or  in  a  mixture  of 
ice  and  salt.  After  varying  periods  the  capsules  were  remot'M  and 
carefully  centrifugalised  for  1  hour,  the  clear  supernatant  ffuid  froln 
each  capsule  being  tested  upon  a  fresh  suspension  of  staphylococcus  to 
see  whether  the  opsonin  had  disappeared  As  a  contnd  the  opsonic 
power  of  normal  serum  in  proper  dilution  is  also  added,  likewise  the 
opsonic  power  of  serum  which  has  been  heated  to  60°  C.  for  15'. 

EesuUs, — 

Cocci  per 

leuooojte. 

1.  (Control).  Normal  seram  (8  parts)  +  ooOoi  (1  part)  -i-  oorpuades  (B  pairta)  »  tt  *7 

2.  (Control).  Heated     „  m       +     »         t,       +         »  >.         "    0  '1 

8.  Supernatant  fluid  from  capsule 

at  arc  for    6'+  „  „  +  »,  ,,  -  0 

4.  Ditto  ditto  ditto           lO'-i-  „  „  +  „  ,<  =  0 

5.  Ditto  ditto  ditto           15' -i-  „  ,*  +  ti  .t  »  0 

6.  Ditto  ditto  ditto  80'+  „  „  +  j,  „  -  0 
^.  Ditto  ditto  ditto  46'+  „  „  +  „  „  -  0 
d.  Ditto  ditto  atCfC.  fbrl(y+  „  „  +  ^  „  =  0 

9.  Ditto  ditto  „          20'+  .,  „  +  „  „  **  ^ 

10.  Ditto        ditto  „         80'+     „  ,       +         m  •>         -    0 

11.  Ditto        ditto  „         45'+     „         „       +         „  „         -    0 

The  result  is  unequivocal ;  the  opsonin  had  cottij^ettdly  disieq^peimd 
from  the  serum  within  10'  both  at  37°  C.  and  at  0"  C. 

E^cpermerUs  to  IMkrmine  the  Natwre  of  the  Opsonic  Body,  and  its  JUMe 
of  Action. — We  have  seen  above,  that  when  heated  to  60°  0.,  Mrum 
ceases  to  exert  an  opsonic  effect.  We  have  also  seen  that  opsonin 
disappears  from  the  serum  when  the  latter  is  digested  with  bacteria  at 
37°  C,  or  at  0°  C.  Is  this  disappearance  due  to  destruction,  or  does 
the  opsonin  pass  into  some  modification,  in  which  an  opsonic  effect  is 
not  visible )    Is  the  opsonin  a  simple,  or  a  complex  structure  1 

Experimeni. 

Technique, — (1)  Normal  serum  was  digested  with  an  equal  quantity 
of  emulsion  of  cocci  at  3V°  C.  for  16'.  Aftfer  digestion,  mixt«!^  was 
centrifugalised  for  f  houir.  In  this  way  a  cleat  sUftematant  fltrfd  (A) 
was  separated  from  a  deposit  erf  cocci  (A'). 

(2)  Normal  serum  was  digested  with  an  eqixal  quantity  of  emuMon 
of  cocci  at  0°  C.  foir  15',  cetttrifugalised  as  above,  and  s©|)arated  ittttt  a 
supernatant  fluid  (B)  and  a  deposit  (K). 

As  the  serum  was  mixed  with  equal  quantity  of  cocci,  the  cbn^tds 
made  with  normal  serum  and  "  normal "  cocci  are  giv^n  in  tirtfr  b^ro- 
priate  dilutions,  which  were  made  With  0*85  p6r  certt.  saMnte.  The  ttJfto 
"  normal "  is  applied  to  cocci  which  hav6  not  beeti  trfrtiftedixv^BJj  "^ir^ . 
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This  experiment  again  shows  the  disappearance  of  the  op20iiiii  iron 
tiie  serum  at  37**  and  0"*  C.  It  also  shows  (Nos.  8  and  9)  tbiit  the 
4>p0onin  has  passed  into  the  coed  (A'  and  R). 

Experiment  2. 

In  this  experiment  an  attempt  was  made  to  determine  wbether 
4it  0*  C.  a  complement-like  body  could  be  separated  ont»  which,  with 
heated  serum,  would  exert  an  opsonic  effect. 

Tedmque, — 1.  Normal  serum  mixed  with  emulsion  of  cocci,  in  equal 
parts,  at  0"*  C.  for  15'.  The  mixture  was  then  centrifugalised,  and 
separated  into  a  supernatant  fluid  (A)  and  a  deposit  (A'). 

2.  Serum  heaied  to  60°  C.  for  15',  mixed  with  cocci  (aa),  and  placed 
at  0**  C.  for  15'.  It  was  then  centrifugalised,  and  separated  into  a 
supernatant  fluid  (B),  and  a  deposit  (&),  Controls  were  supplied  by 
normal  serum  (in  appropriate  dilutions),  digested  with  *'  normal "  cooei 
and  corpuscles  at  d?**  C,  and  heated  serum  under  the  same  conditioiis. 

Beeatts.— 

Ooooip«r 

lOQjOOOjte. 

1  (Ocmtrol).  Normal  Mrom  (S.fold  dilution)  ■¥  "  normal"  cocci -f  oorpuaolaa  »  25 


«        „                     „            (4-fold        „      )  + 

)t 

+ 

f» 

-  18 

2        „          Senim  heated  to  60^  C.  for  15'  + 

fi 

+ 

»» 

-    2 

4.  Fluid  A -1- heated  lerum  (aa)                      -i- 

ft 

+ 

If 

-    2 

€.  Fluid  A                                                      -¥ 

tf 
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ff 

*    2 
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cooei 

A' 
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f» 

-22 

7. 

cocci 

B' 

ft 

-    4 

Remarks. — ^This  experiment  shows  that  the  opsonin  is  very  different 
in  type  from  a  lysin,  as  apparently  no  complement-like  body  remains 
in  the  supernatant  fluid  after  the  serum  has  been  digested  at  0*  C. 
The  low  reading  in  the  case  of  the  deposit  B'  would  also  lead  to  the 
supposition  that  the  action  of  heat  at  60**  has  been  to  destroy  die 
opsonin  altogether.  This  supposition  is  confirmed  by  the  following 
experiment. 

If  heated  serum'  is  unable  to  exert  an  opsonic  action  on  staphyloooociy 
are  the  latter,  when  digested  with  heated  serum,  capable  of  being 
opsonised  by  unheated  serum  1 
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Experimeni, 

Technique. — Normal  serum  was  heated  to  60"*  C.  for  15',  then  mixed 
with  an  equal  quantity  of  staphylococcus  emulsion,  and  digested  at 
37"  C.  for  15',  the  deposit  of  cocci  (A)  being  then  removed  by  the 
centrifuge. 

The  deposit  (A)  was  then  divided  into  two  parts,  one  being  reserved 
for  the  opsonic  test,  the  other  being  mixed  with  normai  serum.  The 
mixture  was  digested  for  30' ;  the  centrifuge  was  then  applied,  so  aa 
to  separate  a  supernatant  fluid  (B)  from  a  deposit  of  cocci  (B'). 

Results, — 

Cooci  per 
leuoooyte* 

1  (Control).  Normal  serum  -I-Doniiiil  cooci -i- oorpuscles  «  18'6 

2.  ,,  „  (2-fold  dilation)  +  ,,  -t-         »  - 16 

3.  ,,  Heatod  serum  -¥  ,,  •¥         „  »    0  *5 

4.  Normal  serum  +  cocci  A  •¥         ,,  =  16  *5 

5.  Fluid  B  +  normal  cocci  -l-         „  »    0  *4 

6.  cocci  B'         +         „  —  16 

This  experiment  bears  out  the  suggestion  above,  that  heat  destroys 
the  opsonin.  The  cocci  (A)  having  been  quite  uninfluenced  by  the 
heated  serum,  were  capable  of  being  opsonised  by  normal  serum,  and 
they  were  further,  as  shown  in  No  5,  capable  of  abstracting  all  the 
opsonin  out  of  normal  serum.  After  being  acted  on  by  the  normal 
serum,  the  mere  addition  of  corpuscles  demonstrated  that  they  had 
been  acted  upon  by  the  opsonin  (No.  6). 

BestUts. — 

1.  Opsonin  is  present  in  the  normal  serum. 

2.  Opsonin  is  thermolabile. 

3.  It  rapidly  disappears  from  the  serum  when  the  latter  is  mixed 
with  bacteria  at  37"  C.  or  at  0'  C. 

4.  After  the  opsonin  has  united  with  the  bacteria  the  mixture  of 
serum  and  cocci  can  be  heated  to  60**  C.  for  long  periods  without 
abolition  of  the  opsonic  effect. 

5.  The  leucocyte  is  practically  an  indifferent  factor  when  the 
phagocytic  power  of  different  bloods  is  compared. 

6.  The  capacity  of  bacterial  emulsions  for  extracting  opsonin  from 
the  serum  is  only  slightly  diminished  by  subjecting  these  emulsions 
to  very  high  temperatures  over  prolonged  periods. 

7.  The  action  of  heat  is  to  destroy  the  opsonin,  and  not  merely  to 
convert  it  into  a  non-opsonisable  modification. 

8.  The  opsonin  is  not  identical  with  any  of  the  anti-bodies  hitherta 
discovered  in  the  senmi. 

9.  The  opsonin  is  of  relatively  simple  constitution ;  where  these 
experiments  cover  the  same  ground  as  those  of  Wright  and  Douglas,, 
the  observations  of  these  authors  are  confirmed. 
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*"  Note  on  the  Effects  produced  on  Bats  by  the  Trypanceoinate  of 
Gambia  Fever  and  Sleeping  Sicknesa."  By  H.  G.  PLmxB, 
F.L.S.  Communicated  by  Dr.  C.  J.  Marun,  F.RS.  Beoeimd 
December  1, 1904,— Bead  January  19, 1906. 

(Fram  the  LftbontoriM  of  the  liiter  Inaiitate  of  Prefentife  MadifliBft.) 

The  following  observatioas  are  of  interest  in  connection  with  tlie 
view  that  Gambia  Fever  may  be  the  early  stage  of  the  disease  wUflh 
ends  as  Sleeping  Sickness,  which  is  held  by  some :  and  with  tlie 
question  of  the  causal  relationship  of  the  Trypanosoma  found  in 
Sleeping  Sickness  to  the  disease. 

The  Trypanosomata  used  in  the  experiments  mentioned  below 
were  given  to  me  by  Col.  Bruce,  F.RS. ;  that  of  Gambia  Fever 
having  been  taken  from  a  monkey  inoculated  in  Africa  from  a 
native  boy  suffering  from  Gambia  Fever,  and  that  of  Sleeping 
Sickness  from  a  monkey  inoculated  in  Africa  from  a  case  of  tUs 
disease. 

Gambia  Fever, 

Fourteen  rats  were  inoculated  with  the  Trjjrpanosoma  of  Ghunbia 
Fever  at  intervals  between  December  11,  1903,  when  I  received  the 
first  rat  from  Col.  Bruce,  and  August  24,  1904,  all  of  which  are 
dead.  In  each  case  the  Trypanosomata  were  present  in  the  blood, 
the  first  appearance  of  them  there  being  about  four  weeks  after  inocu- 
lation :  and  towards  the  end  of  the  disease  they  were  present  in  large 
numbers.  The  average  time  between  inoculation  and  death  was 
two  months  and  twelve  days.  In  each  case  the  spleen  was  enormously 
enlarged ;  there  was  considerable  hyperplasia  of  the  f  ollidesi  and  the 
pulp  was  congested  in  varjdng  degrees.  There  was  also  marked 
hyperplasia  of  the  lymphatic  glands,  especially  of  those  of  the 
mesenteric  and  mediastinal  areas.  There  was  congestion  of  the 
liver,  with  cloudy  swelling  of  its  epithelium,  and  the  same  condition 
in  a  lesser  degree  was  found  in  the  kidney.  In  no  case  was  there 
any  paralysis,  or  any  nervous  symptoms,  except  that  just  before  death 
the  animals  became  heavy  and  apathetic.  Pod  mortem  the  capJllarisB 
of  the  brain  contained  large  numbers  of  the  organisms. 

tSleqnng  Sickness, 

Three  rats  were  inoculated  on  December  1,  1903,  from  a  monhey 
which  had  been  brought  home  by  Col.  Bruce  from  Africa  after  inodh 
lati<Hi  with  cerebro-spinal  fluid  from  a  case  of  Sleeping  Sickneaa.  At 
no  time  were  any  Trypanosomata  found  in  the  blood  of  these  rtlSi 
even  after  it  had  been  centrifugalised  post  mortem.    One  rat 
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paralysed  in  both  hind  legs  on  May  12,  1904,  and  died  on  May  23  ; 
the  second  became  paralysed  similarly  on  August  2,  and  died  on 
August  30  ;  and  the  third  became  paralysed  on  August  28,  and  died 
on  September  8.  On  post  mortem  examination  no  naked-eye  lesions  of 
any  organ  were  foimd,  and  the  spleens  were  not  enlarged.  The  blood 
was  citrated  and  centrifugalised,  and  the  organs  were  mashed  and 
washed  with  normal  salt  solution  and  centrifugalised,  but  in  no  case 
were  any  Trypanosomata  found.  Portions  of  the  extracts  of  liver, 
spleen,  and  spinal  cord  were  injected  into  other  rats,  but  up  to  the 
present  these  show  no  sign  of  illness.  In  the  mashed  spinal  cord  of 
each  of  these  rats  the  characteristic  Trypahosomatisi  were  found  in 
small  numbers,  but  none  were  found  in  the  brains  which  were  examined 
in  the  same  way.  The  three  rats  were  of  the  same  kind,  black  and 
white  ;  and  the  youngest  of  the  three  died  first  and  the  eldest  last. 


(1)  These  experiments  go  to  show  that  the  two  diseases — Gambia 
Fever  and  Sleeping  Sickness — from  which  the  organisms  were  obtained, 
are  distinct;  the  duration  of  the  diseases,  the  symptoms,  and  the 
post  mortem  appearances  being  quite  different. 

It  is  evident  that  these  two  organisms  are  quite  separate  and  distinct, 
as  their  different  effects  on  similar  animals  indicates ;  moreover,  they 
are  also  morphologically  distinct  when  grown  in  similar  animals,  that 
of  Gambia  Fever  being  longer,  generally  larger,  and  more  easily 
stainable  than  the  stiunpy,  large-vacuoled,  badly  staining  Trj^panosoma 
of  Sleeping  Sickness. 

The  fact  of  the  clinical  observation  that  Gambia  Fever  not  infre- 
quently appears  to  terminate  with  all  the  symptoms  of  Sleeping 
Sickness  may  quite  possibly  be  explained  by  a  double  infection.  For, 
in  both  rats  and  monkeys  the  one  Trypanosoma  does  not  interfere 
with  the  other,  but  the  more  active  organism — that  of  Gambia  Fever  in 
the  cases  of  rats  and  monkeys — kills  in  about  the  same  time,  whether 
inoculated  before,  with,  or  after  that  of  Sleeping  Sickness. 

(2)  There  can  be  no  question,  from  the  above  experiments,  of  the 
susceptibility  of  the  rat  to  the  Trypanosoma  of  Sleeping  Sickness. 

(3)  These  experiments  show  that  the  inoculation  of  the  Trypano- 
soma of  Sleeping  Sickness  into  rats  gives  rise  to  no  obvious  symptoms 
for  many  months,  nor  are  Trypanosomata  discoverable  in  the  blood  by 
microscopic  examination.  But,  after  a  period  of  from  six  to  nine  months 
paraplegia  occurs,  leading  to  the  death  of  the  animal ;  and  post  mortem 
the  organisms  are  found  only  in  the  spinal  cord.  The  organisms  are 
thus  in  rats,  as  sometimes  in  man,  enlii*ely  confined  to  the  nervous  system; 
whereas  in  monkeys  they  are,  in  my  experience,  always  generalised  at 
some  period  of  the  disease. 
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Addmdms  Jmmanf  19, 1905.— The  three  rata  inocaleted  on  Anguil 
80,  1904,  with  eztreot  of  spiiuJ  oord  have  become  puiidegic :  one  on 
December  14, 1904,  one  on  January  2,  1905,  and  the  third  on  Jaimaiy 
11, 1905.  No  Trypanosomata  haye  been  seen  in  the  Uood  of  theee 
animalg,  and,  ^>art  from  paralynB  of  the  hind  limbs,  they  show  no 
dgns  of  ill  health. 

The  spinal  cord  shows  amceboid  forms  <rf  the  Trypanosomata  in  its 
tissue,  and  a  considerable  cellular  exudation  around  the  yessels;  this 
lesion  Dr.  Mott  found  to  be  characteristic  of  cases  of  human  Sleeping 
Sickness,  and  it  is  not  found  in  monkeys,  which  have  been  the  *»"w**U 
principally  used  in  experimental  work  on  this  disease. 


*  Further  Histological  Studies  on  the  Localisation  of  Cerebral 
Function. — ^The  Brains  of  Fdis,  Cams,  and  Sua  compared 
with  tihat  of  Homo''*  By  Alfred  Walter  Campbell,  MJ). 
Communicated  by  Professor  Sherrington,  F.ILS.  Beceiyed 
December  3, 1904,— Bead  January  19, 1905. 

(Abstract.) 

The  present  study  is  founded  on  an  exhaustive  examination  of  the 
cerebral  cortex  of  Fdis  domesUcus^  Ccmis  familiarise  and  Sus  commimis, 
conducted  on  lines  similar  to  those  followed  in  the  original  work. 

A  recurrence  in  the  lower  mammal  of  distinctive  types  of  cortex, 
akin  to  those  recognised  in  the  human  brain,  has  allowed  a  subdivision 
<rf  the  surface  into  the  following  areas : — 

Crucial  or  motor;  postcrucial  or  sensory;  parietal;  visual;  ecto- 
aylvian ;  limbic ;  rhinic ;  extrarhinic  ;  frontal 

By  a  study  of  the  distribution  of  these  areas  many  functional 
analogies  and  structural  homologies,  previously  unknown  or  mis- 
interpreted, are  made  clear. 

Crveial  or  Motor  Area. — Qiant  cells  of  Betz  characterise  the  motor 
cortex,  but  these  elements  appear  not  to  be  so  highly  specialised  in 
Sus  as  in  Fdis  and  Cards,  Such  cells  reside  in  what  we  may  call  the 
erudate  sone,  and  it  is  maintained  that  this  field  is  functionally  and 
morphologically  akin  to  the  motor  area,  as  defined  by  Professors 
Sherrington  and  Qriinbaum  in  the  anthropoid  ape,  and  by  myself  in 
man.  It  is  held  that  a  small  indentation,  called  the  "  compensatory 
ansate  "  sulcus,  and  the  sulcus  coronalis  are  respectively  interchange- 
able with  the  upper  and  lower  constituents  of  the  primate  fissore  of 
Bolando,  chiefly  because  they,  like  the  fissure  of  Rolando,  limit  the 

*  This  paper  is  an  addendum  to  the  work  presented  to  the  Bojal  SooieCj  ib 
Korember,  1908  (see  'Proceedings,'  toI.  72,  p.  488).  The  complete  work  will  bi 
pioblished  shortlj  In  foil  bj  the  Oambridge  UniTersitj  Press,  bj  aid  of  a  sobsU^ 
from  the  Bojal  Sociefy. 
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motor  area  on  the  parietal  side.  In  man  and  the  man-like  ape,  an- 
unnamed  but  constant  fissuret,  situated  on  the  paracentral  lobule, 
immediately  below  and  in  front  of  the  upper  extremity  of  the  fissure 
of  Rolando,  is  looked  upon  as  the  homologue  of  the  sulcus  cruciatus. 

Visual  Area, — Showing  how  greatly  the  lower  mammal  relies  on 
sight  in  the  contest  for  survival,  quite  one-sixth  of  the  brain  surface 
is  allotted  to  visual  cortex.  Architecturally  it  is  astonishing  how 
closely  the  human  plan  is  followed.  The  lessons  in  homology  learned 
are,  that  the  "  true  calcarine  "  fissure  (Elliot  Smith's  nomenclature)  of 
lower  mammals  is  the  antecedent  of  the  anterior  calcarine  fissure  or 
"  stem "  of  Homo,  that  the  intercalary  sulcus  does  not  develop  into- 
the  calloso-marginal  of  man,  but  undergoes  retrograde  changes,  that 
the  posterior  calcarine  fissure  may  continue  as  such,  and  that  the^ 
suprasplenial  sulcus  of  Canis  and  Felis  (the  so-called  "  lateral "  sulcus, 
of  Stis)  is  the  derivative  of  the  human  fissura  extrema  of  Seitz  (the 
Simian  "  sulcus  intrastriatus  lateralis ").  The  research  throws  no- 
light  on  the  problem  of  the  "  Aflfenspalte." 

Postcrucial  or  Sensory  Area. — The  postcrucial  or  sensory  field  forms- 
a  morphological  buffer  to  the  crucial  or  motor,  and  is  maintained  to  be 
the  homotogue  and  analogue  of  the  postcentral  area  in  primates. 

Lobus  Pyriformis  and  Hippocampal  Region, — The  variations  in  distribu- 
tion of  the  different  types  of  cortex  found  hereabouts  are  contrasted  in 
the  microsmatic  and  macrosmatic  brain. 

Limbic  Area, — It  is  found  that  types  of  cortex  akin  to  those 
recognised  in  man  are  repeated  in  the  lower  mammal.  The  genual 
fissure  is  taken  as  the  homologue  of  the  calloso-marginal. 

Parietal  Area. — Histology  suggests  that  this  field  is  the  forerunner 
of  the  parietal  area  in  Honw,  and  that  its  cortex  is  older,  in  the  sense 
of  phylogeny,  than  frontal  cortex.  Support  is  given  to  the  assumption 
that  the  lateral  sulcus,  as  seen  in  most  mammals,  is  the  antecedent  of 
the  intraparietal  sulcus  of  primates.  In  Sus,  the  so-called  "supra- 
sylvian  "  sulcus  is  really  the  lateral,  the  true  suprasylvian  sulcus  being 
both  placed  at  a  lower  level  and  rudimentary. 

Edosylvian  Region. — Out  of  the  ectosylvian  region  of  lower  mammals 
is  developed  the  sylvian  region,  including  the  insula,  and  much  of 
the  temporal  lobe  of  primates.  A  small  field  investing  the  so-called 
fissure  of  Syl^aus  of  lower  mammals  appears  to  be  the  analogue  of  the 
"  audito-sensory "  area  of  man  and  the  homologue  of  the  transverse 
temporal  gyri.   From  this  as  a  basis  important  deductions  can  be  drawn» 

Fronial  Lobe. — The  types  of  cortex  which  characterise  the  frontal 
lobe  in  man  are  not  represented  in  lower  mammals. 

Som^  General  Conclusions. — ^The  stability  of  the  architectural  plan  of 
any  given  field  of  cortex  is  directly  related  to  the  phyloge'netic  age 
of  that  cortex  and  to  the  importance,  as  a  means  to  survival,  of  the 
function  it  subserves. 
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The  humui  brain  ahows  signs  of  haTing  expanded  more  decisively 
in  some  parts  than  in  othen,  yet  that  expansion,  if  we  except  ths 
visoal  and  ol&ctory  areas,  has  been  general  in  kind. 

By  super-imposing  on  our  cerebral  plans  drawn  from  nake4-e7e 
inspection  others  giving  the  results  of  histological  exftmination,  this 
fts  a  preliminary  to  the  final  localisation  of  function  by  the 
and  workers  in  other  departments,  all  existing  doubt  on 
hcmiologies  may  be  removed. 


"  Exterior  BaUistics. — '  Error  of  the  Day/  and  other  Corrections  to 
Naval  Bange-tables."  By  Professor  Geobge  Forbes.  F.B.S. 
Seceived  December  19, 1904,— Bead  January  26, 1905. 

One  of  the  most  common  problems  that  meet  artillerists  is  that  of 
correcting  for  retardation  caused  by  aiivresistance,  this  being  propor- 
tional to  the  air-density.  The  published  range-tables,  as  calculated  for 
any  type  of  gun  with  given  weight  and  form  of  shot,  and  given 
charge  of  powder,  are  based  on  trials  with  different  elevations  when 
the  range  and  time  of  flight  are  measured  directly.  The  range-tables 
are  calculated  from  the  experiments  by  making  corrections  for  muzzle 
velocity  and  for  air  density.  The  problem  now  before  us  is  to  find  a 
simple  rule  for  deducing  from  the  published  range-table  another 
range-table  with  a  diflferent  air-density. 


Absciflts  represent  rsnges. 

OrdinatcB  represent  elevations. 

FP'  range  table  eleTations  at  normal  air  density. 

QQ'  „  with  air  density  increased  10  per  cent. 

QP  -  T»i  OP,  QT'  =  Vi  OP'. 

The  solution  of  this  problem,  for  flat  trajectories  at  least,  ii 
extremely  neat  when  stated  geometrically.  Draw  a  curve  in  which 
abscisssa  are  ranges  and  ordinates  are  the  elevations  of  the  range-table. 
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To  draw  a  similar  curve  for  air-density  increased  in  the  ratio  m  :  1 
proceed  as  follows : — From  Ihe  origin  of  co-ordinates  O  draw  straight 
lines  to  points  P,  F,  etc.,  on  the  range-table  curve.  In  these  lines  take 
points  Q,  Q',  etc.,  so  that  OP/OQ  =  OF/OQ'  =  etc.  =  m.  Then  the  locus 
of  Q  is  the  new  curve. 

Stated  verbally  the  rule  is  : — To  make  a  range-table  for  x  per  cent, 
increase  of  air-density  (or  x  per  cent,  increase  of  retardation  due  to 
diameter  and  weight  of  shot),  diminish  each  elevation  and  correspond- 
ing range  by  x  per  cent.  The  elevations  thus  found  are  correct  for 
the  ranges  thus  found  with  the  new  air-density.  The  time  of  flight 
is  diminished  by  x  per  cent.  The  remaining  velocity  found  in  the 
range-table  is  the  same  for  the  new  range-table  at  the  altered  range. 

Adopting  the  usual  notation  for  exterior  ballistics — 

X  is  the  range  in  feet ;  V  is  the  muzzle  velocity. 

C  =  wJTvdr, 

w  =  weight  of  projectile ;  d  =  diameter  of  projectile. 

/I  =  a  constant  depending  on  form  of  shot  and  air-density. 

fi  =  remaining  velocity. 

Co  =  velocity  at  the  vertex  of  trajectory. 

t  =  time  of  flight ;  <f>  —■  elevation. 

Certain  functions  of  velocity  have  l)een  calculated  and  tabulated. 
These  are  S  (r),  T  (r),  D  (v) ;  and  the  following  are  three  well-known 
equations : — 

S(ri)  =  S(V)-^   (1). 

From  this  we  find  I'l  from  the  tables ; 

/  =  C;T(V)-T(ri)} (2). 

Taking  T  (V),  and  T  (t'l),  from  the  tables,  we  know  t, 

Now  it  is  always  assumed  that  for  elevations  up  to  15"  the  vertex 
of  trajectory  is  reached  in  half  of  the  time  of  flight.     Hence 

T  (t-o)  =  T  (V)  -  ^. , 

whence  we  find  vo  from  the  tables,  which  also  give  us  the  values  D  (V) 
and  D  (vq)  in  the  third  equation 

.^  =  C|D(V)-D(«o)}     (3). 

If  the  air-density  be  now  increased  in  the  ratio  m  to  1,  and  we  use 
letters  with  accents  for  the  new  conditions, 

ri/         w         C 

\J     —    j-r    =      -    . 

Let  us  find  the  elevation  for  a  range  X'  where 

X'  =  X/m.        Then  X'/C  =  X/'C. 

a  ^  ^ 
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ThuB  in  (1)  XyC-X/CSy  and  Y  is  unchanged,    llierefdre  «i lemum 
nnohanged,  oTffi^Vi.    And  in  (2)  f/t^  (f/e^l/m;  or  f^mi/m. 
Also  vo  is  f oiind  from  the  equation 

T(r'o)  =  T(V)-H  =  T(V)-iJ  -  T(fv,). 

Therefore  t^o  =  t^o. 

Again,  in  (3) 

^'  =  Cp(V)-D(r'o)}  =  C{D(V)-D(ro)}  -  ^'.*  -  *  . 

\j  191 

It  appears  then  that  if  the  air-density  be  increased  m-f  old  and  the 
range  diminished  97i^fold,  the  elevation  and  time  of  flight  miut  be 
diminished  Y7»-f  old,  but  the  remaining  velocity  is  the  same. 

The  above  is  founded  on  Niven's  f onntd»,  but  those  of  Siacci  and 
Mayevsld  lead  to  the  same  result. 

Another  important  correction  is  that  of  muzzle  velocity,  which 
depends  upon  age  of  gun  and  on  temperature  and  nature  of  explosive. 
If  there  were  no  air-resistance  the  ordinary  formulae  tell  us  that  the 
elevation  for  any  range  varies  inversely  as  the  square  of  the  muzzle 
velocity.  I  find  empirically,  by  comparison  of  range-tables  baaed 
on  experiments  with  different  muzzle  velocities,  that  the  same  law 
holds  over  a  very  considerable  range  of  muzzle  velocities  up  to 
elevations  of  10**  at  least.  This  has  been  tested  with  the  Naval  guns 
of  13'5  inch,  12  inch,  9*2  inch,  and  6  inch  diameters. 

We  can  now  subject  these  two  laws  (air-resistance  and  muzzle 
velocity)  to  a  very  severe  test.  Take  the  Naval  range-table  for  12-inch 
B.L.  Gun,  Mark  IX,  with  an  850  lb.  shot  and  muzzle  velocity 
2433  feet  per  second  and  from  it  calculate  (by  the  two  laws  above) 
a  range-table  for  the  6-inch  Q.F.  gun,  Marks  III,  lY,  and  YI,  with  a 
100  lb.  shot  and  muzzle  velocity  1960  feet  per  second. 

To  do  this,  note  that  the  ratio  of 

Diameter^      .       122     iqq  i 

IS      -— •  X  - -■       = 


Weight  62     850  0*4706' 

Hence  we  must  multiply  the  ranges  and  elevations  of  the  12-inch  gun 
by  0*4706.  We  must  further  multiply  the  new  elevations  by  1*540, 
the  ratio  of  the  squares  of  muzzle  velocities.  The  following  table 
shows  the  results,  and  a  comparison  with  the  data  for  the  6-inch  gun 
from  the  Addenda  to  Naval  Range-Tables,  and  the  differences  : — 
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From  range-tables, 

12-inch  gun. 
M.V.  -  2433  f .8. 

Caloalated, 

6-inch  gun. 

M.V.  =  1960  f .8. 

Prom 

addenda 

elevation  for 

new 

range. 

Difference. 

Range. 

Elevation. 

New  range. 

Elevation. 

Elevation. 

yards. 
2000 
4000 
6000 
8000 
10000 

o          / 

1     1 

2  10 

3  37 
5    26 
7    33 

yards. 
941 
1882 
2824 
3765 
4706 

o          / 

0  44 

1  34 

2  37 

3  56 
5    28 

o          / 

0  45 

1  38 

2  39 

3  54 
5     24 

-1 

-4 
-2 

+  2 
+  4 

p 

It  need  hardly  be  said  that  the  agreement  is  sufficient  for  all 
practical  purposes. 

An  additional  fact,  of  considerable  practical  importance,  is  that  there 
is  a  very  simple  approximation  to  the  true  correction  for  elevation  due 
to  air-density,  obtained  by  taking  it  as  being  a  constant  multiplied  by 
the  product  of  elevation  and  range,  and  percentage  variation  from 
the  normal  air-density.  The  constant  varies  with  the  tj^e  of 
gun  and  with  full,  or  half,  charge;  but  remains  the  same  for 
all  ranges.  Thus  with  the  6-inch  gun,  Mark  VII,  the  correction 
.at  full  charge  is     ra^ge     x^^  elevation  ^   ^^^  ^^  ^^^   ^^^^^^  j^  j^ 

i> 
range    x    elevation 


000,000 
Curiously  enough  the   same  formula,  with  a 


1,250,000 
different  constant,  gives  the  correction,  at  all  ranges,  to  the  elevation, 

due  to  rate  of  change  of  distance  during  the  time  of  flight  of  the  shot. 

These   empirical    laws,   combined   with  the   muzzle  velocity  law 

already  mentioned,  have  led  to  the  design  of  a  most  simple  arrangement 

of  gun-sights  corrected  for  the  individual  error  of  the  gim  due  to 

wear,  and  for  the  error  of  the  day  due  to  temperatures  of  cordite  and 

of  the  air,  and  to  barometric  pressure,  which  can  be  worked  by  the  act 

of  using  the  range-finder,  and  automatically  corrects  for  time  of  flight 

with  changing  range. 
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"  The  Theory  of  Symmetrical  Optical  Objectives.— Part  II."  By 
S.  D.  CHiiufERS,  B.A.,  St  John's  College,  Cambridge,.  M.A. 
Sydney.  Communicated  by  Professor  La^mor,  Sec.  B.S. 
Received  January  3, — Bead  January  26, 1905. 

As  regards  the  defects  which  depend  only  on  those  terms  in  the 
characteristic  function  T,  that  were  examined  in  Part  I,*  the  results 
of  that  paper  would  justify  the  practice  of  correcting  a  single  com- 
ponent— the  back  one — for  astigmatism  and  spherical  aberration* 
provided  due  attention  be  paid  to  the  securing,  at  least  approximately, 
of  the  condition  for  no  distortion. 

But  for  the  values  of  aperture-ratio  and  angular  field,  that  obtain: 
in  practical  systems,  the  terms  of  higher  orders  in  T  introduce 
important  aberrations,  and  it  is  interesting  to  examine  how  far  the 
conclusions  stated  in  Part  I*  are  justified  in  the  case  of  practical 
systems. 

In  most  cases  the  discussion  can  1)e  effected  by  the  use  of  geometrical 
relations,  it  ])eing  assumed — as  is  generally  the  case  in  practice — that 
the  stop  is  well  within  the  focus  of  the  single  lens  and  that  its  virtual 
image,  formed  by  either  component,  is  near  the  actual  position  of  the 
stop. 

In  the  first  place  we  consider  only  those  rays  which  lie  wholly  in 
one  plane.     In  fig.  1,  (5)  is  the  focal  plane  of  the  back  component, 

Fio.  1. 


a. 
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(2)  the  plane  of  the  stop,  (3)  and  (4)  its  images  with  respect  to  the 
front  and  back  components,  and  (1)  the  plane  symmetrical  to  (5) ;  P  and 
Q  are  two  points  on  the  stop  equidistant  from  the  centre,  a  and  h  two 
parallel  rays  through  these  points,  e  and  d  another  pair  of  parallel  rays 
through  these  points ;  the  intersections  of  these  rays  with  the  planes 
1,  3,  4,  and  5,  being  ai,  as,  04,  05,  61,  etc.  The  ray  d  is  chosen  so  that 
h^fir^  is  parallel  to  d^d^,  then  by  symmetry  it  is  evident  that  CiCz  is 
parallel  to  aia^.  It  is  also  evident  that  the  planes  3  and  4,  being 
images  of  2,  are  in  every  way  similar ;  hence  they  are  the  principal 
planes  of  the  whole  system,  and  the  focal  plane  of  the  combined 
system  is  mid-way  between  4  and  5.  Let  the  various  rays  intersect 
this  plane  in  A,  B,  C,  and  D. 

The  curvature  error*  of  the  combined  system  can  be  measured  by 
CA,  less  the  effects  due  to  spherical  aberration,  where  CA  evidently 

but,  since  h^h-^  is  parallel  to  d^fh^ 

C A  =  i  {(Ms  +  c^d^)  -  64^4  -  M4)} . 

Thus  omitting  effects  of  spherical  aberration  in  both  cases,  it  is 
evident  that  the  curvature  error  for  an  angle  w  and  aperture  angle 
2a  is  the  mean  of  the  curvature  errors  for  the  single  system  for  the 
angles  ((00+ 5a),and  (wo-^a),  where  co-wq  represents  the  angular 
value  of  the  distortion  of  the  single  lens,  together  with  the  portion  of 
i  (^4^4  -  a^d^,  which  is  not  common  to  all  angles. 

When  the  meridianal  astigmatic  curve  is  drawn  as  usual — the  focal 
lengths  being  unreduced  and  the  abscissse  representing  angular  field — 
the  ordinates  for  the  combined  system  will  be  one-half  of  those  for 
the  single  system,  subject  to  the  corrections  from  terms  corresponding 

to  J  (^>4C4  -  a4G?4). 

To  appreciate  the  value  of  the  latter  expression  draw  through  P  the 
rays  a,  (/,  symmetrical  to  a  and  d  with  respect  to  the  axis,  then  h^c^  - 
axd^  =  C4fl,\-c^d\^  and   since  the  angles  between  h  and  a,  and  e  and  dy 
are  equal,  this  quantity  will,  in  general,  be  small  when  the  stop  and 
its  image  are  close  together. 

To  examine  the  spherical  aberration  let  c^e^,  be  parallel  to  the  axis, 
a^ii'^  also  parallel  to  the  axis,  then  d\dz  and  ^^s  are  also  parallel  to  the 
axis  (fig.  2).     The  spherical  aberration  of  the  whole  system  is 

DB  =  i  (M5  -  W4) ; 

but  c^a^  =  Cs^i, 

therefore  DB  =  ^  [crjdr,  +  ^565  -  (C4J4  +  a^ii^) . . 

*  This  term  is  used  for  tho  defect  due  to  the  parallel  rajs  through  P  and'  Q 
not  intorsei^tingon  the  focal  plane,  the  effects  of  spherical  aberration  being  allowed 
.for.  .   )  .  .  ■  '  •      ■  -i 


^^^^^^^^^B 
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Thus,  if  the 
curvature,  the 
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single  system  be  corrected  for  spherical  aberration  and 
spherical  aberration  of  the  combined  system  is  given  by 
It  is  evident  that  this  qiiantity  will  also  be  very  small.      1 

4, 

04 

P 

f' 

\i 

\               "J^ 

> 

< 

ai 

^ 

\v.^^ 

^ 

,^ 

^\ 

^ 

B\ 

^1 

^           ^ 

> 

< 

c. 

^\ 

t? 

C4 

^ 

bi 

Theae  results  can  be  extended  to  the  case  of  rays  which  do  not  b 
wholly  in  one  plaoe.  It  will  be  auumed  that  the  image  o£  the  stop 
formed  by  one  member  is  perfect,  the  errors  thus  introduced  being  of 
the  same  nature  as  those  discussed  before. 

Let  FQ  and  BS  (fig.  3)  be  two  diameters  of  the  stop,  their  image 


points  in  the  plane  4  being  f^  q^  r^  34 ;  let  parallel  rays  a  and  h  pftM 
through  ^4  and  94  respectively,  and  let  the  axial  plane  parallel  to  tiiaii 
cut  plane  5  in  OE ;  similarly  parallel  rays  c  and  d  pass  throu^  r^  ud 
4«  and  are  parallel  to  the  a^  plane  which  cuts  C  in  OF. 

It  being  assumed  that  theae  pairs  of  rays  intersect  on  the  foral 
jdane  5,  the  rays  a  and  h  will  intersect  on  OE,  say  at  £,  and  r'— :<— >- 
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<j  aiid  d  on  OF  at  F.  Through  E  draw  EG  parallel  to  ES,  cutting  OF 
in  G.  Now  the  rays  ah  c  and  d  can  be  chosen  so  that  EG  =  GF  =  JPQ. 
It  is  now  evident  from  the  figure  that  Yr^  is  parallel  to  E^4  and  that 
F6'4  and  Ep4  intersect  in  k  on  the  plane  mid-way  between  4  and  5,  which 
is  the  focal  plane  of  the  combined  system. 

But  by  symmetry  the  rays  h  and  c  in  the  second  medium  correspond 
to  a  and  d  in  the  first ;  hence  the  parallel  rays  a  and  d  intersect  on  the 
focal  plane  of  the  combined  system,  but  as  ES  is  inclined  at  any  angle 
to  PQ  all  other  rays  parallel  to  a  and  d  will  also  intersect  at  the  same 
point. 

Thus  we  have  shown  that,  subject  to  the  errors  introduced  by  the 
want  of  correspondence  of  the  stop  and  its  image,  the  combined  system 
is  completely  corrected  for  astigmatism,  curvature  of  field,  and  spherical 
aberration,  provided  the  back  component  is  so  corrected.  This  want  of 
correspondence  introduces  some  slight  errors,  but  in  practical  systems 
these  are  almost  negligible. 

These  conclusions  accord  very  well  with  the  deductions  made  by 
Dr.  W.  Zschokke,  from  the  results  of  calculating  the  paths  of  rays 
through  the  various  Goerz  double  symmetrical  lenses. 
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"  Note  on  the  Cause  of  the  Period  of  Chemical  Induction  ini  the 
Union  of  Hydrogen  and  Chlorine."  By  D.  L.  Chapican  and 
C.  H.  Burgess,  Demonstrators  in  Chemistry  in  the  University 
of  Manchester.  Communicated  by  Professor  H,  B.  Dixox^ 
F.R.S.    Received  Januaiy  14, — Eead  January  26, 1905. 

The  induction  period,  which,  in  certain  circumstances,  i9  observed 
when  a  mixture  of  hydrogen  and  chlorine  is  exposed  to  light,  has  been 
commonly  attributed  to  the  preliminary  formation  of  an  unstable 
intermediate  compound.  The  authors  have  for  some  time  held  that 
this  view  does  not  accord  with  the  observed  facts.  This  contention  is 
confirmed  by  recent  experiments,  which  have  established  that  the 
phenomenon  in  question  is  due  to  the  presence  in  the  gas  (or  in  the 
aqueous  solution  in  contact  with  it)  of  substances  capable  of  reacting^ 
with  chlorine. 

At  an  early  stage  in  the  investigation  it  was  proved  that  the 
retardation  of  chemical  action  did  not  depend  on  any  condition  of  the 
hydrogen,  thus  making  it  only  necessary  to  consider  the  condition  of 
the  chlorine  itself  and  of  the  other  substances  immediately  in  contact 
with  it. 

Water,  and  particularly  solutions  of  salts  in  water,  possess  the  power 
of  rendering  active  chlorine  inactive  towards  hydrogen.  On  long 
contact  with  chlorine  in  the  presence  of  light,  or  on  boiling  with 
chlorine,  these  solutions  lose  this  property  even  after  subsequent 
removal  of  the  chlorine  by  exhaustion.  Numerous  experiments  have 
recentlv  been  made  in  order  to  find  out  if  these  solutions  recover  their 
power  of  rendering  chlorine  inactive,  and  it  has  been  foimd  that  the 
only  method  of  effecting  this  is  by  the  introduction  of  substances 
which  react  with  chlorine.  Of  the  compounds  investigated  the  most 
efficient  to  use  for  this  purpose  is  ammonia,  minute  traces  of  which  are 
capable  of  preventing  the  action  between  hydrogen  and  chlorine  for  a 
period  of  time  many  times  longer  than  had  been  previously  observed. 
Sulphur  dioxide  acts  in  the  same  sense  as  ammonia,  but  it  is  more 
easily  removed  on  exposure  to  light. 

It  has  been  hitherto  supposed  that  an  active  mixture  of  hydrogen 
and  chlorine,  after  standing  in  the  dark  for  several  hours,  returned  to 
its  original,  inactive  condition.  If  this  were  really  the  case  it  would  be 
an  objection  to  the  ^new  that  the  induction  period  is  due  to  the  presence 
of  impurities.  By  the  employment  of  a  quartz  actinometer  we  have, 
however,  succeeded  in  showing  that  no  decay  of  actirity  takes  place ;. 
and,  after  keeping  the  mixture  for  days  in  the  dark,  the  gases  immediately 
combine  on  exiK)sure  to  light — without  any  period  of  gradual 
acceleration. 
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"  On  the  Modulus  of  Torsional  Eigidity  of  Quartz  Fibres  and  its 
Temperature  Coefficient."  By  Fkank  Horton,  D.Sc.,  B.A., 
St.  John's  College,  Cambridge,  late  Mackinnon  Student. 
Communicated  by  Professor  J.  J.  Thomson,  F.E.S.  Eeceived 
December  15,  1904, — Bead  January  26,  1905. 

[Abstract.] 

The  author  recently  had  the  honour  of  reading  to  the  Society,  the 
results  of  some  experiments  in  which  a  new  method  of  timing  by 
means  of  "  coincidences  " — a  method  devised  by  Professor  Poynting — 
was  applied  to  an  investigation  of  the  effects  of  changes  of  tempera- 
ture on  the  modulus  of  torsional  rigidity  of  metal  wires.  It  seemed 
desirable  to  repeat  similar  experiments  with  quartz  fibres,  seeing  that 
now  they  are  almost  universally  employed  as  suspensions  in  torsion 
instruments  where  accuracy  is  required. 

The  fibres  experimented  on  were  prepared  from  different  crystals  of 
quartz,  and  care  was  taken  in  their  manufacture  so  as  as  to  obtain  them 
free  from  air  bubbles  and  of  circular  cross-section.  The  investigation 
was  divided  into  three  parts : 

(1)  The  determination  of  the  absolute  value  of  the  torsion  modulus. 

(2)  The  variation  of  the  modulus  over  a  range  of  temperature  from 
15^  C.  to  100°  C. 

(3)  The  variation  of  the  modulus  between  20°  C.  and  lOOO^'C. 

In  the  determination  of  the  absolute  value  of  the  modulus,  it  is 
necessary  to  find  the  radius  of  the  fibres  used.  The  method  adopted  for 
this  purpose  consists  of  measuring  the  circumference  of  the  fi])re  by 
rolling  a  small  length  of  it  between  two  fine  glass  capillary  tubes  and 
counting  the  number  of  revolutions  it  makes  in  travelling  a  distance 
of  5  mm.  With  preictice,  this  method  was  made  to  give  very 
good  results ;  a  fibre  of  diameter  O'OOl  cm.  being  measured  to  0*01 
per  cent. 

The  results  of  experiments  on  six  fibres  gave  numbers  for  the 
modulus  of  rigidity  in  very  good  agreement,  showing  that  the  rigidity 
of  quartz  is  practically  constant,  and  does  not  vary  in  different  speci- 
mens as  in  the  case  of  metal  wires.  The  mean  value  obtained  for  thq 
modulus  of  rigidity  at  15°  C.  was 

3*001  X  10^^  dynes  per  sq.  cm. 

The  results  showed  that  this  value  is  independent  of  the  longitudinal 
stress  to  which  the  fibres  are  subjected,  so  long  as  this  is  not  greater 
than  that  which  they  are  usually  required  to  bear  when  Used  as  sus- 
pensions in  measuring  instrmneiits.  ^' 

In  the  second  part  of  the  research,'  observatiofts  were  made  6h 
several  fibres  at  temperatures  approximately  15!C.,  35"  C,  55**  0.^75"  C^ 
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and  100**  C.  In  every  case  the  modulus  of  rigidity  was  found  to  increase 
as  a  linear  function  of  the  temperature,  but  the  values  obtained  for 
the  temperature  coefficient  of  the  modulus  were  considerably  different. 
The  mean  value  was +  0*0001 235,  but  the  experiments  show  that  this 
is  far  from  constant  in  different  specimens  of  quartz,  its  variations  being 
much  greater  than  those  of  the  modulus  of  rigidity  itself.  It  was 
found  that  the  fibres  became  slightly  more  rigid  as  time  went  on,  the 
rate  of  increase  of  rigidity  being  greater  at  the  higher  temperatures. 
This  is  probably  due  to  a  gradual  annealing  of  the  fibre,  the  annealing 
consisting  in  an  easing  of  the  structure  from  contraction  strains. 

In  addition  to  the  determination  of  the  periods  of  torsional  vibra- 
tion, observations  of  the  logarithmic  decrements  of  the  amplitudes  of 
the  oscillations  were  taken  at  each  temperatiu'e.  Fibres  were  also 
made  to  vibrate  in  an  atmosphere  of  hydrogen,  and  the  logarithmic 
decrements  were  again  observed.  From  the  values  thus  found,  and 
the  known  ratio  of  the  viscosities  of  air  and  hydrogen,  a  measure  of 
the  internal  friction  of  the  fibre  was  obtained.  It  was  found  that  the 
internal  friction  of  the  fibres  was  very  small,  only  about  2*5  per  cent, 
of  the  observed  logarithmic  decrement  at  15**  C.  being  due  to  that 
cause,  and  that  it  remained  roughly  constant  when  the  temperature  of 
the  fibre  was  raised  from  15^  C.  to  100°  C. 

A  series  of  observations  was  taken  to  ascertain  the  manner  in  which 
the  logarithmic  decrement,  and  the  torsional  period  varied  with  the 
amplitude  of  nbration,  amplitudes  between  14'  and  lO"*  being  used. 
It  was  found  that  both  the  logarithmic  decrement  and  the  torsional 
period  remained  constant  within  these  limits.  In  this  respect  quartz 
differs  from  metal  wires,  in  which  it  was  found  that  both  the  internal 
friction  and  the  period  of  torsional  vibration  increased  with  the 
amplitude  of  oscillation. 

In  the  experiments  between  20"  C.  and  1000"  C.  the  fibres  used  were 
rather  thick  and  were  suspended  inside  a  platinum  tube  which  was 
heated  electrically,  and  which  could  be  maintained  at  any  desired 
temperature.  Observations  were  taken  at  intervals  of  al)out  50*  C. 
and  the  temperature  of  the  tube  was  obtained  by  means  of  a  thermo- 
junction  of  wires  of  platinum  and  rhodo-platinum.  It  was  found  that 
the  modulus  of  rigidity  of  the  fibre  increased  \inth  the  temperature,  at 
first  as  a  linear  function  of  it,  but  as  the  temperature  rose  the  rate  of 
increase  gradually  diminished,  and  a  maximum  rigidity  was  attained  at 
about  880*  C.  After  passing  this  point  the  rigidity  decreased  very 
rapidly  with  increase  of  temperature. 

The  internal  viscosity  of  the  fibres  increased  with  the  temperature  at 
a  rate  which  was  at  first  small  and  constant,  but  after  about  650*  C.  it 
became  much  more  rapid.  At  1060**  C.  the  internal  friction  of  the  fibres 
was  so  great  that  the  torsional  vibrations  were  nearly  dead-beat. 
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"  On  the  Influence  of  the  Time  Factor  on  the  Correlation  between 
the  Barometric  Heights  at  Stations  more  than  1000  Miles 
apart."  By  F.  E.  CAVE-BROWTfE-CAVB,  Girton  College,  Cam- 
bridge. Communicated  by  Professor  BLajrl  Peabson,  F.RS. 
Eeceived  June  3,  and  in  revised  form,  December  20,  1904, — 
Eead  June  16,  1904. 

1.  An  investigation  of  the  relationship  of  the  daily  barometric 
heights  on  both  sides  of  the  Atlantic  Ocean  has  been  in  progress  for 
some  years,  and  in  a  preliminary  note  by  Professor  Pearson  and 
myself*  some  account  was  given  of  the  contemporaneous  relationship 
of  a  chain  of  stations  from  the  extreme  north  of  Norway  down  the 
west  coasts  of  Europe  and  Africa.  Observations  for  this  east  side  of 
the  Atlantic  have  now  been  copied  for  twenty  years,  as  far  as  stations 
are  available  from  Norway  to  the  Cape,  and  the  only  need  here  is  more 
aid  in  the  very  laborious  reductions  necessary  before  any  inferences  can 
be  drawn.  A  similar  chain  of  stations  from  Nova  Scotia  to  the 
Falkland  Isles  has  been  completed,  with  the  exception  of  Brazil,  from 
which,  so  far,  we  have  been  able  to  obtain  no  data  whatever. 

2.  It  seemed  desirable,  before  entering  on  the  cross  Atlantic  corre- 
lations, to  obtain  a  better  conception  of  how  the  time  factor  influences 
the  intensity  of  correlation.  For  this  purpose  two  stations,  Wilmington 
and  Halifax,  seemed  specially  appropriate.  They  are  both  on  the  East 
Atlantic  coast,  the  one  in  North  Carolina  and  the  other  in  Nova  Scotia. 
The  results  obtained  for  these  stations  afford  an  illustration  of  the 
manner  in  which  the  theory  of  correlation  can  be  used  for  the  purposes 
of  meteorological  prediction.  In  a  paper  published  in  1898,t  Professor 
Pearson  and  Dr.  Lee  indicated  that  the  proper  way  to  deal  with  the 
pressure  relationship  between  two  or  more  stations  was  to  proceed  by  the 
method  of  correlation ;  and  they  illustrated  this  by  the  simultaneoua 
correlations  of  various  stations  in  the  British  Isles.  The  corresponding 
simultaneous  correlations  for  stations  from  Norway  to  Sierra  Leone  were 
given  by  Professor  Pearson  and  myself  in  the  note  already  referred  to^ 
The  object  of  the  present  paper  is  to  illustrate  this  method  of  correlation 
as  applied  to  prediction,  the  fundamental  points  being  (a)  the  choice  of 
two  stations  which,  although  far  apart,  have  a  considerable  correlation 
with  at  least  12,  and  if  possible,  24  hours'  interval ;  (6)  the  determina- 
tion for  any  two  stations  of  the  interval  for  which  the  correlation  is  a 
maximum.  If  the  practical  meteorologist  is  accustomed  to  predict 
roughly  the  barometric  condition  at  a  station  A,  from  stations  B,  C, 
and  D,  then,  if  he  has  observations  for  twenty  years  or  more  for  these 
stations,  modern  statistical  methods  place  him  in  a  position  to  choose 

•  *  Boy.  Soo,  Ppoc.,*  vol.  70,  pp.  465—470. 
t  '  Phil.  Trans.,*  A,  toI.  190,  pp.  423—169. 
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the  best  intervals  between  the  readings  in  order  to  find,  froim  the 
anterior  observations  at  the  four  stations,  the  most  probable  baiometiic 
height  at  A  on  a  given  day,  and  the  most  probable  error  of  this  esti- 
mate. They  thus  supply  a  me&ns  of  giving  to  his  predictions  a  greater 
precision  than  is  at  present  attainable.  It  should  also  be  remembered 
that,  although  the  present  paper  only  deals  with  barometric  observa- 
tions, the  same  methods  could  be  applied  to  temperature,  or  to  any 
other  of  the  quantities  with  which  meteorology  is  concerned. 

In  order  to  show  that  the  relations  between  the  two  stations  mainly 
considered  in  this  paper  are  not  due  to  purely  local  conditions,  corre- 
sponding investigations  have  been  made  for  two  stations  in  the  Southern 
Hemisphere,  St.  Helena  and  Cape  Town.  Although  the  shortness  of 
the  period  (1893-98)  for  which  observations  taken  at  St.  Helena  are 
available,  prevents  these  results  from  being  as  fully  reliable  as  those 
obtained  for  the  North  American  stations,  yet  they  are  sufficient  to 
show  the  general  nature  of  the  pressure  relationship  between  the  two 
places,  and  the  influence  of  the  time  facton 

The  latitudes  and  longitudes,  and  hours  of    observation    are    as 
follows : — * 

Halifax,  44"  35'  N.,  63°  40'  W. ;  9  A.M. 

Wilmington,  33'  14'  N.,  7T  59'  W. ;  7  a.m.  up  to  June  30,  1888, 
afterwards  8  A.M. 

Cape  Town,  34**  0'  S.,  18'  35'  E. ;  8  a.m. 
St.  Helena,  15**  57'  S.,  5^  40'  W. ;  9  A.M. 

This  gives  an  arc  of  about  15**  51',  or  about  1090  miles  1)etween 
Halifax  and  Wilmington,  and  28"  18',  or  about  1950  miles  between 
Cape  Town  and  St.  Helena.  Roughly  speaking,  Halifax  is  north-east 
of  Wilmington,  and  Cape  Town  south-east  of  St.  Helena. 

The  twenty  years  of  the  data  for  Halifax  and  Wilmington  were 
divided  into  two  decades,  1879-88  and  1889-98,  and  the  summer  and 
winter  months  (equinox  to  equinox)  were  dealt  with  separately.  As 
was  pointed  out  in  the  previous  note,  there  is  a  marked  difference 
between  the  summer  and  winter  results,  and  two  ten-year  periods  were 
desirable  for  mutual  control.  It  soon  became  obvious  that  the  summer 
and  winter  time  factors  were  different  in  character,  the  interval  for 
maximum  correlation  being  considerably  shorter  in  the  summer.  The 
numbers  obtained  indicate  that  change  of  pressure  passes  from 
Wilmington  to  Halifax,  i,e,,  from  south-west  to  north-east,  and  thus  it 

*  The  Canadian  Meteorological  Office  kindly  Buperintended  the  copying  of  the 
Halifax  and  other  Canadian  data,  the  cost  of  vhich  was  defrayed  by  Piofeaaor 
Pearson  ;  the  Smithsonian  Institution  proTided  the  copies  of  the  Wilmington  and 
other  United  States  data ;  the  readings  for  Cape  Town  we  owe  to  the  mediation 
of  Dr.  W.  N.  Shaw,  who  procured  them  from  the  Cape  Meteorological  Committee, 
the  cost  of  copying  them  being  defrayed  by  a  grant  from  the  Qoveniment  Granl 
Conimiittee  of  the  Boyal  Society. 
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is  desirable  to  take  Wilmington  earlier  in  order  to  predict  for  Halifax 
later.  For  the  southern  pair  of  stations  there  is  the  same  kind  of 
difference  between  the  summer  and  winter  results  ;  this  seems  to  indi- 
cate that  the  phenomenon  is  really  connected  with  the  season,  and  does 
not  depend  on  influences  external  to  the  Earth,  since  the  summer  for  the 
first  pair  is  the  winter  for  the  second.  Moreover,  it  is  found  that  for 
the  two  southern  stations  the  change  of  pressure  passes  from  north-west 
to  south-east,  so  that  in  predictii^  we  ought  to  take  St.  Helena 
•earlier  than  Cape  Town.  The  following  tables  give  the  correlations 
obtained : — 


Table  I. — Correlation  of  Barometric  Heights  at  Halifax  and 

Wilmington. 


Interval 

bet  ween 

readings.* 

hrs. 
-118 

-  94 

-  70 

-  46 

-  22 
+  2 
+  26 
+  60 
+  74 
+  98 
+  122 


Summer, 
1879—1888. 


+  0  -0586 
+  0  0606 
+  0  0668 
+  0  1391 
+  0-2385 
+  0  -3432 
4-  0  -3714 
+  0  -2176 
+  0-1138 
+  0  -0816 
+  0  0881 


Winter, 
1879—1888. 


+  0  0496 
+  0  -0379 
+  0  0416 
+  0  -2878 
+  0  -5206 
+  0-2844 
+  0  -0842 
+  0  0342 
+  0  0217 


Interval 
between 
readings. 


hrs. 
-119 

-  95 

-  71 

-  47 

-  23 
1 

25 
49 
73 
97 
+  121 


+ 
+ 
+ 
+ 
+ 


Summer, 

Winter,      ', 

1889—1898. 

1889—1898. ! 

-0  0134 

-0-0247 

-0  -0141 

+  0  -0512 

+  0-0418 

+  0  0598 

+  0-1742 

+  0  0420 

+  0-3038 

+  0-2456 

+  0  -3143 

+  0  -4701 

+  0  -1538 

+  0-2268 

+  0  0581 

+  0  -0839 

+  0  -0150 

+  0  0736 

-0*0050 

+  0  -0881     i 

Table  H. — Correlation  of  Barometric  Heights  at  Cape  Town  and 

St.  Helena. 


Interval  between 

Summer,         { 

Winter,          j 

readings.f 

1893—1898.      , 

,  1893— li>98.      ! 

hrs. 

-97 

+  0-2202 

+  0-2898 

-73 

+  0-2278 

+  0-2470         1 

-49 

+  0  -2620 

+  0-2405         1 

-25 

+  0  -3461 

+  0  -2919 

-   1 

+  0  -4478 

+  0  -3927 

+  23 

+  0-4468 

+  0  -4605 

+  47 

+  0-3434 

+  0  -4081 

+  71 

+  0-2908 

+  0-3409 

+  95 

4  0-8033   . 

+  0  -3180 

+  119 

+  0  -2950 

+  0  -2785 

•  Positive  when  the  reading  is  taken  later  at  Halifax, 
t  Positive  when  the  reading  is  taken  later  at  Capo  Town. 
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8.  It  aeemed  desirable  to  detennine  the  intervals  for  which  the  oom> 
lation  between  each  pair  of  stations  is  greatest^  and  also  the  Talnea  of 
these  Tnaxima.    After  some  consideration,  the  curve 

logy  »  OQ+aix+a^+a^+a^ 

was  selected  as  likely  to  give  a  reasonable  interpolation  result,'*'  the 
aads  of  y  being  that  of  the  correlation,  and  x  being  the  interval,  in 
days,  between  the  readings,  counted  as  positive  when  the  observation 
is  taken  later  at  the  more  easterly  station  in  each  case.  The  curves 
are  not  intended  to  represent  the  complete  correlation  data,  but  they 
have  been  used  as  convenient  empirical  methods  to  find  in  position  and 
magnitude  the  maximum  ordinates.  For  this  reason  only  five  correla- 
tions were  used  for  calculating  each  curve,  namely,  those  given  in  rows 
5  to  9  of  Table  I,  and  rows  4  to  8  of  Table  11.  The  following  curves 
were  determined  :— 

WlLBONGTON  AND  HaUFAX. 

Summery  ISI 9— ISSS:— 

logioy 

=  -  0-477451  +  0161608a;  -  0-062808a;2  -  0058772x8-}-0-014994a?«. 

Maximum  ordinate:  0-3877  at  x  =  0*7275,  i.e.,  17*46  hours. 

Summer,  1889—1898  :— 

logio  y 

=  -  0-524516  +  0175661a;  -  0*122239a;2  -  0*040868a;3  +  0-012096z*. 

Maximum  ordinate :  0*3386  at  a;  =  0-5862,  i.e.,  14*07  hours. 

mnier,  1879—1888  :— 

logioy 

=  - 0*592740  +  0647374a; - 0*300470a;2 -  •054822a;«  +  0-021968a;*. 

Maximiun  ordinate :  0*5272  at  a;  =  0*9553,  i.e.,  22*92  hours. 

JFirUer,  1889—1898  :— 

logio  y 

=  -  0-634964  +  0615514a;  -  0*258629a;2  -  0*D73287a;8  +  0-025021a;«. 

Maximum  ordinate :  0*4721  at  a;  =  0*9674,  i.e.,  23*22  hours. 

St.  Helena  and  Cape  Town. 
Summer,  1893—1898  :— 

logio  y 

=  -0*346171  +0063222a;- 0*064491a;2- 0*01 1993a;8  +  0-006497a:«. 
Maximum  ordinate:  0*4660  at  a;  =  0*4518,  i.e.,  10*84  hours. 
mtUer,  1893—1898  :— 

logio  y 

=  -  0*400900  +  0-1 19333a;  -  0*039277a;2  -  0022393a^  +  0'006580a;*. 

Maximum  ordinate :  0*4596  at  a;  =  0*9994,  i.e.,  23*986  hours. 

■b  *  The  Buggcsfcion  is  due  to  Mr.  W.  Palin  Eldcrton. 
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4.  It  therefore  appears  that  the  maximuni  correlation  between 
Halifax  and  Wilmington  in  the  summer  occurs  when  the  barolneter  at 
Halifax  is  read  about  16  hours  later  than  that  at  Wilmington,  and  that 
the  corresponding  interval  for  the  winter  is  about  23  hours.  The 
intervals  for  St.  Helena  and  Cape  Town  are  about  11  hours  and 
24  hours  respectively.  Some  caution  may  be  necessary  in  accepting 
the  values  obtained  for  the  summer  intervals,  since  it  is  possible  that 
the  diurnal  variation  may  affect  the  correlation ;  this  point  could  only 
be  settled  by  means  of  observations  taken  at  other  hours  of  the  day. 
This  effect  of  the  diurnal  variation,  if  it  really  exists,  may  conceivably 
account  for  some  part  of  the  difference  between  the  intervals  obtained 
for  the  summer  months  of  the  two  decades  for  the  American  stations. 
Nevertheless,  it  seems  reasonable  to  conclude  that,  in  order  to  predict 
the  barometric  height  at  Halifax  at  9  A.M.,  it  is  desirable  to  use  the 
reading  taken  at  Wilmington  at  10  A.M.  on  the  previous  morning  in 
the  winter,  while  in  the  summer  the  Wilmington  reading  should  be 
taken  at  about  5  p.m. 

Diagram  I  (next  page)  shows  the  interpolation  curves  used. 

5.  The  physical  interpretation  of  these  intervals  for  which  the 
correlation  is  a  maximum,  is  not  obvious  to  me,  although  it  may 
possibly  be  so  to  practical  meteorologists.  Of  course,  the  intervals, 
11  to  24  hours,  are  too  short  to  be  looked  upon  as  corresponding 
to  the  transfer  of  an  actual  disturbance  between  the  stations.  Even  if 
this  were  not  the  case,  they  could  not  give  the  average  intervals 
between  the  arrival  of  the  same  isobar  at  the  two  places  considered, 
since  none  of  the  pressures  correlated  may  be  alike.  I  should  be  glad 
to  see  the  point  adequately  treated  by  one  with  practical  meteoro- 
logical experience,  and  will  merely  remark  here  that  the  correlation 
depends  not  upon  equality  of  pressure,  but  upon  proportionality 
of  deviations  from  the  local  means.  A  full  explanation  must  also 
accoimt  for  the  fact  that  the  winter  and  summer  relations  differ  in  a 
very  marked  way. 

6.  Another  point  which  seemed  to  deserve  investigation  was  the 
correlation  between  the  daily  rise  or  fall  of  the  barometer  at  Halifax 
and  Wilmington.  This  investigation  would  have  involved  considerable 
labour  if  it  had  been  necessary  to  proceed  by  the  direct  method  of 
preparing  tables  of  the  daily  rise  or  fall,  and  then  calculating  the 
correlations  from  them.  The  work  has  been  considerably  lessened  by 
the  use  of  the  following  method,  which  is  due  to  Professor  Pearson. 

Let  Xi  be  the  reading  on  one  day  and  i&i  that  on  the  following  day  at 
the  first  station,  xi  and  x^  the  corresponding  readings  at  the  second 
station  after  any  interval.  Let  Wi,  mg,  mi,  m^  be  the  means, 
o-j,  0-2,  cTi',  0*2'  the  standard  deviations,  r^  the  correlation  of  xi  and  SC2> 
ri/2/,  that  of  Xi  and  X2,  n^  that  of  X\  and  X2^  and  so  on,  and  R  that  of 
(x\  -  7^  and  {xi  -  x{)>    The  mean  values  of  {xi  -  a^)  and  {xi  -  x{)  will 
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dearly  be  mi-fTis  and  m^'-m^    respectively.     Hence,  if  N  be  the 
number  of  pairs  correlated,  and  if  S  denotes  summation,  we  have 
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j^  ^         S  {{xi  -  a^)  -  (mi  -  iwg)}  {{xi  -  xj)-  (m/  -  nij')} 

N'v/S  {{xi  -  a^)  -  (mi  -  wj)}  ^  VS  {(x{  -  xa')  -  K'  -  W)}  * 

_         <ri<ri  rii/  —  ctjcti  r2i/  —  o'ia'2  ^12^  +  <^20'2  ^22', 


V  (cTi^  4-  (Tj^  -  2<ri<r2ri2)  (cri'2  +  0-2'*  -  2<ri'<r2Vi,2') 

It  may  be  noted  that  this  formula  would  apply  to  any  case  in  which 
it  was  desired  to  correlate  the  difference  of  one  pair  of  quantities  with 
the  difference  of  another  pair.  If  we  were  not  dealing  with  the  summer 
and  winter  months  separately,  we  should  have,  with  sufficient  approxi- 
mation, 

ai  =  0-2,         a-i   =  a-i,         Tu,  =  r22, 

since  the  quantities  included  in  the  Xi  and  the  x^  groups  would  be  the 
same,  with  the  exception  of  a  single  reading  at  each  end  of  the  period 
considered.     The  formula  would  then  take  the  simple  form 


R  —  ^^11^  -  ^21>  -  ^12/ 

"2^(1^712)0-1^2;) 


(ii). 


But  in  our  case  the  Xi  and  0^2  groups  differ  by  a  reading  at  each 
equinox  of  each  year  considered,  and  it  was  therefore  decided  to  use 
the  accurate  equation  (i),  although  (ii)  would  have  been  sufficient 
to  give  a  good  idea  of  the  correlation. 

In  order  to  use  this  formula,  it  was  necessary  to  calculate  the  corre- 
lations between  the  barometric  heights  on  consecutive  days  at  Halifax 
and  at  Wilmington.  Table  III  gives  these  correlations,  and  Table  IV 
gives  the  correlations  between  the  daily  rise  at  the  two  stations  for 
various  intervals. 


Table  III. — Correlation  of  Barometric  Heights  on  Consecutive  Days. 


Station. 

Summer, 
1879-1888. 

Winter, 
1879-1888. 

Sammer, 
1889—1898. 

Winter, 
1889-1898. 

Halifax   

0-6924 
0-6161 

0-3998 
0-4827 

0-6166 
0  -6610 

0  -4270 
0  -4916 

1 

Wilmington   

The  most  noticeable  fact  which  appears  from  these  results  is  the 
analogy  between  them  and  the  space  relations  considered  in  the 
previous  note.  In  that  case  we  found  that  with  increasing  distance 
the  correlation  diminished  to  a  negative  minimum,  and  then  began  to 
increase ;  and  the  negative  correlations  obtained  were  of  considerable 
magnitude.  This  does  not  seem  to  occur  for  the  time  relations  when 
the  actual  readings  are  considered ;  for,  although  the  values  given  io 
Tables  I  and  II  seem  to  indicate  that  a  minimum  has  been  reached,  the 
only  negative  correlations  which  have  been  found  are  so  sm&ll  ^s^  \f^\]A 


Table  IT.— Correlation  of  JhOy  Sae  at  HiItEkz  and  ^ 


Inbvral 
betwMii 

BnntmtT, 
1879—1888. 

Wintw, 
1879-1888. 

Inttvral 

8nmm«, 
IBSB— 18BB. 

«!£Sb. 

bn. 

hn. 

-M 

-0-0071 

-96 

-0-0849 

-70 

-0  0901 

-71 

-0-0640 

-48 

--0-OI06 

-0-0166 

-47 

-0-0899 

+0-OM1 

-SB 

-0-0107 

-0  ■21611 

-28 

+  0-0084 

-O-SMV 

+  t 

+0-0960 

+  0-0188 

+   1 

+  0-1480 

— oxMno 

+  28 

+  0-2368 

+  0-4a76 

+  26 

+0-20U 

+B0 

-0-06S9 

-0-UOB 

+  40 

-0-0776 

-O-OBIO 

+T4 

-0-0919 

-0-0901 

+  78 

-0-0688 

-0-issr 

+98 

-0-0801 

-0-0867 

+  97 

-0-0199 

-o<tteo 

(^  rery  little  significance.  But  it  does  occur  in  a  very  marked  way  for 
tits  time  relations  when  we  correlate  the  daily  rise  at  the  two  atattona. 
This  analogy  strengthens  our  belief  that  the  intervale  of  irmTiTirmm 
cwrelatioD  are  of  great  importance  from  the  standpoint  of  atmospherical 
physics,  and  our  desire  to  see  the  practical  meteorologist's  explanatiao 
of  the  matter  is  correspondingly  increased. 

7.  The  magnitude  of  the  correlations  which  have  been  found  to 
exist  between  the  readings  on  consecutive  days  at  Wilmington  and 
Halifax,  suggaste  the  possibility  of  predicting  barometric  heigfata  at 
the  latter  station  with  a  fair  degree  of  accuracy  from  the  hei^te 
observed  at  Wilmington  on  the  previous  day.  In  the  paper  1^ 
Professor  Pearson  and  Dr.  Lee  already  referred  to,  a  table  is  gimi 
showing  the  barometric  heights  at  Stonyhurst  on  50  daya,  calculated 
from  the  simultaneous  readings  at  Southampton  and  Laudale.  Hie 
difference  between  the  calculated  and  observed  heighte  at  Stonyhnnt 
was  smidl  in  every  caae,  the  mean  v-ilue  being  about  ^".  At  that 
time  no  correlations  had  been  calculated  between  observationfl  taken 
on  different  days ;  but  the  values  now  obtained  make  it  poeadble  to 
apply  the  theory  to  actual  prediction.  In  predicting  for  Halifax  from 
a  single  station  more  than  1000  miles  away,  we  are  naturally  unable 
(o  obtain  such  good  results,  but,  on  the  other  hand,  we  hare  the 
advantage  of  calculating  the  probable  heights  at  Halifax  a  day  b^ore- 
hand.  In  order  to  see  how  far  the  prediction  is  verified,  forty  dates 
were  taken  at  random,  one  in  summer,  and  one  in  winter  for  eadi 
year.  It  was  impossible  to  allow  the  beat  intervals,  16  faoura  in 
anmmer,  and  23  in  winter,  as  we  do  not  possess  readinga  foe 
Wilmington  taken  at  the  required  times,  and  the  predictiona  hn*, 
therefore,  been  made  with  the  interval  of  26  hours  for  the  firat  10  ymi*, 
and  25  for  the  second. 

*  PmitiTe  vhsn  tha  Madiugt  are  Uiwn  later  at  IM^faiL 
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Table  Y  gives   the    means,   standard    deviations,  and    regression 
coefficients  which  were  employed  in  the  calculations. 

Table  V. — Barometric  Constants  for  Halifax  and  Wilmington. 


Station  and  season. 


Halifax,  summer,  1879— 18S8 
Wilmington,  do.  ........... 

Halifax,  summer,  1889—1898 

WiUnington,  do 

Halifax,  winter,  1879—1888  . 

'Wilmington,  do. 

Halifax,  winter,  1889—1898  . 
Wilmington,  do 


Mean. 


Standard 
deTiation. 


29*842 

0*24461 

80-04^ 

0*1490  ' 

29-870 

0  -2216 1 

80-085 

0-1487/ 

29*882 

0*34461 

80*162 

0*2047  * 

29-868 

0*8486\ 

90*168 

0*2104/ 

Begression. 


0*0096 
0*4681 
0*8764 
0*7678 


The  corresponding  prediction  equations  are  as  follows,  if  Hp  denote 
the  probable  height  at  Halifax  corresponding  to  a  height  W  observed  at 
Wilmington  on  the  previous  day. 

Summer  1879—1888   H^  =  1 1-527  + 06096 W. 

Summer  1889— 1898   H^  =  15*787 +  0-4681 W. 

Winter  1879— 1888 Hp  =    3*457  +  0-8764W. 

Winter  1889— 1898 H^  =    6-713  +  0-7678W. 

These  results  bring  out  clearly  the  marked  difference  between 
summer  and  winter,  which  has  already  been  shown  in  the  case  of  the 
correlations.  But  in  both  cases  there  is  also  a  difference  between  the 
two  decades  reduced;  this  is  partly  due,  no  doubt,  to  the  fact  that 
the  Wilmington  observations  were  taken  at  different  hours  in  the  two 
decades,  but  this  would  not  account  for  the  whole  difference,  which 
has  been  found  also  in  dealing  with  other  stations.  It  may  be  due 
to  variations  corresponding  to  those  of  random  sampling ;  or  it  may 
indicate  a  gradual  change,  whether  periodic  or  progressive,  in  the 
physical  constants  involved;  and  this  question  can  only  be  settled  by 
dealing  with  observations  extending  over  a  longer  period. 

The  results  of  the  predictions  are  shown  in  Table  VI. 

The  theoretical  mean  error  =  0*7979o-  ^1  -t** 

=  0'175  for  summer  and  0*239  for  winter, 

taking  the  mean  summer  and  mean  winter  values  of  o-  and  r  for  the 
two  decades.  These  theoretical  errors  are  slightly  larger  than  the 
actual  mean  errors  for  the  forty  random  dates  here  considered.  We 
should  presumably  improve  the  predictions  by  taking  the  interval  for 
which  the  correlation  is  a  maximum ;  but  even  without  this  improve- 
ment the  degree  of  accuracy  attained,  though  not  very  greats  mi^tV^ 
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Table  VL— Compuiwii  of  Predicted  and  Obeerred  Bxof^A 
TTftHf«, 

A.  Swnmer  Mmtht. 


Sate. 

Pro- 
dieted 
height. 

Obwrred 
diSmnoe. 

DMe.             diet«d 
h^ght. 

Oltoerwd 

JnneSO,  18T9.. 
Aug.  17, 1880.. 
Ainilll,18.m.. 
Jv>l7  4,1882   ... 
S<i)t.  16,  1888.. 
AttiiaO,lB84.. 
Jnnel4,1886  .. 
Huoh  81, 1886 
IbTie.  1887... 
Jnlj  20,1881. . 

20-T38 
29-f>80 
£0-?bfi 
2tP-78i 
29-922 
29-868 
29-891 
2»-8liS 
29-991 
M-924 

-OISS 
+  0'U4 
-0-OW) 
+  0  117 
+  0-086 
-0-306 
~0-08« 
+  0-286 
+  0-168 
+  0-162 

Mays.  1889...  . 
April  20,  1890.. 
gnIyl,18Bl.... 
Ang.12,1892.. 
Sept.  7, 1898  . .. 
June  8, 1894... 
July  8,  1896.... 
Apnl26,  1896.. 
IbTlS,  1897... 
June  17,  1888  .. 

29 -SM 

29*848 

2»-7n 

29-876 

S9-881 

29-eoa 

29-782 
19 -842 
29-876 
JIB -897 

+0->M 
••-0-UO 

-o-on 

-fO-OU 
-0-064 

••-0-aw 
-fo-oas 

-0-U7 

ItMQ  error.. 

0-148 

Heuenor.. 

o-iu 

B.  miUer  Motithf. 


Date. 

Pre- 
dicted 

height. 

ObeerTed 
difference. 

D«te. 

Pre- 
dioted 
height. 

ObMrred 

Deo.  26,  1879... 

SO  016 

-0-896 

Not.  16, 1889 

..    29-922 

Oct.  1,1880.... 

29-905 

+  0-190 

Jan.  6,  ISOO. 

..    30-126 

Not.  2S,  1881... 

29  ■602 

+  0-068 

Oct.  28,  1891 

..    29-688 

■t-0-068 

Feb.  21, 1882... 

29-951 

+  0 

IBfi 

Feb.  14,  1892 

..    29-888 

— O-MO 

Jan.  11, 1883  ... 

29-693 

+  11 

)53 

Dec.  2,  1898. 

..     29-766 

Sept.  99,  1884  .. 

20 -824 

+  0 

102 

Jan.  28,  1894 

..    29-924 

•«- 0-146 

MM«h7,  1886.. 

29-894 

+  0 

117 

Oct.  1,1896. 

..    29-718 

-<-O-O04 

Feb.  1,  18S6.... 

29-646 

+  0 

199 

Dec,  10,  189€ 

..    29-780 

Dec.  9, 1887.... 

29-898 

4  0-895 

Feb.  26,  1897 

..    89-938 

Mot.  2, 1888.... 

80-108 

-0-001 

Not.  9, 1898 

..    80-114 

Mean  error..'       .. 

i 

0-1B8 

Ueanerro 

r..j      .. 

O-lOB 

sufficient  to  be  of  serWce  in  practical  meteorology.  Still  better  remUa 
could  probably  be  obtained  by  making  the  prediction  for  one  etatioB 
depend  upon  obBervatione  at  two  or  more  other  etaUoiia,  so  situated  u 
to  give  suitable  intei-rals  for  maximum  correlation* ;  and  it  may  «1«> 
be  desirable  to  take  into  account  the  height  observed  on  the  prsTiots 
day  at  the  station  for  which  the  prediction  is  reijuired,  for  the  retdlu 
given  in  Table  III  show  that  in  some  cases,  at  any  rate,  there  IB  a 

*  It  would  be  of  little  uee  to  predict  for  interrali  of  oolj  5  or  ehoniaj  atkMt 
24  boor*  would  be  denrable,  if  thi*  doe*  not  nuke  it  necetMrr  to  take  dialHmi  ■» 
great  aa  larioualf  to  weaken  the  correlation. 
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considerable  correlation  between  the  barometric  readings  on  successive 
days  at  the  same  station.  Moreover,  it  is  possible  that  the  correlation 
between  the  daily  rise  or  fall  at  different  stations  might  give  better 
results  for  prediction  than  the  correlation  between  the  actual  heights 
observ^ed  :  but  what  has  alreadv  been  done  is  sufficient  to  indicate  the 
manner  in  which  modem  statistical  methods  may  aid  the  meteorologist 
in  this  part  of  his  work.  As  regards  the  more  fundamental,  though 
less  immediately  useful,  task  of  meteorological  science,  the  intervals  of 
maximum  correlation,  a  few  examples  of  which  have  been  considered  in 
this  paper,  will,  I  believe,  be  found  ultimately  to  be  of  importance  in 
relation  to  the  physics  of  the  atmosphere.  Although  considerable 
laboiu*  is  involved  in  the  calculation  of  these  intervals,  even  for  a 
single  pair  of  stations,  yet  the  increase  of  theoretical  knowledge  which 
woiJd  result  from  an  adequate  investigation  of  the  manner  in  which 
they  depend  upon  local  conditions,  and  upon  the  positions  and 
distances  of  the  places  considered,  would  probably  be  amply  sufficient 
to  justify  the  labour  expended  upon  the  matter. 

8.  The  conclusions  to  be  drawn  from  the  results  given  in  this  paper 
are  as  follows : — 

(i)  The  correlation  between  the  barometric  readings  at  two  stations 
upwards  of  1000  miles  apart  depends  upon  the  interval  between  the 
readings.  In  the  case  of  Halifax  and  Wilmington,  the  correlation  is 
sensible  for  at  least  9  days,  and  it  reaches  a  maximum  for  an  interval 
of  about  16  hours  in  summer  and  23  in  winter.  For  these  stations, 
and  also  for  St.  Helena  and  Cape  Town,  the  observation  at  the  more 
easterly  station  should  be  taken  later  for  maximum  correlation. 

(ii)  There  is  a  considerable  correlation  between  the  daily  rise  at 
Halifax  and  Wilmington,  and  this  correlation  changes  with  the  interval 
in  a  manner  somewhat  analogous  to  that  in  which  the  correlation 
Ijctween  simultaneous  heights  at  two  stations  approximately  on  the 
same  meridian  depends  upon  the  distance  between  them. 

(iii)  There  are  considerable  differences  between  the  summer  and 
winter  correlations,  and  these  differences  are  of  the  same  general 
nature  for  both  pairs  of  stations  considered. 

{iv)  It  is  possible  to  predict  the  barometric  height  at  one  station 
from  an  earlier  height  at  a  second  station  more  than  1000  miles  away, 
with  a  fair  degree  of  accuracy,  the  mean  observed  error  for  forty  dates, 
taken  at  random,  for  Halifax  and  Wilmington,  being  0"'15. 
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"^  On  tiie  Drift  produced  in  Ions  by  Electromagnetic  DistarbaiKM, 
and  a  Theory  of  Badio-Activity."  By  Gboboi  W.  WixKB, 
MJl.,  A.RC.Sa,  Fellow  of  Trinity  College,  Chunbiid^ 
Lecturer  on  Physics  in  the  University  of  Gla^w.  Comma- 
nicated  by  Professor  A.  Grat,  F.RS.  Beceived  December  16, 
1904— Bead  January  26, 1905. 

Some  time  ago  I  showed*  how  the  equations  of  motion  of  a  free  ion 
under  the  influence  of  a  harmonic  train  of  plane  waves  miglit  be 
completely  integrated,  subject  to  the  restriction  that  the  viscous  effiset 
of  radiation  from  the  ion  may  be  neglected. 

The  equations  are  closely  analogous  to  those  for  a  simple  pendulmn, 
and  by  following  out  the  analogy  in  the  case  where  the  pendulum 
makes  complete  revolutions,  it  is  easy  to  show  that  while  the  passage 
of  a  complete  wave  restores  the  initial  velocities  of  the  ion,  its  poaation 
in  space  is  altered.  This  change  of  position  cannot  be  accounted  for 
entirely  by  the  change  due  to  velocity  which  the  ion  may  be  assumed 
to  possess  before  the  wave  reaches  it. 

The  continuance  of  the  waves  thus  involves  the  result  that  the  ion 
must  continue  to  change  its^  position  in  space.  It  will  thus  appear  to 
move  in  a  definite  manner  which  can  be  determined  in  terms  of  the 
initial  circumstances  of  the  ion  and  the  constants  of  the  train  of  waves. 
The  result  is  very  remarkable,  and  is  not  confined  to  an  infinite  train 
of  harmonic  waves.  Similar  results  follow  in  the  case  of  any  form  of 
e]ecti*o-magnetic  disturbance  propagated  in  a  straight  line. 

I  propose  here  to  discuss  the  case  of  a  plane  polarised  disturbance 
propagated  in  a  straight  line.  Let  the  electric  force  be  X  =  Xof(yt  -  z) 
where  Vis  the  velocity  and  s  the  direction  of  propagation.  Associated 
with  this  we  must  have  a  magnetic  force  M  =  Xo/V  f(Vt  -z)  in  9l 
direction  at  right  angles  to  that  of  X.  If  m  be  the  inertia  and  e  the 
charge  of  the  ion,  the  equations  of  motion  may  be  written 

7»»  =  «  (X  -  ;8;M), 
w?y  =  0, 

mz  =  +«cM. 

We  may  thus  confine  attention  to  the  motion  in  the  xz  plane.  We 
have 

z  =  li^a:f(yt-z). 
m  Y 

•  '  Boy.  Soc.  ProoV  toL  69,  p.  SM;  'FhiL  Mag.,'  1903,  toI.  6^  p.  687. 
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If  we  take  a  moving  origin  so  that  \t~z^(^  then  I  will  be  the 
•distance  of  the  ion  from  a  plane  moving  with  the  disturlNince,  and 
reckoned  positive  in  the  direction  from  which  the  waves  coma  The 
equations  then  take  the  form 


Thus  in  general 


I-  -ifsw 


i^  +  {«  =  const. 


is  an  integral ;  it  indicates  that  the  energy  of  the  ion  relative  to  the 
moving  origin  is  constant. 
We  also  get 


where  a  is  a  constant, 

We  may  note  that  if  the  disturbance  is  such  that 


f/(0  di 


0, 


then  the  original  value  of  i;  is  restored,  when  (»  ^,  and  hence  also  the 
original  values  of  ^  or  2r  on  account  of  the  equation  of  energy. 
Let  us  now  take  a  simple  case  so  that 

/(O  =  1     from      0  to  d, 
/(0  =  0       „         d  „  rf  +  l, 

/(0  =  0       „  2d^l   „   2d  +  2/, 

and  thereafter  let  the  form  of  disturbance  recur. 
From  f  =  0  to  f  =  d,  we  have 

Hence 


<--> 


■*-"sv' 


And  a;2  +  j2  =  a2+c8, 

where  a  and  c  are  the  initial  values  of  &  and  (. 


We  also  get 


['*'^H'-»'-  '*^- 


Thus  during  the  first   pulse   the  ion   describes  a  circle    centre 
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i^C  -^a^utd  radiiu  ^(oi  +  tj^  widi  ugohr  vdoaity  ^ 
ft  irin  kave  the  9nt  polae  with  Telod^  given  1^ 

and  deHribe  &  straight  line  until  it  reachefl  the  ncond  pnbe. 
Dating  the  passage  through  tiie  second  pulse  ve  have 

so  that  B?+^  =  a«  +  c«. 

7ie.  I.— DUgnm  to  iUnatnrie  the  path  of  the  ion. 


Cue  I.    a  =0.        e-V. 


■  •H  .e_'i- 
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Thus  the  ion  will  describe  a  circle  of  the  same  radius  as  before  with 
the  same  angular  velocity,  but  the  curvature  is  now  in  the  opposite 
direction  and  the  centre  is  different.  The  ion  leaves  the  second  pulse 
with  velocity  (a,  c),  and  proceeds  in  a  straight  line.  The  path  is 
shown  in  the  diagram  (1). 

We  now  calculate  the  time  taken  to  travel  from  f=0  to  f=2/  +  2f/, 
and  also  the  displacement.  The  simple  character  of  the  path  enables- 
us  to  do  this  easily. 

If  we  denote  eXo/mY  by  co,  the  time,  T,  is  given  by 

T«        2   f  -^-i  a  +  <ad        .^  .       a      \ 

+  ^— i— 

c      {c24-a2-(a  +  oxf)2}r 

Now,  (=Yt-z,  Hence  the  displacement  of  the  ion  from  it* 
original  position,  in  the  direction  of  the  waves,  is 

z  =  VT-2(Z  +  (/)- 
The  displacement  in  the  direction  of  x  is 

2 


X  = 


=  -{(•-  Vc^  +  a2-(a  +  a)(0^;- 


(U 


al 


{a  +  (ad)l 


Let  us  now  consider  two  particular  cases. 

Case  I. — The  ion  was  originally  at  rest.     Hence  a  =  0  and  c  =  V. 
Neglecting  w^  and  higher  terms,  we  get 


>d 


»d» 


">"■  /J  .  rv  .  O"^"   /I  J  .   1 1\ 


Thus,  if  the  impulses  recur,  the  ion  will  appear  to  travel  in  spacfr 
with  velocities  which  are  approximately 


i-iwd   and    '-  '"'^iA+M 


X 


It  will  thus  appear  to  drift  on  in  the  direction  of  the  waves.* 

*  These  are  also  the  mean  ralues  of  the  tme  yelocities  x  and  z  during  a  com- 
plete  pulse.  I  wish  to  emphasixe  Ihe  fact  that  if  we  could  obserre  the  ion  just  a9 
it  leayes  the  pulse  it  will  again  be  at  rest  if  it  was  initially  at  rest,  but  its  position 
is  altered.    I  shall  therefore  refer  to  these  as  apparent  yelocities. 


418         Mr.  a  W.  WallcBr.    (M  ih$  Drift  proAuml  in    [Dea  IC, 

OuMf IL— Let jfc «  -^wiiaiid^-Oimtuaij. 
Tlkttioe  a  -*  -^^    and    e  «  Y; 


In  this  ease 


a; «  0  exactly. 
Thus  the  apparent  velocities  are 

X  ^0  exactly, 
.  T,  fAP    d 

Thus  the  ion  will  seem  to  move  in  the  direction  from  wbieh  tlia 
impolses  come.  It  is  wcnrth  while  to  note  that  the  x  velooity 
Tanishes,  and  so  the  ion  will  drift  backwards  ¥rithout  altering  its  x 
eo-ordinate. 

In  both  these  cases  the  initial  circumstances  are  such  that  the  ion 
succeeds  in  getting  through  the  first  pulse.  It  ¥rill  be  seen  that  the 
initial  circumstances  can  be  so  chosen  that  it  fails  to  do  so.  This,  how- 
ever, involves  the  result  that  at  some  point  of  the  circular  path  ^  »  0^ 
or  in  other  words  that  the  ion  is  moving  with  the  velocity  of  the 
waves*  Now  the  equations  break  down  before  this  point ;  bat  the 
result  may  be  held  to  indicate  chat  if  the  ion  is  originally  moving  in 
the  direction  z  with  a  velocity  a  little  less  than  V,  it  may,  so  to  speak; 
be  picked  up  by  the  waves  and  carried  forward  with  the  velocity  V. 

These  cases  are  sufficient  to  illustrate  the  general  feature,  and  it  may 
be  noted  that  the  apparent  x  velocity  is  an  odd  function  of  the  charge  ^ 
while  the  z  velocity  is  an  even  function  of  the  charge.  This  last  resolt 
leads  us  to  expect  that  even  a  neutral  molecule  made  -up  of  positive 
and  negative  ions  will  also  be  made  to  drift  in  the  direction  in  whidi 
the  waves  are  travelling. 

We  thus  arrive  at  the  conclusion  that  the  propagation  of  plane 
polarised  disturbances  through  a  portion  of  space  containing  ions 
involves  drifting  of  both  positive  and  negative  ions  which  may  he  widi 
or  against  the  direction  of  propagation  according  to  the  initial  circmn- 
stances.  Since  the  z  motion  does  not  depend  on  the  orientation  of  (he 
plane  of  polarisation,  similar  results  must  follow  for  unpolarissd 
disturbances. 

The  restoration  of  the  initial  velocities  relative  to  the  fixed  origpn, 
after  the  passage  of  what  we  may  call  a  complete  pulse,  shows  that  no 
energy  (relative  to  the  fixed  origin)  is  permanently  abstracted  hj  As 
ions,  although  during  one  portion  of  the  pulse  energy  is  abettiMed 
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which  is  exactly  restored  during  the  remaining  portion.  If,  however,, 
we  take  account  of  radiation  from  the  ion,  this  will  no  longer  be  the 
case.  Energy  will  be  definitely  abstracted  from  the  pulses  and  radiated 
away  from  the  ion.  In  this  case  the  passage  of  a  complete  pulse  na 
longer  restores  the  original  velocities  unless  the  energy  absorbed  by 
the  ions  is  radiated  away  before  the  pulse  has  passed,  lliis  will  not,  in 
general,  be  the  case.  Hence,  even  if  radiation  be  taken  into  accoimt, 
there  must  still  be  a  drifting  of  the  ions.  Indeed,  the  general  effect  of 
the  radiation  will  be  to  give  the  ions  real  velocities  instead  of  what  I 
have  called  apparent  velocities. 

These  results  seem  to  me  to  have  an  important  bearing  on  the  theory 
of  Eontgen  rays  and  of  the  action  of  radio-active  substances.  We  may 
regard  a  radio-active  substance  as  the  origin  of  electro-magnetic 
disturbances  radiated  outwards.  These  may  ionise  the  gas  in  the 
immediate  vicinity  of  the  substance,  and  we  shall  then  have  a  streaming 
of  positive  and  negative  ions  and  probably  also  of  neutral  molecules, 
both  outwards  from  the  substance  and  inwards  to  it.  This  view  is 
quite  in  agreement  with  the  apparently  material  character  of  part  of 
the  radiations  (indeed  it  would  explain  it),  but  it  does  not  require  the 
supposition  that  there  is  a  continual  diminution  of  the  radio-active 
substance. 

The  question  arises  whether  the  velocities  set  up  in  the  ions  are  of 
the  ordei'  that  experiment  indicates.  If  the  impulses  radiated  are  set 
up  by  collisions  of  ions  in  the  active  substance,  it  appears  to  me  that  at 
least  in  the  immediate  vicinity  of  the  substance,  the  velocities  set  up 
may  be  comparable  with  the  velocities  of  the  ions  which  produced  the 
impulses. 

The  velocity  of  the  material  particles  in  the  radiations  from  active 
substances  are  comparable  with  Y.  It  will  thus  be  seen  that  the  theory 
suggested  here  requires  that  lod  should  be  comparable  with  Y.  Now 
(0  is  the  angular  velocity  with  which  the  ion  described  the  circular 
path  in  passing  through  the  pulse,  and  is  thus  the  measure  of  the 
frequency  of  the  vibrations  set  up  in  the  ion.  If  (2  is  of  the  order  of  a 
wave  length  of  visible  or  ultra-violet  light,  then  (u  must  be  of  the  order 
of  the  frequency  of  visible  or  ultra-violet  vibrations.  Hence  the 
theory  requires  that  associated  with  the  impulses  we  should  have 
visible  or  ultra-violet  light.  I  think  it  must  be  admitted  that  this 
is  in  harmony  with  the  experimental  endence  on  ionising  agents 
generally.  Per  contra  we  may  argue  that  if  any  system  is  an  origin 
from  which  electro-magnetic  pulses  of  great  intensity  are  radiated,  we 
shall  have  associated  with  these,  in  its  immediate  vicinity,  streams  of 
ions  moving  with  great  velocities,  and  trains  of  waves  which  may  be  of 
such  frequency  as  to  come  within  the  visible  spectrum.^  Thus  the 
distinction  between  bodies  turns  on  the  character  of  the  impulses,  and 
is  a  difference  of  degree  rather  than  of  kind. 


AuotJier  iiit«reHting  point  is  raiseiri  by  these  results.  In  free  s_ 
the  propaigKtion  of  w«vea  to  a  straight  line  ia  quite  independent  of  ai^ 
atatical  eleotrio  or  magnetic  field.  But  if  the  wavee  are  propagated 
throngh  a  p^  of  space  containing  nutter,  the  atreaming  of  tha  iont 
prodnoed  by  the  waves  eeenu  to  lead  to  the  condosioit  tliat  Uis 
propagation  of  the  wares  is  no  longer  independent  of  the  i 
electric  and  magnetic  field,  and  aberration  must  result. 

In  conclusion,  I  wish  to  express  my  great  obligation  to  '. 
Gray,  who  has  discussed  these  results  with  me  and  read  the  paper  with 
very  great  care. 

[Nete  added  January  30. — Lord  Kelvin  has  expressed  the  view  tlut  a 
radio-active  body  may  in  some  way  extract  enei^  from  the  nther  and 
again  radiate  it.  Professor  and  Madame  Curie  have  also  euggeated  a 
poaaiUe  abstraction  from  the  surrounding  gas.  The  resulta  obtained 
hwe  anpport  such  views  and  indicate  in  some  measure  how  aucb  a 
{VOcesB  of  selection  may  go  tm.] 


"  On  the  Ultra-Violet  Spectnim  of  Gadolinium."*  By  Sir  Willuu 
Crookks,  D.Sc.,  F.R.S.  K«ceived  December  8,  —  B»d 
December  15,  1904. 

Gadolinium  oxide  is  a  rare  earth,  occurring  between  yttrium  and 
samarium.  It  was  discovered  in  1880  by  Marignac,  and  was  at  fint 
called  by  him  Yo,  a  designation  which  he  soon  changed  for  gadolininm. 
Since  Marignac'a  time  much  work  has  been  done  on  this  earth  by 
Lecoq  de  Boisbaudran,  Bettendorf,  Cleve,  Benedicks,  Marc,  Demarny, 
Exner  and  Haschek,  Urbain,  and  others. 

In  the  spring  of  this  year,  M.  G.  Urbain  gave  me  some  gadolinis 
and  other  rare  earths,  which  he  had  prepared  in  a  state  of  consideraUe 
purity  by  means  of  a  novel  system  of  fractionation  in  which  lue  is 
made  of  the  crystallisation  of  double  nitrates  of  bismuth  and  magneainm 
with  the  rare  earth  nitrates.  He  finds  that  bismuth  pUoea  ilaelf 
between  the  eerie  and  the  terbic  groups,  thus  sharply  separating 
samarium,  the  last  member  of  the  eerie  group,  from  europium  and 
gadolinium,  the  first  members  of  the  terbic  groups.  I  have  for  sons 
time  past  been  fractionating  rare  earths  by  Urbain's  method,  and  oan 
quite  corroborate  what  he  says. 

The  ultra-violet  spectrum  of  gadolinium  has  been  meaaured  hj 
Exner  and  Haschek,   who  have   published   their  results  in  a  book, 

[•  Ap1&t«of  the  ipeetinia  to  which  thiacommnnicatiouMfert  wiU,  it  is  hoped,  b* 
publiilied  in  snolliflr  place.] 
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*' Wellenlangen-Tabellen  fiir  Spektralanalytische  Untersuchungen,"* 
These  observers  used  a  material  prepared  by  Dr.  L.  Haitinger,  in  which 
they  say  holmium,  samarium,  and  yttrium  were  present  as  impurities. 
They  give  wave-lengths  of  1150  lines ;  I  have  found  them  to  be  as  a 
rule  very  accurate,  and  in  the  maps  accompanying  this  I  have  adopted 
most  of  their  wave-lengths,  except  in  cases  where  my  own  measure- 
ments give  different  figures,  or  where  lines  given  by  them  are  not 
to  be  distinguished  on  my  photographs.  In  some  cases  also  lines 
ascribed  to  gadolinium  appear  to  be  caused  by  other  earths  as 
impurities. 

My  photographs  were  taken  by  means  of  the  apparatus  described  in 
my  paper  "  On  the  Ultra- Violet  Spectrum  of  Eadium."t  The  arrange- 
ment is  the  same  as  there  adopted  in  the  maps  of  the  radium  spectrum. 
The  upper  half  of  each  strip  shows  the  iron  lines  used  as  standards, 
with  their  wave-lengths  according  to  Rowland's  latest  measurements. 
The  lower  half  contains  the  gadolinium  lines,  with  their  wave-lengths 
re-calculated  or  verified  from  the  iron  standards,  according  to  the 
method  given  in  detail  in  the  paper  just  quoted.  Other  lines,  the 
wave-lengths  of  which  are  written  in  red  ink,  are  either  platinum  lines 
or  lines  due  to  traces  of  impurity  in  the  gadolinium  oxide.  These  are 
very  few,  and  their  faintness  speaks  well  for  the  accuracy  with  which 
M.  Urbain  has  separated  other  earths  from  the  gadolinium,  for  in  my 
experience  I  have  seldom  found  a  so-called  "  pure  "  salt  of  an  ordinary 
metal  anything  like  so  free  from  impurities  as  this  earth  proves  to  be. 
Moreover,  it  must  not  be  taken  as  certain  that  some  of  the  impurities 
assumed  to  be  present  on  the  strength  of  a  strong  line  are  really  there, 
because  in  some  instances  I  have  not  been  able  to  detect  the  presence 
of  another  equally  characteristic  line  of  the  same  impurity. 

The  rare  elements  allied  to  gadolinium,  or  occurring  with  it,  which 
I  have  thus  f  oimd  to  be  present,  are : —  * 

Yttrium,  represented  by  the  lines  at...  3774*51  and  4177-68. 

Europium  „  „  „      ...  3972-16, 4129*90,  and  4662*08, 

Samarium  ,,  „  »       •••  3230*65. 

Ytterbium         „  „  „       ...  3289*52  and  3694*35. 

Scandium  „  „  „      ...  3572*71, 3613*96,  and  3630*86. 

The  other  elements  which  are  present  are^ 

Bismuth,  represented  by  the  line  at        4259*85. 

Magnesium        „  „      lines  at      2796*62  and  2802*80. 

Calcium  „  „  „  3933*81  and  3968*60. 

Of  these,  ^the  bismuth  and  magnesium  are  present  from  the  salts 

•  F.  Deaticke,  Leipzig  and  Wien,  1902. 

t  *  Boy.  Boo.  Ppoc.,*  toI.  72,  p.  296.,  Aug.,  1903. 


mad  in  tfu  tnaHaoatiaa,*  while  nlonm  it  rapciilad  h^  tht  gmt 
B  Mtd  K  pair,  whioh  are  «hnoit  alwiTi  praaanfe  in  autiij  apwtot, 

I  hltn  abo  ozimiiied  the  phoapboraaoat  apeotnim  of  UibM 
gadoKniian  by  means  of  photogni^.  In  1886  I  """-"i-ioatii  a 
IM^er  to  tiie  Boyal  Socuty.t  on  the  vidble  apeobnm  of  jdioapliaiM^f 
Y«  (gadoBnia),  given  to  me  by  Marignao,  an^  alao  jnpKrsd  bj  B^aA 
and  Utn  in  the  yeart  I  aaid  that  the  gadolininm  I  wu  then  ■  lalj^ 
wittt  ahowed,  on  the  evidence  of  it*  phoaphoreacait  ■peofennai,  tl» 
{ffeasnee  of  samarium  and  other  impnritiea.  Knee  that  tuna  I  have 
naed  the  photographic  method  of  examining  phoephoreaoant  ^m^h^ 
and  in  1899  I  brought  before  the  Boyal  Society^  a  prelimuiar7  mitite 
of  a  ner  element,  Victorium,  the  existence  of  vhich  I  waa  lad  to 
infer  from  its  ohemioal  propertdee,  and  from  a<mie  band*  io  itoplko^ibat 
eaoent  i^eotnun.  These  bands  conast  of  a  strong  group  bj^  i^ 
jn  ihe  ultra-violet  spectrum,  having  wave-lengtha  cl  3117 — SlWt, 
3060,  3064,  and  3219. 

The  specimens  of  gadolinia  prepared  by  myself  in  1886,  aa  well  ai 
that  lent  me  by  Marignac,  gave  these  victtxinm  bands  faintly,  and  tbt 
gadolinia  given  me  by  M.  Urbain  also  showed  the  same  >»T»^if  is 
greater  strength  than  the  other  lines  and  bands  I  have  aacribod  to 
samarium  and  yttrium.  Early  this  month  M,  TJrbaln  has  sent  ^  a 
specimen  of  gadolinium  which  he  considers  quite  pure,  and  m  faMtjM 
it  in  the  vacuum  tube  for  its  phoaphoreeoent  speotrum  I  find  Ai 
victorium  bands  photograph  stronger  than  Uiey  came  out  in  the  otbr 
apecimen..  At  the  same  time  I  do  not  think  that  victoriom  a 
gadolinium.  All  the  evidence  from  chemical  and  phoephoreaoent  data 
tends  to  tiie  conclusion  that  victorium  is  only  present  as  an 
in  the  gadoHnium,  and  the  strength  with  which  it  reveals  ita 
is  mainly  due  to  the  excestdve  delicacy  of  the  test. 

*    In  a  itJU  purer  apeoimeD  from  M.  Uibun,  reoenllj  moeiTed,  tbaae  impinitMt 
are  kbsent. 
t  '  E07.  800.  Proo.,'  Tol.  40,  p.  Z36,  Feb.,  1B88. 
t  '  Saj.  800.  Proo.,'  vol.  M,  p.  608,  Jnne,  1886. 
§  '  Boy.  80c.  Froc.,'  Tol.  65,  p.  237,  Hftj,  1899. 
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"  On  the  '  Blaze-currents '  of  the  Gall  Bladder  of  the  Frog."  By 
Alice  M.  Waller.  Communicated  by  Augustus  D.  Waller, 
M.D.,  F.RS.  Received  December  1, 1904,— Eead  January  26, 
1905. 

(From  the  Physiological  Research  Laboratory  of  the  University  of  London.) 

This  investigation  is  a  continuation  of  Dr.  Waller's  work  on  the 
electrical  responses  to  stimulation  exhibited  by  animal  and  vegetable 
living  tissues,  which  responses  he  has  designated  "  Blaze-currents."* 

I  have  employed  the  method  already  described  by  him  at  length,  in 
the  University  Series  of  Lectures  entitled  "  Signs  of  Life."t 

After  examining  many  tissues  and  organs  from  the  frog  and  cat,  my 
attention  was  directed  particularly  to  the  liver  of  the  frog,  which  one 
would  naturally  expect  to  display  signs  of  activity ;  not  obtaining  very 
large  responses  from  the  liver,  I  tested  the  gall  bladder,  and  to  my 
surprise,  observed  large  electrical  variations  which  occur  regularly  and 
without  fail,  and  may  be  noticed  as  long  as  24  hours  past  mortem 
ranee. 

The  frog  is  killed ;  the  liver  and  gall  bladder  are  taken  out  and 
placed  on  a  glass  plate ;  impolarisable  electrodes  are  applied  to  the 
liver  or  gall  bladder.  The  electrodes  are  always  previously  tested,  and 
are  made  so  that  they  give  no  response  to  electrical  stimulus.* 

The  liver  is  found  to  give  antidrome  currents  except  when  the 
electrodes  are  placed  one  on  the  surface  and  one  at  the  hilum ;  in  this 
case  the  responsive  current  runs  from  the  surface  to  hilum. 

Excitation  by  Single  Break  Induction  Shocks  from  Berne  Coil. 

Liver  (March  9). 
Strength  of  excitation.   Response. 

Coil  at  5000  +  gave  -  0'0005  volt.    Liver  placed  between  electrodes 
-    „    +0*0003    „  with  imder  surface  upwards 

10000-    „    +0-0010    „ 
+    „    -0-0013 


„  V    WAV  „ 


•  '  Phil.  Trans./  B,  toL  194,  p.  184^  December,  1900 ;  ' Boy.  8oc.  Free.,'  toI.  08, 
p.  79,  January,  1901. 

t  *  Signs  of  Life/  published  by  John  Mnrray,  1908»  for  the  Uniyenity  of 
London. 

VOL.  LXXIV.  *I  \ 
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Liver  (March  24). 

Strength  of  exoitfttion.    Response. 
5000-          +0-0010 
„    +          -  0-0009 
10000+          -0-0013     +0-0002 

+  0-0022 

Slectxodae. 
10000+   =  0-0001 
„      -   =  0-0001  ' 

Liver. 

6000-      +0-0047    Response      v 

+      +0-0053      surface        xV^ 

to  hilum         ^VS.<--7-7 
1  honr  Utar —                                      Mfff/ffmli 

y     Electrodes 
♦A  yy      placed  on 

//        surface 

w^mMjf          andhilum 

10000+      -00047     +00002 
-      +  00047     -  00003 


Liver  (May  7). 

5000+    = 

=    -00008 

+  00004 

— 

+  0-0005 

+ 

-00009 

+ 

10000  + 

-0-0018 

+  0*0004     Remaining  and  slowly  sub- 

— 

+  0-0018 

siding. 

The  gall  bladder  invariably  gives  an  antidrome  "  blaze  "  or  response 
to  excitation ;  it  is  an  instance  of  the  equivocal  blaze  current,  in  the 
contrary  direction  to  the  exciting  current,  described  by  Waller  in 
vol.  68,  p.  79,  *  Proc.  Roy.  Soc/  Weak  stimulus  elicits  one  antidrome 
blaze ;  to  stronger  stimulus  the  response  may  be  triphasic  ;  antidrome, 
homodrome,  antidrome.  The  first  and  antidrome  response  is  a  large 
effect  and  soon  over,  the  galvanometer  spot  flies  off  and  quickly 
returns  to  zero  and  beyond,  indicating  the  second  and  homodrome 
effect,  which  is  a  prolonged  change  lasting  about  two  minutes  and  slowly 
subsiding,  the  second  effect  is  often  larger  than  the  first. 

The  blaze  is  a  local  effect,  as  shown  in  experiment  on  March  22, 
where  it  is  abolished  by  strong  tetanus  at  one  spot,  but  found  to  persist 
in  other  parts  on  turning  the  bladder  roimd. 

The  blaze  is  abolished  by  boiling  the  gall  bladder  or  by  subjecting  it 
to  strong  chloroform  vapour,  or  by  tetanus. 
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Oatt  Bladder.    Experiment  of  March  3,  1904. 
Excitation  by  Single  Break  Induction  Shocks  from  Berne  CoU. 


BeapoDM. 
1000-gave  +0-0012  volt.  OaU  bladder  had  a  piece  of  liver 


..    + 

„     -00037 

under  it 

)•    + 

„     -00080 

Gall  bladderplacedfreely  between 

„    - 

„     +0-0060 

electrodes 

Shunt  1 

„    - 

„    +00073 

»    + 

„     -0-0080 

»    + 

„     -0-0060 

..    + 

„     -  0-0020 

„    - 

„    +0-0012 

5000- 

„    +0-0040 

»     + 

.,    -off 

+  ofi 

Shunt  ^V 

..     + 

„     -00123 

+  0-0030 

Shunt ^ 

10000  + 

„    -0-0133 

Shunt ^ 

„ 

„    +00033 

-0-0025  + 

„    +off 

-off 

„ 

„    +0-0033 

-0-0046 

•>     + 

„    -0-0260 

1000  + 

„     -0-0003 

„    _ 

„    Nil 

5000- 

.,    +0-0020 

»     + 

„     -  0-0030 

Shunt i 

>■     + 

„     -0-0026 

„     - 

„    +0-0015 

10000- 

„    +0-0030 

"     + 

„    -0-0026 

„ 

„    +0-0026 

Shunt  I 

10000  + 

„    -  0-0022 

- 

„    +0-0016 

- 

„    +0-0011 

Ga«  Bladder  (March  5,  1904). 

OnUt. 

Bnponu. 

Eleetradca. 

N.C.  + 00006. 

S.8. 

1000  + 

=     -00008 

_ 

=    +  off 

10000-    =    +0-0003 

Shunt -^ 

,,    _ 

=.    +0-0100 

„     +    -    -0-0001 

_ 

=    +0-0110 

+ 

-    -0-0020 

Ib.^M.'WlllR.    CHu-anttitrrmf    [Dm 


1000+ 

. 

-0-OOSO 

- 

- 

+0-0090 

9000+ 

* 

-0-0090 

+  0«180 

- 

- 

+  0-0030 

-0-OSOO 

+  0-0060 

- 

+0-0060 
+  0O080 

-0-0080 
-0-OOSO 

+  0-0030 

- 

+  0-0080 

-RinUng 

+ 

-0«M0 

+  0-0080 

lOOOO- 

+  0-0180 

-0-0060 

+o(r 

+ 

0-0872 

- 

+  0-0173 

-0-0081 

+  0-0030 

- 

+  0-0200 

-0-0064 

+  0-003O 

+ 

-0-0127 

+  0-0064 

+ 

-0^)114 

- 

+  0-0086 

- 

+  0-0071 

-0-0016 

6000  + 

-0OO71 

- 

+  0-003B 

-0-0014 

+ 

-0-0064 

- 

+  0-0050 

-0-0014 

1000- 

+  0.0007 

+ 

-0-0009 

(BoDed) 

1000  + 

nil 

- 

nil 

6000- 

+  0-0002 

+ 

-0-0001 

10000  + 

-0-0003 

- 

+  0-0004 

Another  Gall  Bladder  (March  6). 

000+    -    -0-0006 

-  =    +0-0018 
000-    =    +00091 

+    =    -0-0075 
000+    =    -00087 

-  -    +  0-0081     The  responoea  an  not  i 

lasting  as  they  were 
000-  +0-0054  ^     ^' 

+  -0-0040 


-.'i 
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Gall  bladder  put  under  CHCU  in  a  glftSB  chamber  of  about  1  inch 
cubic  8pace.  CHCls  on  cotton  wool  attached  to  top  of  chamber  by 
modelling  wax.    After  ^  hour  strong  chloroform  vapour — 


6000 

-    =  nil 

• 

+    =•  nil 

CfaU  Bladder  (March  9). 

Coil  at. 

ResponM. 

S.8.  1000  + 

=i 

-0-0005 

»i    "" 

=. 

+  0-0019 

5000  + 

s 

— 

»    "" 

=» 

+  0-0061 

..  + 

s 

-0-0063 

10000+ 

» 

-0-0076 

+  0-0005 

>f      "" 

=s 

+  0-0076 

-0-0005 

5000- 

+  0-0005 

-0-0002 

»    + 

-0-0009 

10000+ 

-0-0015 

l>     ~ 

+  0-0012 

OaU  Bladder  (March  9). 

CoU  at. 

S.8.    1000  + 

-0-0012 

M        "" 

+  0-0020 

6000- 

+  00060 

»    + 

-  00023 

1000- 

+  0-0076 

* 

n      + 

-  0-0069 

5000  + 

-0-1110 

+  after  effect  then   -00020 

f»    ~ 

+  0-0110 

-0-0040 

10000- 

+  0-0080 

Interval  then              - 00020 

n        + 

-  0-0060 

+  0-0003 

After  chloroform- 

5000  + 

nil 

10000  + 

-00001 

f«    "" 

nil. 

Envelope  examined  gave  no  effects  and  looked  dried  up ;  no  sign  of 
blood-vessel  usually  seen. 


43S  Hn.  A.  IC.  Wallar.    0»efBI<m(mimU' 

A.  CM  BItMtr  (Harsh  10,  IMM). 

OoDlt.  Biapoiiw. 

8.1.  1000+    -    -O-OOiO 
+0-0100 
5000-  +0-0140   -0-0100 

+       -0-oaoo  +0-0020 

10000+  -O-OJ80  +0-0010   -0-0040 

+  0-0M0   -0-0060 


[DHL  I, 


Oill  Bladdtr  (Mai-ob  33). 


N.C.  (acddental  or  nomul 

10000+    -    -O-OOOM 

onrrent)  -  +0-0004  volt 

S.a.  1000+   -  oil 

-    -    +0-0000* 

„ +0-000J 

5000+    -    -0-0020 

+  0-0002 

„     -    -    +0-0018 

10000-    -    +0-0050 

Retwning  slowly,  then  -  O-O009 

„     +    =    -0-0040 

+  0-0003 

„     +    =    -0-0040 

J  min.  Mt. 

Coil  at  10000+    -    +00015 

After  strong  tetanus. 

S.8.  6000-  =  +0-0000 

10000-  =  +0-0003 

„     +  -  -0-0001 

6000+  =  nil 

Tet.     „    +  =  +0-0003 

S.B.  10000-  =  +00001 

The  bladder  wu  turned  round  in  order  to  expose  two  fresh  mufaa 
to  the  electrodes. 

N.C.  +0-0015,  decreasing  to  0. 


Coilrt. 

S.a.  5000-    =    +00007 

-00002 

10000-    -    +00010 

-00001 

+    =    -0-0008 

5000+    =    -0-0004 

1  minute  tetMius 

TeUnusat  10000  + 

8.8.  10000+    -    -0-0001 

„ +0-0000 

1904.]  of  the  Gall  Bladder  of  the  Frog. 

Turned  round  again  to  spots  previously  tetanised. 
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Coil  at. 

S.8.  10000  + 


>f 


nil 
nil 


QaU  Bladder  (March  24). 


Ck)Uat. 
S.8.  1000  + 


Shunt i 


+ 
5000  + 


Comp.  +00006 
Comp.  +00008      10000- 
+  00015  + 


Reflponse. 

-  00022 
+  0-0020 

+  0-0013 

-  0-0038 

-  00077 

+  00061 
+  0-0072 

-  0-0088 


After  1  hour  interval. 

10000  +  -  00069 

+  00033 


.0-0007     +0-0014 

Very  slowly  subsiding 
-0-0003     +0-0011 

+  0-001 1     Remaining,  then 
falling  to -0-0011 
-0-0022     +0-0011 
-  00022 

+  00005    Back    to    zero, 
and  falling  -00005 


Coil  at. 
S.8.    1000  + 


>» 


Large  GaU  Bladder  (August  3). 

Response. 

-0-0024     +0-0019 


Remaining  and  falling  to 

-  00010 
Returning  rapidly  to 
+  0*0005   subsiding 
slowly 
+  0*0002  subsiding  slowly 
-  off.     Remaining  and  subsiding  in  2  minutes 
+  0*0027     -0-0006     +0*0019 


-    =    +0*0012     -0-0027 


-    =    +00010     -0*0031 


-H     = 


Gall  Bladder  (August  11). 


S.S.   1000+    =    -0*0009 


+ 
5000  + 

10000- 

+ 


+  00083 

-  00033 

-  0*0150 
+  0*0133 
+  0*0070 
-0*0083 


+  0*0016    Remaining  for  about 
2  minutes  -  0*0005 


+  0*0050 
+  0*0033 
-0*0006 
-0-0033 
+  00033 


-0*0017 
-  0*0017 

Remaining 


4S0 
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OaU  Bladder. 

1000  + 

s 

-0-0010 

— 

nil 

+ 

=s 

-00016 

— 

=> 

nil 

5000- 

= 

+  off  scale,  then  -  off  remaining  and  retnrik- 
ing  in  2  minutes 

— 

=> 

+0-0108     -0-0022 

+ 

^ 

-0-0108    Slowly  returning 

' 

+  0-0100 

September  29. 

1000- 

s 

+  0-0011     -0-0003 

+ 

=s 

-0-0021 

5000  + 

a 

-00117     +0-0017 

- 

=: 

+  0-0112     -0-0008     +0-0003 

• 

Fro. 1. 
Exc.                                no         .  - 

5 

1 

lo                    15                   2ondiL». 

1                      1                      1 

Y 

lOO 

Photograph  of  Ghdranometer  Keoord   of  the  Blase-currents   of   GtA\  Bladder. 

Deriation  of  y^  Yolt. 

Coil  at  5000+   =  -0-0010  + 00064  volt 
+         -00010 +0002H 


»f 


In  thlB  case  the  blaze  is  dipliasic,  the  second  phase  being  larger  and  more  l^at^ng 
than  the  first,  which  is  very  characteristic. 

At  Dr.  Alcock's  suggestion  I  syringed  out  the  gall  bladder  and  filled 
it  with  NaCl  solution,  0*6  per  cent.,  and  then  tested  it ;  the  effects  still 
occurred  in  the  some  order  and  almost  same  magnitude,  showing  that 
they  were  due  to  action  in  the  enveloping  gall  bladder  itself  and  not 
to  the  bile  contents.     (See  experiments  of  May  7.) 
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of  the  Oall  BiadeUr  of  the  Frog. 


I  am  indebted  to  Dr.  Aloock  for  Bectioiu  of  the  gall  bladder  of  tbe 
fr<^  and  cat  which  he  kindly  prepared  for  me,  and  to  Mr.  Gordon 
Webb  for  enlarged  micro-photographs  of  the  same.    Tlid  gall  bUdder  of 


Photogntpk  of  BleotroDMter  Keoord  of  the   Blua   Cnrrsati  of   QtU   BUddsr. 

DsTUldoD  of  -riit  Tott. 

CoilBtB00O+   -  -0-0060ToIt. 


the  frog  conaiatB  of  a  single  layer  of  columnar  nucleated  cells,  and 
layers  of  smooth  musnle  fibres  with  connective  tissue.  The  bladder  of 
the  frog  is  quite  round  and  the  layer  of  columnar  cells  lies  flat, 
whereas  in  the  cat  the  bladder  is  a  long-shaped  body  with  the  layer 
of  columnar  cells  thrown  into  folds,  and  outside  the  smooth  muscle 

Fia.  8. 


I  of  Fiog'a  QrII  BUdder,  ihowiiig  Iimer  Huooiu  Lajer  of  ColumnftF 
BpitheliuiD,  uid  Outer  I«yen  of  Smooth  Uuiole  Fibraa.  (Bnlargsd 
2600  diunel«n  uid  Photogmphad  b7  Mr.  H.  Oordon  Wobb,  AMutant 
Demoiutrator  of  AnatoDiy  in  9t.  Q«orge'i  Hoipital  Medioftl  9c!haaL.\ 
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fibres  is  a  layer  of  connective  tissue.  The  simplicity  of  structare  in 
the  frog  may  perhaps  account  for  the  large  electrical  changes  observed  ; 
in  the  cat's  gall  bladder  there  is  little  or  no  response  to  stimulus. 

Gall  Bladder  Washed  out  with  Salt  Solution  and  then  Tested  (May  7). 

Response  in  voltage. 

CoilatS.s.    5000-  =  +0-0020     -0-0010 

+  =  -0-0003 

10000+  =  -0-0010 

-  =-  +0-0030     -0-0005 

-  =  +0-0005     -0-0001 

The  Gall  Bladder  syringed  out  and  filled  with  Salt  Sohdian, 


Coil  at  10000  + 

=    -  off 

Shunt  i            + 

=    -0-0060 

— 

=    +0-0050 

5000- 

=    +00020 

-0-0005 

+ 

=    -0-0022 

+  0-0001 

The  bladder  is  now  cut  open  and  spread  on  electrode  ¥rith  mucous 
inner  surface  to  A,  the  upper  electrode. 

Coil  at  10000+  =  - 

-  =  + 

-  =  + 
+  =  - 

Tested  by  Waller's  ABC  method,*  the  response  at  both  poles  is 
found  to  be  antidrome.  In  some  cases  the  response  is  diphasic  at 
the  anode,  and  diphasic  at  the  kathode,  see  Experiment  of  May  7th. 

By  this  method  the  local  reactions  at  anode  or  kathode  can  be 
examined ;  C  is  an  indifferent  point  at  which  an  electrode  is  placed 
which  has  not  been  excited.  By  means  of  a  switch  key  the  excitation 
is  made  through  electrodes  at  points  A  and  B.  Any  initial  current 
through  AC  is  compensated  if  it  is  wished  to  examine  A,  and  any 
initial  current  through  BC  is  compensated  if  it  is  wished  to  examine 
B.  It  sometimes  happens  that  AC  and  BC  require  compensation  in 
the  same  direction  and  of  the  same  magnitude,  and  then  it  is  permissible 
to  switch  the  key  on  to  either  one  or  the  other,  and  examine  the 
direction  of  the  current ;  in  the  following  experiments  dotted  lines 
signify  that  this  has  been  done. 


•  On  "  Skin  Current*;*  *  Bo^ .  ^c,  ^xoc.;  ^ci\.^*i,^,\Si, 


1904.]  of  the  Oall  Bladder  of  the  Frog.  43» 

QaU  Bladder  tested  by  Dr  WaJU^s  ABC  Method. 
Excitation  throagh  BA  and  lead-off  tbrougb  BG  or  AG, 

B         C         A 

S.8,  1000      -* 

^   +0-0142 

Remaining  and  gradually  diminishing. 

^ 

^ 0-0019 

1000 V 

^^ _  00062 

-^ 

^  +  0-0028 

Compensation  current. 

5000 

BG=  -0-0007  ^  +00075 

CA  =  -0-0008  ^   +0-0091 

^  +0-0094 

On  changing  key  to  CA  the  deflection  of  galv.  is  further  +  0*0016 
returning  to  BG  sends  it  further  + . 

► 

•< —off,  and  back  to 

+  0-0010 

-00075 

5000-    ^ 

.    +00150 

5000+  ► 

-  0-0075 

^  +00020 

-€• -  0-0006 

Changing  to  GA  sends  it  +  2**,  and  BG  is  found  to  be  -  6*  without 
shunt. 

5000-   -^ 

►   +00150 

^  +0-0110 

Changing  to  BG  lessens  the  +  effect  by  4*  (shunt  |)  «  0-0040 

5000+ ^ 

-•^ -0-0045    Followed  hy 

+  0-OQtt 


4M  Un.  4  X.  Wilsr.    OnOt-tlamtmitmlt'    (De&.l. 

BC  -  -0<IOM      BOOO      ► 

CA  -  -O-OOIO  -• -mna    Omai^  K 

►  +(MXB»      OA  -  +r 

BC-  -OOOU    10000+  ' 

OA-  -OOOll  -• -0<I0S3 

►  +0«00» 

— »  +04003 

After  tlw  flfiwt   -S'j(0D039)  hu  puMd  oB,  I  oiuluuit  and  fi^ 
thMwitfanoihnntBC  -  +3*    CA  -  tlwMiiu  3*  + 


-^ 


^  +0-00S8 

♦  -0-0090 


Changing  to  GA  loddmUy,  the  Htme  defleotuw'  penlsta,  but  i 

fills  to  -  8*.     Changiag  to  BC  brings  the  spot  to  0 


10000 


OA  -  +0-0020  .-   +0-0016 

BC=  -0-0006     10000 


CA=  +0-0020  -. 0-0016 


On  taking  off  tho  compensation,  +  0-0020,  and  changing  to  BC,  spot 
returns  to  0  and  goes  -  i' 


10000      " 

CA  =-  +0-0018  -• 0-0016 

Awther  OM  Bladder. 

5000-  +off  -off 

Shunt  4       „     -  +00078     -0-0006 

„     +  -0-0042      +0-0062 

10000+  -0-0063      +0-0050 

(First  effect  qitickly  over,  second  effect  slowly  subsiding.) 

+  0-0078     -0-0011 


+  0-0060     -0-0011 
-0-0011 
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B 

C          A               Betponie. 

\JM11  ttv  UWV         ^ 

—^-                           -r  V**                           V  -sjyjyfo 

>      ^  n*rM^1  7       ^n  iiffAr  nflTAnf 

1|  hour  later — 

5000+    = 
Shunt  \             + 

5000  ^ 

-off           +off 
-00016     +0-0042 
+  0-0068J 

.  ...^     J.  0*0009           O'OOOil 

-0-0008  -^ 

!•••• 

iter  0  changed  to  BC 
terminala  -0*0009         -< — 

BC  effect    -0*0009  remains  and  Bubsides  slowly;  the  GA  effect 
- 0001 5  disappeared  quickly,  for  the  spot  returned  quickly  to  0 


-  off,  slowly  subsiding 

to   +4  ►   +0*0004 

Slight  +  effect  on  changing  to  CA,  but  -  effect  on  changing  back 
to  BC ;  the  -  effect  at  BC  has  now  subsided  and  is  going  + 


^  +off  -0-0010 

-^ -0-0005  afoer  the  BC  has 

returned  to  0 


+  0-0036     -00011 
0 


10000    ^ 

^ 0-0031 

*-  +0-0005 

-^ 0-0005 


-0-0002 
0 
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Oaa  Bladder  (May  7). 


5000  + 


(1) 
(2) 

(3) 
(4) 
(6) 

(6) 

(7) 
(8) 
(9) 

(10) 
(11) 


KiOhode 

-* — 


Anode 


Kathode 


Kathode 

•< — 


+  00025 


-0-0001 


Kathode 
(12)  ^ 

-00001     -e- 


-  00030 

+  0-0030 
Anode 


+  0-0030 


+  0-0023 


Kathode 

— ► 


-00012 
-0-0008 

-  0-0008 

-00006 

-  0-0004 
+  00013 

+  0-0007      -0-0002 


-  0-0030 

+  0-0006     -0-0001 
+  0-0030 


-00040 


In  experiment,  May  7,  some  of  the  responses  from  the  kathode 
are  homodrome,  e.g.j  excitations  (6),  (7)  and  (12);  in  the  last  there 
is  found  to  be  a  homodrome  response  from  the  anode  whiich  also 
appears  slightly  in  (11)  after  the  usual  antidrome. 

Gall  Bladder  Attached  to  Liver, 
Compensatioii. 

Coil  at    5000-  +00094     -00011     +0-0033 

+  0-0006  +  -0-0100     +0-0011 

+  -  00036 

+  0-0054     -0-0038 


of  <A«  QaU  Bladder  of  the  f<rog. 
10000-  -(-O-OIOO     -0-0038 


+  0-0100 
-0-0161 
-0-0130 
+  0-0061 


-0-O0S4 
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CompenMtioii. 
+  0-000B 


+  0-0003 
-0-0002 


Excitation  through  BA,  1«ad  off  from  A  or  B,  and  aa  indifferent 
point,  C. 

Coil  at    1000     -. 

>-     +00001 

5000    -. 


10000 
6000 


» -0-0037 

* -0-0012 

t -00037 

^  +0-0066 

.  >-  +0-0015 

*-  +0-0036 

*  +0-0020 

10000    — * 

+0-0032 

*-  +0-0030 

Excitation  through  BA,  and  lead  off  through  BA. 

5000     ■* 

<-  +0-0070 


-0-0023 
-0-0007 


Excitation  through  BC,  and  lead  off  through  BC,  ditto  CA. 

5000    *- 

-» -0-0070 
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In  this  eiperiiiMot  Mme  (tf  the  mpouMt  bam  tlu  aiioda  are 
homodroma     A  dn|^  ilioek  witb  ooQ  at  6000-  girai  —  (HWIS 

from  the  snode.     The  atronger  exoitetun  with  ooil  at  10000  tmSk 
ODtdieantidioiiiereapoiue+OWSS  and  then  the  hranodroma  r 
from  the  anode   -0*0023,   and   (hen  the  weaker  excitation  mX 
girea  the  same  reaponses  in  a  lesser  degree  +0*0016   —0*0007. 

Smae  GaO  Bladder  t^aratedfrom  Vxer, 


uvw 

+  0O040 

'              ftjuinn 

+0-0086 

-0-0007 

+  0-001B 

Enwk^ 

5000  + 

= 

-0-0004 

+  0-0003 

- 

= 

+  0-0006 

10000- 

= 

+  0-0008 

+ 

= 

-00006 

Z:i«r(  April  .30). 

5000- 

= 

+  00010 

+ 

-0-0020 

10000  + 

= 

-0  0036 

- 

= 

+  0*0026 

(Mi  Bladder  alone. 

5000-  +0-0260  Then  sinka  to  -0*0080 

+  -0-0100  +0-0050    Sinking  back  to  -0*0040 

+  0-0260  -0-0100 

+  -  00050  +  0-0060 

Slice  of  envelope'gave  no  response. 
Contente  of  gall  bladder  gave  no  reHponae. 

It  is  a  very  easy  matter  to  demonstrate  the  blaE&<:uiTents  on  the 
frog's  gall-bladder,  because  the  organ  can  be  separated  and  placed 
between  electrodes  without  injury ;  but  it  is  a  difficult  matter  to  cot 
out  a  piece  of  the  round  bladder  and  place  it  on  eleclsodM  without 
injnring  the  delicate  tissue.  It  is  necessary,  however,  to  do  tiiia  in 
order  to  study  separately  the  mucous  and  serous  surfaces.  I  found 
the  moet  convenient  procedure  was  to  out  the  bladder  across  with 
MOMors,  tiie  Uadder  cc^psee,  but  the  jnece  cut  off  reeU  on  the  blade 


^■- 
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of  the  scissor  and  can  be  gently  drawn  by  a  brush  on  to  the  soft  china 
clay  electrode,  so  that  the  inner  epithelial  surface,  which  laid  on  the 
scissor  blade,  now  rests  on  the  electrode ;  the  other  electrode  can  be 
now  applied  to  the  outer  smooth  muscle  fibre  surface.  If  the  piece  of 
bladder  is  sufficiently  large  a  third  electrode  can  be  applied  to  its  edge 
and  the  effect  of  stimulation  at  both  surfaces  studied  by  Waller's  ABC 
method. 

In  the  experiments  of  March  10  the  blaze  was  directed  from  the 
mucous  to  the  serous  surface  and  was  of  considerable  magnitude,  but 
the  sixth  excitation  elicited  a  response  in  the  antidrome  direction 
before  giving  one  from  mucous  to  serous.  In  experiment  of  July  21 
there  is  also  blaze  from  mucous  to  serous. 

The  following  figure  gives  a  plan  of  the  position  of  the  electrodes 
and  tissue  in  the  ABC  experiments.  Unless  otherwise  stated  in  the 
following  tables  the  +  sign  signifies  from  mucous  to  serous  and 
-  signifies  from  serous  to  mucous. 


+  A 


A.  Envelope  of  Bladder  (March  10). 


5000- 

-  00008 

+ 

-off 

+ 

-  0-0125 

10000  + 

-00160 

— 

-  0-0020 

— 

+  0-0020     -0-OlOC 

> 

+ 

-  0-0060 

Gall  Bladder. 

5000- 

+  0-0066 

,.    + 

-  0-0058 

10000  + 

-  00083 

>»       — 

+  00100 

Envelope  (March  24). 

5000- 

+  0-0004 

»    + 

-00009 

10000- 

+  0-0010 

n    + 

-  0-0025 

II    + 

-0-0025 

VOL,  TJCXIV. 

-  Means  from  mucous 
to  serous. 


The  layers  were  not 
properly  separated. 


7.  ^ 
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B.  OmUpe  of  OM  madder. 

6000+    »    -0*0045 

10000+         -  0-0047    Fint  trial  of  envelope 

+  0-0018        18  doobtful  as  to 

angle  layer. 

Envdcpe  of  OaU  Bladder  (May  7). 

(K)00+         -0-0008 
+  0-0001 

June  7. 

Volt. 

Electrodes  A  and  B.    N.C.  =  0.    1/1000  ==  9 

Sa    10000+    =  0 
>f         ,•     -    «  0 

ElectrodeB  B  and  C.    N.C.  »  +0O004 

S.8.    10000+    =  0 
i>         •,     -    =  0 

OaU  Bladder. 

N.C.     +0-0027.    B  toA 

Shunt  j.      S.8.    5000+    =    -off  1/100  volt  »  14 

=    5 


Shunt  ^. 

i> 

»    + 

^ 

-0-0160 

}» 

— 

= 

+0-0260 

i> 

1000- 

^ 

+  00060 

n 

+ 

= 

-0-0043 

Shunt  ^. 

5000  + 

= 

-0-0036 

Shunt  i^f. 

10000+ 

= 

•0-0071 

>l      "■ 

= 

+0-0030 

B          C 

A 

S.8. 

6000 

^ 

>> 


-  14 


+  00014     -00007 


+  00014     -00002 


-0-0030 


—     -00015 
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Sa 


Emelcpe  of  GaU  Bladder. 

S.8.    5000+    »    -0-0020 
-    »    +0-0030 

Muooof  side.       Seroui  side. 
B          0          A 
6000     -^ 

>-     +0-0047 


If 


>f 


}> 


>» 


•» 


-0-0063 


nU 


nil 


-0-0020 


*■     +0-0012 


dull  Bladder— miire  (June  10). 

Sa     6000-    =    +0-0076     -0-0087 
„    +         -0-0160     +0-0126 

1000  +         -  0-0020 
„    -         +0-0013 

6000-         +0-0126     -0-0110     +0-0010 
+         -0-0100     +0-0100 

Portion  of  envelope  only,  with  electrodes  placed  one  on  mucous,  the 
other  on  serous  side. 


S.8. 

6000- 

+  0-0007 

»    + 

-0-0031 

~ 

+0-0012 

+ 

-0-0010 

+0-0003 

- 

+  00015 

— 

+  00016 

+ 

-0-0014 

Slice  of  Gall  Bladder  Envelope  (July  12). 

S.8.  coil  at  5000  +    =    -  0-0030 

=  +0-0030 


i 
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as.    BOOO-   »  +affioftle. 

^         +    =  +0O008 

10666+    »  -0^)009     +0-0008 

„     -    =  +0-0046 

4.   »  -04011     +0-0008 

.  i  V  j  J  •: • 

Bdgoof 


CoflatSOOO    

0 

A 

+ 

+0-000S 

a 

+0-0004 

ft                  f»                ^^ 

nil 

*                 •             - 

l>                  t» 

nil 

Envdcpe  of  GM  Bladder. 

6000-    «    +0-0003     -0-0007 
+    =    -0-0001 

10000+    ^    -0-0003     +0-0003 
-    =    +0-0010 

Ewodope  (August  3). 

6000-    »    +0*0022 
+    =    -0-0010 

Bdgeol 

Seroiu.  tiatue.  Maoout. 

B  C  A 

6000     ► 

nil 


^     +0-0022 


^     +0-0005 


•^ 


-0-0022 


->- 


< -0-0003 
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Sdgeof 
Serous.   tiMiie.  Mucous. 

BOA 


-  00007 
+  0*0008 

+  0-0020 

-0-0016 


Ewodope  (August  11). 

S.8.    5000-    =    +00005    Sinking  to   -00010  and  very  slowly 

returning  after  remaining  2  minutes 

at  -0-0005 
„    +    =    -0-0003 
10000+    =    -00005 
„     -    =    +0-0008 

Emelape  of  Qail  Bladder. 

BOA 

Muoou0.           Seioui. 
Coil  at    5000 -^ 


-00004 
nil 


nil 
nil 


10000 


+0-0002 
-0-0006 

-  off  scale  lasting  2  minutes 
and  returning  to  zero 

+  0-0003 

0-0011  lasting  2  minutes 
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Envelope  of  Gall  Bladder  (July  21). 

5000  -    s    -  0*0010  (from  mucous  to  serous) 
+    =    -0-0020 


Serous.           Muooui. 
5000+     >- 


}} 


II 


ti 


—      -<■ 


-►■ 


—      -^ 


-► 


10000 


-  0-0018 
-0-0018 

-  a  traoe 
-0-0002 

+  0-0002 
-0-0012 
+  0-0002 
+  0-0008 


5000 


lUl 


ft 


-     -00020 


Slice  of  Gall  Bladder  (July  14). 

Coil  at    5000-  =  +  off  scale 

„     +  =  +0-0008 

10000+  =  -00009     +0-0008 

-  =  +0-0045 

+  -  -0-0011     +00003 

In  this  experiment  the  envelope  was  placed  so  that  the  +  or  positive 
deflection  signified  a  blaze  from  mucous  to  serous  surfaces.  In  ihe 
five  cases  given  the  first  is  a  large  effect  in  the  usual  antidrome  direction, 
being  an  addition  of  the  mucous  to  serous  bkize  to  the  negative 
polarisation  characteristic  of  this  tissue,  the  second  is  the  mucous  to 
serous  effect  without  negative  polarisation,  the  third  stimulation  being 
stronger  brings  out  a  negative  polarisation  effect  (presiunably  from  the 
■mooth  muscle  fibres),  and  then  the  positive  effect  from  mucous  to 
The  last  strong  stimulation  brings  out  a  negative  plus  the 

jfgvtt    '"  i»fc  as  in  the  first  caie. 
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The  experiment  of  July  14  agrees  with  the  experiment  of  July  21  in 
that  the  direction  of  blaze  was  from  mucous  to  serous. 

The  envelope  of  the  gall-bladder  behaves  like  all  the  mucous  mem- 
branes in  that  there  is  a  tendency  for  the  blaze  current  to  pass  from 
mucous  to  serous  tissues,  but  this  effect  is  constantly  masked  by  the 
negative  or  antidrome  blaze  peculiar  to  this  organ.  The  ABC  method 
shows  that  the  serous  surface  displays  the  antidrome  blaze  more 
readily  than  the  mucous  surface. 

Envelope  of  OaU  Bladder. 

Coil  at    5000-  =  +0-0003     -0-0007 

+  =  -0-0001 

10000+  =  -0-0003     +0-0003 

-  =  +0-0010 


August  3. 


5000 


^ 

^ 

^ 

-< 


nil 
nil 

+  0-0022 

^     +0-0005 

-0-0022 


• 

' 

^^^^" 

^ 

-0-0003 


-0-0008 


+  0-0009 


+  0-0019 


-0-0017 


August  11. 


Envelope, 

Envelope, 

5000+    =    -0-0008 

5000-    =    +0-0005 

-    =    +0-0002 

+    -    -0-0002 

10000-    -    +0-0005 

10000+    =    -0-0006 

+    =    -0-0007 

-    =    +00008 

-0-0009 


These  experiments  show  the  gall  bladder  to  be  an  organ  whose 
tissues  possess  great  '*  chemical  lability,"  the  kathode  of  the  single 
induction  shock  is  more  effective  than  the  anode  whether  the  stimulus 
occurs  in  the  smooth  muscle  fibres  or  in  the  colunmar  mucous  epithelium, 
so  that  the  blaze  is  first  post  kathodic,  then  post  anodic.  Occasionally 
the  usual  mucous  to  serous  blaze  occurs,  but  of  the  two  components 
of  the  structure,  the  smooth  muscle  fibres  appear  to  give  the  blaze 
current  more  readily  than  the  columnar  epithelium. 
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On  the  ComprestibilUy  of  €hMS. 


The  gall  bladder  presentB  a  very  striking  instance  of  the  equivocal  or 
antidrome  blaise  current. 

In  conclusion  I  should  like  to  be  allowed  the  pleasure  of  thanking 
my  husband  for  continual  help  and  sympathy  in  my  work,  and  to 
record  my  appreciation  of  and  gratitude  for  the  method  of  investigation, 
and  simplified  arrangement  of  electrical  apparatus  which  renders  it  easy 
to  study  the  many  fascinating  problems  of  animal  and  vegetable 
electricity. 


**  On  the  Couipi'essibility  of  Gases  between  One  Atmosphere  and 
Half  an  Atmosphere  of  Pressure.'*  By  Lord  Raylbigh, 
O.M.,  F.R.S.    Received  January  17, — Read  February  2,  1905. 

(Abstract) 

The  present  memoir  contains  a  detailed  account  of  the  observations 
referred  to  in  the  Preliminary  Notice  of  February,  1904.  In  addition, 
results  are  now  given  for  air,  carbonic  anhydride,  and  nitrous  oxide. 
In  the  following  table  are  recorded  the  values  of  B  for  the  various 
gases  at  specified  temperatures,  B  denoting  the  quotient  of  the  value 
of  pv  at  half  an  atmosphere  by  the  value  at  the  whole  atmosphere : — 


QrtkA. 


B. 


Oxygen 1  '00088 

Hydrogen  I  0*99974 

Nitrogen   1-00015 

Carbonic  oxide 1  00026 

Air 1-00023 

Carbon  dioxide 1  '00279 

Nitrons  oxide '  1  -00327 


Temperature. 

'          11-2 
10-7 
14-9 
18-8 
11-4 
15  0 
11-0 

By  means  of  a  formula  given  by  D.  Berthelot  the  compressibilities 
at  0°  C.  are  inferred,  and  applied  to  deduce  the  ratio  of  densities  as 
they  would  l)e  observed  at  0*  C.  under  very  low  pressures.  According 
to  Avogadro's  law  these  are  the  relative  molecular  weights.  From  the 
densities  of  nitrogen  and  oxygen  we  get  N  =  14 '008,  if  O  »  16. 
Again,  from  the  densities  of  oxygen  and  nitrous  oxide  we  find 
N  =  13*998.     The  former  is  probably  the  more  trustworthy. 
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"  The  Theory  of  Photographic  Processes :  On  the  Chemical 
Dynamics  of  Development."  By  S.  E.  Sheppard,  B.Sc.,  and 
C.  E.  K.  Mees,  B.Sc.  Communicated  by  Sir  William 
Eamsay,  K.C.B.,  F.E.S.  Eeceived  December  20, 1904,— Eead 
February  2, 1905. 

(Presented  in  Theses  for  the  Degree  of  B.Sc.  by  Research  in  the  UniTersity  of 

London.) 

Historical  and  Introductory. — The  following  work  was  undertaken  with 
the  view  of  applying  physico-chemical  methods  to  the  study  of  photo- 
graphic development.  Although,  as  has  been  pointed  out  by  Ostwald, 
the  problem  falls  in  the  province  of  chemical  dynamics,  but  little 
systematic  work  has  been  done  from  this  point  of  view.  The  increasing 
use  of  gelatino-bromide  films  in  connection  with  radiation  phenomena 
make  a  greater  knowledge  of  the  laws  describing  development  and 
exposure  very  desirable,  while  the  importance  of  the  photographic 
industry  needs  no  comment.  The  following  brief  historical  introduc- 
tion is  necessary  in  order  to  sum  up  the  progress  made  and  the 
terminology  in  use  : — 

In  1878,  Sir  W.  Abney*  showed  that  the  black  reduction  product 
in  development  was  metallic  silver.  He  introduced  the  measurement 
of  the  transparency  of  the  deposits  by  means  of  a  photometer,  and 
proposed  as  the  relation  between  the  mass  of  silver  reduced  and  the 
transparency  a  form  of  the  law  of  error.  In  1890,  Messrs.  F.  Hurter 
and  V.  C.  Driffieldt  made  a  systematic  survey  of  exposure  and  develop- 
ment in  which  a  new  terminology  was  introduced  and  several  very 
important  conceptions  and  results.  These  were  extended  in  1898  in 
a  second  paper  dealing  largely  with  development.!  They  considered 
that  the  ordinary  exponential  law§  for  the  absorption  of  light  in 
homogeneous  media  held  for  the  photographic  image  and  confirmed 
this  view  experimentally.  They  gave  the  following  terminology,  which 
has  been  generally  accepted : — 

Transparency...     T  =  L  =  Intensity  tranBmitted 

lo      Intensity  mcident 

Opacity  0  =  J2  =  ^, 

Density    D  =   -log«T  =  log«0. 

D,  the  density,  is  for  convenience  usually  taken  as  -  logio  T,  and 

•  •  Phil.  Mag./  1878 ;  also  '  E.  B.,'  lOth  edit.,  art.  "  Photography." 
t  *  Joum.  of  Soc.  of  Chem.  Industry,*  May,  1890. 
X  *  Photographic  Journal/  1898  j  Kder's  *  Jahrbuch  f.  Phot.,*  1899. 
§  Bunien  and  Boscoe  '  Pogg.  Ann./  toIs.  95  to  100. 
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according  to  Hurter  and  Driffield  is  directly  proportional  to  the  mass 
of  silver  per  unit  area.* 

References  to  the  work  on  exposure  and  development  will  be  made 
in  the  course  of  the  present  work.  Many  of  their  conclusions  have 
been  controverted!  chiefly  from  isolated  experiments.  Nevertheless, 
their  method  of  sensitometry  has  been  nominally  adopted  for  com- 
mercial purposes  in  England.  It  has,  however,  been  attacked  by 
Dr.  Edert  in  the  course  of  his  important  researches  on  sensitometry. 

The  authors  have  dealt  elsewhere  with  the  question  of  sensitometry, 
with  the  result  of  confirming  in  general  the  results  of  Hurter  and 
Driffield. 

Applications  of  physico-chemical  doctrine  to  photographic  phenomena 
may  be  found  in  the  short-lived  *Archiv  f.  wiss.  Phot.'g  and,  in 
especial,  Abegg's  "silver-germ"  theory  of  exposure  and  development. 
This  is  dealt  with  later. 

All  developers  are,  chemically  speaking,  reducing  agents,  but  the 
converse  does  not  hold.  In  connection  with  this,  Bredig||  has  pointed 
out  the  importance  of  the  "  reduction  potential  "U  as  a  function  of 
the  developer.  However,  as  there  is  no  strict  proportionality  between 
•*  potential "  and  reaction  velocity,**  other  conceptions  are  necessary, 
if  the  "  efficiency "  of  developers  is  to  be  measured.  The  relation, 
as  has  been  pointed  out,  may  be  conceived  as  analogous  to  Ohm's  law, 

velocity  =        =~fj,~     >tt  and  this  "  resistance  "  in  chemical  reactions  is 

a  term  difficult  to  define  or  measure. 

The  chemistry  of  organic  developing  agents  has  been  extensively 
investigated  by  Messrs.  Lumi^re  and  Dr.  Andresen,!!  to  whom  we 
owe  the  following  rule: — All  organic  developers  are  substituted 
aromatic  derivatives,  containing  two  of  the  gioups  OH  and  NHg, 
joined  by  an  ortho-  or  para-  linking,  the  meta-  bodies  not  acting  as 
developers.  Andresen^  has  pointed  out  the  analogy  between  these 
bodies  and  the  simple  inorganic  types,  OoHo,  hydrogen  peroxide,  N2H4, 

•  Cy.  Eder :  *  Beitrage  ziir  Photochemie  u.  Spectral-analyse/  1904  ;  Luther, 
'  Zeit.  f.  Phys.  Chem./  1900  {Ref,)  recommends  the  term  **  Extinction,"  instead 
of  the  anomalous  ^*  density,"  as  this  quantity  is  the  same  as  the  '*  Extinction 
coefficient "  introduced  by  Vierordt  in  absorption-photometry. 

t  For  a  bibliography  of  tliis  controversy,  see  C.  E.  K.  Mees  and  S.  E.  Sheppard, 
«*  Instruments  for  Sensitometry,"  *  Phot.  Joum.,'  toI.  44,  No.  7,  p.  222;  and 
*'  On  Sensitometry,"  tWrf.,  No.  9. 

J  Loc,  cit.  sttpra,  or  '  Sitzber.  d.  Wien.  Akad.,'  vol.  113,  1899,  sect.  A. 

§  *  Archiv  f.  Wiss.  Phot.,*  1899  to  1900. 

II  Eder*s  Jalirbuch,  1895. 

^  Bancroft  and  Neumann,  *  Zeit.  f.  Physik.  Chem.,'  10,  387.  Nemst, '  Theoret. 
Chem./  4te  Auilage,  p.  710. 

••  Oetwald,  <  Lelirbuch,'  2te  Bd.,  2te  Tl.  (2te  Auflage). 

ff  Nemstf  '  Tlieoret.  Chemie.,'  4te  Auflafre,  p.  656. 

Jt  '  Photo.  Bulletin,*  1895,  et  »eq.    ^deT'%  5«.V\tWcA\,  1899  (pp.  140  to  147). 
§§  'Phot.  Corr.,'  1809,  p.  212.    Edcx^*  J^XvcVixxcVvA^^  1c^>\^\a\«^, 
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hydrazine,  and  NHg'OH,  hydroxylsmine,  all  of  which  function  u 
developers.*  It  seems  possible  that  the  quantitative  investigation  of 
development  might  throw  light  on  the  affinities  of  a  large  group  of 
organic  bodies. 

Owing  to  the  complications  present  in  organic  developing  eolution8,t 
the  reaction  was  first  studied  with  ferrous  salts,  those  employed  being 
ferrous  oxalate,  citrate,  and  fluoride.  These  can  be  easily  estimated 
analytically,  and  disttirbing  side  reactions  do  not  occur  to  any  extent. 
The  methods  and  conclusions  arrived  at  oan  then  be  applied  to  the 
study  of  other  developing  agents. 

Apparaiva  and  Method  of  Enquiry. — The  apparatus  used  by  the 
authors  and  other  investigators  for  the  investigation  of  sensitometry 
and  development  have  been  very  fully  described  elsewhere,}  so  that 
only  a  brief  description  with  an  account  of  the  errors  in  working  ia 
here  necessary. 

The  progress  of  the  reaction  was  studied  by  measuring  the  density, 
varying  amounts  of  light  action  being  obtained  by  means  of  a  spec^ 
eensitometer. 

(a)  The  sensitometer  impressed  a  known  gradation  of  exposure  on 
the  plate  by  means  of  an  accurately  calibrated  sector-wheel,  exposed 
to  a  constant  pressure  acetylene  burner.§ 

(6)  A  apeciul  thermostat  was  employed,  so  that  all  the  chemical 
reactions  involved  took  place  under  constant  conditions,  temperature 

to  or  C. 

(c)  The  absorption  photometer  used  was  a  Hufner  spectro- 
photometer.jl  The  silver  deposit  had  no  spectral  absorption,  but 
measurements  were  made  in  the  bright  green,  the  region  of  maximum 
luminosity  in  the  visual  curve.H  The  instrument  uses  two  Nicol 
prisms  for  polarising  the  light,  and  so  darkening  the  comparison  field. 
If  8  be  the  angle  of  rotation  of  the  analyser,  T,  the  transparency  =  I/Io 
is  equal  to  cos-d,  and  D,  the  density  (after  Hurter  and  DrifiSeld)  is  equal 
to  -logiocos-d.  The  estimation  of  the  probable  error  for  a  single 
density — the  scatter — gave  the  following  result : — The  mean  probable 
error  from  3'0  to  O'lOO  was  approximately  constant  at  O'OOT.**    As 

•  Lc  Roy.,  '  Bull.  Soc.  FrnnQ.  Phot.,'  18W.  vol.  23.  AndreMO,  '  Phot.  Dorr.,' 
Tol.  36,  p.  ^60. 

t  tAfft  and  Sheppanl,  •  Zeit.  t.  Wi»«.  Phot.,'  Bd.  II,  H.  1,  1901. 

X  '  I'hot.  Joiim.,'  "  Initrumenti  for  Seniitu metric  InteatigMion,"  toI.  44,  1904, 
Ho.  7. 

§  Loc.  til. 

\\  Iak.  cil,  and  'Zeit.  f.  Phjsik.  Chem.,'  8. 

\  Further,  the  ngioD  for  maximiim  leittitiTeitMi  for  imftll  dUterenets  in 
iiit«D«itj',  XJntsrachieds-empSDdlichkeit,  lis*,  tccordiiig  to  Pflugar,  hetween  A,  495 
and  X  62S.     '  Ann.  d.  ?hjB.,'  <ta  Flge.,  Bd.  0,  p.  £07. 

"■  Cf.  Martena:  "  Modified  Kflnig.  Spectrophotometer,"  '  Ann.  A.  Pbji.,' 4to 
Flge.,  Bd.  12,  1903.  'At  long  ai  og  dot»  not  lie  near  (Tor  W,}),  the  J>ut 
perceptible  diiferenoe  of  brightnen  of  the  oompariagn  flaldi,  ii  contUot." 
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six  readings  were  taken,  from  3*000  to  0*100,  the  figures  are  tnut- 
worthy  to  three  units  on  the  third  decimal  place. 

The  next  consideration  is  as  to  how  far  D  represents  the  mass  of 
silver  per  unit  area.  In  treating  the  image  as  obejring  the  absorption 
law,  no  account  is  taken  of  the  light  diffusely  scattered.*  It  is  tme 
that  so  long  as  all  densities  are  measured  at  the  same  distance,  the 
scattered  light  lost  is  probably  proportional  to  the  scattering  surface, 
i.e,j  to  the  density.  In  this  case  the  result  does  not  afiect  the  form 
of  the  curve,  for  D  =  <^  (T)  =  <^'  (mass  of  silver),  but  only  the  slope, 
t.f.,  the  phobometer-constant.  But  the  error  due  to  this  cause  with 
the  Hiifncr  instrument  is,  for  negatives,  inappreciable.  If  proper 
precautions  with  regard  to  obstruction  of  light  by  the  absorption 
stand  are  taken,  and  adjustment  made  so  that  the  zero  does  not  alter, 
it  is  found  that  the  measured  density  does  not  alter  on  changing  the 
distance  of  the  light  source.  Further,  if  a  diffusing  medium,  such  as 
milk-glass,  be  interposed,  the  density  readings  are  not  altered  beyond 
the  probable  error.  On  the  other  hand,  if  this  be  done  with  an  un- 
developed plate,  quite  different  readings  are  obtained.  When  measuring 
highly  diffusing  media,  such  as  haloid  of  silver  emulsions,  it  im  necesgary 
to  use  a  highhj  diffusing  light  source y  and  also  to  utilise  onhf  a  narrate  ^rip 
of  tJie  transmitted  hundh  of  rays.  This  may  be  accomplished  by  means 
of  the  carriers  described  in  our  former  paper. 

Tht  Photometric  Constant, — As  was  stated  above,  Hurter  and  Driffield 
showed  that  the  amount  of  silver  per  unit  area  was  directly  proportional 
to  the  density  D  =  -  log  T  where  T  is  the  photometric  transparency. 
This  was  found  for  densities  from  0*525  to  2  0,  the  mean  value  of  P 
being  0'0121,  P  is  the  mjiss  of  silver  in  grammes  per  100  cms.-, 
corresponding  to  a  density  of  1  '0,  and  is  henceforth  referred  to  as  the 
photometric  constant.  A  redetermination  of  P  in  1898  gave  P  =  0*0131 
for  ferrous  oxalate.  The  photometric  constant  varies  slightly  widi 
the  developer,  especially  if  organic  stain  be  deposited.  Dr.  Eder  also 
confirmed  this  ratio  for  densities  from  0*5  to  2*0,  and  obtained  the 
value  0*0103  for  P  (ferrous  oxalate).  As  this  relation  is  of  great 
importance  in  the  theory  of  development  and  sensitometry,  we  made 
a  redetermination,  extending  the  range  of  densities  to  3*5,  as  it  seemed 
possible  divergencies  might  occur  at  higher  densities.  The  photometric 
constant  allows  quantities  of  silver  to  be  estimated  much  below  analy- 
tical measurement. 

Hurter  and  Driffield,  after  the  necessary  density-measurements, 
removed  the  film  from  the  plate  and  dissolved  the  silver  in  nitric  acid : 
it  was  then  precipitated  as  AgCl,  and  weighed.  Dr.  Eder  converted 
the  silver  directly  by  means  of  bichromate  and  HCl  into  AgCl. 

These  gravimetric  methods  arc  somewhat  disadvantageous  in  dealing 
with  the  small  quantities  of  silver  present.     If  plates  of  small  area  are 

•  .Abney,  *  Phil.  Mag.,'  1875.    C.  Jones,  *  Phot.  Jourual/  1898  to  1899,  p,  99. 
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used,  the  ultimate  analjtical  error  for  so  small  a  quantity  of  AgCI 
may  seriously  affect  the  results,  while  with  larger  plates  the  irregularity 
in  the  developed  density,  primarily  due  to  coating,  causes  errors 
which  are  only  partially  compensated  by  taking  many  readings  over 
the  plate.  It  would  be  preferable,  moreover,  to  precipitate  the  silver 
as  AgBr,  both  owing  to  its  slighter  solubility  and  the  greater  weight 
of  precipitate  obtained. 

A  preliminary  gravimetric  determination  was  made,  in  order  to 
check  the  volumetric  method  subsequently  employed.  The  densities 
ranged  from  2*4  to  3*25  and  the  value  of  P  obtained  was  0*01035. 

The  volumetric  method  adopted  was  Volhard's,*  with  thiocyanate 
sometimes  controlled  by  the  precipitation  with  ElBr.  The  standard 
silver  solution  was  N/100  AgNOs,  prepared  by  dissolving  1  '6997  grammes 
pure  AgNOs  in  water  with  excess  of  HNO3  and  made  up  to  1000  c.c. 
at  15**  C.  This  was  checked  by  analysis,  and  two  concordant  deter- 
minations gave  the  factor  1*001.  The  standard  KCNS,  N/100  had  the 
factor  1-017. 

Details  of  the  Estimation  on  Plates. — Half-plates  and  whole-plates  were 
exposed  at  2  to  3  metres,  carefully  developed,  fixed  and  washed.  Very 
careful  washing  was  necessary  in  order  to  extract  all  soluble  salts. 
They  were  dried  at  the  standard  temperature.  The  density  was 
measured  in  20  to  30  places,t  and  the  area ;  after  this  the  film  was 
removed  by  dilute  HF  and  soaked  in  many  changes  of  distilled  water, 
with  frequent  pressure  between  filter  paper,  to  remove  all  soluble  salts 
which  might  interfere.  |  The  film  was  then  dissolved  in  slight  excess 
of  pure  HNOs,  SO  1*49  and  the  gelatine  completely  destroyed  by 
heating,  as  otherwise  it  interferes  with  the  subsequent  titration  by 
forming  a  pseudo-solution  of  the  precipitate  and  retarding  its  aggre- 
gation.§  The  solution  was  made  up  to  25  c.c.  at  15**  C.  and  titrated 
with  N/100  KCNS,  using  2  c.c.  of  10-per-cent.  ferric-am.  sulphate  as 
indicator. 

The  following  series  is  exemplary.  Four  series  of  meiEisurements 
were  made  in  this  way,  the  density  ranging  from  0*50  to  3*5,  and  the 
curve  shows  that  there  is  no  bias  throughout  the  range. 

Series  IV. 

Plate.  Area.  Density.  Titre.  P. 

1 87*2cm8.2  1*438  11*8  c.c.  001033 

3 86*7     „  2*392  18*7  „  001019 

4 87*2    „  2*067  16*5   „  0*01032 

5 87*2     „  1*809  14*95,,  0*01040 

6 87*2     „  1*618  13*1    „  0*01022 

•  Cf.  Mohp's  '  Titrirmethode.* 

t  This  was  necetsarj,  as  variations  in  the  deyeloped  density  up  to  10  per  cent, 
occurred,  chiefly  due  to  coating  errors. 

i  Cf.  Lumi^re  and  Seyewets  "  On  Betention  of  Hypo,"  Bef.  in  <  P.  J.,'  1902. 
§  Lobry  de  Bmyn  *Ber.,'  1902,  yoI.  85,  pp.  8079  to  80^%. 
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The  meatM  of  all  series  are  as  follows : — 

1 0-01035    Gravimetric. 

n 0-01012    Volvunetric. 

in 0-01037 

IV 0-01029 

V 0-01040 

Total  mean 0-01031  =  P  for  plates  employed. 

Wratten  ordinary  emulsion  and  ferrous  oxalate.  Curve  I  showH  tlu 
directly  proportional  ratio  between  the  density  D  —  logioO  and  the 
mass  of  silver  per  100  cms.^.  The  mean  value  differs  materially  from  that 
foundby  Hurler  and  Driffield,  but  this  may  be  due  (a)  to  a  constant  emr 
in  their  photometer ;  (!•)  to  the  plates  used,  as  it  seems  probable  that  Uie 
raauldficatioQ  of  the  silver  haloid  has  considerable  influence  on  the 
"  covering  power "  of  the  silver  subeequently  deposited.  This 
"covering  power"  is,  of  course,  the  quantity  P  or  photometric 
constant. 


I    !    I  y 

y^ 


A^.  per  loocma*         locDvOzagm. 
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The  extent  to  which  the  exponential  law  holds  for  gelatine  emul- 
sions is  of  great  practical  importance,  as  it  provides  a  rapid  and  easy 
method  of  measuring  the  amount  of  substance  present.  The  following 
experiments  indicate  that  it  holds  within  certain  limits. 

Table  calculated  from  Hurter  and  Driffield. 

Plate.  AgBr  per  100  cms.'  Densitj. 

1 0016  gramme  0*240 

2 0031        „  0-520 

3 '0062        „  1-000 

4 0124        „  2900* 

The  writers  converted  silver  into  AgBr  and  measured  the  density  in 
each  case.  Considering  how  high  the  figures  are,  the  results  are 
satisfactory. 

Series  I. 

Density  of  silver 2023|  p  ^     ^  g^  ^  ^.^3^ 

AgBr 4-020  J  ^ 

Series  II. 

Density  of  silver 1-0091   p  ^^^  ^  ^^  ^  ^.^3^ 

AgBr 2-026  J  ^ 

Comparing  these  with  Hurter  and  Driffield's  numbers,  it  is  obvious  that 
the  physical  state  of  the  haloid  has  tremendous  influence  on  the  opacity. 
Considering  the  importance  of  this  quantity  for  sensitometry,  the 
constant  P  seems  worthy  of  investigation  in  connection  with  emulsifica- 
tion. 

The  investigation  shows  that  the  density  can  be  accepted  as  a  measiupe 
of  the  mass  of  silver  reduced. 

Eirors  due  to  Plates, — Unevenness  in  the  coating  of  the  plates  intro- 
duces a  large  source  of  errors.  In  these  researches,  Wratten  ordinary 
emulsion  specially  coated  on  patent  plate  glass  was  used,  the  edges 
being  rejected.  We  have  to  thank  Mr.  Wratten  for  the  care  taken 
and  his  readiness  in  coating  experimental  plates.  Nevertheless,  as  the 
following  figures  show,  the  error  from  this  source  is  considerable. 
Plates  similarly  exposed  and  developed,  resulted  as  below : — 

a.  h.  e, 

1    1-364  1-336  1-403 

2   1-329  1-342  1354 

3  1-289  1-321  1-247 

4   1-287  .                 1-349  1280 

5   1-337  1-375  1340 

Mean     1-3212  1345  1325 

Greatest  dev.   3-2  per  cent.        2*2  per  cent.         60  per  cent. 

*  Probablj  doe  to  "aetttter"  error. 


454  Meaan.  S. E.  Sheppaid and G E. K Meea.      p>eoLM, 

.  From  theie  and  otber  meaauremento  it  waa  calealated  ihat  from  lUi 
caaae  alone  the  probri>le  error  mi  a  aiiij^e  dayebped  denaily  ia  1  per  aantb 
The  authora  have  ainoe  conatmcted  an  inatnunent  for  die  inoiv  enet 
coating  of  plates. 

Method  of  DevdopmeiU  and  Developer. — The  thermoatat  and  plate- 
holders  have  already  been  described.  Previons  to  deyelopmenti  the 
pUtes  were  soaked  for  2  to  3  minutes  in  a  tube  of  distilled  water  in  the 
thermostat.  Development  was  stopped  by  plunging  the  platea  iii^ 
cold  water,  they  were  washed,  fixed  in  pure  hypo,  washed,  deaxed  in 
dilute  HCl,  rinsed,  wiped  with  cotton  wool,  and  dried  at  a  ludfonB 
temperature. 

The  developer  first  used  was  ferrous  oxalate.  A  phyaico-chenucal 
investigation  had  shown  that  the  iron  was  present  as  a  oomplez  anioiit 
Pe(Cs04)i,  which  is  stable  in  the  presence  of  excess  of  firee  oxalate  ions, 
according  to  the  equilibrium 

Fe(Ci6«)s  ^  FeGsOi  +  Csdi. 

When  the  ferrous  oxalate  is  present  in  solid  form,  the  constant  for 
the  above  equilibrium  is  0*8  at  20**  C.  The  standard  solutions  employed 
were 

A.  FeS04  278  grammes  per  litre,  molecular, 

B.  KSC2O4 184  „  „ 

checked  by  titration  with  standard  KMn04. 
.  The  developer  was  always  slightly  acidified  with  pure  H9SO4. 
The   Velocity  of  DevelqpmerU. — This  was  studied  by  measuring  tho 
growth  of  the  density,  ».«.,  the  mass  of  silver,  with  the  time  of  reactioD, 
in  full  analogy  with  other  kinetic  investigations.     The  following  fmeU 
were  experimentally  proved  : — 

(a)  The  silver  deposited  increases  rapidly  at  first,  then  more  sloiriy, 
and  finally  tends  to  a  limit. 

(b)  This  limit  depends  only  on  the  exposure.  | 

{e)  The  velocity  depends  upon  the  concentration  of  the  reducer. 
(d)  A  soluble  bromide  reduces  the  velocity,  but  the  '*  slowing  (rff* 
with  time  is  not  so  pronounced. 
Temperature  was  always  20** "0  C,  unless  otherwise  stated. 

Table  I  for  a,  6,  and  c. 

Developer  A 5  c.c.  FeS04,   M/1.    Exposure  10  CMS. 

45   „   K2C2O4,  M/1. 

„         B 2   „  FeS04,    M/1.    Exposure  50  CMS. 

48  „   K2C2O4,  M/1. 

•  Loe.  eit.,  "  Ituttrumento  for  Seniitometry,"  <  P.  J./  1904,  Ko.  7. 

t  '  Proo.  of  Chem.  800./  toI.  21,  No.  288,  p.  10. 

X  Apparent  exoeptiom  to  this  Isw  wiU  be  diteiuMd  in  rabteqiiaiit  woik. 
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A.  Time. 
5*0  mins. 

Densitj. 
1-052 

B.  Time. 
5  0  mins. 

Dtfnsitj. 
0-628 

10-0     „ 

1-230 

10-0     „ 

0-987 

200     „ 

1-296 

15-0     „ 

1-323 

45-0     „ 

1-444 

20-0     „ 

1-376 

90-0     „ 

1-591 

30-0     „ 

1-528 

120-0     „ 

1-623 

90-0     „ 

2-429 

irming  a,  6, 

d. 

Developer,  4-0 

40-0 

1-0 

to  500 

c.c.  FeS04,   M/1. 
„   K2C2O4,  M/1. 
„   KBr,       N/10. 
„   with  H2O. 

Table  11. 

De  = 

50  CMS. 

D9  = 

10  CMS. 

Time. 
5-0  mins. 

Densitj. 

0-256 

Time. 

10*0  mins. 

Densitj. 
0-522 

110     „ 

0-759 

15-0    „ 

0-741 

150    , 

1-001 

20-0    „ 

0-838 

20-5     , 

1-375 

30-0    „ 

0-939 

25-0     , 

1-435 

40-0    „ 

1-050 

31-0     , 

1-541 

50-0    „ 

1-185 

40-0    , 

1-847 

60-0    „ 

1-212 

500     , 

2-119 

75-0    „ 

1-360 

60-0    , 

2-148 

900    „ 

1-409 

70-0 

2-333 

105-0    „ 

1-574 

90-0 

2-398 

135-0    „ 

1-641 

1200 

2-398 

12  hours 

1-641 

These  facts  are  in  agreement  with  Hurter  and  Driffield's  statement  that 
development  tends  to  a  limit  depending  upon  the  exposure.  They  con- 
sidered that  their  results  were  represented  by  the  formula  D  =  D^  (1  -  of)* 
where  D  =  density  at  time  /,  D^  —ultimate  density,  and  a  is  a  constant. 
They  stated  that  this  was  arrived  at  "  on  the  idea  that  the  number  of 
silver  bromide  particles  affected  by  light  is  greatest  in  the  front  layer 
of  the  film  and  decreases  in  geometrical  progression  as  each  successive 
layer  is  reached,"  and  '*  that  the  developer  reduced  the  particles  as  it 
penetrated  the  film."  Apart  from  the  inherent  improbability  of  this 
process  taking  place  so  regularly,  it  would,  as  was  pointed  out  by 
Luggin,t  give  results  in  contradiction  to  the  law  of  constant-density 

•  *  J.  Soc.  of  Chem.  Ind./  Maj,  1890. 
t  <  Zeit.  f.  Phjs.  Chem./  28,  p.  622. 
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ratios  demonstrated  later.  A  conclusive  experimental  disproof  of  the 
hypothesis  is  given  by  the  fact  that  a  plate  exposed  from  the  ^ass- 
side  develops  normally,  although  in  this  case  the  layer  containing 
fewest  reduced  particles  is  reached  by  the  developer  first. 


Time. 
1 1  '0  mins. 
150 
20-0 
330 
750 
1200    ,j  1156  For  meaning  of  E,  see  later. 

The  mass-time  curve  is  quite  normal. 


>» 
» 


Table  III. 

)en8itj. 

K. 

0-477 

00210 

0-612 

00217 

0-681 

0-0193 

0-897 

0-0197 

1-156 

1156 

For  me 

Another  theory  of  development-velocity  was  proposed  by  Dr.  Abegg,* 

based  on  his  "  silver-germ  "  theory  of  the  latent  image.     According  to 

this,  the  velocity  of  development,  t.^.,  the  ntunber  of  silver   germs 

deposited  in  imit  time  is  proportional  to  the  number  present  at  any 

(Ix 
time.     This  may  be  expressed  by  v  —  —^  =  /:  (a  +  6  +  j),  where  a  and  h 

are  constant  numbers  of  germs  due  to  exposure  and  ripening  respec- 
tively, and  X  is  the  number  due  to  development.  It  is  evident  that 
as  X  increases  the  velocity  should  increase,  and  a  steady  acceleration 
should  be  noticed  till  the  whole  film  was  developed  through  ;  in  this 
unmodified  form  the  expression  is  in  obvious  disagreement  vn\h  the 
facts  of  development. 

Theory  of  Development, — The  investigations  of  Boguski,t  Noyes  and 
Whitney,!  *nd  especially  of  M.  Wildermau,§  E.  Bruner,  and  Nernst,:; 
have  led  to  a  better  understanding  of  the  reaction-velocity  in  hetero- 
geneous systems,  among  which  the  development  of  silver>bromide 
naturally  stands.  When  a  solid  dissolves,  the  rate  is  proportional  to 
its  surface  and  to  the  difierence  between  the  saturation-concentration 
and  that  at  the  given  moment.  At  the  boundary  between  the  phases 
saturation  exists,  so  that  the  rate  of  solution  depends  on  the  diffusioD 
velocity.  Wlien  a  chemical  action  is  superposed,  Nemst  assumes  that 
in  most  cases  the  equilibrium  in  the  reaction-layer  is  adjusted  with 
practically  infinite  velocity  compared  with  the  difiusion  process.  If  the 
length  of  the  diffusion  path  and  the  diffusion  coefficients  are  known, 
in  many  cases  the  velocity  may  be  calculated  in  absolute  measture. 

•  B.  Abogp,  *  Archiv  f.  Wis*.  Phot./  1899,  toI.  1. 

f  V.  Ostwald,  *  Lehrbuch,'  2te  Auflage,  2te  Bd.,  2t<3  Fl.  *  Chem.  Kinetik.' 
I  '  Zeit.  f.  Phjs.  Chem.;  23. 

§  M.  Wilderman,  *Phil.  Mag.,'  October,  1902 ;    *  Zeita.  Physik.  Cliem.,'  toI.  30, 
1899,  p.  341. 

I)  '  Zeit.  f .  Phys.  CheinV  47,  1904,  p.  56, 
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Now,  the  chemical  equation  for  development  with  ferrous  oxalate 

is  probably  Ag  +  Fe  (€204)2  =  Ag  +  Fe  (€204)2,  t.e.,  one  silver  ion  is 

(met.) 

converted  into  metallic  silver.     The  velocity  equation  will  then  be 

dzjdt  =  KCAg  CfcOx. 

CAg  may  be  reckoned  as  constant  on  the  above  view  of  the 
instantaneous  adjustment  of  the  equilibrium,  as  solid  AgBr  is  present. 
If  we  assume  a  layer  of  constant  thickness,  S,  in  which  diffusion  takes 

place,  then  there  will  diffuse  into  the  reaction-layer  S-^  (a  -  x)    dt    of 

o 

reducer  in  the  time  dty  where  A  is  the  diffusion  coefficient  of  the 
reducer,  a  its  initial  concentration,  and  x  equivalents  of  AgBr  have 
been  reduced.  If  a;  be  very  small  compared  with  a,  the  total  concen- 
tration, this  becomes  S  -^  adt^  and  the  velocity  of  development  is 

c 

given  by  dxjdt  =  KS,  where  S  is  the  surface  of  the  solid  phase,  and 
K  =  A.a/6.  Now  the  existence  of  a  maximum  and  fixed  quantity  of 
developable  AgBr  is  proven  by  the  experiments  detailed  above.      We 

shall  distinguish  the  amount  of  this  by  (AgBr)  and  in  the  course  of 

the  reaction  it  varies  from  (AgBr)  to  0.    The  surface  S,  therefore,  also 

varies  from  <f>  (AgBr)  to  0.  Now,  the  microscopic  examination  of  the 
photo-film  shows  that  it  consists  of  a  number  of  very  fine  AgBr  grains 
embedded  in  gelatine.  This,  and  the  fact  that  the  emulsion  absorbs 
light,  according  to  the  law  I/Iq  =  e~^  *  where  m  is  the  mass  of  haloid, 

allow  us  to  substitute  for  S  =  <^  (AgBr),  S  =  ^  (AgBr),  t.«.,  the 

surface  is  directly  proportional  to  the  mass  of  AgBr  at  any  time,  and 
therefore  to  its  optical  density.     The  optical  density  Do  of  the  latent 

image  (AgBr)  must  equal  D^^,  the  density  reached  on  ultimate  develop- 
ment, while,  obviously,  the  density  of  the  (AgBr)  at  any  time,  /,  equals 
D^  -  D,  where  D  is  the  density  of  reduced  silver  at  the  time,  /.  Hence 
dDjdt  =  KS  =  K  (D^  -  D),  which  gives  on  integration 

flO 

If  this  formula  be  written  D  =  D^  (1  -  e~^%  it  will  be  seen  to  be  the 
same  as  Hurter  and  Driffield's,  when  e~^  =  a,  but  it  has  been  obtained  on 
quite  general  grounds,  free  from  hypothesis,  as  to  the  nature  or  dis- 
tribution of  the  developable  haloid. 

*  A  fine-grained  heterogeneity  may  be  treated  formallj  as  a  solution,  ef,  Bredig, 
"  AnorganiBche  Fermente/*  Leipzig,  and  Bodenstein.  '  Zeit.  f.  Physik.  Chem.,' 
49,  p.  42, 1904. 
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Tested  experimentally,  the  first  series  gave  a  deoreasing  ytiuB  for 
K.  It  was  found  that  this  was  due  to  the  accumulation  of  bromide, 
which  lowered  the  velocity.  This  was  avoided  by  adding  excess  of 
free  bromide  in  such  quantity  that  the  amount  due  to  development 
was  negligible. 

The  following  series  give  some  of  the  results : — 


Table  IV. 

K  =  > 

^"8^^D.-D- 

Series  I. 

Series  IL 

Time.         Density. 

K. 

Time.        Densitj. 

K. 

60  mins.    0-294 

0-0144 

5-0  mins.    0370 

0-0182 

10-0    „        0-742 

0-0212 

10-0 

0-683 

0-0186 

16-0    „        0-973 

0-0205 

15-0 

0-999 

O-O206 

20-0    „         1-178 

0-0207 

20-0 

1-203 

O-O206 

25-0    „         1-276 

0-0190 

25-0 

1-270 

0-0181 

30-0    „         1-448 

00203 

300 

1-479 

O-O203 

40-0    „         1-547 

00180 

1600 

1-962 

95-0     „         1-828 

0-0195 

00 

1-962 

135-0     „         1-899 

00199 

00                 1-919 

Mean...  K  =  001995. 

Mean...  K  =  0-0194. 

Series  III. 

Series  IV. 

Time.         Density. 

K. 

Time.        Densitj. 

K. 

5  0min8.    0-311 

00149 

5-0  mins.    0-283 

O-O190 

10-0     „        0-838 

0-0229 

10-0 

0-547 

O-O208 

15-0     „         1-000 

00193 

15-0 

0-759 

0-0217 

20-0     „         1-266 

0-0208 

20-5 

0-919 

0-0214 

25-0     „         1-401 

00199 

25-0 

0-990 

00203 

00                 2-053 

300 

1-114 

0-0217 

45-5 

1-276 

O-O209 

00 

1-437 

Mean...  K  =  001 992. 

Mean...  K  =  0-0208. 

Total  mean  of  four 

series  ... 

K. 

=  00203 

The  developer  was — 


4-00  CO.  FeS04  mol.   1  p^  ^  jj/.^k 


200    „   KBr,  N/10 
40-00    „   K2C204mol 


1  Fe  = 


N/500. 
To  100-0  C.C.  with  H2O. 
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Another  batch  of  the  same  emulsion  gave^ 


Series  I K  =  0-0191, 

„  II K  =  0-0201, 

Total  mean    

Total  mean  of  four  series.. 


Series  III 0-0217, 

„     IV 00204. 

0-0204, 
K  =  0-0203. 


The  following  table  and  curve  ahov  that  the  expression  is  satis- 
factory over  a  wide  range  of  development,  coniidoring  the  experimental 
difficulties.  All  the  series,  Di,  Dj,  and  Dg,  were  reduced  by  common 
proportion  to  the  same  value : — 


Table  V. 

-Curve  for  N/500  Br 

and  K/25  Ferrous  Oxalate. 

Time  in  mini. 

D,. 

D,. 

D,. 

Dobi. 

De»lo. 

6-0 

0-380 

0-803 

0-373 

o-sse 

0-410 

10-0 

0-778 

0-816 

0-697 

0-762 

0-786 

15-0 

1-013 

0-975 

1-020 

1-003 

0-99S 

20-0 

1-227 

1-282 

1-288 

1-289 

1-801 

26-0 

1-380 

1866 

1-296 

1-830 

1-864 

30-0 

1-610 

1  -610      1       1  -610 

1-466 

40-0 

1-610 

1       1-610 

1-681 

96-0 

1-901. 

1       1  904 

1-960 

136-0 

1-970 

1-970 

1-980 

* 

2-000 

2-000 

1      2-000 

2-000 

It  appears  that  generally  the  value  of  K  is  constant  for  a  standard 
emulsion  freshly  coated.  Variations,  however,  may  be  caused  by 
different  emulsificatioti,  and  the  value  varies  with  different  plates. 
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Thus 

Wratten  ordinary   K  »  0*0203 

Barnet  ordinary K  =  0-0260  (0-0249 -0-0254) 

For  occasions  of  space  the  mean  value  of  K  with  the  extremes  are 
given,  except  where  it  seems  desirable  to  show  that  the  course  of  the 
reaction  is  unchanged. 

Influence  of  CoiicenircUion  on  the  Velocity. — The  constant  as  developed 
above  contains  implicitly  Cpe*  the  total  concentration  of  the  iron; 
it  should,  therefore,  be  proportional  to  this  experimentally. 


Table  VI. 

CFerrous  ozaUt«. 

K  found. 

N/12-5 

0-4011 

N/12-6 

0-4061 

Br  =  N/500 

N/25 

0-203 

N/50 

0-100 

N/50 

0-102 

The  values  for  N/12-5  showed  some  tendency  to  decrease;  this  is 
probably  due  to  the  rapid  accumulation  of  bromide  and  other  reaction 
products,  which  do  not  diffuse  rapidly,  and  so  influence  the  velocity  by 
remaining  in  the  reaction  layer,  a  fact  which  is  one  of  the  main  causes 
of  divergencies  and  diificulties  in  heterogeneous  reactions.*  A  more 
stringent  proof  of  the  proportionality  is  given  later. 

On  the  diffusion  theory  of  the  development  velocity,  this  pro- 
portionality is  simply  the  expression  of  the  fact  that  the  amount  of 
reducer  diffusing  into  the  reaction  layer  is  proportional  to  the  con- 
centration (n'(/€  p.  457).  Nernstt  has^  pointed  out  that  on  this  theory 
it  is  not  admissible  to  draw  conclusions  as  to  the  order  of  the  reaction 
in  heterogeneous  systems,  so  that  the  otherwise  probable  theory,  that 
the  reaction  is  mono-molecular  with  respect  to  iron,  cannot  be  regarded 
as  strictly  proven  by  this. 

Influence  of  Bromide  on  the  Velocity, —  It  is  well  known  to  photo- 
graphers that  bromide  considerably  influences  the  rate  of  development^ 
for  which  reason  it  is  used  as  a  restrainer.  The  influence  of  bromide 
must  be  due  to  its  effect  on  the  purely  chemical  reaction 

+      -  - 

Ag  +  K  =  Ag-hR. 

(met.) 

The  effect  on  the  expression  K  =  .  log  j.  -^^  was  studied. 

It  was  found  that  the  values  of  K  for  low  values  of  t  increased  till 

•  Ostwald,  *  Lehrbuch/  2te  Auflagc,  2te  Bd.,  *  Chem.  Kinetik/ 
t  W.  Nernst, '  Theoreti«ohe  Chemie/  4/te  Auflage,  p.  673. 
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a  fairly  constant  mazimam  period  was  reached.  This  initial  induction 
was  already  noticeable  in  N/500  bromide,  and  increased  as  the  con- 
centration of  the  bromide  increased.    Further,  it  was  modified  by  the 

value  of  D^,  i.e.,  of  (AgBr),  being  shorter  for  higher  values  of  this. 
Values  of  K  were  obtained  from  "  maximum  "  period. 

Results, 

Developer,  N/25  Ferrous  oxalate. 
N/1000  KBr. 

I.  a.  K  =  00280  (0-023— 0-031).     Increase  due  to  fog. 
h.  YL  =  0-0280  (0-030— 0-026). 

II.  KBr  =  N/100.  III.  KBr  =  N/50. 

o.  K  =  0-0145  (0-0142—0-017).  a.  K  =  00123  (0-0110—0-0147). 

i.  K  =  00U2  (0-0169—0-0137).        6.  K  =  0-0113  (0-010—0-0130). 

And  with  N/12-5  Ferrous  oxalate— 

Series  I.  KBr  =  N/50. 
a.  K  =  00181  (0-0166—0-0203).        6.  K  =  00182  (00195— 00176). 

Tabulating  results  we  get — 

Developer  N/12-5  Ferrous  oxalate. 

Concentration  of  Br.  Yelocitj  constant. 

0-002  N  0-0404 

0-020  N  00181 

And  for  the  lower  concentration  N/25  Ferrous  oxalate. 

Concentration  of  KBr.  E.  K  x  log  Br. 

0-001  N  0-0280  0-0280 

0002  N  0-0203  00265 

0-010  N  0-0143  0-0285 

0-020  N  0-0118  0-0274 


C  =  0-0276 

It  will  be  seen  that  the  results  obtained  with  bromide  are  fairly 

represented  by  the  simple  empirical  f ormtda  K  x  logio  Br  «  constant, 
t.6.,  as  the  bromide  is  increased  in  geometrical  progression,  the  velocity 
diminishes  in  arithmetical 

We  may  discuss  here  the  theoretical  grounds  from  which  the 
behaviour  of  bromide  might  be  deduced. 

It  has  been  suggested  that  the  action  of  bromide  is  due  to  the 
reversal  of  development,  silver  bromide  being  re-formed  and  develop- 


^ 


462  Messrs.  S.  K  Sheppard  and  G.  E.  E.  Mees.      [Dec.  20, 

ment  retarded,*  but  the  writers  found  that  the  addition  of  small 
quantities  of  ferric  oxalate,  the  other  reaction-product,  had  no  effect 
comparable  with  that  due  to  equimolecular  quantities  of  bromide. 
Only  with  very  large  concentrations  of  ferric  oxalate  (above  N/25) 
was  an  effect  perceived.  Bromide  is  therefore  shown  by  this  method 
of  "  isolation  "  to  have  an  effect  ^^  se,  A  more  probable  theory  is  that 
bromide  acts  by  lowering  the  concentration  of  the  silver  ions  in  accord- 
ance with  the  reversible  ionic  equilibrium 

+       - 
Ag  +  Br  7^  AgBr  ^  AgBr, 

(solut.)         (solid) 

when  we  have  CAg .  Cbt  =  constant. 
Now,  the  chemical  equation  gives 

dD/(JU=  K.Car.C 

for  the  reaction  velocity,  and  in  consequence,  the  velocity  should  be 
inversely  as  the  concentration  of  the  bromide  ions.  That  it  has  a 
smaller  effect  than  this  confirms  the  view  that  the  reaction- velocity  is 
chiefly  determined  by  the  diffusion  equation.  Nevertheless,  bromide 
may  so  slow  the  chemical  reaction  that  its  velocity  begins  to  affect  that 
of  the  total  reaction. 

We  may  further  notice,  as  was  remarked  above,  that  the  expression 

-  lofi:  ^     *^  =  K  does  not  hold  over  so  wide  a  ranee  when  bromide  is 

CO 

introduced,  but  that  the  values  of  K  rise  at  first,  and  then  reach  a 
fairly  constant  period,  the  induction-period  apparently  depending  both 
on  the  concentration  of  the  bromide  and  on  the  value  of  D^ .  The 
phenomena  observed  are  similar  to  those  in  "  graded  "  reactions  taking 
place  in  homogeneous  systems,  t  These  initial  disturliances  are  inti- 
mately connected  with  the  disturbance  of  the  density  ratios  by  bromide. 
In  order  to  investigate  the  action  more  fully,  a  series  of  exposures  on 
the  same  plate,  thus  giving  different  values  of  D^,  were  obtained  by 
means  of  the  previously  described  sensitometer ;  the  results  of  this 
work  will  be  noted  later,  with  an  elaborated  theory  of  the  mechanism 
of  development. 

Age  of  Plate. — In  the  course  of  this  work,  it  was  fdimd  that  the 
velocity  of  development  depends  largely  on  the  age  of  the  plate, 
diminishing  with  keeping.  This  change  is  accelerated  by  heat  and 
atmospheric  conditions.  This  was  discovered  when  plates  of  Batch  I 
were  used  a  considerable  time  after  making,  and  gave  quite  divergent 
velocities  according  as  they  had  been  kept.  The  phenomenon,  while  the 
cause  was  still  unsuspected,  caused  much  trouble.  The  following  tables 
exhibit  the  divergencies  obtained  : — 

•  Ilurter  and  DrifTield,  *  Phot.  Journal,'  1898 ;  Luther,  *  Chemische  Vorgiinge  in 
der  Photographie/  1900. 

t  J.  Walker,  *  Proc.  Roy.  Soc.,  Edinburgh/  December,  1897. 
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Table  VII.— Developer  Fe  =  N/25,  KBr  =  N/600,  K  =  •0203.* 


Time. 

Density. 

i      "^  D. 

00 

-D- 

15-0] 

tnins. 

0-259 

0-0048 

20-0 

if 

0-452 

0-0066 

30-0 

» 

0-643 

0-0068 

40-0 

>> 

0-816 

0-0070 

50-0 

» 

0-960 

0-0071 

60-0 

»> 

1-042 

0-0068 

70-0 

» 

1-089 

0-0062 

80-0 

>> 

1-214 

0-0067 

900 

>» 

1-302 

00069 

100-0 

>> 

1-333 

0-0065 

1200 

>> 

1-423 

00064 

12  hrs. 

1-713 

U 

» 

1-712 

Mean,  K  =  • 

0067,  i,e. 

,  a  reduction  to  one-third  of  its  former  value. 

This  was  for  an  opened 

box  kept  in  laboratory  cupboard. 

Table  Vill. 

Table  Villa. 

Developer  Fe  = 

=  N/25. 

Br  =  N/500. 

Fe  =  N/25.     Br  = 

N/1000. 

Time. 

Density. 

K. 

Time.       Density. 

K. 

10  0  mins. 

0-226 

0-0062 

lO-Ominfl.    0552 

0-0174 

150     „ 

0-575 

0-0118 

16-5    „       0-744 

0-0185 

25-0     „ 

0-713 

0-0094 

20-0    „        0-891 

0-0166 

30-0     „ 

0-835 

0-0097 

250    „       0-900 

0-0136 

40-0     „ 

1-041 

00102 

30-0     „        1-040 

0-0141 

50-0     „ 

1185 

0-0102 

40-0    „        1-277 

0-0157 

600     „ 

1-284 

0-0101 

500    „        1-375 

0-0151 

70-0     „ 

1-411 

0-0108 

60-0    „        1-403 

0-0134 

80-0    „ 

1-432 

0-0099 

175-0    „        1-646 

190-0     „ 

1-666 

00                1-669 

6  hrs. 

1-708 

K  = 

001004 

K  =  0-01555 

The  values  obtained  six  months  before  were 

N/500  B'r.    K  =  0-0203.        N/1000.    K  =  0-0280, 

so  that  in  this  case  the  speed  has  been  about  halved.     This  was  for  a 
sealed  box  kept  in  laboratory  cupboard. 

Further,  for  an  opened  box  kept  in  college  locker : — 


•  Sm  table,  pp.  468—469. 
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Table  TX. 

Table  IXa. 

^7600KBr.    K  = 

0-0203. 

N/200] 

KBt.    K» 

0-0170. 

Time.        Deuritj. 

K. 

Time. 

Denuty. 

K. 

10-0  min«.     0*513 

0-0156 

10-0  Tnins     0549 

0-0149 

15-0    „         0-809 

0-0195 

15-0 

0-835 

0-0168 

20-0     „         1-002 

0-0200 

20-0 

0-961 

0-0163 

26-0    „         1-115 

0-0185 

25-0 

1-119 

0-0155 

30-0    „         1174 

0-0180 

30-0 

1-274 

0-0161 

45-0     „         1-418 

0-0184 

40-0 

1-461 

0-0160 

60-0     „         1-560 

0-0190 

46-0 

1-562 

0-0164 

190-0     „         1-664 

60-0 

1-688 

0-0162 

3  hrs.       1-664 

00 

1-895 

Mean...     K'  =  0-0189. 


Mean...     E'  =  0-01603. 


In  this  case  a  reduction  of  only  5  per  cent,  in  the  velocity  has  taken 
place. 

These  measurements  show  that  the  rate  at  which  a  plate  develops  is 
diminished  with  time  of  keeping.  Apparently  a  slow  irreversible 
change  takes  place  in  the  film,  which  is  accelerated  by  heat  and 
presence  of  gases,  etc.     If  we  consider  the  expression  for  the  velocity 

K  =     .  a . ,  it  seems  probable  that  the  alteration  is  due  to  an  effect  on 

0 

A,  the  difiusivity  coefficient.  It  is  quite  different  from  that  produced 
by  so-called  "  hardening  '*  agents,  which  do  not  affect  the  development 
velocity. 

Only  the  absolute  value  of  the  velocity,  and  not  the  velocity-function, 
is  altered. 

The  JHffiiiiion  PcUhj  8, — In  his  work  on  heterogeneous  reactions,  Bruner 
measured  the  thickness  of  the  diffusion  layer  by  electro-chemical 
reactions,  and  found,  for  example,  for  rate  of  solution  in  water  of  benxoic 
acid,  0*03  mm.  In  general,  the  layer  was  of  this  order,  but  was  lessened 
as  the  rate  of  stirring  increased. 

In  the  photo  film  the  diffusion  path  must  be  equal  to  the  depth 
of  the  latent  image  plus  a  small  layer  on  the  gelatine  surface.  The 
former  is  not  alterable  by  stirring,  and  the  subsequent  microscopic 
measurements  show  that  it  is  of  about  the  same  order  as  Bruner  found, 
viz.,  about  0*02  to  0-03  mm.  The  outer  layer  is  alterable  by  rotation, 
but  is  pro])ably  not  very  large,  as  increasing  the  rotation  had  but 
a  slight  effect  on  the  velocity.  Unfortunately,  very  high  velocities  of 
stirring  increased  the  fog  materially,  and  also  produced  uneven  marking. 
A  rate  of  about  30  revolutions  per  minute  was  found  to  ensure  homo- 
geneity of  the  solution  on  the  bounding  surface. 

It  should  l)e  noticed  that  the  whole  mass  and  surface  of  the  develop- 
able image  in  the  case  of  development  lie  in  the  short  diffusion  layer  in 
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the  gelatine.   How  far  this  modifies  the  Nemst  theory  for  the  reaction- 
velocity  will  be  considered  later. 

A  slight  periodicity  in  the  rate  of  development  was  sometimes  noted, 
see  curve*. 


20  p 


••5 


10 


ReriodiciCy    in  developmenc 


o        10      20 

Time  in  mins 


100 


Note  on  Fog. — It  is  usual  in  density  measurements  to  subtract  the  so 
called  "  fog  "  from  the  total  density.  This  is  the  density  due  to  inherent 
fog  in  the  plate,  extraneous  light,  etc.  Usually  a  separate  reading  is 
made  of  the  so-called  fog  strip,  but,  owing  to  the  differential  nature  of 
our  instrument,  the  "  fog  "  reading  was  automatically  subtracted,  and 
taken  from  the  same  portion  of  emulsion  as  the  exposure. 

But  the  formula-  log  ^ — 5p      =  K  shows  that  there  is  a  theoretical 

«rror  in  assuming  the  fog  in  the  unexposed  strip  is  equal  to  that  in  the 
exposed  strip. 

For  let  A  +  B  =  C  be  total  mass  AgBr, 

where  A  =  AgBr  changed  by  light,  B  =  AgBr  imchanged. 

Then  rate  of  fogging  =  {dDldt)  C  =  K  (A  +  B)  in  fog  strip,  and  equals 
{dDjdt)  B  =  KB  in  exposed  film. 

Obviously,  fog  increases  faster  in  unexposed  film  than  in  the  exposed ; 
it  is  desirable,  therefore,  for  photo-chemical  investigations,  to  have  an 
emulsion  which  does  not  give  fog-density  higher  than  0*15  to  0*2,  even 
on  infinite  development,  and  in  most  of  this  work  this  was  fulfilled. 

Law  of  Constant  Density  Ratios, — Another  deduction  from  the  develop- 
ment formula  is  the  law  of  constant  density  ratios.  If  a  series  of 
increasing  exposures  are  given  to  a  plate,  as  every  density  increases 

*  Cf.  Ostwald,  *  Vorles.  fiber  NaturphU.,'  Leipzig,  1902,  pp.  274,  315,  862,  *  Zeit. 
Phys.  Chem.,'  36,  p.  33,  1900.  Or.  Bredig  u.  Weinmayer,  *  Z.  f.  p.  Ohem.,*  42, 
p.  600,  "  Periodic  Contact  Analysis.*' 
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proportionately,  the  ratio  of  the  densities  due  to  any  two  ezposnres 
is  constant,  and  independent  of  the  time  of  development. 

Hurter  and  Driffield  showed  that  if  a  geometrically  increasing  series 
of  exposures  be  given  to  a  plate  over  a  certain  range,  the  density 
increased  arithmetically.     Over  this  period  of  "  correct  exposure  "  the 
following  equation  holds  : — D  =  y  log  E/t,  where  E  is  the  exposure, 
i  is  a  characteristic  constant  of  the  plate,  termed  the  inertia,  and  y  is 
a  constant  depending  upon  the  development,  and  called  the  develop- 
ment factor.    The  magnitudes  i  and  y  are  obtained  graphically  as 
follows  :  the  densities  due  to  nine  successive  exposures  are  plotted  as 
ordinates,  and  the  logarithms  of    the    corresponding  exposures  as 
abscissse.     A  curve  is  obtained  which,  for  a  certain  period,  is  practi- 
cally a  straight  line.     The  point  where  this  cuts  the  exposure  axis 
gives  log  t,  and  if  ^  be  the  angle  of  inclination,  y  =  tan  6,     Analyti- 
caUy,  the  value  of  y  may  be  deduced  as  follows :  for  two  exposures, 
El  and  E2,  we  obtain  the  densities  Di  and  D2,  the  equations  being 

Di  =  y  logEi/i,  D2  =  y  log  Eg/t, 
eliminating  t,  ^       Do  -  Di        __    ^  D     .♦ 

^  "  log'Eo  -  log~Ei  ~  A  log  E  ' 
y  is  therefore  independent  of  the  absolute  exposure,  and  only  depen- 
dent on  the  E2/E1  which  is  fixed  by  the  sector  wheel. t 

In  order  to  test  the  constancy  of  the  density  ratios,  two  plates  were 
exposed  simultaneously  in  the  sensitometer  to  avoid  errors  due  to 
light  inconstancy,  and  developed  for  different  times.  The  values  of 
y  were  obtained  from  the  curves  in  the  graphic  manner  described. 
Each  plate  was  allowed  100  c.c.  of  developer. 

FeSo4  Mol.  80  c.c.  +  K2C2O4  Mol.  to  100  c.c. 
The  logarithms  of  the  exposures  are  given  on  an  arbitrary  scale, 
putting  logEg  =  I'O,  as  the  absolute  value  is  unimportant.     A  typical 
table  is  given  below  : — 

Table  X.— Ti  =  2  mins.,  Tg  =  6  mins. 


No. 
1 

LogE. 
3-30 

D 

ensitj  Tj. 

Density  Tj. 

Ratio  DiyD, 

2 

3012 

0-876 

2-563 

2-935 

3 

2-72 

0-759 

2-230 

2-900 

4 

2-42 

0-685 

1-995 

2-920 

5 

214 

0-499 

1-491 

2-983 

6 

1-80 

0-332 

1-096 

3-330 

7 

1-575 

0-234 

0-716 

3-050 

8 

1-360 

0-128 

0-329 
Mean 

2-680 

...     2-957 

•  Or  D- 

.^log 

E 

— ,  hence  y  = 

rfD 
(flogE* 

t  For  calibration  of  sector-wheel  t.  loc,  cit.,  p.  2. 
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Other  results  abbreviated : — 

Series  II ...     R  =  1-465.     Mean  dev. 


„    III...     R  -  2-21. 
„    IV...     R  =  1-49. 


» 


V...     R  =  1-353. 


„    VI...     R  =  1-48. 


» 


»> 


» 


)f 


Range  of  exposure    . . . 
„        development 


+  0-04.     Ti  =      6  mins. 

T2  =  120 
T004.     Ti  =      2 

T2=  4 
+  006.     Ti  =      8 

T2  =  120 
:  +  0032.  Ti  =      5 

T2=  10 
■•  +0-05.     Ti  =    10 

T2  =  120 

1—250. 

2  mins.  to  2  hrs. 


» 


'l^ 


Con9Ca.nc!^  of  UenaiC^    rAbioa. 


The  ratios  of  densities  due  to  different  exposures  are  unchanged  by 
time  of  development  in  a  non-bromided  developer. 

These  tables  and  the  curves  show  that  for  variations  in  the  time  of 
development  from  2  minutes  the  density  ratios  and  the  values  of  i  are 
unaffected.  Every  density  grows  proportionately  with  the  time,  a 
fact  which  finds  its  rational  explanation  in  the  theory  of  development 
proposed. 

For  the  straight  line  portion  of  exposure  the  equation 
D  =  y  (log  £  -  log  i)  holds,  and  for  a  single  density  the  expression  in 
brackets  is  a  constant.  The  development  factor,  7,  is,  therefore, 
strictly  proportional  to  D,  and  as 

D  =  D.(l-.-KO, 

so  y  =  7cp(i-«"^). 

where  y  =  y  at  time  <, 

y,^  =  7  infinite  dev., 
which  gives  the  relation  between  y  and  the  time  of  development. 
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The  following  tables  show  the  validity  of  the  expression  for  differmt 
batches  of  plates : — 

Table  XI. 


Time. 

DeTelopment 
factor  y. 

2'0  mins. 

0-50 

00460 

2-5 

0-73 

00562 

4-0 

1-08 

00572 

5-0 

1-33 

0-0608 

6-0 

1-47 

0-0578 

8-0 

1-77 

0-0602 

10-0 

1-91 

0-0541 

15-0 

2-17 

0-0480 

00 

2-67 

Mean 

..     00550 

Table  XII. 

Time. 

y- 

K  -  ^  log     >« 

2'0  mins. 

0-684 

0-0495 

2-5     „ 

0-840 

0-05OO 

4-0     „ 

1-23 

0-0500 

5-0     „ 

1-63 

0-0470 

80     „ 

1-90 

0-0470 

GO 

3-40 

VA^ 

Mean 

...  K  =  0-0487 

This  shows  that  both  y^  and  K  vary  for  different  batches  ;  for  the 
same  developer,  y^  and  K  are  the  characteristic  development  constants 
of  the  emulsion. 

The  factor  y  is  of  considerable  importance  in  practical  photography, 
as  it  measures  the  gradation  or  degree  of  contrast  in  a  negative. 

Influence  of  Concentration  on  y—  As  might  be  expected,  this  is  simply, 
the  time  taken  to  reach  a  given  factor  is  inversely  as  the  concentration 
of  the  ferrous  oxalate. 

Thus  for  N/12-5  and  N/25  ferrous  oxalate — 


N/25 
N/12-5 
N/25 
N/12-5 


5-0  mins y 

2-5     „  y 

5-0     „  y 

10-0     , y 


=  0-73 
=  0-72 
-  1-54 
=  1-59 


Over  the  range  N/5  to  N/40 — 

(A)  N/5     1-5  mins. 

(B)  N/10  3-0     „ 


(C) 


N/20 
N/40 


6-0  mins. 
12-0 


» 
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Table  XHI. 


E. 

LogE. 

Da. 

Db. 

Do. 

Dd. 

MeanD. 

304-5 

2-48 

1-868 

1-440 

1-446 

1-414 

164*8 

2  1» 

1-802 

1-248 

1-278 

1-270 

1-274 

78-0 

1-89 

1004 

1114 

1-104 

1-120 

1-108 

40-6 

1-61 

0-892 

0-892 

0-902 

0-850 

0-884 

18-8 

1-26 

0-604 

0-688 

0-676 

0-608 

.  0-644 

11  1 

105 

0-422 

0*486 

0-428 

0-858 

0-414 

6-72 

0-88 

~^ 

0-244 

1 

0-244 

The  velocUy  of  development  is  proportional  to  the  concentration  of  the  ferrous 
oxalate. 

The  magnitude  y^,  ».«.,  the  limiting  y  of  the  plate,  is  of  great 
importance.  It  expresses  nimierically  the  ultimate  density-giving 
powers  of  plates,  and  gives  a  numerical  measure  of  the  quality  that 
has  hitherto  been  expressed  by  such  phrases  as  *'  contrasty  plates," 
soft  plates,  '*  flaue  platten,"  and  so  forth,  y^  is  proportional  to  the 
photometric  constant  of  the  reduced  silver,  and  so  varies  slightly  with 
the  developer,  but  more  so  with  the  emulsification  of  the  haloid. 

The  practical  estimation  of  7^  and  D^  is  in  many  cases  beset  with 
much  experimental  difficidty.  If  y^  is  very  high,  the  resultant 
densities  are  hard  to  measure,  while  many  commercial  plates,  especially 
rapid  ones,  give  much  fog  on  prolonged  development.  Since  the 
equilibrium  is  only  theoretically  reached  after  infinite  time,  only  a 
close  approximation  is  reached  by  very  long  development.  The 
method  given  by  Ostwald*  for  evaluating  the  end-result  was  employed 
to  check  the  results. 

The  following  method  of  obtaining  y^  and  K  from  simultaneous 
values  of  y  and  /  was  pointed  out  by  Dr.  L.  N,  G.  Filon : — 

Writing  the  equation  -log«  -^-^—  =  Kin  the  form  y  =  y^  (1  -«~^0f 

*       7oo ""  y 

and  taking  71  and  72  so  that  ^2  =  ^lu  ^0  get 

yi  =  y.(i-''-'''0  (»). 

72  =  7x0 -«-"'•)  (*). 

putting  e"^'i  =  a;  we  have  from  (a)  and  (6) 

71  _     l-x    _      1      _         1 


(l-a;2)       1+a;       l+e 


-Kt, 


rL_  =  ^Ki 


72-71 


and 


i         72-71 

•  *  Lehrbuoh,*  2te  j^nflage,  2  Th.,  2  Bd.,  p.  210. 
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which  giyes  K,  whence  y«  may  be  obtained  by  mbetitiitioa ;  fafot  ifc 
mort  be  noticed  that  the  ezprearion  only  holda  when  ytlyi  >■  <  0^ 
approximately, «.«.«  when  the  tangential  part  o{  the  carve  ia  past. 

Camfoinaon  of  Devehpen. — By  means  of  the  y  formols  the  relatiTS 
eflEhsiendes  for  different  developers  can  be  ccnnpared.  The  fcdlowing 
results  give  the  comparison  for  ferrous  oxalate,  fluoride,  and  citrate : — 

Femms  Flvmde. — ^llie  use  of  this  salt  was  suggested  by  Peters' 
work  on  the  reduction  potential  of  ferrous  salts.  Luther  A-»-plMTi«  the 
fact  that  ordinary  ferrous  salts — ^Fe"B — as  FeS04  do  not  develop  aa 
due  to  the  reversal  of  the  reaction  by  ferric  ions.  But  Peters  has 
shown  that  the  E.M.F.  of  a  ferrous  chain  is  very  much  increaaed  by 
the  addition  of  a  soluble  fluoride,  owing  to  the  fact  that  Fe'Tlg  ia  bub 
slightly  dissociated,  and  further  that  a  complex  ferrid-fluoridion  is 
formed,  both  causes  tending  to  remove  ferric  ions.  We  fotind  tjhat 
an  N/10  solution  of  FeS04  in  excess  of  KF  developed  but  alowly. 
Prolonged  development  removed  the  film  from  the  plate,  ao  that 
ediuloid  films  had  to  be  used. 

The  developer  was  made  by  mixing  FeS04  and  NaF  soluttona,  as 
the  sodium  double  salt  seems  more  soluble  than  the  potaaaium  one. 
The  solutions  were  nearly  colourless. 


Table  XIV. 

— Ferrous  Oxalate, 

N/10. 

Temp.  13'' 

C. 

Time. 
3*0  mins. 

>• 
0-64 

0-056 

6-0    „ 

113 

0-060 

8-0     „ 

1-39 

0-064 

00 

2-00 

K  = 

=  0-060 

Time. 
2-0  mina. 

Temp.  20' 
0-49 

c. 

h 
t 

0-062 

40    „ 

101 

0O76 

7-0    „ 

1-35 

0O71 

8-0     „ 

1-49 

0O74 

00 

2-00 

I 


K  =  0O71 
y^  =>  2*00,  mean  value  found  by  Filon's  expression. 

The  experiments  with  ferrous  fluoride  showed  that  the  law  of  the 
eonstanoy  of  inertia  with  time  of  development  held  here.  For  brevity, 
only  the  y  values  are  given. 
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Table  XV.— Ferrous  Fluoride,  N/10. 
Temp,  ir  C. 

,p.  ;  log,o  -^^^ ' 

lime.  7.  '  7oo  ~7 

450  mins.  0*50  0-0028 

90-0     „  1-00  0-0033 

135  0     „  1-35  0-0036 

2800     „  1-72  0-00303 

.  00  2-00  

K  =  0-0032 

Temp.  20'  C. 

Time.  7.  t           7x— 7 

15  0  mins.  0-204  00030 

600     „  0-895  0-0043 

90-0     „  1-22  0-0045 

120-0     „  1-36  00041 

00  2-00  

K  =  0-0043 

Hence,  comparing  results, 

Temp.  E  Ferrous  oxalate.       Ferrous  fluoride.  Ratio. 

13**  C.  0-060  0-0032  18'7 

20"  C.  0-071  00043  16*5 

This  indicates  that  ferrous  fluoride  has  a  somewhat  higher  tempera- 
ture-coefiicient  than  ferrous  oxalate. 

Ferrous  Citrate, — This  is  a  good  developer  for  chloride  plates,  but 
develops  silver  bromide  very  slowly.  For  the  plates  employed 
y.  =  3-40,  and  K  for  ferrous  oxalate  at  20°  C.  =  0-0487. 

It  was  found  that  here  also  the  density  ratios  and  the  inertia  were 
independent  of  the  time  of  development.     For  the  velocity  at  20°  C. — 

Table  XVI.— Ferrous  Citrate,  N/10. 

Time.  7.  ^'^'"^7' 

60-0  mins.  0474  0-0011 

1200     „  0-720  0-0009 

240-0     „  1-40  0-00096 

00  3-40  

K  -  0-0010 

Whence  for  table  of  relative  efficiencies  at  20°  C. — 

Developer.  Effioienoy  »  K 

Ferrous  citrate 1*00 

Ferrous  fluoride    2*95 

Ferrous  oxalate 48*7 
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On  the  Theory  of  DevelapmefU. — In  the  f errouB  fluoride  developer  the 

+  + 
reducing  agent  seems  most  probably  the  ferrous  ion,  Fe,  the  concen- 
tration of  which  is  extremely  high.  With  ferrous  citrate,  a  complex 
ferroHsitratanion.  Now,  on  the  dififusion  theory  the  great  difference  in 
velocity  observed  is  difficult  to  explain;  in  particular,  the  mobile 
ferrous  ion  should  have  proved  the  most  efficient  reducer.  PossiUy 
we  still  have  to  do  with  the  influence  of  free  ferric  ions  on  the 
reduction  velocity,  although  their  original  concentration  in  the  ferrous 

fluoride  solutions  was  extremely  small,  while   those  formed   by  the 

++       +  +++ 

reaction  Fe  +  Ag  z^  Fe  +  Ag  (metal),  should  be  immediately  removed 

by  the  ionic  equilibria 

Fe\3F  ^  FeFs 

and  Fe  +  6F  ^  FeYe. 

However,  the  action  of  bromides  shows  that  the  actual  chemical 
reaction  can,  under  certain  circumstances,  influence  the  total  reaction 
velocity.  Although,  in  general,  ionic  reactions,  such  as  we  must 
conceive  development  to  be,  occur  with  practically  immeasurable 
velocity,  yet  it  is  possible  to  follow  some  in  which  the  ionic  concen- 
tration is  very  low.*  In  the  development  of  silver  bromide,  the 
concentration  cannot  pass  the  solubility  product  of  AgBr,  so  that  the 
maximum  concentration  of  silver  ions  is  very  low.  Further,  the 
unknown  nature  and  influence  on  the  reaction  of  the  so-called  latent 
image  have  not  been  taken  into  account. 

Bodenstein,t  in  a  criticism  of  the  Nernst-Bruner  theory,  has 
indicated  the  presence  of  a  high  temperature  coefficient  as  a  criterion 
for  distinguishing  whether  the  speed  of  reactions  in  heterogeneous 
systems  is  conditioned  by  the  diffusion  process  or  the  chemical  reaction. 
A  study  of  the  temperature-influence,  of  the  influence  of  soluble 
bromides,  the  reversibility  of  the  reaction,  and  of  the  microscopy  of 
development  and  exposure  has  been  made,  in  continuance  of  the 
present  work,  as  well  as  experiments  on  the  nature  and  destruction  of 
the  "  latent  image,"  and  it  is  hoped  to  publish  these  shortly. 

The  work  given  here  shows  that  development  can  be  studied 
quantitatively,  and  brings  it  in  line  with  general  physico-chemical. 

Summarif  of  Hesnlfit. — (1)  An  accurate  quantitative  method  of 
attacking  photographic  questions  is  described,  and  it  is  shown  that  if 
T  be  the  optical  transparency  of  the  silver  deposited  in  photographic 
processes,  the  D  =  -  log  T  is  accurately  proportional  to  the  mass  of 
silver. 

•  Cf.  Doniian  and  Le  Rossignol,  "Telocity  of   Reaction  between  Potassium 
Ferricjanide  and  Iodide  in  Neutral  Solution,"  *J.  C.  S.  Trans.,*  p.  703,  1903. 
t  M.  Bodenstein,  '  Zeit.  f.  Physik.  Chem.,'  49,  H.  1,  p.  42,  1904. 
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(2)  From  considerations  of  the  growth  of  the  density  during  develop- 
ment, and  of   the  theory   of  heterogeneous  reactions,  the  equation 

^  log  -      -5e_  =  K,  a  constant,  was  shown  to  represent  the  reaction ; 

this  was  experimentally  confirmed.  It  is  considered  that  the  velocity 
of  development  mainly  depends  upon  the  rate  of  diffusion  to  the 
affected  haloid.  In  agreement  with  this  (a),  the  velocity  as  measured 
by  the  constant  above,  is  directly  proportional  to  the  concentration  of  the 
reducer ;  (6)  ife  affected  by  the  age  and  condition  of  the  plate ;  (c)  is 
reduced  by  the  addition  of  soluble  bromides,  but  not  in  the  propor- 
tion which  would  occur  if  the  velocity  of  the    chemical    reaction 

+     —  — 

Ag  +  R  =  Ag  (met.)  +  R  alone  were  measured. 

(3)  The  law  of  constant  density-ratios  due  to  varying  exposures, 
deduced  from  the  above  theory,  is  experimentally  confirmed. 

(4)  It  is  shown  that  the  development-factor  y  in  the  sensitometry 
equation  D  =  ylogE/t  is  governed  by  the  same  laws  as  a  single 
density.    Methods  for  calculating  and  controlling  y  are  given,  by  means 

of  the  equation  —  log     ^*      =  K. 

(5)  By  means  of  this  expression  the  velocities  with  ferrous  oxalate, 
fluoride,  and  citrate  were  compared,  the  relative  values  of  K  being  in 
N/10  concentration  0-0487,  0*003,  0001 ;  the  anomalies  here  and  the 
theory  of  development  are  discussed. 

In  conclusion,  it  is  our  pleasant  duty  to  express  our  thanks  to 
Professor  Sir  William  Ramsay,  F.R.S.,  for  continual  interest  and 
advice  throughout  the  research,  and  also  to  Dr.  F.  Q.  Donnan,  and  to 
Dr.  M.  W.  Travers,  F.R.S.,  for  much  advice  and  sympathy. 
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"*  Polarised  Bontgen  Badiation."  By  Charles  G.  Barkla,  D.Sc, 
B.A.,  King's  College,  Cambridge,  Oliver  Lodge  Fellow, 
University  of  Liverpool.     Communicated  by  Professor  J.  J. 

Thomson,  F.B.S.    Eeeeived  January  21, — Bead  February  16, 
1905. 

(Abstract.) 

Experiments  on  secondary  radiation  from  gases  and  light  solids 
subject  to  X-rays  showed  that  the  character  of  this  radiation  dififera 
only  very  slightly  from  that  of  the  radiation  producing  it,  and  that  the 
energy  of  this  radiation  is  proportional  merely  to  the  quantity  of  matter 
through  which  a  beam  of  Bontgen  radiation  of  definite  intensity 
passes,  being  independent  of  the  kind  of  matter. 

These  results,  and  the  agreement  between  the  energy  experimentally 
determined  and  that  calculated,  led  to  the  conclusion  that  this  radiation 
is  due  to  what  may  be  called  a  scattering  of  primary  X-rays  by  the 
corpuscles  or  electrons  constituting  the  molecules  of  the  substance. 

On  the  hypothesis  that  Bontgen  rays  consist  of  a  succession  of 
electro-magnetic  pulses  in  the  ether,  each  electron  in  the  medium 
through  which  these  pulses  p<iss  has  its  motion  accelerated  by  the 
intense  electric  fields  in  these  pulses,  and  consequently  is  the  origin  of 
a  secondary  radiation,  which  is  most  intense  in  the  direction  perpen- 
dicular to  that  of  acceleration  of  the  electron,  and  vanishes  in  the  direc- 
tion of  that  acceleration.  The  direction  of  electric  intensity  at  a  point 
in  a  secondary  pulse  is  i)erpendicular  to  the  line  joining  this  point  and 
the  origin  of  the  pulse,  and  is  in  the  plane  passing  through  the  direction 
of  acceleration  of  the  electron. 

On  this  theory,  a  secondary  beam  whose  direction  of  propagation  is 
perpendicular  to  that  of  the  primary,  will  be  plane  polarised,  the 
direction  of  electric  intensity  being  parallel  to  the  pulse  front  in  the 
primary  beam.  If  the  primary  beam  be  plane  polarised,  the  secondary 
radiation  from  the  charged  corpuscles  or  electrons  has  a  maximum 
intensity  in  a  direction  perpendicular  to  that  of  electric  displacement 
in  the  primary  beam,  and  zero  intensity  in  the  direction  of  electric 
displacement. 

The  secondary  radiation  from  light  substances  was  too  feeble  to  allow 
accurate  measurement  of  the  intensity  of  the  tertiary  radiation. 

A  consideration  of  the  method  of  production  of  primary  Bontgen 
rays  in  an  X-ray  tube,  however,  leads  one  to  expect  partial  polarisation 
of  the  primary  beam  proceeding  from  the  antikathode  in  a  direction 
perpendicular  to  that  of  propagation  of  the  impinging  kathode  rays, 
for  there  is  probably  at  the  antikathode  a  greater  acceleration  along  the 
line  of  propagation  of  the  kathode  rays  than  in  a  direction  at  ri^t 
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angles ;  consequently  in  a  beam  of  X-rays  proceeding  in  a  direction 
perpendicular  to  that  of  the  kathode  stream  there  should  be  greater 
electric  intensity  parallel  to  the  stream  than  in  a  direction  at  right 
angles. 

Such  a  beam  was  therefore  used  as  the  primary  radiation,  and  the 
intensity  of  secondary  radiation  proceeding  in  a  direction  perpendicular 
to  that  of  propagation  of  the  primary  beam  from  a  radiator  placed  in 
that  beam,  was  studied  by  means  of  electroscopes. 

In  the  final  form  of  apparatus  the  intensity  of  secondary  radiation 
was  measured  in  two  directions  perpendicular  to  that  of  propagation  of 
the  primary  radiation  and  to  each  other,  while  the  intensity  of  the 
primary  beam  was  measured  by  a  third  electroscope. 

Using  paper,  aluminium,  or  air  as  the  radiator,  as  the  bulb  was 
turned  round  the  axis  of  the  primary  beam  studied,  the  intensity  of  a 
secondary  beam  was  found  to  reach  a  maximum  when  the  direction  of 
the  kathode  stream  was  perpendicular  to  that  of  propagation  of  the 
secondary  beam,  and  a  minimum  when  these  two  were  parallel,  one 
electroscope  recording  a  maximum  rate  of  deflexion  when  the  other 
recorded  a  minimum.  Many  experiments  were  made  which  proved  the 
evidence  of  partial  polarisation  conclusive. 

When  heavier  metals,  such  as  copper,  tin,  and  lead,  which  emit  a 
secondary  radiation  differing  considerably  in  character  from  the  primary 
producing  it,  were  used  as  radiators,  no  variation  in  intensity  of 
secondary  radiation  was  observed  as  the  bulb  was  rotated. 

This  result  was  not  found  to  be  affected  by  a  considerable  variation 
in  the  penetrating  power  of  the  primary  radiation. 

Experiments  were  made  with  several  X-ray  tubes. 


Api,li;me<!=  generally  used   fo 
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Some  time  ago,  I  con§idered 
electrolytic  cell  with  this  object, 
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The  electrochemical  action  by  w 
produced  involves,  however,  a  tin 
meoting  I  found  that  it  did  nnt  ^■- 
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glow  lamp  contains  a  pair  of  carbon  filaments  or  a  single  filament  and 
«  metallic  plate  sealed  into  the  bulb,  the  vacuous  space  between 
possesses  a  unilateral  conductivity  of  a  particular  kind  when  the 
earbon  filament,  or  one  of  the  two  filaments,  is  made  incandescent.  I 
have  quite  lately  returned  to  this  matter,  and  have  found  that  this 
unilateral  conductivity  exists  even  with  alternating  currents  of  high 
frequency  and  is  independent  of  the  frequency.  Hence,  in  a  suitable 
form,  it  seemed  possible  that  such  a  device  would  provide  us  with  a 
means  of  rectifying  electric  oscillations  and  making  them  measurable 
on  an  ordinary  galvanometer.  The  following  experiments  were, 
therefore,  tried : — 

Into  a  glass  bulb,  made  like  an  incandescent  lamp,  ai*e  sealed  in  the 
ordinary  way  two  carbon  filaments,  or  there  may  be  many  filaments. 
On  the  other  hand,  one  carbon  filament  may  be  used  and  a  platinum 
wire  may  be  sealed  into  the  bulb  terminating  in  a  plate  or  cylinder  of 
platinum,  aluminium  or  other  metal  surrounding  the  filament.  It  is 
preferable  to  use  a  metal  plate  carried  on  a  platinum  wire  sealed  into 
the  glass  bulb,  the  plate  being  bent  into  a  cylinder  which  surrounds 
both  the  legs  of  the  carbon  loop.  The  diagrams  in  fig.  1  show  various 
iorms  of  the  arrangement.  Diagram  a  shows  a  bulb  with  a  single  carbon 
filament  surroimded  by  a  metal  cylinder,  h  shows  one  with  two  carbon 
filaments,  and  c  a  carbon  filament  and  two  insulated  metal  plates.  The 
•ends  of  the  carbon  filament  which  is  rendered  incandescent  are  marked 
+  and  -  and  the  terminal  of  the  other  electrode  of  the  valve  is 
marked  /.  The  bidb  must  be  highly  exhausted  to  about  the  pressure 
usual  in  the  case  of  carbon  filament  incandescent  lamps,  and  the  metal 
oylinder  or  plate  must  be  freed  from  occluded  air. 

Suppose  that  we  employ  such  a  bulb  containing  one  carbon  filament 
surrounded  by  a  metal  cylinder  (see  a,  fig.  1).  The  filament  may  be 
of  any  voltage,  but  I  find  it  most  convenient  to  employ  filaments  of 
such  a  length  and  section  that  they  are  brought  to  bright  incan- 
descence by  an  E.M.F.  of  12  volts.  The  voltage  and  section  of  the 
filament  should  be  so  arranged  that  the  temperature  of  the  filament 
<3orresponds  with  an  "efficiency,"  as  a  lamp-maker  would  say,  of 
5*75  or  3  watts  per  candle.  The  filament  is  conveniently  brought  to 
incandescence  by  a  small  insulated  battery  of  secondary  cells.  A 
circuit  is  then  completed  through  the  vacuous  space  in  the  bulb  between 
the  cylinder  and  the  filament  by  another  wire  which  joins  the  external 
terminal  t  of  the  metal  cylinder  and  that  terminal  of  the  carbon 
filament  which  is  in  connection  with  the  negative  pole  of  the  heating 
battery.  In  this  last  circuit  is  placed  a  sensitive  mirror  galvanometer 
of  the  movable  needle  or  movable  coil  type,  and  also  a  coil  which  may 

vol.  13,  Part  LXXXIY,  p.  45,  Friday  eveniiig  discourse  on  February  14,  1890, 
*^  Problems  on  the  Physics  of  an  Electric  Lamp,"  when  this  unilateral  conductiyjty 
was  experimentally  shown. 
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be  the  secHHidaiy  circuit  of  an  air  core  tranflformer  in  which  eleetrie 
oecillations  are  set  up.  As  is  now  well  known,  the  vaouous  space  in 
the  bulb  permits  negative  electricity  to  move  in  it  from  the  hot 
filament  or  cathode  through  the  vacuous  space  to  the  cylinder  or  anode 
and  back  through  the  galvanometer  and  coil,  but  not  in  the  reverw 
direction,  as  long  as  the  cylinder  is  cool  and  the  carbon  filament  not 
at  a  temperature  much  above  the  melting  point  of  platinum.  To 
illustrate  the  action  of  the  bulb  as  an  electrical  valve,  the  following 
experiments  can  be  shown : — 

Electric  oscillations  are  set  up  in  a  metal  wire  circuit  by  the  discharge 
of  a  Leyden  jar,  as  usual.  This  circuit  takes  the  form  of  a  thick 
wire  of  one  or  more  turns,  bent  into  the  form  of  a  circle  or  square. 
Some  distance  from  this,  we  place  another  wire,  of  several,  say  eight 
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or  ten  turns,  also  bent  into  the  form  of  a  circle,  and  connect  this  last 
wire  into  the  circuit  of  a  galvanometer  and  vacuum  bulb  made  as  de- 
scribed, so  that  it  is  a  circuit  having  unilateral  conductivity.    On  exciting 
the  oscillations  in  the  primary  circuit  by  an  induction  coil  we  have  an 
alternating  high  frequency  magnetic  field  produced,^  which  affects  the 
secondary  circuit  at  a  distance.      The  oscillations   in  this    last  are, 
however,  able  to  flow  only  in  one  direction.     Hence,  the  galvanometer 
is  acted  upon  by  a  series  of  intermittent  but  unidirectional   electro- 
motive forces,  and  its  needle  or  coil  deflects.     Since  the  field  is  a  high 
frequency  field,  we  can  show  the  screening  effect  of  a  sheet  of  tin  fofl 
or  silver  paper  in  a  very  simple  and  effective  manner  by  the  effect  it 
produces  in  cutting  down  the  galvanometer  deflection  when  the  metal 
sheet  is  interposed  between  the  primary  secondary  circuits.     Also,  if 
we  move  the  secondary  coil  away  from  the  primary  coil  or  turn  the 
two  coils  with  their  planes  at  right  angles  to  one  another,  then  the 
galvanometer  deflection  diminishes  or  falls  to  zero  because  the  indae- 
tion  is  decreased.    Accordingly,  we  have  in  this  vacuum  valve  and 
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associated  mirror  galvanometer  a  means  of  detecting  feeble  alternating 
electric  currents  or  oscillations.  Another  method  is  to  employ  a 
differential  galvanometer  and  two  vacuum  valves.  These  must  then 
be  arranged,  as  shown  in  fig.  2,  one  circuit  Gi  of  the  differential  galvano- 
meter is  in  series  with  one  valve  Vi  and  the  other  circuit  O2  with  the  other 
valve  V2,  but  so  joined  up  that  currents  flowing  through  the  valves  in 
opposite  directions  pass  round  the  two  galvanometer  wires  in  the 
same  direction  as  regards  the  needle  and,  therefore,  their  effects  are 
added  together  on  the  galvanometer  needle.  Each  valve  must  then 
have  its  own  separate  insulated  battery  to  ignite  the  filament.  Also, 
it  is  necessary  that  the  connection  with  the  oscillatory  circuit  must  be 
made  in  both  cases  to  the  hot  filament  by  that  terminal  which  is  in 


Fio.  2. 
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connection  with  the  negative  pole  of  the  local  battery  used  to  ignite 
the  filament  (see  fig.  2). 

This  arrangement  of  a  differential  galvanometer  and  two  valves 
transforms,  of  course,  more  of  the  alternating  oscillation  into  direct 
current  than  when  one  valve  alone  is  used.  It  provides  us  with  a 
means  of  detecting  electrical  oscillations  not  merely  in  closed  circuits 
but  in  open  electrical  circuits. 

When  so  using  it,  it  is  necessary  to  associate  with  the  oscillation 
valve  and  galvanometer  an  oscillation  transformer  for  raising  the 
voltage.  The  resistance  of  these  valves,  when  in  operation,  may  be 
anything  from  a  few  hundred  ohms  up  to  some  megohms,  depending 
on  the  state  of  incandescence  of  the  filament  and  upon  the  electro- 
motive force  employed  to  drive  the  current  through  the  vacuous  space, 
as  well  as  upon  the  size  of  the  filament  and  the  plate.    This  resistance 
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does  not  obey  Ohm's  law,  but  the  current  increMes  to  a  maziiinim  and 
then  slightly  decreases  as  the  voltage  progressively  inereaaaa.  Ike 
form  of  oscillation  transformer  employed  with  the  device  ia  aa  follows: 
A  small  air-core  induction  coil  has  a  primary  circuit,  which  ooneists  of 
52  turns  of  gutta-percha  covered  wire,  wound  in  a  helical  gcoo\%  cot 
on  an  ebonite  rod  0*5  inch  in  diameter  and  6  inches  in  length.  The 
primary  circuit  is  made  of  a  No.  20  or  No.  22  S.W.G.  copper  wire. 
The  secondary  circuit  consists  of  36,000  turns  of  fine  silk-coTOTed  wire, 
No.  36,  wound  in  six  coils,  each  having  about  6000  tuma,  and  all 
joined  in  series.  This  secondary  circuit  has  one  terminal  connected  to 
one  common  terminal  of  the  galvanometer  and  the  other  to  the  common 
terminal  of  the  two  oscillation  valves  (see  fig.  4).  The  primary  coil  of 
this  oscillation  transformer  has  one  terminal  connected  to  earth  and  the 
other  to  a  long  insulated  rod  which  acts  as  an  aerial  or  electric  wave 
collector.  To  prevent  the  direct  action  of  the  transmitter  upon  the 
secondary  coil  by  simple  electromagnetic  induction,  it  is  beat  to  wind 
the  secondary  coil  in  two  equal  parts  in  opposite  directaona  and  to 
wind  the  primary  iil  a  corresponding  manner. 

If  an  electric  wave  sent  out  from  a  similarly  earthed  transmitter 
falls  upon  the  rod,  then  an  electrical  oscillation  is  set  up  in  the 
receiving  circuit  and  therefore  in  the  primary  coil  of  the  oscillation 
transformer  inserted  in  series  with  it.  This  oscillation  is  raised  in 
voltage  by  the  secondary  coil  of  the  transformer,  and  by  reason  of  the 
unilateral  conductivity  of  a  vacuum  valve,  placed  in  series  with  the 
coil,  one  part  of  the  oscillation,  viz.,  the  positive  or  the  negative 
current,  passes  round  the  galvanometer  coils  and  affectB  it. 

If  we  employ  a  sensitive  dead  beat  galvanometer  of  the  type  called 
by  cable  engineers  a  "Speaking  Galvanometer,"  then  intelligible 
signals  can  be  sent  by  making  small  and  larger  deflections  of  the 
galvanometer  corresponding  to  the  dot  and  dash  of  the  Morse  alphabet ; 
anyone  who  can  *'  read  mirror  "  can  read  off  the  signals  as  quickly  as 
they  can  be  sent  on  an  ordinary  short  submarine  cable  with  this 
arrangement. 

The  arrangement,  although  not  as  sensitive  as  a  coherer  or  magnetic 
detector,  is  much  more  simple  to  use.  Also  it  has  one  great  advantage^ 
viz.,  that  it  enables  us  to  examine  the  behaviour  of  any  particular  form 
of  oscillation  producer.  By  means  of  it  we  can  detect  changes  in  the 
wave-making  power  or  uniformity  of  operation  of  the  transmitting 
arrangement,  by  the  variation  of  the  deflection  of  the  galvanometer. 
Thus,  for  instance,  if  a  spark-ball  transmitter  is  being  employed  and 
the  deflection  of  the  galvanometer  in  association  with  the  receiving 
aerial  is  steady,  if  we  put  the  slightest  touch  of  oil  upon  the  spark-baDs 
of  the  transmitter,  their  wave-making  power  is  increased  and  the 
deflection  of  the  galvanometer  at  once  increases.  Since  the  current 
through  the  galvanometer  is  the  result  of  the  groups  of  ^^■^'HatiCTW 
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which  are  created  in  the  receiving  circuit,  and  since  in  the  ordinary 
transmitter  these  oscillation  groups  are  separated  by  wide  intervals  of 
silence,  it  is  obvious  that  we  can  increase  the  sensitiveness  of  the  above 
described  arrangement  by  employing  a  very  rapid  break  or  interrupter 
with  the  induction  coil.  If,  for  instance,  we  employ  a  Wehnelt  break  with 
the  induction  coil  or  a  high  speed  mercury  break  or  alternating  current 
transformer,  we  get  a  far  better  result  as  indicated  by  the  deflectioD 
of  the  galvanometer  than  when  employing  the  ordinary  low  frequency 
spring  or  hammer  break. 

The  point  of  scientific  interest  in  connection  with  the  device,  however, 
is  the  question  how  far  such  unilateral  conductivity  as  is  possessed  by 
the  vacuous  space  is  complete.  The  electrical  properties  of  these 
vacuum  valves  have  accordingly  been  studied. 

A  bulb  containing  a  12-volt  carbon  filament  rendered  brightly  in- 
candescent by  a  current  of  about  2-7  to  3*7  amperes  was  employed. 
The  filament  was  surrounded  by  an  aluminium  cylinder.  The  length 
of  the  carbon  filament  was  4*5  cm.,  its  diameter  0*5  mm.^  and  surface 
70  square  mm. 

The  aluminium  cylinder  had  a  diameter  of  2  cms.,  a  height  of 
2  cms.,  and  a  surface  of  12 '5  square  cms.  The  filament  was  shaped  like 
a  horse-shoe,  the  distance  between  the  legs  being  5  mm.  This  filament 
was  rendered  incandescent  to  various  degrees  by  applying  to  its 
terminals  8,  9,  10,  and  11  volts  respectively.  Another  insulated 
battery  of  secondary  cells  was  employed  to  send  a  current  through  the 
vacuous  space  from  the  cylinder  to  the  filament,  connection  being  made 
with  the  negative  terminal  of  the  latter.  The  current  through  the 
vacuous  space  and  the  potential  difference  of  the  cylinder  and  negative 
end  of  the  hot  carbon  filament  were  measured  by  a  potentiometer.  The 
effective  resistance  of  the  vacuous  space  is  then  taken  to  be  the  ratio  of 
the  so  observed  potential  difference  (valve  P.D.)  to  the  current  (valve 
current)  through  the  vacuum. 

The  following  table  records  the  observations.  The  coliunn  headed 
P.D.  gives  the  potential  difference  between  the  hot  filament  and  the 
cylinder,  that  headed  A  gives  the  current  through  the  vacuous  space  in 
mUliamp^res,  that  headed  E  the  resistance  of  the  space  in  ohms,  and 
that  headed  KIO*  is  100,000  times  the  conductivity. 

The  result  is  to  show  that  the  vacuous  space  does  not  possess  a 
constant  resistance,  but  its  conductivity  increases  rapidly  up  to  a 
maximum  and  then  decreases  as  the  valve  potential  difference  pro- 
gressively increases.  If  we  plot  the  current  values  as  ordinates  and 
potential  difference  of  the  valve  electrodes  as  absoissse,  we  find  that  the 
current  curve  quickly  rises  to  a  maximum  value  and  then  falls  again 
slightly  as  the  potential  difference  increases  steadily.  The  conductivity 
curve  also  rises  to  a  maximum  and  then  decreases  (see  fig.  3). 

The  facts  so  exhibited  are  well-known  characteristics  of  ^aee^yo^ 
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TaUe  I. — ^Vaiiatioii  of  Current  throoghy  and  Condnetivily  erf,  a 
Vacuum  Valve  with  varying  Electromotive  Force,  the  Haotrodei 
being  an  Incandescent  Carbon  Cathode  and  Cool  Alinnininwi 
Anode. 
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conduction  in  rarified  gases.*  It  may  be  noted  that  there  is  in  these 
current-voltage  and  voltage-conduction  curves  a  general  resemblance  to 
the  magnetisation  and  permeability  curves  of  iron. 

To  examine  further  the  nature  of  this  conduction,  the  following 
experiments  were  made.  If  a  vacuum  bulb,  as  described,  is  joined  up 
in  series  with  a  galvanometer  and  an  electrodynamometer  and  an 
alternating  electromotive  force  applied  to  the  circuit,  the  two  instramenti 
will  both  be  affected.     The  galvanometer  is,  however,  affected  only  bf 

*  See  J.  J.  Thomion, '  GonduotioTi  of  Eleotricitj  through  GNmos,'  Chap.  VTTT, 
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the  resultAnt  flux  of  electricity  in  one  direction.  It  measures  the 
unidirectional  current.  The  dynBmometer  ia  afiected  by  the  bilater^ 
flux  of  electricity  uid  it  measures  the  total  or  alternating  current.  If, 
therefore,  the  vacuous  space  is  totally  non-conducting  in  one  diroctiQn^ 
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one  half  of  the  alternating  current  "will  be  cut  out.  The 
will  read  the  true  mean  (T.M.)  value  of  the  remanent  nnidiraotfamal 
current,  and  the  dynamometer  will  read  the  root-meanHsqaare  (B.l£&) 
value.  If  the  conductivity  in  one  direction  is  not  lero,  tiien  die 
galvanometer  will  read  the  T.M.  value  of  the  difference  of  the  ponthe 
and  negative  currents,  but  the  dynamometer  will  read  the  fi.M.S.  rwbm 
of  their  sum.* 

In  the  last  case,  the  current  through  the  valve  may  be  consickired  to 
be  a  continuous  current  superimposed  upon  an  altematiDg  current. 

If  we  call  I  the  maximum  value  of  the  nearly  siiioidal  eurrent  in  one 
direction,  and  I'  the  maximum  in  the  opposite  direction,  then  we  may 
say  that  the  dynamometer  reading  (D)  expressed  in  true  current  value 
is  equal  to  g  (I  +  V)  where  g  is  the  amplitude  factor,  and  alao  that  the 
galvanometer  reading  (G)  in  true  current  value  is  equal  to  g/f  (I  -F) 
where  /  is  the  form  factor  of  the  current.t     Hence — 

The  fraction        -^ — ^  say  /?,  expressed  as  a  percentage  may  be  called 

D/tr  +/ 

the  rectifying paufer  of  the  valve,  for  it  expresses  the  percentage  which  the 
actual  unilateral  electric  flow  or  continuous  current  through  the  valra 
is  of  that  continuous  current  which  would  flow  if  the  unilateral  con- 
ductivity were  perfect. 

Perfect  rectifying  power,  however,  does  not  exist.  There  is  not  an 
infinite  resistance  to  movement  of  negative  electricity  from  the  metal 
cylinder  to  the  hot  filament  through  the  vacuum,  although  thif 
resistance  is  immensely  greater  than  that  which  opposes  the  movement 
of  negative  electricity  in  the  opposite  direction.  This  point  was 
examined,  as  follows  :  A  very  sensitive  electrodynamometer  was 
skilfully  constructed  by  my  assistant,  Mr.  G.  B.  Dyke,  the  fixed  coil 
having  2000  turns  of  No.  47  silk-covered  copper  wire  and  the  movable 
coil  1000  turns.  The  suspension  of  the  movable  coil  was  by  a  fine  flat 
phosphor-bronze  wire  at  top  and  bottom.  Th«  deflection  was  observed 
by  a  mirror  and  scale. 

*  If  t  is  the  instantaneous  yalue  of  a  periodicallj  varying  current  with  iw^'fiwr^nm 
Talue  I  and  periodic  time  T,  then  the  root -mean-square  yaloe  (K.MJ3.  Tttloe)  of  % 

is  defined  to  be  f  —  I    i*df\   and  the  true  mean  value  (T.M.  ralue)  of  <  is  defined 

2  i*T 
to  be  —       idt, 
TJo 
t  The  form/cujtarf  %nd  amplitude  factor  g  are  the  names  giren  bj  the  author 
(see  '  Alternating  Current  Transformer/  J.  A.  Fleming,  toI.  1,  p.  586,  8id  edit.)  to 
the  ratio  of  the  B.M.S.  to  the  T.M.  value  of  the  ordinates  of  a  angle  Tnliitd 
periodic  oorre,  and  to  the  ratio  of  the  B.M.S.  Talue  of  the  ordinntiee  to  tht 
maximum  ralue  during  the  period. 
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This  dynamometer  was  placed  in  series  with  a  shunted  movable  coil 
galvanometer  of  Holden-Pitkin  pattern,  and  the  two  together  placed  in 
series  with  a  variable  section  of  an  inductionless  coil  through  which  an 
alternating  current  was  passing.  A  vacuum  valve  as  above  described 
was  in  series  also  with  the  galvanometer  and  dynamometer.  The 
alternating  current  was  derived  from  an  alternator  giving  a  nearly  true 
sinoidal  electromotive  force.  The  form  factor  of  the  electromotive 
force  curve  of  this  alternator  was  determined  and  found  to  be  1*115, 
that  for  a  true  sine  curve  being  Till. 

The  vacuum  valve  sifted  out  the  alternating  current  flow  and  allowed 
the  currents  in  one  direction  to  pass,  but  nearly  stopped  those  in  the 
opposite  direction.  The  indications  of  the  electrodynamometer  were  pro- 
portional to  the  root-mean-square  (E.M.S.)  value  of  the  sum  of  the  two 
opposite  currents,  and  that  of  the  galvanometer  to  the  true  mean  value 
(T.M.)  of  their  difference.  The  galvanometer  and  dynamometer  were 
both  calibrated  by  a  potentiometer  by  means  of  continuous  current,  and 
curves  constructed  to  convert  their  scale  readings  to  milliamp^res. 
Then  with  various  alternating  current  electromotive  forces,  their 
readings  were  taken  when  in  series  with  a  vacuum  valve  and  recorded 
in  the  following  tables.  The  letter  D  denotes  current  in  milliamp^res 
as  read  by  the  so  calibrated  dynamometer  and  G  that  read  by  the 
galvanometer.  The  ratio  D/G  is  denoted  by  a,  and  the  rect^ying 
power,  viz.,  2//a-h/by  p. 

The  table  shows  that  the  value  of  a  is  not  constant,  but  for  each 
state  of  incandescence  of  the  filament  reaches  a  maximum  which, 
however,  does  not  greatly  differ  from  the  mean  value  for  the  range  of 
currents  used.  If  we  set  out  the  mean  values  of  )S  in  a  curve  (see 
fig.  4),  in  terms  of  the  power  expended  in  heating  the  carbon  filament, 
we  see  that  the  rectification  is  less  complete  in  proportion  as  the 
temperature  of  the  carbon  filament  increases.  This  is  probably  due 
to  the  fact  that  as  the  filament  gets  hotter,  it  heats  the  enclosing 
cylinder  to  a  higher  temperature  and  enables  negative  electricity  to 
escape  from  the  latter. 

Hence,  I  feel  convinced  that  if  the  metal  cylinder  could  be  kept 
quite  cool  by  water  circulation  the  rectification  would  reach  100  per  cent, 
or  be  complete. 

An  ideal  and  perfect  rectifier  for  electric  oscillations  may,  therefore, 
be  found  by  enclosing  a  hot  carbon  filament  and  a  perfectly  cold  metal 
anode  in  a  very  perfect  vacuum.  With  a  bulb  such  as  that  used  for 
the  above  experiments  all  we  can  say  is  that  the  current  passed 
through  the  vacuum  is  from  80  to  90  per  cent,  continuous,  100  per  cent, 
implying  that  the  vacuum  is  perfectly  non-conducting  in  one  direo- 
tion  and  permits  the  flow  of  negative  electricity  only  from  the  hot  to 
the  cold  electrode.  The  necessity  for  keeping  the  cathode  cold  is 
shown  by  the  following  experiment : — ^An  alternating-current  arc  was 


Carbon  filament 


Carbon  filament  a. 


1905.] 


Oscillations  into  Contimious  Currents, 


487 


kept  cool  by  a  jet  of  water  pla3nng  in  the  interior.  In  this  manner 
I  have  been  able  to  draw  off  a  continuous  current  of  3  or  4  amperes 
from  an  alternating-current  arc  using  15  alternating-current  amperes. 

Returning,  then,  to  the  vacuum  valve,  we  may  note  that  the  curves 
in  fig.  3  show  that  the  vacuous  space  possesses  a  maximum  conduc- 
tivity corresponding  to  a  potential  difference  of  about  20  volts  between 
the  electrodes,  for  the  particular  valve  used.  The  interpretation  of 
this  fact  may,  perhaps,  be  as  follows: — In  the  incandescent  carbon 
there  is  a  continual  production  of  electrons  or  negative  ions  by  atomic 
dissociation.  Corresponding  to  every  temperature  there  is  a  certain 
electronic  tension  or  percentage  of  iree  electrons.     If  the  carbon  is 
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made  the  negative  electrode  in  a  high  vacuum  these  negative  ions  are 
expelled  from  it,  but  they  cannot  be  expelled  at  a  greater  rate  than 
they  are  produced.  Therefore,  there  is  a  maximum  value  for  the 
outgoing  current  and  a  maximum  value  for  the  ratio  of  current  to 
electromotive  force,  that  is  for  the  conductivity. 

This  fact,  therefore,  fixes  a  limit  to  the  utility  of  the  device.  The 
cuirent  through  the  vacuous  space  is,  to  a  very  large  extent,  in- 
dependent of  the  electromotive  force  creating  it,  and  is  at  no  stage 
proportional  to  it,  or  at  least  only  within  a  narrow  range  of  electro- 
motive force  near  to  the  maximiun  conductivity. 

Whilst,  therefore,  the  device  is  useful  as  a  simple  means  of  detecting 
electric  oscillations,  it  has  not  that  uniformity  of  conductivity  which 
would  make  it  useful  as  a  strictly  metrical  device  for  measuring  them. 
It  can,  however,  perform  the  useful  service  of  showing  us  how  far  any 
device  for  producing  electric  oscillations  or  electric  waves  produces  a 
uniform  or  very  irregular  train  of  electric  oscillations,  and  what 
changes  conduce  to  an  improvement  or  reduction  in  the  efficiency  of 
the  transmitting  device. 


488        Pruf.  J.  A.  Fleming.    Onan  InMtrumentJifr  the     [ Jul  2Q, 

**  On  an  Instrament  for  the  Measurement  of  the  Leng^  of  Long 
Electric  Waves,  and  also  Small  Inductances  and  Capacities." 
By  J.  A.  Fleming,  M.A,  D.Sc.,  F.RS.,  Professor  of  Electsrical 
Engineering  in  University  College,  London.  Becoived  Jannaiy 
26,— Bead  February  9,  1905. 

The  measurement  of  the  length  of  the  waves  used  in  connection 
with  Hertzian  wave  telegraphy  is  an  important  practical  matter. 
Since  the  wave-length  of  the  radiated  wave  is  determined  by  the 
frequency  of  the  electric  oscillations  in  the  radiator,  the  detennination 
of  this  frequency  is  all  that  ib  required.  The  principle  of  resonance  is 
generally  called  into  assistance  to  effect  this  measurement.  It  may  be 
done  by  the  employment  of  either  an  open  or  a  closed  resonant  circuiL 

Instruments  for  this  purpose  have  been  devised  in  which  some  circuit 
having  capacity  (C)  as  well  as  inductance  (L)  in  series  with  each  other, 
has  one  or  both  these  factors  altered  until  the  electrical  time-period  of  the 
circuit  agrees  with  that  of  the  wave  making  circuit.  Since  this  agree- 
ment depends  upon  the  equality  of  the  product  ^CL .  for  the  two 
circuitB,  the  author  proposes  to  call  this  quantity  JCL  the  osdUaHcm 
consiunt  of  the  circuit  and  the  number  of  oscillations  in  2ir  seconds  or 
2im,  where  n  is  the  frequency,  the  oscillation  number.  Then  it  is  a 
property  of  simple  oscillatory  circuits  that  the  product  of  the  oscillation 
number  and  oscillation  constant  is  unity.  Some  means  has,  therefore, 
to  be  employed  to  indicate  when  the  adjustment  of  the  two  factors  of 
the  adjustable  circuit  has  brought  its  oscillation  constant  into  agreement 
with  that  of  the  transmitter  circuit.  In  a  wave-meter  devised  by 
J.  Donitz,*  which  is  of  the  closed  circuit  form,  a  condenser  of  variable 
capacity  has  its  terminals  short-circuited  by  an  inductance  coil,  and 
this  coil  is  acted  upon  inductively  by  some  part  of  the  transmitter 
circuit  so  that  oscillations  arc  set  up  in  it.  A  variation  of  the  capacity 
is  made  until  the  root-mean-square  value  of  the  current  in  its  circuit  is 
a  maximum.  This  is  done  by  the  employment  of  a  sensitive  form  of 
hot  wire  ammeter. 

There  are,  however,  some  objections  to  this  form  of  wave-meter,  and 
especially  to  the  use  of  a  hot  wire  ammeter.  The  root-mean-square 
value  of  the  oscillation  depends  not  only  upon  the  maximum  value  and 
logarithmic  decrement  of  the  oscillations,  but  upon  the  number  of 
groups  of  oscillations  per  second.  Hence,  if  the  discharger  of  the 
transmitter  is  an  ordinary  spark  discharger,  the  variation  of  the 
oscillations  due  to  variation  in  the  break  speed  or  spark-ball  surfaces 
and,  therefore  of  the  root-mean-square  value  of  the  current  set  up  in 

•  See  J.  Ddnitz,  <*  On  Weto  Meton  and  their  Uses/' '  ElecktToteohniM»he  Zeii- 
■ohrift/  Tol.  24,  p.  920,  1903,  I9^of.  6;  also  *The  Eleotrician,'  toI.  6S,  p.  407, 
Jan.  1,  1904. 
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the  wave-meter  circuit  will  be  considerable.  There  is,  therefore,  some 
difficulty  in  finding  the  position  of  adjustment  sharply. 

Another  point  calls  for  attention.  It  is  well  known,  from  the  theory 
of  syntonised  circuits,  that  if  two  circuits  having  capacity  and  inductance 
are  brought  into  inductive  relation  to  each  other,  the  resulting  complex 
circuit  has  two  time-periods  of  oscillation.  Even  if  the  two  circuits 
when  separate  and  far  removed  have  their  time-periods  adjusted  to 
equality,  the  resulting  time-period  when  they  are  brought  into  inductive 
relation  to  each  other  differs  from  the  common  value.  There  are,  in 
fact,  two  frequencies  in  the  coupled  circuit,  one  greater  and  the  other 
less  than  the  common  period.  These,  however,  tend  to  equality  and 
to  indentity  with  the  free  independent  period  of  each  circuit  separately 
in  proportion  as  the  mutual  induction  between  the  coupled  circuits  is 
reduced.*  The  object,  therefore,  held  in  view  in  designing  the 
instrument  here  described  was  to  construct  one  which,  whilst  having  a 
fairly  large  inductance  of  its  own,  should  be  capable  of  being  associated 
with  the  circuit  to  be  tested,  and  set  in  action  by  it,  by  means  of  a 
mutual  inductance  as  small  as  possible. 

This  has  been  achieved  by  making  the  part  of  the  circuit  of  the 
instrument  which  is  acted  upon  inductively  by  the  circuit  to  be  tested 
only  a  small  part  of  the  circuit  on  which  its  whole  inductance  depends. 
We  are  thus  able  to  keep  the  self-inductance  large  and  the  mutual 
inductance  small,  and  therefore  prevent  any  great  reaction  of  the 
secondary  current  upon  the  circuit  which  is  being  tested. 

A  closed  circuit  wave-meter  has  been  devised  on  these  lines  by  the 
author,  employing  a  neon  vacuum  tube  detector,  which  enables  the 
measurement  of  the  oscillation-constant  of  the  transmitter  circuit  to 
be  made  with  great  accuracy  and  quickness,  and  is  also  useful  for 
measuring  small  inductances  and  capacities.! 

It  is  constructed  in  one  form,  as  follows : — ^An  ebonite  tube,  about 
100  cms.  long,  has  cut  upon  its  outer  surface  a  screw  groove  having 
1  '6  turns  per  centimetre  and  a  length  of  60  cms.  is  cut.  In  this  groove 
is  wound  a  bare  copper  wire,  SS.  No.  14  S.W.G.  size  (see  fig.  1), 
one  end  of  the  wire  is  attached  to  a  metal  pin  pi  which  forms  a  bearing 
supporting  the  tube,  and  the  other  end  of  the  wire  is  insulated.  To 
this  latter  end  of  the  ebonite  tube  is  attached  a  brass  tube  I  60  cpis. 

*  See  A.  Oberbeck,  '*  Ueber  den  Yerlauf  der  Electriaohen  Sohwingongen  bei  den 
Tesla'schen  Vennchen,"  •  Wied.  Annalen  der  Phjiik,*  vol.  66,  p.  627,  1896. 

t  The  use  of  a  neon  yacuum  tube  as  a  sensitiTe  indicator  of  a  high-freqaenoy 
electric  field  was  mentioned  first  in  a  paper  read  by  the  author  to  the  British 
Aitsociation  at  Cambridge,  September,  IdOl.  The  author  is  indebted  to  Sir 
William  Ramsaj  for  two  tubes  of  this  gas.  Sir  James  Dewar  has  shown  that 
such  neon  yacuum  tubes  can  be  readilj  prepared  from  atmospheric  air  bj  the 
employment  of  absorbent  charcoal  at  rerj  low  temperatures.  It  would  be  an 
advantage  if  the  manufiMrture  of  these  neon  tubes  ooold  be  placed  on  a  oommerciAl 
basis,  in  view  of  their  utility  for  the  purposes  here  described. 
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in  length  and  8  cms.  outside  diameter.  Over  this  bnuw  tube  is  placed 
an  ebonite  tabe  ee  the  ddee  of  which  are  6  mm.  in  thickniw  and  iti 
length  80  cms.  This  ebonite  tube  fits  tightly  on  die  brass  tube.  Hm 
brass  tube  is  closed  at  the  end  remote  from  the  inductance  coil  hy  a 
pkte  and  a  pin  p^  which  forms  a  bearing  for  die  whole  apparatps. 
Over  the  larger  ebonite  tube  is  slipped  a  metal  cylinder  or  outer  jacket 
J  which  can  slide  easily  on  the  ebonite  tube.    This  jacket  carries  a  rod 


Fio.  1. 


ending  in  a  half-collar  of  metal  K  resting  on  the  inductance  spiral  ( 
fig.  2).  An  ebonite  handle  H  enables  the  jacket  to  be  moved  to  and  fro. 
It  will  be  seen,  therefore,  that  the  arrangement  constitutes  a  condenser 
formed  of  the  inner  and  outer  brass  tubes  separated  by  an  ebonite 
dielectnc,  the  capacity  of  which  can  be  varied  by  moving  the  outer 
jacket  away  from  the  inner.     Also  this  condenser  is  in  series  with  an 


Fio.  2. 


inductance  coil,  the  inductance  of  which  is  reduced  or  increased  by  the 
same  movement  which  reduces  or  increases  the  capacity.  The 
oscillation  constant  of  the  arrangement  is,  therefore,  variable  between 
certain  limits,  and  its  variation  with  the  displacement  of  the  handle  H 
follows  a  straight  line  law. 


t  A*^ 
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The  pins  ^i,  ^2  (so©  fig*  1)  which  form,  respectively,  one  of  the 
terminations  of  the  inductance  and  capacity,  are  connected  together  by 
a  stout  copper  bar  Li,  L2,  Lsi  1<4)  so  completing  the  electric  circuit,  the 
capacity  and  inductance  of  which  can  be  varied.  In  order  to  detect 
the  condition  in  which  the  oscillations  have  a  maximum  value  in  this 
circuit,  a  vacuum  tube  V  is  employed  (see  fig.  1),  which  may  preferably 
be  a  vacuum  tube  containing  neon,  or  failing  that,  a  tube  containing 
rarified  carbonic  dioxide  may  be  used,  the  glass  being  uranium.  This 
vacuum  tube  should  be  constructed  with  two  bulbs  and  with  a  narrow 
tubular  portion  like  a  spectroscope  tube.  It  may  be  attached  to  the 
outer  brass  jacket  as  in  fig.  1,  or  it  may  be  attached  to  a  bar  connected 
with  the  inner  brass  tube,  the  vacuum  tube  being  hung  over  the  outer 
jacket.  Also  a  scale  is  provided  showing  the  position  of  the  sliding 
jacket  and  which,  therefore,  can  be  graduated  to  show  the  oscillation 
constant  of  the  arrangement  for  various  positions  of  the  jacket. 

Supposing  then  that  we  desire  to  determine  the  frequency  of  the 
oscillations  in  any  wire  such  as  a  Marconi  aerial  wire  used  in  Hertzian- 
wave  telegraphy,  part  of  this  wire  is  laid  alongside  the  copper  bar  and 
the  oscillations  in  it  induce  others  in  the  circuit  of  the  wave-meter.  The 
oscillation  constant  is  then  varied  by  moving  the  outer  jacket  by  means 
of  the  insulated  handle  H  until  the  vacuum  tube  V  glows  most  brightly. 
If  proper  adjustments  are  made  of  the  position  of  the  vacuimi  tube,  it 
will  be  found  that  the  tube  does  not  shine  at  all  until  the  outer  jacket 
J  is  within  a  few  millimetres  of  the  position  in  which  the  oscillation 
constant  of  the  instrument  agrees  with  that  of  the  circuit  being  tested. 
By  taking  two  or  three  readings  with  the  jacket,  a  little  too  far  one 
way  and  a  little  too  far  the  other  way  and  approaching  the  right 
position  from  both  sides  and  taking  the  mean  scale  reading,  it  is 
possible  to  obtain  the  oscillation  constant  with  great  accuracy.  If  the 
capacity  is  measured  in  microfarads  and  the  inductance  in  centimetres, 
then  it  will  be  found  that  the  oscillation  constant  required  is  generally 
some  number  lying  between  1  and  20.  The  instrument  already  con- 
structed by  the  author  on  this  pattern  is  adapted  for  the  determination 
of  oscillation  constants  lying  between  0*16  and  7*5. 

In  the  case  of  Hertzian-wave  telegraphy  conducted  on  Marconi 
principles,  the  wave-length  employed,  reckoned  in  feet,  is  equal  to 
195*8  times  the  oscillation  constant  of  the  transmitter  circuit,  or 
reckoned  in  metres,  to  59*73  times  the  oscillation  constant.  Hence, 
the  above  described  instrument  is  capable  of  measuring  wave-lengths 
from  30  to  1500  feet,  and  might  easily  be  constructed  to  measure 
wave-lengths  of  any  greater  length.* 

By  a  slight  modification,  the  instrument  can  be  constructed  more 
simply  as  follows :  A  single  ebonite  tube  is  employed  which  may  be 

*  February  1 1,  1905. — ^The  anthor  has  since  constructed  one  to  measure  electric 
wayes  up  to  2400  feet  in  length. 
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ft  metre  or  a  metre  aaA  a-hftlf  in  length  uid  10  cnu.  onuide  dumetv, 
the  thickness  of  the  walls  being  about  5  mm.  On  this  tube  is  -waaaA 
as  before  an  inductance  coil  of  100  or  200  turns  of  No.  14  S.V.6. 
bare  copper  wire.  Also  the  tube  is  provided  with  an  outer  jacket  gr 
brass  outer  tube  J  (see  fig.  3).  This  is  conveniently  formed  out  tt 
the  sheet  of  thin  brass  bolted  round  the  tube,  and  one  end  of  the 
inductance  coil  SS  is  attached  to  this  jacket,  the  other  end  of  tbe  coil 
being  attached  to  a  brass  ring  d,  currying  an  ebonite  handle  H.  In  the 
interior  of  this  ebonite  tube,  at  one  end,  there  is  an  inner  brass  tube  I 
which  can  slide  easily  in  and  out  of  the  ebonite  tube  e.     This  brsss 
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tube  has  a  pin  ;>  iixed  at  one  end,  by  which  it  is  attached  to  a  copper 
bar  Li,  Lj,  La,  Ijj,  ending  in  a  curved  crutch  or  collar  K  on  which  the 
inductance  spiral  rests  (see  fig.  4).  The  other  arrangemeata  are  as  in 
the  instrument  already  described. 

The  only  differences  between  the  forma  shown  in  fig.  1  and  fig.  4 
are  that  in  fig.  1  the  outer  metal  jacket  is  movable  and  the  inner  one 
is  fixed,  whereaa  in  the  second  form,  the  outer  jacket  is  fixed  with 
respect  to  the  inductance  coil,  and  the  two  together  are  drawn  away 
from  the  inner  brass  tube,  thus  reducing  the  capacity  and  iiiductance 
at  the  same  time.  The  instrument  is  very  convenient  for  the  meaeurv- 
ment  of  small  inductances.  Thus,  for  instance,  suppose  it  ie  deeired 
to  measure  the  inductance  of  a  wire  for  high  frequency  currents,  the 
wire  having  an  inductance  of  not  more  than  a  few  hundred  cenii- 
metres,  that  is  to  say,  something  of  the  order  of  a  microhenry,  this 
inductance  may  be  measured  by  the  inatrument  in  the  following 
manner: — An  insulated  wire  AB  (see  fig.  5)  is  laid  alongnde  tl>e 
copper  bar  L],  L^,  and  the  circuit  of  the  wire  is  completed  by  a  con- 
d^iaer  C  of  known  capacity  and  a  spark  gap  S.     Oscillatious  are  tbm 
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set  up  in  this  condenser  and  wire  by  means  of  an  induction  coil  as 
usual,  and  tbe  handle  H  is  shifted  until  the  vacuum  tube  V  glows  or 
glows  most  brilliantly.  We  then  know  that  the  oscillation  constant  of 
the  instrument  in  that  position  agrees  with  that  of  the  circuit  so 
formed.  When  that  is  the  case,  the  oscillation  constant  of  the  wave- 
meter  can  be  read  off  in  tbe  scale  attached  to  it,  and  we,  therefore, 
know  the  oscillation  constant  (call  it  O)  of  the  circuit  formed  by  the 
condenser  and  the  wire.  Hence,  if  C  is  the  capacity  of  the  condenser 
in  that  circuit  and  L  is  the  inductance  of  the  wire  of  the  circuit,  then 
0  =  ^CL.  If,  then,  we  increase  the  inductance  L  by  adding  in  series 
with  it  a  wire  of  which  the  inductance  is  desired  (call  it  L*),  we  can 


Fio.  4. 


then  shift  the  handle  H  until  we  get  a  fresh  agreement  and  find  a 
second  value  0'  for  the  oscillation  constant  of  the  circuit.  Then  we 
have 

0'  =  x/C(L  +  L> 


Hence 


L'  = 


0'2  _  02 


As  an  illustration  the  following  test  measurement  was  made.  A 
copper  wire,  the  diameter  {d)  of  which  was  0*128  or  0*32  cm.  was  bent 
into  a  nearly  complete  circle  70  cms.  in  diameter.  The  inductance  of 
this  wire  can  be  calculated  from  the  formula 

L=2.D(log.i^-2-45)  +  ^. 

In  the  above  case  D  =  70  cms.,  and  d  =  0'32  cm.,  and  K' is  the 
resistance  of  the  wire  to  oscillations  having  a  frequency  n.  The  value 
of  L'  is  then  2400  cms.  This  wire  was  joined  in  series  with  another 
wire  laid  alongside  thie  bar  L2,  L4  of  the  measuring  instrument  and  a 
condenser  having  a  capacity  of  0*00146  microfarad  joined  up  in  series 
with  the  circuit  and  a  spark  gap.  The  instrument  was  then  used  to 
determine  the  oscillation  constant  0'  of  the  circuit  with  the  circular 


494        Prof.  J.  A.  Fleming.    On  an  Indrumeni  for  ike    [Jan.  %, 

wire  indudedy  and  the  oaoillation  constant  O  when  the  cireiilarwin 
was  not  included.    It  was  found  that  0'  ">  3*6  and  O  «■  S'O.    WheMi 

L'  =  ^-^^^^  =  2226  cms., 

a  value  in  fairly  close  agreement  with  the  calculated  value,  oonsidttipg 
that  the  inductance  is  less  than  2*5  microhenrys. 

In  this  manner  it  is  possible  to  determine  the  inductance  cf  afort 
or  two  of  coiled  copper  wire  for  high  frequency  currents  with  fur 
accuracy.  The  oscillation  constant  of  an  instrument  of  the  above  font 
for  various  positions  of  the  outer  jacket  or  inner  jacket,  according  to 
the  form  used,  can  best  be  determined  directly  by  means  of  a  standaid 
wave-meter,  such  as  that  described  by  the  Author  in  a  paper  to  the 
British  Association  at  Cambridge,  September,  1904.* 

In  this  last  mentioned  arrangement,  a  long  ebonite  tube  is  woond 
over  uniformly  with  a  fine  silk-covered  copper  wire  in  closely  adjacent 
turns  and  in  one  layer.  The  capacity  and  inductance  per  unit  of 
length  (c  and  1)  of  this  long  helix  must  then  be  determined  by  known 
methods,  and  from  this  measurement  we  can  determine  the  vdocity  of 
propagation  of  an  electric  wave  along  the  helix,  for  it  is  equal  to  the 
reciprocal  of  the  square  root  of  the  product  of  the  capacity  and 
inductance  per  unit  of  length  of  the  helix.  If  we  form  an  oscillator? 
circuit  (see  fig.  5),  consisting  of  a  condenser,  C,  a  variable  inductance, 
L,  and  a  spark  gap,  S,  the  variable  inductance  including  a  length 
of  straight  wire  AB,  which  can  be  placed  parallel  with,  and  cloee 
to,  the  copper  bar  of  the  form  of  wave-meter  described  in  this 
paper,  then  we  can  bring  its  oscillation  constant  into  agreement 
with  the  oscillation  constant  of  the  circuit  formed  of  the  variable 
inductance  and  condenser.  In  order  to  determine  the  value  of  this 
oscillation  constant  we  connect  the  long  helix  above  described  to  one 
terminal  of  the  condenser  of  the  oscillating  circuit  above  described, 
one  spark  ball  being  to  earth.  The  arrangement  must  be  as  shown  in 
fig.  5.  The  long  helix  of  insulated  wire  HH  is  then  provided  with  s 
sliding  metal  saddle  D,  which  can  be  connected  to  the  earth  E,  and 
this  saddle  is  moved  along  the  helix  until  a  position  is  found  such 
that  by  means  of  a  neon  or  other  sensitive  vacuum  tube  V,  we  can 
detect  a  node  of  potential  half-way  between  the  saddle  and  the  point 
of  attachment  of  the  helix  to  the  oscillating  circuit,  the  saddle  itself 
being  connected  to  the  earth  will  also  be  a  node  of  potentiaL  Hence 
the  distance  between  the  saddle  and  the  end  of  the  helix  attached  to 
the  oscillating  circuit  is  equal  to  one  wave-length  of  the  wave  traveUing 
along  the  helix. 

*  See  J.  A.  Fleming,  "  Od  the  Propagation  of  Electric  Wares  alozig  Spind  Wira^ 
and  on  an  Appliance  for  Measuring  the  Length  of  Wares  used  in  Wireleai  Trfft- 
graphy,"  *  PhU.  Mag.,'  October,  1904. 
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II  W  is  the  velocity  of  the  wave  along  the  helix  and  X  is  the  wave- 
length of  the  stationary  wave,  as  measured  on  the  helix,  and  n  the 
frequency  of  the  oscillations,  then  W  =  nA.  If  C  is  the  capacity  and 
L  the  inductance  in  the  oscillatory  circuit  formed  with  the  condenser 
of  unknown  capacity  and  variable  inductance,  then  the  frequency  in 
this  circuit  is  n  =  l/2ir  J  CL. 

Also  if  e  and  I  are  the  capacity  and  inductance  per  imit  of  length  of 

the  long  helix,  we  have  W  =  1/  >Jd.    Therefore 
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Hence,  since  X  can  be  measured,  and  the  oscillation  constant  of  the 

helix  per  unit  of  length  Jd  is  known,  we  have  the  oscillation  constant 
of  the  exciting  circuit,  and  therefore  of  the  closed  circuit  wave-meter  in 
any  position  when  it  is  adjusted  to  agree  with  that  circuit.  Otherwise,  if 
we  have  the  means  at  hand,  the  oscillation  constant  of  the  instrument  can 
be  determined  for  various  positions  of  the  slider  by  simply  measuring 
the  capacity  (C)  of  the  condenser  and  inductance  (L)  of  the  helix  which 
are  effective  in  that  position,  and  calculating  the  value  of  VCL  for 
various  positions  of  the  outer  or  inner  jacket,  according  to. the  form  of 
instrument  used.  The  instrument  can  have  its  scale  marked  to  show' 
directly  either  oscillation  constants  (0)  or  frequencies  (n),  or  aerial 
wave  lengths  (A)  in  metres  or  feet.  The  instrument  is  not  only  useful 
for  quantitative  work  in  connection  with  Hertiziao-wavetelegra^hY>^>a^ 
VOL.  LXXIV,  'L  <^ 
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is  very  useful  in  the  laboratory  for  the  determinatioa  of  the  coei&eients 
of  coupling  and  mutual  inductances  of  oscillation  tranflfoniiera. 

If  there  be  two  circuits  inductively  connected,  f(X'min|^  an  air  con 
transformer  or  oscillation  transformer,  and  if  these  circuitB  have 
respectively  coefficients  of  self-induction  L  and  N,  and  a  coeffieieiEt 
of  mutual  induction  M,  then  we  can  determine  L  and  N  and  M,  if 
these  are  not  too  large,  by  the  instrument,  and  also  the  **  coefficient 
of  coupling  "  of  the  transformer,  viz.,  M/  \/LN. 

For  this  purpose  we  connect  the  two  circuits  of  the  transformer  in 
two  ways.  1st,  so  that  a  current  sent  through  the  circuit  flows  round 
in  the  same  direction  in  the  two  coils ;  and  2nd,  so  that  it  flows 
in  the  opposite  direction  in  the  two  coils.  In  the  first  position,  the 
effective  inductance  of  the  whole  system  is  Li,  where  Li  =  L  +  2M  +  N, 
and  in  the  second  position  it  is  L2,  where  L2  =  L-2M  +  N.  Hence, 
L]  +  L2  =  2(L  +  N),  and  Li  -  L2,  =  4M.  Accordingly,  we  make  four 
inductance  measurements  with  the  instrument.  1st,  that  of  the  primary 
ooil  alone,  the  secondary  being  open ;  2nd,  that  of  the  secondary  alone, 
the  primary  being  open;  3rd,  that  of  the  primary  and  secondary 
together  joined  up  to  assist ;  and  4th,  that  of  the  primary  and  secondary 
together,  joined  up  to  oppose. 

Twice  the  sum  of  the  first  two  measurements  should  agree  with  the 
second,  and  one  quarter  of  the  difference  of  the  last  two  gives  the 
mutual  inductance.  Having  therefore  L,  M,  and  N,  we  can  calculate 
the  coupling,  M/  \/LN. 

In  making  measurement  of  this  kind  with  high  frequency  currents  it 
is  necessary  to  bear  in  mind  that  we  cannot  obtain  the  true  separate 
inductance  of  the  primary  coil  simply  by  measuring  it  with  the 
secondary  coil  over  it,  even  if  that  secondary  coil  has  its  terminals 
open.  There  is  a  quite  sensible  dielectric  current  which  passes  from 
turn  to  turn  of  the  secondary  coil  when  over  the  primary,  even  if  that 
secondary  coil  is  open,  and  this  dielectric  current  has  the  elfect,  in 
accordance  with  well-known  principles,  of  reducing  the  effective 
inductance  of  the  primary  circuit.  Nevertheless,  in  the  above  measure- 
ment it  is  proper  to  take  as  L  the  inductance  of  the  primary  measured 
in  contiguity  to  the  open  secondary,  and  as  the  value  of  N  the  in- 
ductance of  the  secondary  measured  in  contiguity  to  the  open  primary. 

As  an  example  of  such  a  measurement  the  following  figures  mav  he 
given.  A  certain  air-core  transformer  had  a  primary  consisting  of 
one  turn  of  thick  stranded  copper  wire,  and  a  secondary  of  eight  turu 
of  thiimer  stranded  wire.  Measuring  as  above  described,  the  following 
values  in  centimetres  were  found  by  the  appliance  here  described  : 

L  =  695  cms.,  N  =  45,700  cms. 

Li=  L  +  2M-hN  =  53,000  cms. 
La=  L-2M-hN  =  40,120    „ 
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Hence  M  =  i  (Li  -  L2)  =    ^,220  cms., 

and  ^  (Li  +  L2)  =  46,560    „ 

whilst  from  the  independent  measurements  of  L  and  N  as  above  we 
have, 

L  +  N  =  46,385  cms. 

Hence,  the  agreement  between  the  last  two  sums  is  fairly  close. 
Also  the  coupling  M/  VLN  is  found  to  be  equal  to  0*57. 

It  is  usual  to  call  the  "  coupling ''  of  a  primary  and  secondary  coil 
"close"  if  it  exceeds  in  value  0*5,  and  "loose**  when  it  is  less 
than  0-5. 

The  wave  or  frequency  meter  enables  us  to  exhibit  in  the  form  of  an 
attractive  lecture  experiment  the  well-known  fact  that  the  closing  of 
the  secondary  circuit  of  an  induction  coil  or  transformer  reduces  the 
effective  inductance  of  the  primary  coil.  Also  since  it  enables  us  to 
determine  the  frequency  (w)  of  a  high  frequency  current,  and  it  enables 
us  to  determine  also  the  value  of  the  high  frequency  resistance  B!  of 
a  round  sectioned  copper  wire  of  which  the  diameter  d  and  steady  or 
ordinary  resistance  R  is  known,  since 

80        *  ^^ 

it  becomes,  therefore,  a  useful  addition  to  laboratory  appliances. 

In  Hertzian-wave  telegraphy  the  varying  power  of  waves  of  various 
lengths  to  travel  over  land  or  sea  surfaces  is  well  known,  and  it  is, 
therefore,  a  practical  necessity  to  be  able  to  measure  the  wave-lengths 
of  the  wave  sent  out.  The  wave-meter  enables  us  to  conduct  a  kind 
of  spectroscopy  on  a  gigantic  scale  when  we  are  operating  with  electric 
waves  hundreds  of  feet  in  length  instead  of  fractions  of  an  inch. 

We  can  by  means  of  it  discover,  for  instance,  that  a  wave  300  feet 
in  length  travels  well  over  a  sea  surface,  but  will  not  go  across  a  city. 
On  the  other  hand,  the  author  has  been  able  to  communicate  well 
across  London  by  means  of  electric  waves  1000  feet  in  wave- 
length. 

\_Note  added  J  February  14,  1905. — The  above-described  instrument 
enables  us  to  show  that,  in  the  case  of  an  aerial  wire  or  antenna,  as 
used  in  wireless  telegraphy,  inductively  coupled  to  a  condenser 
exciting  circuit,  even  if  the  two  circuits,  open  and  closed,  have 
separately  the  same  electrical  time  period,  yet,  when  coupled,  there 
are  two  waves  radiated  of  different  wave-lengthi^  and  frequencies, 
differing  also  in  period  from  the  free  separate  time  period  of  each 
circuit.     This  result,  predicted  by  theory,  is  confirmed  by  experiment. 

A  name  is  required  by  which  to  designate  the  instruments  here 

^  Q  'L 


498  Prof.  6.  Hopkinson.  [Jan.  31, 

described,  and  others  of  similar  nature.  The  word  wave-meter  may 
probably  be  preferred  in  practice,  but,  if  a  special  term  is  desired,  the 
author  suggests,  with  diffidence,  the  name  Cymometer  or  Kymamnkr 
(from  icv/io,  a  wave)  as  applicable  to  it.* 


"The  EiTects  of  Momentary  Stresses  in  Metals."  Bj  Bertram 
Hopkinson,  M.A.,  Professor  of  Mechanism  and  Applied 
Mechanics  in  the  University  of  Cambridge.  Communicated 
by  Professor  Ewing,  F.R.S.  Eeceived  January  31, — Read 
February  16,  1905. 

In  1872  the  late  Dr.  John  Hopkinson  published  an  investigatioa 
into  the  effect  of  a  blow  delivered  by  a  falling  weight  on  the  lower 
and  free  end  of  a  wire,  the  upper  end  of  which  is  fixed,  f  It  is 
unnecessary  to  repeat  the  mathematical  analysis  in  full,  but  its  main 
features  appear  in  the  follo\nng  argument : — As  soon  as  the  weight 
strikes  the  stop  at  the  lower  end  a  wave  of  extension  starts  up  the  wire, 
and  the  velocity  with  which  it  is  propagated  is  VE/p  =  a,  where  E  is 
Young's  modulus,  and  p  the  density  of  the  wire.  At  a  time  t  after  the 
weight  has  struck,  so  short  that  its  velocity  is  not  appreciably 
diminished,  the  lower  end  of  the  wire  has  moved  through  a  distance 
V/,  where  V  is  the  velocity  of  the  weight  immediately  after  striking. 
That  is  to  say,  the  wire  as  a  whole  is  lengthened  by  an  amount  V^ 
This  extension  is  felt  over  a  distance  at  from  the  lower  end,  that  being 
the  distance  through  which  the  wave  of  extension  initiated  by  the  blow 
has  travelled.  The  mean  strain  in  this  portion  of  the  wire  is  theie- 
fore  V/a,  and  the  remainder  of  the  wire  is  not  extended.  The  wan 
now  travels  up  the  wire  to  the  fixed  end,  and  when  it  reaches  there  i 
reflected  wave  of  equal  amplitude  starts  down  the  wire.  There  results 
momentarily  at  the  top  end  of  the  wire  a  strain  equal  to  2Y/a  with  a 
corresponding  tension  2EV/a,  This  is  the  maximum  tension  experienced 
by  any  part  of  the  wire  until  the  reflected  wave  again  reaches  the  lower 
end. 

Each  bit  of  the  motion  of  the  weight  after  striking  contributes  an 
element  to  the  wave  of  extension,  which  is  proportional  to  the  then 
veloQity  of  the  weight.  The  weight  is  continually  being  retarded  and 
the  amplitude  of  the  wave  therefore  continually  diminishes  as  you  go 
back  from  its  front. 

*  The  writer  is  indebted  to  his  colleague,  Professor  A.  Piatt,   for   advice  on 
the  correct  form  of  these  words, 
t  '  Original  Papers,'  Hopkinson,  toI.  2,  p.  816. 
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In  Fig.  1  the  abscissse  are  distances  measured  from  0,  the  free  end 
of  the  wire ;  the  ordinates  are  the  strains,  and  any  one  of  them,  say 
FN',  is  equal  to  vja^  where  v  is  the  velocity  which  the  weight  had 
when  the  bit  of  wave  at  F  left  it.  If  /  be  the  time,  reckoned  from 
the  moment  of  striking,  ON  =  a/,  and  it  is  easy  to  show  that 

FN' =  PNr'^'=y. -£«-'>. 

a 

where  p.  is  the  mass  of  the  wire  per  unit  length,  and  M  the  mass  of  the 
weight.  The  wave  of  extension  represented  by  the  curve  and  its 
dotted  continuation  travels  up  the  wire  without  change  of  type  to  the 
upper  end,  where  it  is  reflected,  and  a  similar  wave  travels  down  the 
wire,  the  effect  of  which  is  added  to  that  of  the  original  wave.  The 
strain  at  any  point  of  the  wire,  such  as  N',  is  zero  till  the  wave  reaches 
it.  The  strain  then  becomes  V/a,  and  gradually  diminishes  according 
to  the  exponential  law  «-Ma«/M  until  the  reflected  wave  reaches  N', 
when  the  strain  increases  by  V/a  again.    Further  reflection  will  occur 


Fie.  1. 


at  the  moving  weight,  but  in  my  experiments  this  is  not  considerable, 
and  the  maximum  strain  experienced  at  any  point  of  the  wire,  at  any 
rate  in  the  upper  half,  occurs  when  the  reflected  wave  reaches  it.  If 
x'  be  the  distance  of  the  point  from  the  upper  end,  the  total  strain  due 

to  the  up-going  and  down-coming  waves  then  is  (1  +  «  ) —     The 

a 

movement  in  space  of  any  point  N'  before  the  reflected  wave  reaches 

it  is  equal  to  the  area  of  the  curve  PNN'F.    For  the  point  in  question 

this  is  ^  (1  -  e"^*^^).     The  strain  caused  by  the  blow  is  added  to 

any  initial  strain  in  the  wire.  When,  as  is  usually  the  case,  the  wire 
is  imder  tension  at  the  moment  of  the  blow,  and  the  tension  is  released 
by  the  blow,  the  initial  strain  in  the  wire  is  somewhat  diminished  by 
the  time  the  wave  reaches  the  top  end ;  superposed  upon  the  extension 
caused  by  the  blow  there  is  a  slight  contraction  due  to  the  release  of 
the  tension  at  the  lower  end  at  the  moment  of  striking.    The  ultimate 
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result  is  Uiat  the  total  increase  of  length,  caused  by  the  bloir,  of  a 
piece  ^  at  the  top  end  of  the  wire  is 

-  (1-^     M)-ij^j(_)      (1) 

where  T  is  the  initial  tension.  In  my  experiments  2/i^/M  is  small,  and 
its  square  may  be  neglected.    The  expression  then  becomes 

The  second  term  is  a  small  correction,  but  cannot  in  all  cases  he 
neglected.  The  piece  of  wire  lengthens  continuously  as  the  ware 
passes  over  it,  and  begins  to  contract  when  the  reflected  wave  arriyes 
at  its  lower  end.  The  extension  then  has  the  value  given  by  expressicm 
(1).  These  results  are  all  to  be  found  in  Dr.  Hopkinson's  papers  cited 
above,  or  follow  at  once  from  the  results  there  given ;  and  so  it  does  not 
seem  necessary  to  repeat  the  proofs  here. 

In  the  same  paper  Dr.  Hopkinson  gave  the  result  of  some  rou^ 
experiments  which  went  to  confirm  the  principal  conclusion  from  this 
analysis,  namely,  that  the  power  of  a  blow  to  nipture  a  wire  should  be 
measured  rather  by  the  velocity  with  which  it  is  delivered  than  by  its 
energy  or  its  momentum.  It  also  appeared,  as  might  be  expected,  from 
the  mathematics,  that  the  wire  was  most  likely  to  break  at  the  upper 
end. 

In  these  experiments,  made  over  30  years  ago,  the  only  available 
means  of  estimating  the  momentary  stresses  produced  by  the  blow  was 
the  effect  they  left  upon  the  wire,  e,cj,^  ruptiu-e.  As  the  mathematical 
treatment  proceeds  upon  the  assumption  that  the  stress  and  strain  are 
everywhere  and  always  proportional,  it  was  not  to  be  expected  that  it 
could  give  more  than  a  very  general  indication  of  the  impulse  necessaiy 
to  rupture  the  wire.  With  the  appliances  now  available,  however,  I 
think  that  experiments  on  these  lines  are  capable  of  yielding  a  good 
deal  of  information  about  the  effect  of  stresses  applied  for  a  very  short 
time,  such  as  are  met  with  in  most  cases  of  shock.  The  practical 
importance  of  such  information  need  not  be  insisted  upon. 

I  have,  therefore,  made  some  experiments  of  the  same  kind,  but 
instead  of  rupturing  the  wire  I  have  used  blows  which  leave  but  little 
permanent  extension.  I  have  measured  the  momentary  extension  of 
a  few  inches  at  the  top  of  the  wire,  and  compared  this  with  the 
extension  as  calculated  from  theory  and  given  in  expression  (1)  above. 
If  the  two  agree,  and  if  not  much  permanent  extension  is  left,  it  is 
clear  that  the  theory  is  correctly  applied,  and  that  the  stresses  in  the 
material  may  be  calculated  from  it.  Moreover,  we  know  that  the 
material  must  be  substantially  elastic  up  to  the  Tnam'TTniim  stress  so 
calculated  if  applied  for  the  time  given  by  the  theory. 
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The  gener&l  result  that  I  have  obtained  is  that  iron  and  copper  wires 
may  be  stressed  mach  bejrond  the  static  elastic  limit  and  even  beyond 
their  static  breaking  loads  without  the  proportionality  of  stresses  and 
strains  being  substantially  departed  from,  provided  that  the  time 
during  which  ^e  stress  exceeds  the  elastic  limit  is  of  the  order  of 
1/1000  second  or  less. 

The  wire  was  in  each  case  of  No.  10  gauge,  and  about  30  feet  long ; 
it  was  hung  in  a  vertical  chase  in  a  wall,  the  upper  end  being  firmly 
fixed  in  a  block  of  iron,  weighing  about  20  lbs.,  the  ends  of  which  were 
built  into  the  wall.  This  block  carried  a  vertical  steel  rod,  at  any 
point  of  which  could  be  clamped  the  contact-making  device  for 
measuring  the  momentary  extension.  The  construction  of  this 
sufficiently  appears  from  the  figure.  The  light  hard  steel  point  A  is 
fixed  to  the  wire  at  a  certain  distance,  usually  20  inches,  from  the  upper 
end.  The  wire  having  been  drawn  taut  preparatory  to  the  experiment, 
the  insulated  spring  S  is  pushed  up  by  the  micrometer  screw  until 
contact  is  made  with  the  point  as  shown  by  the  deflection  of  the 
galvanometer.  The  spring  is  then  withdrawn  by  the  amount  of 
extension  expected ;  the  blow  is  delivered  and  the  galvanometer  shows 
whether  contact  between  the  point  and  the  spring  has  occurred  or  not. 

By  using  a  sensitive  ballistic  galvanometer  without  any  resistance 
in  series  with  it,  it  was  found  quite  easy  to  determine  the  instantaneous 
extension  of  20  inches  of  wire  correct  to  1/1000  of  an  inch,  that  amoimt 
of  difference  in  the  position  at  which  the  spring  is  set  converting  a  big 
throw  of  the  galvanometer  into  no  deflection  at  all.  In  a  few  cases  a 
second  point  was  added  with  a  similar  contact  spring  close  to  the  upper 
end  of  the  wire,  in  order  that  any  displacement  of  the  wire  relative  to 
its  supports  might  be  detected.  But  I  found  that  if  the  wire  was  soft 
soldered  into  a  bolt  about  3  inches  long  screwed  into  the  block,  this 
precaution  was  unnecessary. 

The  falling  weight  was  a  cylindrical  piece  of  steel  weighing  1  lb., 
with  a  hole  drilled  along  its  axis  which  was  a  loose  fit  on  the  wire. 
The  wire  was  kept  taut  by  a  spring  balance  attached  to  its  lower  end, 
the  tension  in  which  could  be  varied  from  20  to  200  lbs.  The  stop 
struck  by  the  falling  weight  was  a  metal  sleeve  slipped  over  the  wire 
and  soldered  to  the  lower  end.  It  was  made  as  l^ht  as  possible  so 
that  the  velocity  of  the  weight  should  not  be  much  diminished  at 
impact.     The  velocity  at  impact  was  calculated  from  the  height  of  fall, 

being  taken  as  ^         J^gK  where  M  is  the  mass  of  the  weight,  and  m 

that  of  the  stop. 

From  time  to  time  the  permanent  extension  on  the  20  inches  was 
measured  by  again  pushing  the  spring  into  contact  with  the  wire  when 
under  steady  tension.  No  analyses  were  made  of  the  materials, 
because,  at  the  present  stage,  all  that  I  desire  to  do  is  to  compare  the 
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efibcta  in  the  ume  material  of  impulrive  aod  of  long  contumed  iiIiim 
The  nature  t^  the  material,  however,  euffidentiy  appears  from  thia  aUtie 
iestB. 

Irm  Wire. — ^This  was  bought  aa  iron  wire,  Ka  10  grage.  Vk 
diameter  was  0*1375  inch.  After  placing  it  in  the  chaae  it  wu  heated 
to  redness  and  stretched,  to  straighten  it.  The  annealing  saftenad  it 
materially,  and  somewhat  unequally  in  different  parts. 

Fib.  2. 


The  following  was  a  set  of  obaervationB  on  this  wii«,  which  '» 
typiciil : — 

Steady  tension  50  lbs. — Height  of  fall  5  feet. 

Contact  point  20  inches  from  the  upper  end. 

One  division  on  micrometer  head  =  1/2000  inch  =  1/40000^)  part 

Micrometer  reads  34-5  with  a  steady  load  of  60  lbs.  wiien  oontut 
first  made  on  the  spring  being  pushed  up. 
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No  contact. 


Micrometer  set  at  110'5  (76  diviaions  extension).  No  contact  when 
weight  let  fall. 

Eepeat  the  blow. — No  contact.    Repeat. — No  contact. 

Micrometer  with  steady  load  of  50  lbs.  now  reads  34-5. 

Micrometer  set  at  109*5  (75  divisions  extension).    No  contact. 

Altered  to  108-5.  Contact  occurred;  the  galvanometer  spot  went 
half  across  the  scale. 

Eepeat. — Contact  again. 

Steady  micrometer  reading  after  this  36*0. 

Micrometer  set  at  111  (75  divisions  extension).     No  contact. 

Repeat. — No  contact    Repeat. — No  contact. 

Steady  reading  now  36*0. 

Micrometer  set  at  110  (74  divisions  extension). 

Repeat — Contact  occurred. 

Steady  reading  now  37*0. 

Hence,  the  instantaneous  extension  in  this  case  is  74  micrometer 
divisions,  and  the  permanent  extension  produced  by  11  blows  is  about 
2*5  divisions. 

Then  followed  a  set  of  4  blows  with  a  10-foot  fall,  and  with  20  lbs. 
tension.     They  resulted  as  follows : — 

Steady  reading  7*0.     Set  at  110  (103  divisions).    Contact 
Steady  reading  20*0.    Set  at  125  (105  divisions).     No  contact. 
Steady  reading  29*5.     Set  at  132  (102^  divisions).     Contact. 
Steady  reading  42*0.     Set  at  148  (106  divisions).     No  contact 
Steady  reading  52*5. 

Hence,  the  extension  produced  by  the  blow  is  probably  between 
103  and  105  divisions,  and  almost  certainly  between  102  and  106. 
Permanent  extension  produced  by  4  blows  =  45*5  divisions,  or  just 
over  1/lOOOth  part 

Now  static  tests  on  this  wire  showed  that  a  load  of  390  lbs.  extends 
it  by  1/lOOOth  part.    Also  fi  its  mass  per  foot  is  0*0435  lb.     Hence 

A  /E"      J,  7390,000x32       1 7  nnn  ^  a  «no,.i,r 
a  =  V  ^-  =  V       Q.Q^3^       =  17,000  f.s.  nearly. 

The  mass  of  the  stop  was  0*04  lb.  Hence  V,  the  velocity  just  after 
impact,  is,  with  a  5-foot  height  of  fall,  17*2  f.s.  Also  since  x'  =  1*66  feet ; 
}ix'  _  1-66x0*0435  _  ^.^^ 

M  i  "^^• 

Further,  T  =  50  lbs.  =■  1600  poundals,  and  it  will  be  found  that 
^^l — J    is  about   0*4  thousandth  of  an  inch,   or  0*8  micrometer 

division.  Substituting  these  figures  in  the  expression  (2)  above,  the 
extension  on  the  20  inches,  as  calculated,  is  37*2  thousandths  of  an 
inch,  or,  say,  74^  micrometer  divisions.  The  observed  extension  is 
74  divisions,  which  is  dose  agreement    This,  coupled  with  the  fact 
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that  the  permanent  extension  prodaced  on  the  20  inches  is  negligible^ 
is  fairly  concluaive  evidence  that  the  theory  is  applicable  in  this  ease^ 
and  that  the  material  is  almost  perfectly  elastic  up  to  the  highest 
stress  as  calculated  from  the  theory.  The  maximum  strain  at  the  top 
of  the  wire  is  2y/a,  or  34*4/17  thousandths.  The  corresponding 
tension  is  about  790  lbs.  To  this  must  be  added  the  50  lbs.  steady 
tension,  making  a  total  of  840  lbs.  as  the  maximum  stress  experienced 
by  any  portion  of  the  wire.    The  mean  tension  in  the  top  20  inches, 

where  the  extension  is  greatest,  is  (  ./n  twwv  x  390  J  +  50,  or  770  lbs. 

Now,  after  the  completion  of  the  experiments,  the  top  20  inches  of 
the  wire  were  cut  out  and  tested  statically  with  a  Swing's  extenso- 
meter.  There  was  perceptible  failure  of  elasticity  at  500  lbs.,  Teiy 
marked  yielding  at  700  lbs.  (which  produced  a  permanent  extension 
of  nearly  1  per  cent.),  and  at  800  lbs.  the  wire  drew  out  very  rapidly 
and  finally  broke. 

With  a  fall  of  10  feet  and  a  steady  tension  (T)  of  20  lbs.,  the 
calculated  extension  will  be  found  to  1)e  53  thousandths  of  an  inch, 
or  106  micrometer  divisions.  This,  again,  agrees  very  well  "with  the 
observed  extension  of  104  divisions.  In  this  case  the  calculated 
maximum  tension  at  the  top  end  is  1150  lbs.,  and  the  mean  tension 
on  the  20  inches  about  1000  lbs.  Of  this  extension,  however,  about 
11  per  cent,  is  permanent,  so  that  there  is  some  failure  of  elasticity, 
and  it  is  improbable  that  the  maximum  stress  quite  reaches  the  calcu- 
lated value.  It  is  practically  certain,  however,  that  it  exceeds  the 
mean  stress  corresponding  to  the  elastic  part  of  the  maximum  extension 
in  the  top  20  inches,  viz.,  about  900  lbs. 

Next  as   regards  the   time  for   which  these  stresses  are  applied. 

y 
The  strain  at  the  top  of  the  wire  is  2-e~'*«'>^,  where/  is  the  time  which 

a 

has  elapsed  since  the  wire  first  arrived  there.     In  the   case  of   the 

5-foot  fall  it   will  be  found   that  the  stress  falls  from  840   lbs.    its 

initial  and  maximum  value,  to  500  lbs.,  which  may  be  taken  as  the 

elastic  limit,  in  about  0*8  thousandth  of  a  second. 

These  results  were  fully  confirmed  by  a  large  number  of  experiments 
in  which  different  steady  tensions  were  applied.  The  general  con- 
clusion is  that  in  this  material,  which  has  an  elastic  limit  of  40,000  lbs. 
or  17*8  tons  per  square  inch,  and  breaks  at  28*5  tons,  a  stress 
momentarily  exceeding  75,000  lbs.,  or  33^  tons,  and  exceeding  the 
static  elastic  limit  for  a  time  of  the  order  of  1/1000  second,  may  be 
applied  without  any  ver}'^  great  failure  of  elasticity.* 

It  may  be  further  noted  that  a  ])low  from  a  height  of   10  feet, 

*  The  sbsolutc  8trc8:»  is,  as  usual,  calculated  on  the  uncontracted  area  of  the  te^t- 
piece.     The  statical  breaking  stress  at  the  moment  of  brei^ung  is,  of  ooursey  grmA^r 
^  tliAii  this  figure,  but  then  the  material  is  hardened  by  the  drawing  out. 
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giving  a  tension  momentarily  exceeding  900  Ibfi.,  produces  a 
permanent  extension  of  l/3500tli  part,  or  1/30  of  the  ultimate  extension 
caused  by  a  steady  load  of  700  lbs. 

Copper  Wire, — This  was  0*129  inch  diameter,  and  of  the  kind  used 
in  electric  light  cables.  It  was  set  up  without  preparation  of  any  kind. 
A  load  of  220  lbs.  stretched  it  by  1/lOOOth  part,  corresponding  to 
E=  7500  tons  per  square  inch.  The  wire  weighed  0-0503  lb.  per  foot. 
The  steady  tension  was  200  lbs.  Mass  of  falling  weight  (M)  0*945  lb. ; 
mass  of  stop,  0*023  lb.  Velocity  of  propagation  of  waves,  Oy 
=  11,800  f.s. 

With  a  fall  of  12*6  inches  the  additional  extension  observed  on  the 
top  20  inches  was  41  micrometer  divisions.  The  calculated  extension 
(formula  (2)  above)  is  43  divisions.  The  permanent  extension  pro- 
duced by  20  blows  was  about  2  micrometer  divisions. 

With  a  fall  of  2  feet  6  inches  the  observed  extension  was  67  divisions. 
The  calculated  extension  is  70^  divisions.  Ten  such  blows  extend  the 
20  inches  by  13*5  micrometer  divisions,  or  6*7  thousandths  of  an  inch. 

The  elasticity  is  therefore  practically  perfect  up  to  the  stresses 
caused  by  a  fall  of  2  feet  6  inches.  The  greatest  strain  at  the  top  end 
caused  by  this  blow  is  2Y/a  =  2*10  thousandths.  The  tension  due  to 
this  is  440  lbs.,  and  the  resultant  tension,  including  the  initial  200  lbs., 
is  640  lbs.  The  mean  tension  on  the  top  20  inches  is  570  lbs.  (calculated 
from  the  observed  extension  of  67  divisions). 

Tested  statically  with  the  extensometer,  this  wire  showed  failure  of 
elasticity  at  500  lbs.  With  a  load  of  590  lbs.  it  yielded  rapidly  and 
finally  broke. 

With  a  fall  of  5  feet,  and  the  same  initial  tension  of  200  lbs.,  the 
observed  extension  on  the  top  20  inches  was  between  100  and  105 
micrometer  divisions,  as  against  103  calculated ;  of  these  about 
30  divisions  were  permanent.  The  calculated  maximum  tension  in 
this  case  (including  the  200  lbs.)  is  890  lbs.  But  the  elasticity  here  is 
far  from  perfect,  and  the  actual  stress  is  probably  somewhat  less  than 
the  calculated  value. 

The  observed  extensions  are,  in  the  case  of  the  copper  wire,  about 
5  per  cent,  less  than  the  calculated.  I  think  that  this  is  more  than  can 
be  accounted  for  by  errors  of  observation,  or  by  such  causes  as  friction 
between  wire  and  weight,  especially  having  regard  to  the  much  closer 
agreement  in  the  other  wires  with  which  I  have  experimented.  A 
possible  explanation  is  that  in  the  copper  wire  the  value  of  Young's 
modulus  for  these  extremely  rapid  extensions  is  10  per  cent,  greater 
than  for  slowly  applied  forces.  The  difference  between  the  adiabatic 
and  isotherm^  elasticities  as  calculated  from  the  coefficient  of  expansion 
and  Young's  modulus,  is  not  sufficient  to  account  for  the  effect,  which 
must  be  a  true  time  effect  if  it  exists. 

The  history  of  the  stress  in  a  section  of  the  wire  after  one  of  these 
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blows  is  rather  complicated,  and  it  is  difficult  to  deduce  from  the  results 
anything  more  than  the  general  conclusion  stated  above,  that  the  wire 
is  substantially  elastic  up  to  stresses  much  beyond  the  static  elastic  limit, 
and  that  the  mathematical  theory  gives  correct  results.  I  hope,  how- 
ever, by  suitable  modifications  of  the  experiment,  to  simplify  the  con- 
ditions, and  obtain  by  this  method  more  detailed  information  as  to  the 
properties  of  materials  when  subjected  to  shock.  It  seems  to  me  quite 
possible  that  the  stress-strain  relations  for  stresses  beyond  the  elastic 
limit  may  be  much  simplified  if  the  stresses  are  applied  for  exceedingly 
short  times,  because  the  complication  of  hardening,  due  to  over- 
straining, will  be  to  a  large  extent  removed. 


"Phosphorescence  caused  by  the  Beta  and  Gramma  Bays  of 
Eadium."  By  G.  T.  Beilby.  Communicated  by  Professor 
Larmor,  Sec.  RS.  Eeceived  January  25, — Read  February  9, 
1905. 

1.  Various  observers  have  noticed  that  barium  platino-cyanide,  after 
continued  exposure  to  the  rays  from  radium,  becomes  brown  or  red, 
while  the  phosphorescence  excited  by  the  rays  falls  off  considerably.* 
The  following  observations  were  made  with  the  object  of  ascertaining 
the  conditions  under  which  this  change  occurs. 

2.  A  specimen  of  Merck's  barium  platino-cyanide  was  recrystalliced 
and  obtained  in  prisms  from  3  to  5  mm.  long.  The  crystals  were 
bright  canary  yellow  and  showed  a  pale  blue  fluorescence  by  obliquely 
reflected  light. 

3.  The  radium  used  was  30  milligrammes  of  pure  bromide  contained 
in  a  cell  with  a  thin  mica  cover.  This  radium  is  the  property  of 
Mr.  Frederick  Soddy,  to  whom  I  am  mucli  indebted  for  granting  me 
its  exclusive  use  for  more  than  three  months.  All  the  experiments 
were  made  without  removing  the  mica  cover  of  the  cell,  so  that  the 
effects  produced  were  due  entirely  to  the  P  and  y  rays.  In  comparing 
the  phosphoresence  at  different  stages,  black  paper  was  interposed 
between  the  cell  and  the  substance  so  as  to  cut  off  the  luminous  rays 
from  the  radium. 

4.  When  yellow  crystals  of  platino-cyanide  are  left  on  the  mica 
cover  of  the  radium  cell  for  half  an  hour,  the  beginnings  of  the  colour 
change  from  yellow  to  red  are  distinctly  visible.  In  one  hour  those 
surfaces  most  directly  in  the  path  of  the  rays  become  strongly  reddened. 
In  eight  hours  the  phosphorescence  has  fallen  to  a  minimum  of  8/100  of 
its  original  amount,  at  which  it  remains,  however  long  the  exposure 
may  be  continued. 

Crystals  were  exposed  to  the  rays  for  eight  days,  but  the  phosphor- 
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escent  value  did  not  further  diminish,  though  the  colour  became  rather 
deeper. 

5.  When  the  reddened  crystals  are  removed  from  the  action  of  the 
rays  they  at  once  cease  to  phosphoresce.  At  the  outset,  therefore, 
there  are  two  well-marked  characteristics  in  the  behaviour  of  the 
platino-cyanide.  (1)  The  phosphorescence  starts  at  a  maximum  value 
which  rapidly  falls  to  1/12  or  thereby;  and  (2)  there  is  no  after 
phosphorescence. 

6.  Other  observers  have  stated  that  platino-cyanide  screens  which 
have  been  reddened  by  over-exposure  to  radium  rays  may  be  restored 
to  the  sensitive  state  by  exposure  to  sunlight.*  1  have  exposed 
reddened  crystals  on  a  glass  plate  to  a  condensed  beam  of  sunlight  for 
several  hours  without  being  able  to  observe  any  restoration  of  colour 
or  phosphorescent  quality.  The  observations  here  recorded  seem  to 
suggest  that  the  restorative  effect  of  sunlight,  where  it  has  been 
observed,  must  have  been  due  to  some  conditions  supplied  by  the 
other  materials  of  which  the  screen  was  composed.  The  present 
observations  show  that  the  red  crystals  retain  their  new  character 
over  a  period  of  many  weeks  either  in  the  dark  or  in  diffused  daylight, 
and  none  of  these  observations  have  given  any  indication  that  the 
change  is  other  than  permanent. 

7.  The  only  way  completely  to  restore  the  red  crystals  to  the  yellow 
state  is  by  solution  in  water  and  recrystallisation.  The  properties  of 
the  crystals  obtained  in  this  way  appear  to  be  in  all  respects  the 
same  as  they  were  before  exposure  to  the  rays.  It  would  appear, 
therefore,  that  the  reduction  of  the  phosphorescent  value  is  not  primarily 
due  to  chemical  change  in  the  salt. 

The  fully  developed  crystalline  condition  of  the  yellow  salt  is 
evidently  necessary,  if  the  highest  phosphorescence  is  to  be  obtained. 
An3rthing,  therefore,  which  interferes  with  this  condition  impairs  the 
phosphorescence. 

8.  When  the  water  of  crystallisation  is  wholly  or  partially  expelled, 
the  crystals,  either  yellow  or  red,  are  left  in  the  form  of  an  amorphous 
powder  of  a  brick  red  colour.  In  this  amorphous  state  the  value  of 
the  phosphorescence  has  fallen  to  2/100  and  the  colour  of  the  glow 
is  no  longer  green  but  red.  As  crystals  reddened  by  exposure  to  the 
P  T&ys  lose  water  and  become  opaque  on  heating  to  130°  just  as 
the  yellow  crystals  do,  it  may  be  concluded  that  the  change  from 
yellow  to  red  under  the  influence  of  the  P  rays  is  not  due  to  the  loss 
of  water  of  crystallisation. 

9.  As  the  reduction  of  the  phosphorescent  value  in  the  change  from 
the  yellow  to  the  red  form  is  neither  due  to  chemical  decomposition 
nor  to  loss  of  water  of  crystallisation,  it  occurred  to  me  that  it  might 
be  akin  to  the  change  from  the  crystalline  to  the  amorphous  state, 

•  Eutherford, « Radio-sctiyity/  p.  168. 
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which  had  been  observed  in  metals  and  other  solids  when  they  an 
flowed  by  mechanical  movement.*  The  falling  off  of  the  phoqphor- 
esence  under  the  long  continued  action  of  the  rays  suggested  a  faUon 
in  elasticity  or  elastic  response  analogous  to  that  which  is  known  in 
metals  as  *'  elastic  fatigue,"  while  the  colour  changes  appear  to  be 
of  the  same  nature  as  those  observed  in  the  crystalline  and  amorphooi 
phases  of  the  metals,  f 

10.  When  a  small  fragment  of  a  yellow  crystal  is  bruised  on  i 
glass  plate  by  the  rounded  end  of  an  agate  pestle,  the  bright  yellow 
colour  is  changed  to  deep  red-brown  wherever  the  pressure  has  acted 
so  as  to  cause  flow.  This  colour  change  is  remarkably  sharp  and 
distinct.  By  rolling  the  pestle  firmly  over  Uie  smaller  crystalline 
specks  these  are  completely  flowed  into  transparent  patches  with 
smooth  rounded  outlines.  The  colour  of  the  thinnest  patches  ii 
obviously  more  intense,  as  well  as  much  i-edder,  than  that  of  the 
original  crystal,  while  the  thicker  patches  are  of  a  very  intense  rod- 
brown  by  transmitted  light.  The  colour  of  the  flowed  patches  by 
reflected  light  is  complementary  to  that  by  transmitted  light,  being 
green.  The  crystalline  structure  of  the  yellow  salt  is  to  all  appearance 
completely  replaced  hy  the  vitreous  granular  structure  of  the  amorphous 
phase. 

11.  A  small  quantity  of  the  amorphous  platino-cyanide  was  prepared 
by  bruising  and  flowing  the  yellow  crystals  on  a  glass  plate.  With 
each  portion  the  operation  was  repeated  several  times,  that  is  to  sav 
the  flowed  patches  on  the  plate  were  scraped  oft",  broken  up  and 
again  rolled  with  the  pestle.  In  this  way,  a  fairly  complete  con- 
version into  the  amorphous  form  was  obtained.  The  final  product 
consisted  partly  of  l)rown  powder  and  partly  of  deep  brown  scales 
with  a  greenish  sheen.  The  phosphoresence  in  the  fi  rays  was  reduced 
to  2/100  of  its  value,  and  it  appeared  as  a  dull  red  glow  in  which  an 
occasional  speck  of  bright  green  indicated  the  presence  of  minute 
portions  of  the  untransformed  crystalline  phase. 

12.  In  my  earlier  observations  on  the  phase  changes  A  *-tjz»  Cl  it 

was  shown  that  while  the  transformation  C >  A  takes   place  by 

mechanical  movement  of  the  molecules  over  each  other,  as  in  a  liquid, 

the  reverse  transformation  A C  takes  place  only  when  a  definite 

transition  temperature  or  stalnlity  \yoi\\t  is  reached.  The  low 
temperature  at  which  platino-cyanide  loses  its  water  of  crystallisation 
presented  a  difliculty  in  attempting  to  bring  about  the  transformation 

A ►  C  by  heat,  but  an  encouraging  result  was  obtained  on  quickly 

raising  a  small  portion  of  the  amorphous  salt  to  85  ^  for  the  dark 
brown  scales  immediately  assumed  the  bright  greenish  yellow  of  the 

•  *  Phil.  Mag./  vol.  8,  1904,  pp.  258—276. 

t  Ibid,,  also  *  Roy.  Soc.  Proc./  toI  72.  pp.  218—235. 

X  Loc.  cit. 
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crystalline  phase.  The  reality  of  this  change  was  further  confirmed 
by  finding  that  the  phosphorescent  quality,  which  had  fallen  to  2/100 
in  the  amorphous  state,  had  been  restored  by  the  heating  to  33/100. 

13.  The  analogy  between  the  changes  in  colour  and  phosphorescent 

quality   brought   about   by  the    transformation  C ►  A  and  the 

corresponding  changes  which  result  from  the  action  of  the  P  rays  is 
thus  shown  to  be  very  close ;  it  remained  to  be  seen  if  the  analogy 
also  held  good  in  the  reverse  transformation  by  heat. 

14.  Crystals  which  had  been  reddened  by  the  /3  rays  were  lightly 
crushed  and  quickly  heated  to  liOMn  a  capillary  tube  with  an  open 
end.  The  colour  of  the  salt  became  much  paler  and  its  phosphorescent 
quality  was  considerably  increased.  As  the  temperature  necessary  to 
bring  about  the  transformation  was  also  high  enough  to  drive  off  some 
of  the  water  of  crystallisation,  a  fresh  portion  of  lightly  crushed  red 
crystals  was  packed  tightly  into  a  capillary  tube  which  was  sealed  ofi 
as  close  to  the  surface  of  the  salt  as  possible.  The  tube  was  heated  to 
120^,  when  the  transformation  into  the  yellow  salt  took  place  quite 
sharply,  beginning  simultaneously  at  the  middle  and  at  one  end  of 
the  tube  and  quickly  spreading  all  over,  the  brown  colour  giving  place 
to  bright  yellow.  The  transformation  was  carried  out  at  120%  so  that 
no  water  in  the  liquid  state  can  have  taken  part  in  it.  After  cooling, 
some  minute  drops  of  condensed  water  were  visible  on  the  inner 
surface  of  the  tube.  Necessarily,  a  corresponding  portion  of  the  salt 
must  have  parted  with  some  of  its  water  of  crystallisation,  but  this 
did  not  affect  the  transformation  of  the  remaining  part.  The  phosphor- 
escent quality  was  raised  from  the  8/100  of  the  red  crystals  to  33/100. 

15.  Even  in  the  sealed  tube,  however,  the  conditions  for  the  trans- 
formation A >  C  are  distinctly  unfavourable  to  anything  like  a 

perfect  conversion  or  the  production  of  a  uniformly  crystalline  material, 
therefore,  the  very  definite  results  obtained,  namely,  the  partial 
restoration  both  of  colour  and  phosphorescence,  are  strongly  confirma- 
tory of  the  phase  view  of  the  change  brought  about  by  the  /?  rays. 

16.  The  retention  by  the  reddened  crystals  of  their  crystalline  form 
and  transparence  points  to  a  persistence  of  a  proportion  of  the  crystal- 
line phase  side  by  side  with  the  amorphous.  Having  regard  to  my 
earlier  observations  on  phase  transformation  in  overstrained  crystals, 
this  persistence  of  the  G  phase  is  quite  to  be  expected.  In  the  case  of 
gold  it  was  shown  that  even  after  severe  and  repeated  beating  of  the 
metal  in  the  form  of  the  thinnest  foil  the  crystalline  structure  could  not 
be  completely  obliterated.*  More  recent  observations  on  the  flow  of 
crystalline  salts,  which  have  not  yet  been  published,  fully  confirm  this 
point.  These  still  further  confirm  the  explanation  of  this  fact  offered 
in  my  former  papers,  namely,  that  the  amorphous  phase  which  is 
formed  at  all  the  moving  surfaces  of  the  crystalline  units  acts  as  an 

•  *  Phil.  Mag.,*  Tol.  8,  p.  268. 


510 


Mr.  6.  T.  Beilby.     PhosphoreBocnce  eauud  hy     [Jan.  25, 


encasing  medium  which  protects  the  crystalline  elements  fl*oni  further 
disintegration.  In  the  case  of  the  platino-cyanide,  the  overHstimulatioB 
to  which  the  vibrating  molecules  are  subjected  by  the  P  rays  during 
the  preliminary  stage  of  bright  phosphorescence,  results  in  a  state 
analogous  to  that  of  elastic  fatigue  in  vibrating  metal  wires  or  glass 
fibres.  Up  to  a  certain  point  this  fatigue  may  be  recovered  from,  that 
is  to  say,  if  the  relative  displacements  of  the  molecules  from  their 
proper  crystalline  relations  has  not  passed  beyond  a  certain  stage  ;  but 
beyond  this  stage  there  is  no  power  of  self-recovery,  and  heat  is 
required  to  endow  the  molecules  with  freedom  of  movement  sufiicient 
to  enable  them  to  return  to  their  crystalline  positions.  This  final 
stage  of  permanent  fatigue  or  overstrain  in  the  salt  corresponds  with 
the  amorphous  condition  which  results  from  mechanically  produced  flow. 

17.  The  foregoing  observations  show  that  physical  structure  and 
molecular  elasticity  may  play  an  important  part  in  the  initial  stimulsr 
tion  of  phosphorescence,  but  the  persistence  of  phosphorescence,  even 
in  the  purely  amorphous  form  of  the  substance,  seems  to  point  to  the 
necessity  for  a  more  general  explanation  of  the  phenomena  of  phos- 
phorescence. I  propose  to  deal  with  the  more  general  aspects  of  the 
subject  in  a  separate  communication. 

18.  In  the  appended  wible  the  comparative  phosphorescence  of  the 
various  forms  of  platino-cyanide  of  barium  is  shown.  The  method 
used  was  to  measure  the  distance  from  the  radium  at  which  the  salt 
exposed  on  a  tray  of  black  paper  became  distinctly  visible  in  the  dark. 
The  salt  was  observed  by  means  of  a  simple  microscope  fixed  over  the 
tray.  The  intensity  of  the  rays  was  taken  to  be  inversely  as  the 
square  of  the  distance  of  the  radium  from  the  phosphorescing  salt. 

Comparative  Phosphorescence  (that  of  the  canary-yellow  crystals 

being  taken  as  100). 


1 .  Yellow  crystals 

2.  „  „        after  exposure    to  /3 

rsjs  for  8  hours .... 
8.     The  same  for  44  hours 

4.  Red  crystals  (No.  3  aboTe)  after  heating  , 

to  1 10°  in  open  tube   

5.  Bed  crystals,  after  heating  to  120°  in 

sealed  tube   

6.  Yellow  crystals  dehydrated  at  130°  . . . 

7.  Yellow  crystals  flowed  into  amorphous 

scales 

8.  The  same  (No.  7)  heated  to  86°— 100° 
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"  Phosphorescence  caused  by  the  Beta  and  Gamma  Rays  of 
Radium.— Part  II."  By  G.  T.  Beilby.  Communicated  by 
Professor  J.  Larmok,  Sec.  R.S.  Received  February  9, — Read 
February  2:5.  1905. 

19.  By  the  study  of  the  case  of  baritun  platino-cyanide,  it  has  been 
shown  that  certain  forms  of  phosphorescence  or  luminescence  are  due 
to  change  of  physical  state — e,g,^  to  the  passage  from  the  crystalline 
to  the  amorphous  state,  or  from  one  amorphous  state  to  another.  The 
molecular  movement  required  to  bring  about  these  changes  may  be 
caused — (1)  by  disintegration  produced  by  mechanical  means,  as  in  the 
crushing  or  flowing  of  crystals ;  (2)  by  the  expulsion  of  a  volatile  con- 
stituent, as  in  the  dehydration  of  crystals,  the  molecular  movement 
which  necessarily  occurs  at  the  moment  of  expulsion  being  taken  advan- 
tage of  by  the  forces  of  cohesion  to  establish  new  arrangements  of  the 
molecules  either  crystalline  or  amorphous;  and  (3)  by  a  condition 
of  excessive  vibration  and  ultimate  overstrain  set  up  by  a  stream  of 
electrons,  as  in  the  radium  or  the  cathode  rays. 

20.  After  due  allowance  has  been  made  for  the  element  of  physical 
change,  there  remains  a  large  class  of  phosphorescent  phenomena  which 
cannot  be  thus  explained ;  but  I  believe  that  the  clear  recognition  of 
the  part  played  by  physical  change  at  once  makes  the  consideration  of 
the  latter  class  much  simpler. 

21.  Even  in  the  case  of  platino-cyanide,  where  it  is  seen  that  physical 
changes  play  so  large  a  part  in  the  phosphorescent  phenomena,  there 
remains  a  certain  residuum  of  phosphorescent  effect  which  appears  to 
be  independent  of  the  physical  condition  of  the  substance.  Platino- 
cyanide  itself,  therefore,  opens  the  way  to  a  further  study  of  the  pheno- 
mena of  phosphorescence ;  but  other  substances  in  which  the  physical 
state  plays  a  less  important  part  are  better  suited  for  this  study. 

22.  Throughout  this  paper  the  different  phases  of  luminescence  are 
referred  to  as :  primary  phosphorescence,  or  the  luminescence  produced 
under  the  direct  influence  of  a  stimulus,  e.g,,  the  /?  rays  or  the  cathode 
rays ;  secondary  phosphorescence,  or  the  liuninescence  which  continues 
after  the  direct  stimulation  has  ceased ;  revived  phosphorescence,  or  the 
luminescence  revived  by  heat  after  the  secondary  phosphorescence  has 
diminished  or  ceased  altogether. 

23.  It  has  been  shown  that  primary  phosphorescence  is  exhibited 
under  various  forms  of  stimulation  and  under  conditions  in  which  the 
elastic  vibration  of  molecules  or  molecular  aggregates  might  alone 
account  for  the  generation  of  light  waves.  But  when  the  secondary 
and  the  revived  forms  of  phosphorescence  appear,  it  becomes  necessary 
to  suppose  that  these  effects  are  due  to  some  more  intimate  changes 
among  the  atoms  themselves ;  in  other  words,  to  the  play  of  chemve&l 
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afBnity.  The  association  of  phospboresoence  witb  oertain  forms  of  donr 
oxidation  was  early  recognised,  and  possibly  for  diis  reason  there  hai 
sometimes  been  a  tendency  to  limit  the  chemical  view  to  Uiis  type  of 
action.  But  from  the  observations  which  follow  it  will  be  seen  tint 
with  many  substances  the  chemical  actions  which  occur  must  necei- 
sarily  be  self-contained  and  independent  of  atmospheric  or  other 
surroundings. 

24.  The  chemical  action  of  the  rays  from  radio-active  substances  has 
been  recognised  from  the  first.  Among  the  most  prominent  examplei 
of  this  action  are — the  reduction  of  sensitive  silver  salts  in  photograpUe 
films  which  led  to  the  original  discovery  of  the  rays  by  M.  Becqaerel ;  the 
coloration  of  glass,  first  observed  by  M.  and  Madune  Curie,  and  after 
wards  attributed  by  Elster  and  Geitel  and  other  observers  to  the 
reduction  and  separation  of  the  alkali  metals  in  a  state  of  solid  solutioa; 
the  electrolysis  of  water ;  and  the  separation  of  iodine  from  iodofomi, 
observed  by  W.  B.  Hardy  and  Miss  Willcox  in  the  liquid  state,  and 
more  recently  by  van  Aubel  in  the  solid  state.  Some  of  these  actioiii 
have  been  recognised  by  direct  chemical  tests,  while  others  have  been 
inferred  from  the  colour  changes  occurring  in  the  substances  exposed 
to  the  rays. 

25.  So  far  as  I  can  learn,  no  systematic  attempt  has  yet  been  made 
to  trace  the  connection  between  the  chemical,  the  coloration,  and  the 
liuninescent  effects  of  the  fi  rays.  The  observations  which  follow  are 
to  some  extent  a  repetition  of  the  experiments  of  previous  workers  on 
the  subject,  but  they  have  been  extended  in  particular  directions  with 
the  express  object  of  throwing  light  on  the  problems  of  secondary  and 
revived  phosphorescence. 

In  these  observations,  as  in  those  recorded  in  the  first  part  of  the 
paper,  the  substances  under  examination  were  exposed  to  the  P  and  y 
rays  only  (see  paragraph  3). 

26.  A  polished  lens  of  rock  crystal,  after  exposure  to  the  rays  for 
four  days,  showed  a  patch  of  dark  brown  coloration  at  the  spot  where 
the  rays  had  entered.  On  removal  from  the  radium,  the  coloured  patch 
phosphoresced  faintly.  This  could  only  be  seen  in  complete  darkness. 
After  an  interval  of  six  weeks  the  lens  showed  no  trace  of  phosphores- 
cence at  the  ordinary  temperature,  but  on  heating  it  on  a  hot  plate  to 
rather  over  100**  the  coloured  patch  glowed  so  brightly  that  it  lighted 
up  the  rough  edges  of  the  lens  and  showed  its  complete  outline  quite 
distinctly.  On  raising  the  lens  to  a  considerably  higher  temperatoiv, 
probably  over  250\  it  glowed  more  brightly,  and  then  the  glow  ceased 
altogether.     The  brown  coloration  had  now  completely  disappeared. 

27.  A  colourless  crystal  of    calcspai*,   measuring  roughly    17x12 
X  6  mm.,  was  exposed  to  the  rays  for  six  days.    A  faint  yellow  colora- 
tion marked  the  spot  where  the  rays  had  entered.    The  coloration  had 
penetrated  about  2  mm.  below  the  surface.     When  the  crystal  was  fint 
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placed  on  the  radium  cell  it  phosphoresced  with  a  pale  greenish  light ; 
but  after  a  few  minutes  the  spot  at  which  the  rays  entered  glowed  with 
an  orange  red  phosphorescence.  This  glow  rose  to  a  certain  pitch,  and 
then  continued  fairly  uniform  throughout  the  exposure  to  the  rays. 
On  removal  from  the  radium  at  the  end  of  six  days  the  crystal  con- 
tinued to  phosphoresce  as  brightly  as  it  had  done  in  the  path  of  the 
rays.  Twenty-four  hours  later  the  crystal  still  phosphoresced,  though 
less  brightly.  On  warming  it  to  80°  the  glow  became  brighter  than  it 
had  originally  been.  On  cooling  again  to  the  ordinary  temperature 
the  glow  was  feeliler  than  it  had  been  before  heating.  The  reserves  of 
phosphorescing  power  had  evidently  been  more  quickly  expended  at 
the  higher  temperature. 

28.  The  gradual  disappearance  of  the  phosphorescence  was  watched 
day  by  day  for  a  week.  Four  days  after  removal  from  the  radium 
the  crystal  could  still  be  seen  in  complete  darkness.  Heated  to  over 
100°,  the  phosphorescence  was  much  augmented,  but  the  glow  was 
distinctly  whiter  than  it  had  originally  been.  Five  days  after  removal 
from  the  radium  the  crystal  had  become  quite  invisible  in  complete 
darkness,  but  on  heating  it  to  over  100**  it  again  phosphoresced.  On 
the  sixth  day  it  still  phosphoresced  feebly  when  heated  to  100°,  but 
on  raising  it  to  150°  it  glowed  so  brightly  that  it  could  be  seen 
distinctly  in  a  dimly  lighted  room.  The  phosphorescence  was  now 
even  whiter  and  more  diffused  than  it  had  been  before.  On  the  fifth 
day  the  patch  of  yellow  coloration  had  completely  disappeared. 
This  disappearance  coincided  with  the  loss  of  phosphorescence  at  the 
ordinary  temperature  and  also  with  the  development  of  the  whiter 
and  more  diffuse  glow  when  the  crystal  was  heated.  On  the  seventh 
day  the  crystal  heated  to  150°  gave  a  feeble  white  phosphorescence. 
On  this  occasion  a  crystal  of  calcspar,  which  had  not  been  exposed  to 
the  radium,  was  heated  side  by  side  with  the  other  which  had.  This 
fresh  crystal  gave  absolutely  no  phosphorescence  at  150°. 

29.  A  piece  of  potash  glass  exposed  to  the  rays  showed  a  feeble 
fluorescence.  After  60  hours  it  was  removed  from  the  radium. 
Where  the  rays  had  entered  the  surface,  a  strong  brown  coloration 
had  taken  place.  This  coloured  patch  phosphoresced  feebly.  Six 
weeks  later  the  glass  was  examined  and  showed  no  phosphorescence 
at  the  ordinary  temperature,  but  on  heating  to  100°  it  gave  a  faint 
greenish  glow.  The  depth  of  colour  of  the  brown  patch  in  the  glass 
showed  no  diminution  of  intensity  at  the  ordinary  temperature  with 
the  lapse  of  time,  but  on  heating  to  about  200°  the  coloration 
completely  disappeared. 

30.  A  lens  of  colourless  Hint  glass,  tested  for  lead  by  heating  one 
of  its  edges  to  the  softening  point  in  a  gas  flame,  showed  the  usual 
brown  coloration  of  lead  glass.  The  lens  was  placed  on  the  radium 
cell  and  at  onc«  phosphoresced  feebly.     After  12  hours'  expoativ^^ 
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the  p  rays,  it  showed  no  secondary  phosphorescence  on  removal  fraa 
the  cell,  and  no  revived  phosphorescence  when  it  was  heated  to  abost 
200\  A  brown  coloration,  which  had  resulted  from  the  motion  of 
the  rays,  had  completely  disappeared  after  the  heatiiig  to  SOO*. 
After  a  further  eiqxMure  of  48  hours  to  the  j3  rays,  the  brown  eolon' 
tion  was  much  stronger,  but  it  showed  neither  secondary  nor  revived 
phosphorescence. 

31.  A  crystal  of  potassium  iodide  placed  on  the  radiom  cdl 
phosphoresced  faintly.  After  three  hours'  exposure  the  phosphom- 
cence  was  distinctly  stronger,  and  on  removal  from  the  rays  a  £unt 
secondary  phosphorescence  could  be  detected.  This  died  out  in  a 
few  minutes,  but  was  revived  for  a  few  minutes  on  heating  the  crystsl 
to  \b(f.  After  12  hours'  exposure  to  the  rays,  a  faint  blue-gresn 
colour  had  developed,  which,  however,  disappeared  after  the  crystsl 
had  been  kept  in  the  dark  for  a  few  hours. 

32.  A  crystal  of  potassium  chloride  became  red-purple  after  it  had 
been  two  hours  on  the  radium  cell;  during  the  expoeore  it 
phosphoresced  faintly.  On  removal  from  the  rays  it  gave  a  feint 
and  brief  secondary  phosphorescence  and  a  brighter  revived  phos- 
phorescence on  heating  to  100°.  After  heating,  the  purple  colour  had 
disappeared. 

33.  A  crystal  of  potassium  bromide,  after  exposure  for  one  hour, 
becjime  blue-green  and  phosphoresced  brightly.  On  removal  from 
the  rays  it  phosphoresced  strongly,  and  on  heating  to  IOC,  it  glowed 
with  revived  phosphorescence  and  lost  its  blue-green  colour. 

These  potassium  salts  show  the  same  association  of  colour  with 
luminescence  as  calcspar,  quartz,  and  glass,  but  all  the  effects  are  of 
a  more  evanescent  character. 

34.  A  crystal  of  potassium  chloride  was  crushed  and  then  flowed 
into  amorphous  scales.  The  scales  when  placed  on  the  radium  cell 
phosphoresced  faintly,  and  in  30  minutes  were  tinted  with  a  red- 
violet.  In  six  hours  the  colour  had  deepened.  On  removal  from  the 
rays  there  was  secondary  phosphorescence,  but  both  this  and  the 
colour  disappeared  more  quickly  than  had  been  the  case  with  the  more 
massive  crystal. 

35.  A  small  crystal  of  calcspar  was  crushed  and  then  flowed  into 
amorphous  scales.  The  scales  were  placed  on  the  radium  cell.  They 
phosphoresced  ver\'  faintly,  and  there  was  no  obvious  increase  over 
a  period  of  three  hours'  exposure.  Removed  from  the  rays  there  was 
faint  secondary  phosphorescence,  and  when  heated  to  rather  below 
100**  they  glowed  with  a  bright  orange  phosphorescence  and  continued 
to  do  so  for  some  minutes. 

36.  In  the  last  two  observations,  after  making  due  allowance  for 
the  small  quantities  employed  and  their  fine  state  of  division,  it 
appears  that  the  fact  of  a  substance  being  in  the  amorphous  int^^ 
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of  the  crysUiUine  condition  does  not  necessarily  interfere  with  the 
generation  and  storage  of  energy  which  can  afterwards  be  set  free  by 
heat  and  give  rise  to  revived  phosphorescence. 

37.  In  the  foregoing  observations  the  coloration  effects  have,  with 
one  exception,  been  directly  associated  with  the  luminescent 
appearances  (paragraph  30).  The  one  exception  is  valuable,  however, 
liccause  it  draws  attention  to  the  fact  that  the  intensity  of  the 
affinities  of  the  dissociated  ions,  as  well  as  their  suitable  insulation, 
is  a  necessary  factor  in  the  production  of  phosphorescence.  The 
lead  silicate  is  easily  electrolysed,  and  its  ions  are  duly  insulated 
as  shown  by  the  coloration;  but  in  their  recombination  the  energy 
developed  in  this  particular  case  was  insufficient  to  develop  >isible 
light  waves. 

38.  In  the  haloid  salts  of  potassium  the  conditions  are  entirely 
different,  for  the  affinity  of  the  haloid  and  the  metallic  ions  is  so 
intense  that  the  insulating  power  of  the  molecules  is  only  sufficient 
at  ordinary  temperatures  to  keep  them  apart  for  a  very  short  time. 
It  appears  probable  that  in  these  salts  so  much  energy  might  be  stored 
by  the  action  of  the  rays  at  a  low  temperature  as  would  result  in  a 
most  brilliant  Iimiinescence  on  a  return  to  the  ordinary  temperature. 

39.  Another  feature  brought  out  by  the  foregoing  observations  is 
the  remarkable  persistence  of  latent  phosphorescence  as  shown  by  the 
indefinitely  long  time  for  which  this  storage  of  energy  can  take  place 
under  favourable  conditions  (see  paragraphs  26  and  29). 

40.  In  tracing  the  various  steps  in  the  action  of  the  rays  as  disclosed 
by  the  intensity  and  colour  of  the  phosphorescence  and  by  the 
appearance  and  disappearance  of  coloration,  the  chemical  or  electro- 
lytic hypothesis  seems  to  explain  each  step  in  a  satisfactory  way  and 
without  any  straining  of  the  facts.  When  the  rays  are  first  applied 
there  may  be  a  preliminary  stage  during  which  the  Iimiinescence 
is  mainly  of  physical  origin.  This  is  borne  out  by  the  undoubted 
influence  of  crystalline  structure  on  primary  phosphorescence  and  its 
relatively  small  influence  on  the  later  stages  of  luminescence.  But  as 
electrolytic  dissociation  proceeds,  a  point  is  reached  when  the  neutral 
molecules  are  no  longer  able  to  keep  the  increasing  number  of  ions 
apart.  Eecombination  then  sets  in,  and  with  it  the  production  of  a 
new  kind  of  luminescence.  When  once  the  insulating  power  of  any 
given  layer  of  the  substance  is  saturated,  the  number  of  ions 
dissociated  at  each  moment  will  be  balanced  by  the  recombination  of 
a  like  nmuber.  This  is  the  probable  explanation  of  the  fact  that  the 
phosphorescence  reaches  a  steady  value  after  a  certain  time.  When  this 
steady  state  has  been  reach^  for  the  whole  depth  to  which  the 
electrons  can  penetrate,  the  limit  of  storage  of  energy  for  the 
production  of  secondary  and  revived  phosphorescence  has  been 
reached. 
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41.  When  the  stimulus  of  the  rays  is  removed,  electrolytic 
dissociation  will  cease,  but  a  certain  number  of  ions  continue  to 
find  their  way  to  each  other  and  to  combine,  producing  secondary 
phosphorescence.  This  state  may  last  only  for  a  moment  or  it  may 
continue  for  days  (paragraph  28).  The  insulating  power  of  the 
molecules  depends  on  their  molality,  and  this  in  turn  depends  on 
temperature.  For  every  rise  in  temperature  a  new  equilibrium  point 
must  be  established,  and  a  further  combination  of  ions  with  a  fresh 
outburst  of  luminescence  will  occur.  At  whatever  stage  a  rise  of 
temperature  takes  place,  the  efiect  must  be  the  same,  whether  it  be  at 
the  first  stage  while  dissociation  is  active,  at  the  second  stage  while 
recombination  is  taking  place,  or  at  the  third  stage  when  equilibrium 
at  the  lower  temperature  had  been  reached  and  luminescence  had 
entirely  ceased. 

42.  From  this  point  of  \iew  it  becomes  possible  to  explain  the 
comparatively  conflicting  observations  on  the  behaviour  of  the  same 
substance  in  the  cathode  rays  or  in  the  radium  rays.  To  take  only 
one  example  of  this:  In  1881*  Sir  W.  Crookes  stated  that  calcite 
showed  the  residual  glow  longer  than  any  substance  he  had 
experimented  with.  "After  the  current  has  been  turned  oflf  the 
crystals  shine  in  the  dark  with  a  yellow^  light  for  more  than  a  minute." 
This  short  period  of  secondary  phosphorescence  as  compared  with  the 
foiu:  days  recorded  in  paragraph  28  becomes  perfectly  intelligible  when 
the  temperature  is  taken  into  account.  No  mention  of  the  actual 
temperature  is  made  in  Crookes'  observation,  but  it  may  fairly  be 
assumed  that  the  temperature  of  a  substance  exposed  to  a  powerful 
cathode  discharge  would  ])e  very  much  raised.  Even  a  temperature  of 
100'  would  break  down  the  insulation  of  the  calcite  molecules  to  such 
an  extent  that  only  a  very  brief  secondary  phosphorescence  could  occur. 

43.  The  effects  of  low  temperature  in  developing  and  increasing 
secondary  phosphorescence,  as  shown  by  Crookes  and  Dewar,  fall 
naturally  in  line  with  the  dissociation  hypothesis.  By  the  increased 
insulating  power  of  the  molecules  at  the  lower  temperature  the  capacity 
of  a  substance  to  store  dissociated  ions  may  be  increased  to  an  enormous 
extent,  so  that  the  break-down  of  insulation  by  a  rapid  return  to  the 
ordinary  temperature  will  set  free  a  great  store  of  energy  and  produce 
an  outburst  of  phosphorescence.  It  is  evident  that  substances  which 
have  too  little  insulating  power  at  ordinary  temperatures  to  enable 
them  to  produce  secondary  phosphorescence  may  at  the  lower  tempera* 
tures  develop  this  power  to  a  high  degree.  Even  the  much  feebler 
stimulus  of  the  light  waves  may  thus  be  enabled  to  record  dissociation 
effects  which  have  altogether  escaped  notice  at  ordinary  temperatures. 

44.  The  conclusions  drawn  in  the  foregoing  papers  may  be  briefly 
summarised  under  the  following  divisions  : — 

•  *  Chem.  News,'  1881,  p.  237. 
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1.  Certain  types  of  phosphorescence  are  due  to  the  molecular  move- 
ment or  displacement  which  is  produced  by  heat,  by  mechanically 
applied  stresses,  or  by  radiant  energy. 

2.  Certain  other  types  of  phosphorescence  are  distinguished  by  their 
appearance  in  three  stages,  called  here  primary,  secondary,  and 
revived  phosphorescence.  These  can  be  explained  as  due  to  atomic 
changes  in  which  chemical  affinity  is  the  controlling  factor. 

3.  The  phenomena  of  this  t3^e  appear  to  support  the  view  that  a 
species  of  electrolysis  occurs  in  solids  exposed  to  the  /?  or  cathode 
rays;  that  the  products  of  electrolytic  dissociation  are  insulated  or 
partly  insulated  from  each  other  by  the  neutral  molecules,  as  in  a 
viscous  electrolyte ;  and  that  it  is  the  breaking-down  of  this  insulation 
and  the  recombination  of  the  ions  which  causes  revived  phosphor- 
escence. 

[Added  February  22,  1905. — The  following  experiments  have  been 
made  at  a  temperature  of  al)out  -  100° : — 

44.  Calcspar  crushed  to  powder,  and  exposed  to  the  radium  rays  for 
an  hour  at  this  temperature,  showed  the  usual  primary  and  secondary 
phosphorescence.  On  emptying  the  salt  from  the  cold  tube  upon  a 
metal  plate  at  the  ordinary  temperature,  the  glow  increased  con- 
siderably as  the  temperature  of  the  salt  rose;  but  this  revived 
phosphorescence  was  not  so  vivid  as  that  observed  between  15**  and 
100°  (see  paragraph  35). 

45.  Potassium  chloride  exposed  to  the  rays  for  an  hour  at  ~  100° 
showed  well-marked  violet  coloration.  The  primary  and  secondary 
phosphorescence  were  brighter  than  at  the  ordinary  temperature  (see 
paragraph  32).  When  the  cooled  salt  was  emptied  on  the  metal  plate 
it  glowed  with  a  brilliant  pink  phosphorescence,  which  died  down  in 
less  than  a  minute.  On  returning  the  salt  to  the  cold  tube,  the 
phosphorescence  completely  ceased. 

46.  Potassium  bromide  treated  in  the  same  way  was  coloured 
greenish  blue  in  one  and  a  half  hours.  It  showed  distinct  primary, 
but  no  secondary,  phosphorescence.  Emptied  on  the  metal  plate,  it 
glowed  with  a  brilliant  greenish  phosphorescence,  which  quickly  died 
down,  and  entirely  ceased  when  the  salt  was  returned  to  the  cold  tube 
(see  paragraph  33). 

47.  Barium  platino-cyanide  in  yellow  crystals  exposed  to  the  rays 
at  - 100°  turned  red  more  slowly  than  at  the  ordinary  temperature. 
After  five  hours'  exposure  the  primary  phosphorescence  had  fallen 
to  33  per  cent,  of  its  former  value.  There  was  still  no  secondary 
phosphorescence,  but,  when  emptied  on  the  metal  plate,  the  salt 
glowed  brilliantly  for  a  few  seconds.  To  make  sure  that  this  revived 
phosphorescence  was  not  due  to  the  purely  physical  effect  of  cooling 
and  heating,  another  portion  of  yellow  crystals  was  cooled  under 
identical  conditions,  except  that  the  radiimi  was  absent.     The  crystals 
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showed  no  phoephorescence  of  any  kind  even  on  the  metal  pUte 
(compare  paragraphs  4  and  5,  Part  I). 

48.  These  observations  at  -  lOO**  confirm  the  view  (paragraph  ^) 
that  the  effect  of  low  temperature  is  to  increase  the  insiUating  power 
of  the  molecules,  and  thereby  to  enable  some  substances  to  store 
chemical  energy  which  are  unable  to  do  so  at  all  at  higher  tem- 
peratures, e,g.j  barium  platino  cyanide;  and  to  increase  the  storage 
capacity  of  other  substances  in  which  the  secondary  phosphorescence 
is  very  short-lived  at  higher  temperatui*es,  e.^.,  potassium  chloride  and 
bromide.  In  the  case  of  calcspar,  the  insulating  capacity  at 
ordinary  temperatures  is  already  so  excellent,  as  shown  by  the 
persistence  of  secondary  phosphorescence,  that  there  is  comparatively 
Uttle  gain  at  the  lower  temperature. 

49.  If,  as  seems  most  probable,  the  coloration  of  solids  by  the 
P  rays  is  due  to  the  presence  of  ions,  it  is  interesting  to  note  that  the 
different  salts  of  potassium  give  perfectly  distinct  colours,  the  chloride 
being  a  red  violet  and  the  bromide  and  iodide  a  greenish  blue.  This 
difference  is  most  likely  due  to  the  modification  of  the  colour  of  the 
potassium  ions  by  the  presence  of  the  haloid  ions,  chlorine,  bromine, 
or  iodine.] 


'  Note  on  the  Determination  of  the  Volume  Elasticity  of  Elastic 
SoUds."*  By  C.  Chrke,  Sc.D.,  LL.D.,  F.RS.  Eeceived 
December  21,  1904,— Read  February  2.  1905. 

In  a  recent  papert  Mr.  A.  Mallock  gives  an  ingenious  and  simple 
method  of  determining  the  coefficient  of  volume  elasticity  (bulk 
modulus)  of  metals  by  direct  observation  of  the  extension  of  a  hollow 
right  circular  cylinder  under  uniform  internal  pressure. 

The  method  depends  on  a  result  of  the  mathematical  theory  which 
seems  capable  of  being  proved  in  a  more  direct  and  complete  way,  but 
which  at  the  same  time  requires  to  be  restricted  by  conditions  to  which 
Mr.  Mallock  does  not  seem  to  refer.  Further,  the  method  is  only  one 
of  several  which  seem  equally  worthy  of  consideration. 

When  dealing  with  isotropic  material  I  shall  employ  the  following 
notation : — 

E  =  Young's  modulus,  ^  =  Poisson's  ratio, 

k  =  JE/(1  -  2ri)  =  bulk  modulus. 

*  [The  main  results  of  the  first  part  of  this  paper  (Case  i)  were  worked  out  aa  a 
verification  before  Mr.  Mallock's  paper  was  printed ;  thej  were  conaidered  to  hare 
been  sufficiently  indicated  in  a  footnote  appended  to  the  paper. — J.  L.] 

t  *  Eoy.  Soc.  Proc.,'  toI.  74,  p.  60. 
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Also  I  will  denote  the  length  of  the  whole  or  a  part  of  a  generator 
of  a  right  cylinder  or  prism,  SI  its  elastic  extension. 

When  a  hollow  tube  of  isotropic  material,  bounded  by  co-axial  right 
circular  cylinders,  is  exposed  to  uniform  pressures,  viz.,  pi  over  the  inner 
surface,  radius  ri,  andpe  over  the  outer  surface,  radius  r2,  and  to  uniform 
tension  P  over  the  flat  ends,  the  elastic  displacement  parallel  to  the 
length,  taken  as  axis  of  z,  is  given  by 

"  - '  ii-r^r^f-] «■• 

Case  (i). — 

1?,  =  0,     P=;?iriV(r22-ri2) (2), 

1^  =  ^  =  ^.     ^i'      \z^  =    i^i^-i^     1  /,N 

/        z      ^*  ra^  -  ri2      E  r^^-n^  3k    ^^' 

Putting  for  shortness 

81/1   =  €,  r2-ri  =  if 

we  have 

j,^P^_n_  (4). 

When  the  thickness,  /,  of  the  cylinder  wall  is  so  small  that  t/ri  is 
negligible  compared  to  unity, 

k  ^  p^ri/Qt€ (5). 

Case  (ii). — 

i?»  =  0,     P=   -i>.r27(/-22-ri2) (6), 

??  =  ??=-«       ^2l_  1_  /7V 

/      z         ^'n^-n^Zk   ^  ^' 

Thus,  with  the  same  notation  as  in  Case  (i), 

k  =  -^2_r2_  /gx 

When  i\r<i  is  negligible  compared  to  unity, 

k^  -V^Ti\Ut    (9). 

Case  (iii). — 

Pt=i?e=  -P=i? (10). 

U/l^wlz^  -p\3k    (ll),t 

andso  ^=  -i?/3€   (12). 

Case  (i)  is  really  that  considered  by  Mr.  Mallock.  Taking  a  cylin- 
drical tube  with  terminal  caps,  he  applies  a  uniform  internal  pressure 
Pi,  This  gives  on  each  cap  an  outwardly  directed  pressure,  whose  total 
amount  is  itr^i.    This  leads  to  a  longitudinal  tension  in  the  cylinder 

*  *  Amer.  Math.  Soc.  Bull.,'  2nd  series,  toI.  7, 1900,  p.  141. 
t  Cf.  *  Pha.  Mag.,'  December,  1901,  Eqn.  (67),  p.  694. 
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walL    Denoting  the  mean  value  of  thifl  tension  per  unit  area  by  P,  we 
have,  since  the  cross-section  of  the  material  is  x(rs'  -  ri^, 

P^  (r22  -  ri«)  =  p(!rr^\     or     P  =  i>iriV(r2«  -  ri^). 

The  first  limitation  above  referred  to  is  this  :  The  longitudinal  tensioD 
exerted  on  the  cylindrical  wall  by  the  terminal  caps  will  not  in  reality 
be  uniformly  distributed  over  the  terminal  areas  ir{^^  -  ri*)  ;  thus  the 
solution  is  reliable  only  when  the  principle  of  equipollent  systems  of 
loading*  is  applicable.  This  means  that  portions  of  the  tube  near  the 
ends  should  be  excluded  from  the  solution,  the  portions  being  shorter 
the  thinner  the  cylindrical  wall. 

The  second  limitation  is  that  Mr.  Mallock  starts  by  assuming  the 
tube  wall  very  thin,  and  arrives  at  a  formula  which  is  presumably  (5), 
and  which  at  all  events  possesses  the  same  limitations.!  The  formula 
is  applied,  however,  by  Mr.  Mallock  on  his  p.  52  to  cases  in  which  //r, 
varies  from  about  1/19  to  1/5.  The  application  of  (5)  under  the 
circimistances  would  mean  an  error  of  from  2|  to  10  per  cent,  in  the 
value  of  h 

Case  (ii)  is  parallel  in  every  respect  to  Case  (i)  and  would  apply, 

•  Todhunter  and  Pearson's  *  History  of  Elasticity,'  vol.  2,  Arts.  [8],  etc. 
t  The  primary  formula,  to  which  Mr.  Mallock's  calculations  seem   to  lead  him, 
as  given  on  his  p.  51,  is 

from  which  he  apparently  derives  k  =»  Vr^jSte. 

P  represents  the  internal  pressure.  I  do  not  follow  Mr.  Mallock's  proof  of 
the  formulae.  But  his  k  and  e  must,  I  think,  be  respectively  equivalent  to  k  and  € 
of  the  present  paper. 

An  attempt  to  ascertain  the  true  significance  of  Mr.  Mallock's  ro  from  the 
numerical  results  on  his  p.  52,  seemed  to  show  that  some  errors  of  calculation 
must  exist,  independently  of  the  precise  meaning  of  r^.  It  thus  appeared 
desirable  to  recalculate  the  results  from  the  exact  formula  (4).  Thej  appear 
in  the  following  table,  alongside  of  the  values  given  by  Mr.  Mallock.  The 
pressure  applied  was  in  all  cases  "  400  lbs.  per  square  inch." 


Material. 

1 

1 

Outside 
diameter. 

.             State  of 
material. 

1 
1 

hi  X  10\ 

10->ixi:inC.G.S. 
units. 

Mallock. 

By  (4). 

Steel  .... 
jSrass •  •  •  • 
Copper  .. 

in. 
60 

50 

60 

m. 
0-75 

0-415 

0-4486 

in. 

! 

in. 
2-8 
2-76 
2  12 
2-09 
0-562 
0-71 

18-4 

18-2 

11-06 

10-75 

28 

16-2 

18^ 
18 -S 
10*6 
10-7 
18  1 
14-8 

There  is  an  obiious  omission  of  decimals  in  Mr.  Mallock's  yaluee  for  brmaik 
which  has  been  corrected  above. 
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under  similar  limitations,  to  a  cylindrical  tube  closed  by  caps  and 
exposed  to  uniform  external  pressure  p^*  The  tube  exposed  to  pressure 
would  have  to  be  contained  in  a  strong  vessel,  having  a  glass  roof  or 
side.  This  might  present  disadvantages,  but  the  test  tube  itself  would 
be  less  exposed  to  temperature  changes  than  in  Case  (i)  and  might  be 
of  a  very  simple  type ;  so  that  once  the  containing  vessel  was  bidlt 
experiments  on  a  variety  of  materials  would  be  simple. 

Case  (iii)  is  only  a  special  instance  of  the  obvious  result  that  when 
an  isotropic  solid  of  any  shape,  bounded  by  any  number  of  surfaces,  is 
exposed  to  pressure  p^  the  same  at  every  point  of  each  and  all  of  its 
bounding  surfaces,  every  line  in  it  whose  original  length  is  /  suffers  a 
shortening  given  by  Ujl  =  -p/SL 

In  Case  (iii)  any  body  will  serve  the  purpose,  but  a  long  rod  would 
be  the  natural  form  to  adopt.  This  means  a  simpler  test  object  than 
in  Cases  (i)  and  (ii),  and  there  is  the  further  recommendation  that  the 
mathematical  solution  is  exact  right  up  to  the  extremities  of  the 
object.  The  compensating  disadvantage  is  that  it  requires  a  very  long 
test  object,  or  a  very  high  pressure,  to  give  sufficient  extension,  unless 
extremely  refined  methods  of  measurement  exist.  In  Cases  (i)  and  (ii) 
by  using  a  thin  walled  tube  one  has  much  greater  sensitiveness. 

By  subjecting  a  cylindrical  tube  successively  to  internal  and  external 
pressures,  and  determining  values  for  k  by  both  the  methods  (i)  and  (ii), 
interesting  information  could  be  obtained  as  to  whether  the  bulk 
modulus  is  or  is  not  the  same  for  extension  and  compression. 
Removing  the  caps,  and  determining  E  by  simple  longitudinal  tension, 
one  would  thus  determine  fully  the  elastic  properties  of  the  material, 
assuming  it  isotropic. 

In  any  case  81  should  be  measured  from  the  equilibrium  position  of 
the  test  object  after  it  is  supported,  and  if  it  is  hollow  and  exposed  to 
internal  fluid  pressure  after  it  has  been  filled  with  liquid. 

Eesults  in  some  respects  more  general  than  the  preceding  are 
obtained  very  simply  from  the  formulsB  which  I  have  given  for  the 
mean  change  of  length  in  elastic  solids  under  any  given  system  of 
loading. 

Not  confining  ourselves  to  isotropy,  suppose  first  that  the  material 
is  merely  symmetrical  with  respect  to  three  rectangular  planes,  which 
we  may  suppose  perpendicular  to  the  axes  of  x,  y  and  z. 

Let  Es  be  Young's  modulus  for  traction  parallel  to  the  axis  of  z, 
and  T/sb  ^h&t)  one  of  the  (six)  Poisson's  ratios  which  answers  to  traction 
parallel  to  z  and  contraction  (strain)  parallel  to  x. 

Let  g  =  dyjdz  represent  the  extensional  strain  parallel  to  z»  Then 
in  a  body  of  any  shape  exposed  to  surface  forces  whose  components  at 
any  point  parallel  to  x,  y,  and  z  are  denoted  by  F,  G,  H,  the  mean 
value  ^  of  ^  throughout  the  whole  volume  v  is  given  by 
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E,ipy-Jj(Hr-.i^Ku-i^^)dB  (IS).* 

Gonfinixig  ouraelTea  to  the  case  where  the  material  is  aynmietrieala 
about  OiB,  we  have 

i?i8-i?«-V',  Bay,     Ej-Ei-E'J ^"^ 

Also,  writing  E  for  Es  it  may  be  shown  that 

ly^/E'-iy/E   (18). 

Suppose,  now,  the  solid  to  be  a  hollow  right  prism  exposed  to 
uniform  tension  P  over  its  flat  ends,  S,  and  to  uniform  preemresi  jk 
over  its  inner  surface  Si,  and  p^  over  its  outer  surface  S«,  then 

Eog  -  UTzdS-i-riU^^  (16X 

• 

where  X,  /a,  v  are  the  direction  cosines  of  the  normal  drawn  /rem  the 
solid,  and  the  suffix  denotes  the  surface. 

Taking  the  origin  in  one  end  of  the  prism,  and  supposing  its  length 
{,  we  have  z^^O  over  the  one  flat  end  and  z=l  over  the  other  ;  thus 
S  denoting  the  area  of  one  end, 


J] 


PzdS  =  P/S  =  Pv, 


where  i;  is  the  volume  of  the  material. 
Over  the  two  prismatic  surfaces 

>^  +  M=  -^t>     and     A«a;+/i«y  =  v*, 

where  wi  and  we  represent  the  perpendiculars  from   some   internal 
fixed  point  on  the  tangent  planes  to  the  two  surfaces.     But  obviously 


j  LirfSi  =  2Vi,  \\w^e  =  2ve, 


where  vi  and  v^  are  the  volumes  included  within  8;  and  S^  respectively. 
Thus  (16)  gives  at  once 

E©^  =  'Pv+2ri{p^Ve-p^). 

Clearly  g  =  82/Z,  where  Sj  represents  the  mean  change  in  length  of 
all  the  longitudinal  <*  fibres  "  of  which  the  prism  is  composed.     Thus 

^I'-h'ii"^^) ("> 

As  in  the  isotropic  circular  cylinder,  there  are  three  principal  cases : 

(i)    i?«  =  0,    Tv^piPi (18), 

S/l  -  pi{vilv)/Zh (19); 

*  *  Gamb.  PhiU  8oo.  Tnnt.,'  toI.  16,  Eqn.  (IS),  p.  817. 
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(ii)    pi  =  0,    Fv^-p,ve    (20), 

Byi=  -p,{v,/v)/Sh    (21); 

(iii)    pi=p,=.-'P^p    (22), 

Sl/l  =  ^p/Sks   (23). 

Here  ifc8  =  iE/(l -2iy)    (24). 

Noticing  that         Vi  ^  Cross-section  within  S< 

V       Section  of  prism  wall  * 

and  similarly  for  t;«,  it  is  obvious  that  Cases  (i)  and  (ii)  answer 
respectively  to  uniform  internal  and  external  pressures  in  a  hollow 
prism  whose  ends  are  covered  by  caps. 

The  above  results  are  true — under  the  same  limitations  as  for  the 
isotropic  cylinder — whatever  be  the  shapes  of  the  prismatic  sections, 
and  irrespective  of  whether  they  be  similar  to  one  another  or  not. 
If,  however,  the  prismatic  walls  be  thick,  or  the  contours  of  the  cross 
sections  be  irregular  and  dissimilar,  there  may  be,  so  far  as  the  above 
proof  is  concerned,  considerable  differences  between  the  longitudinal 
alteration  of  different ''  fibres,''  and  to  obtain  a  satisfactory  observational 
value  for  Sl  might  be  troublesome. 

In  the  case  of  a  right  circular  cylinder  whose  two  surfaces  are 
co-axial  there  cannot,  of  course,  be  any  buckling,  and  if  the  walls  are 
thin,  SI  will  be  given  satisfactorily  by  measurement  of  a  single 
generator. 

The  elastic  modulus  k^  defined  by  (24)  represents  {mean  surface 
pressure -r  reduction  in  volume),  in  a  unit  cube  when  only  the  faces 
perpendicular  to  z  are  under  pressure,  the  remaining  four  faces  being 
unstressed.  It  is  distinct  from  the  true  bulk  modulus  k,  answering 
to  uniform  pressure  the  same  in  all  directions,  which  is  given  by 
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^  On  the  Colouration  of  Glass  by  Natural  Solar  and  other  Badia* 
tions."  By  Sir  William  Crookks,  D.Sc.,  F.R.S.  Beceived 
January  17, — Read  January  26,  1905. 

It  is  well  known  that  many  samples  of  colourless  glass  containing 
manganese  slowly  assume  a  violet  tint  when  exposed  to  sunlight. 
This  effect  is  frequently  seen  in  plate-glass  windows  having  a  southern 
aspect;  watched  from  year  to  year  they  assume  a  more  and  more 
pronounced  amethystine  hue.  The  introduction  of  manganese  into 
glass  is  to  neutralise  the  colour  caused  by  the  presence  of  iron.  Iron 
gives  the  glass  a  greenish  tint,  and  the  addition  of  manganese  binoxide 
performs  the  double  object  of  oxidising  the  green  proto-salt  of  iron  to 
the  per-salt,  and  also  of  imparting  a  purple  shade  which  neutralises  the 
green-yellow  tint  of  the  silicate  of  peroxide  of  iron. 

In  1903, 1  received  from  two  separate  correspondents  specimens  of 
glass  coloured  an  intense  purple.  I  quote  the  following  sentences  from 
•the  covering  letters  : — 

Mr.  A.  Ernest  Williams  writes  : — 

"While  residing  at  Uyuni,  in  Bolivia,  last  year,  at  an  altitude  of  nearly 
4000  metres,  my  attention  was  called  to  the  fact  that  all  transparent 
white  glass  when  thrown  out  on  the  *  Pampa '  in  a  short  time  assumes 
a  violet  hue,  which  becomes  more  marked  with  time.  I  was  told  that 
all  specimens  were  thus  affected,  and  that  when  taken  to  sea  level  at 
Antofagasta  they  lost  their  colour.  This  latter  statement  I  hardly 
believe,  as  I  have  had  some  pieces  with  me  now  on  low  level  for  nearly 
a  year,  and  they  have  not  lost  the  colour. 

"  I  now  notice  that  all  transparent  white  glass  thrown  on  rubbish 
heaps,  even  at  low  level,  assumes  this  violet  colour,  though  only  to  a 
slight  degree,  and  I  am  curious  to  know  the  cause,  being  more  interested 
since  reading  that  radium  so  affects  glass. 

"  I  may  mention  that  Uyuni  is  situated  on  the  great  central  plain  of 
Boli\'ia,  which  plain  has  evidently  formed  the  bed  of  an  inland  sea  or 
lake,  for  I  have  found  quantities  of  minute  shells  there.  Not  far  off  to 
the  south  and  south-west  are  ])orax  fields,  and  still  further  west,  nitrate. 
To  the  north-east  are  the  mountains  of  Pulacayo  and  Cuzco  (not  the 
great  Cuzco),  and  electrical  disturbances  are  of  almost  daily  occurrence. 
I  can  fully  confirm  Sir  Maitin  Conway*s  description  of  the  battles 
between  the  mountains,  where  lateral  discharges  are  plainly  visible.  I 
am  sending  you  by  post  a  small  specimen  of  the  glass." 

About  the  same  time  I  received  some  specimens  of  purple-coloured 
glass  from  Mr.  Thomas  Wilson,  from  Iquique,  Chile.  In  a  subsequent 
letter  answering  some  enquiries,  he  sent  a  further  quantity  of  the  coloured 
glass,  saying: — 

"  You  will  notice  a  great  variety  in  the  depth  or  degree  of  tint  in  the 
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different  pieces,  which  may  be  attributable  to  the  varied  length  of  the 
exposure  of  each  to  the  action  of  the  sun's  rays.  It  seems  to  me  that 
some  of  the  pieces  have  lost  somewhat  of  their  depth  of  colour  since  I 
picked  them  up,  but  this  may  be  an  impression  only.  The  two  pieces 
forming  together  the  bottom  of  a  broken  tumbler,  and  which  have 
a  deeper  tint  than  any  of  the  rest,  were  found  about  twenty  paces 
apart  in  an  old  Oficina  that  had  been  uninhabited  for  27  years.  It  is 
impossible  to  give  any  idea  of  the  length  of  exposure  of  the  remaining 
pieces  to  the  sun's  rays,  as  I  have  obtained  them  from  all  parts  of  the 
Pampa  over  an  extent  of  nearly  100  miles.  The  samples  I  send  you 
were  originally  white  glass,  and  although  an  abundance  of  glass  of 
various  colours  is  to  be  found,  yet  I  send  you  none,  as  it  would  not 
be  easy  to  say  what  the  original  colours  had  been  previous  to 
exposure." 

The  pieces  of  glass  referred  to  above  are  of  all  depths  of  tint,  from 
deep  violet,  almost  black  in  thick  pieces,  to  pale  amethyst.  Analysis 
shows  the  glass  to  contain  manganese.  Heating  the  glass  in  a  covered 
crucible  to  its  softening  point,  discharges  the  colour,  leaving  the  glass 
white  and  transparent. 

The  colouration  is  not  superficial.  On  immersing  a  piece  of  the 
coloured  glass  in  a  liquid  of  about  the  same  refractive  index  as  itself, 
the  colour  is  seen  to  have  penetrated  throughout  the  mass. 

At  first  sight  the  explanation  of  this  phenomenon  would  seem  to  be 
that  it  is  produced  by  the  action  of  light,  the  intense  radiation 
occasioning  a  re-arrangement  of  the  oxygen  molecules  in  the  glass,  the 
ferric  salt  becoming  ferrous,  and  the  manganous  salt  changing  to  a 
manganic  compound.*  The  change  of  colour  might  then  be  expected 
to  be  noticed  in  any  part  of  the  world  where  broken  glass  is  thrown 
about  and  the  sun's  rays  are  very  intense.  In  the  Transvaal,  where 
both  these  conditions  are  well  fulfilled,  I  have  neither  heard  of  nor 
noticed  any  such  colouration,  and  it  would  be  interesting  to  hear  if 
travellers  in  other  tropical  countries  have  observed  any  such  change  of 
colour  of  glass. 

Probably  height  above  sea  level  has  much  to  do  with  the  phenomenon. 
At  a  height  of  4000  metres  nearly  half  the  atmosphere  is  beneath  one's 
feet,  and  that  which  remains  wiU  allow  rays  of  shorter  wave-length  to 
pass  through  than  the  atmosphere  at  sea  level  will  transmit. 

For  this  reason  it  is  not  necessary  to  invoke  another  mode  of 
explanation  that  might  possibly  suggest  itself.  It  now  has  been  well 
established  that  many  natural  bodies,  water  from  great  depths,  some 
samples  of  earth  and  rock,  air  from  underground  sources,  together  with 
some  minerals,  are  more  or  less  radio-active.    Badium,  acting  for  a  few 

•  In  thiB  connection  it  may  be  of  interest  to  recall  the  fact  that  in  the  early  days 
of  photographic  researdi  the  ultra-riolet  rajs  of  the  spectrum  were  called  the 
"  deoxidising  rays.*' 
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days,  even  through  quartz,  will  produce  as  intense  a  cdouration  in  a 
piece  of  this  glass  as  exposure  to  the  sun  on  the  Pampa  has  taken 
years  to  effect.  It  is  hardly  conceivable  that  there  can  be  a  special 
radio4kctiyity  of  the  soil  in  certain  parts  of  Chile  and  Bolivia  sufficiently 
powerful  to  produce  the  effect 

A  pieceof  the  coloured  glass,  bleached  by  heat,  was  put  close  to  a  quarts 
tube  in  which  about  15  milligrammes  of  pure  radium  bromide  was  sealed 
up.  In  the  course  of  a  few  hours  a  faint  amethystine  tint  could  be 
distinguished  on  the  glass,  and  in  a  week  the  tint  was  equal  to  the 
deep  colour  of  the  unbleached  specimen.  A  duplicate  piece  of  the  same 
glass  which  had  been  bleached  by  heat,  kept  away  from  radium, 
remained  colourless  for  seven  weeks. 

A  piece  of  the  deepest  purple-coloured  glass  was  put'  on  a  sensitive 
photographic  film,  and  kept  in  the  dark  in  contact  with  it  for  34  days. 
No  trace  of  action  could  be  detected  on  developing. 

The  purple  glass  which  had  been  bleached  by  heat  and  then  coloured 
purple  again  by  radium,  was  put  in  close  contact  with  a  sensitive  film 
for  24  hours.     On  developing,  no  trace  of  action  could  be  seen. 

The  darkening  effect  produced  by  radium  on  bodies  exposed  to  its 
emanations  is  very  general.  Quartz,  mica,  glass  of  all  kinds,  and  the 
diamond  may  ])e  specially  mentioned.  In  a  paper  recently  read  before 
the  Royal  Society  "On  the  Action  of  Radium  Emanations  on 
Diamond,"*  I  showed  that  the  jS-rays  (electrons)  and  y-rays  not  only 
effected  a  superficial  darkening,  converting  the  surface  of  the  diamond 
into  graphite,  but  the  body  colour  of  the  stone  was  changed  from  pale 
yellowish-brown  to  bluish-green  ;  and  I  suggested  the  explanation  that 
the  action  might  be  chemical,  the  ferric  state  of  the  iron  being  reduced 
to  the  ferrous  state,  and  the  colour  thereby  changing  from  yellow  to 
blue-green. 

In  the  year  1855,  I  tried  a  series  of  experiments  with  a  spectrum 
camera  furnished  with  two  quartz  prisms  and  a  quartz  lens,  with  the 
object  of  ascertaining  if  the  atmosphere  exerted  any  absorptive  action 
on  the  more  refrangible  rays  of  light.  Photographs  of  the  solar 
spectrum  were  found  to  reveal  lines  of  higher  and  higher  refrangibility 
the  nearer  they  were  taken  to  mid-day,  and  arguing  from  this  I 
concluded  that  the  "  noon-day  spectrum  at  midsummer  ought  to  contain 
more  and  higher  rays  than  are  possessed  by  the  corresponding  spectra 
at  any  other  time  of  the  year."  The  examination  of  the  photographed 
spectra  was  continued  through  the  summer,  photographs  being  taken  at 
noon  whenever  the  sun  was  clear,  and  I  found  that  "  as  the  light  came 
less  obliquely  through  the  atmosphere,  new  rays  began  to  be  apparent, 
until  at  midsummer,  when  the  sun  was  on  the  meridian,  I  succeeded  in 
obtaining  evidence  of  the  existence  of  rays  which  the  most  prolonged 
exposure  failed  to  detect  at  any  other  time." 

•  *  Roy.  Soc.  Proc.,*  June,  1904,  vol.  74,  p.  47. 
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I  may  perhaps  be  pardoned  for  quoting  from  my  paper  on  the  subject 
the  following  passage,  written  50  years  ago.* 

*'  Some  curious  speculations  arise  from  these  facts.  Should  we  be 
able,  by  working  under  a  vertical  sun,  and  with  every  advantage  of 
cloudless  sky,  etc.,  to  increase  still  more  the  length  of  our  spectrum  1 
Can  we  attain  the  limit  of  solar  refrangible  rays  in  this  direction  ?  Or 
is  it  not  more  likely  that  there  are  emanating  from  the  sun  torrents  of 
rays  which  never  approach  the  earth — rays  which,  beating  against  the 
upper  stratum  of  the  atmosphere,  are  themselves  destroyed,  but  whose 
vibrative  energy  is  transmitted  to  us  with  increased  wave-length  and 
lowered  refrangibility,  in  the  form  of  heat  or  light  ? " 

Sunlight  and  radium  both  produce  similar  effects  in  these  respects. 
Their  modes  of  action  are  known  to  be  in  the  main  very  different ;  but 
it  has  been  clearly  shown  that,  in  general,  variation  of  time  being  dis- 
regarded, what  radium  is  capable  of  doing  in  the  way  of  inducing 
chemical  change,  ionising  gases,  producing  phosphorescence,  and 
impressing  a  photographic  plate,  sunHght  will  also  effect. 

[March  6. — I  am  indebted  to  Professor  McLeod  for  the  following 
historical  note  on  the  action  of  light  on  glass  : — "  T.  Gaffield,  of  Boston, 
U.S.,  *  B.A.  Eeport,'  1872,  Sect.,  pp.  37—38.  Bontemps,  *  C.R.'  69, 
1869,  1075—1078;  *  Cosmos,'  6,  1870,  66—75.  In  the  *C.R., 
Bontemps  presented  to  the  Academy  the  results  obtained  by  Gaffield, 
together  with  some  of  his  own.  He  refers  to  the  experiments  of 
Faraday,  which  are  described  in  *  Quart  JL  Sci.,'  19,  1825,  341. 
Faraday  describes  the  change  to  violet  which  took  place  in  certain 
glass  after  nine  months'  exposure  to  sunlight  in  London,  and  mentions 
the  colour  of  the  window  glass  in  houses  in  Blackfriars  Bridge  Road, 
now  pulled  down,  but  which  I  well  remember.  Bontemps  also 
mentions  work  by  Pelouze  in  1867,  described  in  *  C.R.'  64,  pp.  53 — 66, 
in  which  he  attributes  the  yellow  colour,  produced  in  some  glass,  to 
the  formation  of  sulphides  from  the  sodium  sulphate  by  the  action  of 
ferrous  oxide,  an  explanation  which  Bontemps  thinks  improbable." 

Professor  Judd  called  attention,  when  the  paper  was  read,  to  the  deep 
colouration  of  the  glass  in  the  old  greenhouses  at  Kew,  in  the  parte 
where  it  has  been  exposed  to  light.  Glass  coloured  green  with  oxide  of 
iron  for  use  in  the  forcing  houses  (as  proposed  by  the  late  Robert  Hunt) 
is  found  by  long  exposure  to  sunlight  to  gradually  lose  this  colour  and 
to  become  perfectly  colourless.  Subsequently  a  purple  colour,  due  to 
small  admixture  of  manganese  in  the  original  frit^  makes  its  appearance. 
Visitors  to  the  various  houses  in  Kew  Gardens  can  easily  verify  these 
facts  for  themselves,  as  the  most  varied  tints,  from  green  to  colourless 
and  purple,  may  be  seen  in  different  panes  of  glass,  according  to  the 
period  at  which  they  have  been  put  in  during  repairs. 

*  '  Journal  of  the  Photographic  Society  of  London/  toL  2,  p.  29S. 
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Professor  Judd  has  enabled  me  to  try  the  action  of  radium  emana- 
tions on  specimens  of  this  glass.  Fifteen  milligrammes  of  pure  radimn 
bromide  sealed  in  a  quartz  tube  were  put  close  to  a  8am.ple  of  the 
deepest  green  glass.  In  two  days  appreciable  darkening  took  place, 
and  in  10  days  the  darkening  was  very  marked. 

A  similar  experiment  was  tried  on  a  sample  of  the  purple-tinted 
glass ;  here  also  the  action  was  the  same  as  in  the  former  case,  and  in 
10  days  the  darkening  was  about  the  same.  Allowing  for  the  apparent 
alteration  of  colour  caused  by  the  initial  tint  of  the  two  pieces  of  ^aai^ 
I  should  say  the  colour  produced  by  radium  was  similar  in  each  case, 
and  was  of  the  same  purple  colour  as  that  caused  by  long  exposure  to 
sunlight.] 


"  On  the  Comparison  of  the  Platinum  Scale  of  Temperature 
with  the  Normal  Scale  at  Temperatures  between  444®  and 
— 190®  C,  with  Notes  on  Constant  Temperatures  below  the 
Melting-point  of  Ice."  By  Morris  W.  Traveks,  D.Sc., 
F.E.S.,  and  A.  G.  C.  Gwyer,  B.Sc.  Eeceived  January  11,— 
Read  January  26,  1905. 

Introduction. — During  the  last  few  years  one  of  us  has  been  engaged 
in  researches  involving  the  accurate  measurement  of  low  temperatures. 
The  measurements  were  made  by  means  of  gas  thermometers,  of  the 
constant  voliune  type,  filled  with  hydrogen,  or  with  helium,  at  an 
initial  pressure  of  1000  mm.  As,  however,  this  method  proved 
cumbrous  and  inconvenient,  it  was  decided  to  standardise  a  platinum 
resistance  thermometer  of  the  Callendar  type  against  the  gas  ther- 
mometer, and  to  employ  it  in  future  investigations.  The  comparison  of 
the  thermometers  between  - 190^  and  444*^  C.  has  been  carried  out 
with  considerable  accuracy,  and  as  the  range  of  temperature  overlaps 
that  investigated  by  Callendar  and  Griffiths,  and  by  Harker  and 
Chappuis,  we  have  decided  to  publish  our  results,  though  from  our 
own  standpoint  the  work  is  only  considered  as  preliminary  to  other 
investigations. 

In  expressing  our  results  we  have  employed  Callendar's  notation. 
Thus,  when  Ko  is  the  resistance  of  a  coil  of  platinum  wire  at  the 
melting  point  of  ice,  and  Kioo  is  its  resistance  at  the  temperature  of 
saturated  steam  under  absolute  standard  pressure,  which  in  the 
laboratory  of  University  College,  Bristol,  is  equivalent  to  759*55  mm. 
of  mercury  at  zero,  the  value  of  the  coefficient  of  change  of  resistance, 
a,  is  given  by 

Kioo  -  R()  _ 

lOORo 
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If  the  coil  has  a  resistance  R  at  the  platinum  temperature  Tp, 

R  =  Roil+d'Tp). 

Callendar  and  GriflBths*  have  shown  that  between  0°  and  444 '55°, 
the  boiling  point  of  sulphur  on  the  constant  pressure  nitrogen  scale, 
the  difference,  A,  between  the  platinum  and  the  gas  scales  can  be 
calculated  by  means  of  a  parabolic  formula, 

T      ,\  T 


-H,Si-') 


100' 


where  T  is  the  temperature  (Centigrade),  on  the  gas  scale,  and  8  is  a 
constant.  Callendar  has  suggested  that  this  principle  should  form  the 
basis  of  a  practical  scale  of  temperature,  and  Messrs.  Johnson  and 
Matthey  have  taken  much  trouble  to  prepare  pure  platinum  for  the 
purpose.  For  this  material  a  is  about  0  "00388  or  0*00390,  and  the 
value  of  3  about  1  '5. 

Preinous  Immtigations. — Barker  and  Chappuisf  have  compared  a  set  of 
platinum  thermometers,  for  which  the  value  of  a  was  about  0*003865, 
with  the  constant  volume  nitrogen  thermometer,  and  have  found  that 
the  difference  between  the  two  scales  of  temperature  can  be  calculated 
by  means  of  Callendar's  formula,  taking  for  3  values  between  1  -54  and 
1  'SS.  The  comparison  was  carried  out  over  a  range  of  temperature 
between  -  23**  C.  and  455"*  C,  and  the  errors  at  the  higher  tempera- 
tures did  not  exceed  0'2°. 

More  recently,  Harker^  has  extended  this  investigation,  comparing 
the  platinum  thermometers  with  a  constant  volume  nitrogen  thermometer 
standardised  at  0*,  100",  and  444*55%  the  latter  being  Callendar's  value 
for  the  boiling  point  of  sulphur  on  the  constant  pressure  air  scale.  The 
observations,  therefore,  really  refer  to  the  constant  pressure  air  scale. 
In  this  research  he  employed  a  resistance  thermometer  described  in  the 
British  Association  Report  for  1899  (p.  243),  for  which  the  value  of 
a  is  0*00389.  Taking  1*51  for  the  value  of  9,  he  found  that  the 
temperatures  calculated  from  observations  of  the  two  thermometers 
showed  a  maximum  diflference  which  only  exceeded  the  probable  error  of 
measurement  over  the  higher  part  of  the  range. 

At  the  end  of  his  paper  Barker  gives  a  table  of  the  corresponding 
values  of  T,,  and  A,  calculated  on  the  basis  3=1*50,  between  -200* 
and  1,100°.  As  it  is  well-known  that  the  formula  cannot  be  applied 
to  the  calculation  of  the  difference  between  (he  two  scales  at  low 
temperatures,  this  appears  to  be  unnecessary  and  misleading. 

Several  independent  investigators  have  compared  platinum  and  gas 
thermometers  at  low  temperatures,  but  for  the  reason  that  they  did  not 

•  '  Phil.  Trans.,'  A,  1891,  p.  119. 

t  '  Phil.  Trani.,'  A,  1900,  vol.  194,  p.  87. 

t  '  Phil.  Trans.,'  A,  1904,  toI.  208,  p.  848. 
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employ  standard  platinum,  or  did  not  succeed  in  maintaining  sufficiently 
steady  temperatures,  the  results  are  not  strictly  comparable  with  those 
abeady  referred  to.  The  results  of  Dewar  and  Fleming,  and  of  Olsasewski 
have  been  summarised  by  Callendar  ;*  they  show  varying  dirergences 
from  the  parabolic  formula,  depending  on  the  khid  of  platinum 
employed.  Holbom  and  Wient  compared  the  platinum,  air,  and 
hydrogen  scales  at  temperatures  between  300°  and  500°,  and  again  at 

-  78"  and  at  - 190".  They  employed  a  platinum  coil  enclosed  within 
the  gas  thermometer  bulb,  so  as  to  minimise  the  error  due  to  varying 
temperature.  They  foimd  with  platinum  for  which  a  was  equal  to 
0*00378  the  parabolic  formula  gave  a  very  close  approximation  between 

-  78°  and  500^  but  showed  a  deviation  of  2-3°  at  - 190".  We  find 
that  the  deviation  becomes  marked  even  at  -  78". 

Apparatus  Employed, — The  thermometer  consisted  of  a  coil  of 
platinum  wire  about  130  cm.  long,  having  a  resistance  of  7  ohms  at 
the  ice  point.  The  ends  of  this  wire  were  fused  to  leads  about  0'3  mm, 
in  diameter,  and  these  leads  and  the  ends  of  the  compensating  leads 
were  soldered  respectively  to  the  ends  of  four  insulated  copper  wires 
enclosed  in  a  lead  tube.  The  resistance  was  measured  by  means  of 
resistances  constructed  by  the  Cambridge  Scientific  Instrument  Co.,  to 
the  design  of  Professor  Callendar.  The  individual  resistance  coils  were 
carefully  calibrated  by  one  of  us  before  the  experiments  were 
commenced.  As  the  coils  were  of  platinum-silver  alloy,  for  which  the 
temperature  coefficient  is  0*00024,  it  was  necessary  to  observe  their 
temperature  each  time  an  observation  was  made,  and  to  reduce  the 
result  to  zero.  The  resistance  plugs  were  cleaned  before  each  experi- 
ment, and  the  zero  point  on  the  sliding  resistance,  which  rarely  varied 
by  more  than  0*0001  ohm  between  individual  sets  of  experiments,  or 
by  more  than  0*0005  ohm  in  the  course  of  two  years,  was  always 
observed.  A  home-made  galvanometer  of  the  two-coil  astatic  type  was 
employed,  and  with  the  highest  resistance  in  the  circuit  it  was  possible 
to  adjust  the  slider  with  an  accuracy  corresponding  to  0'0002  ohm. 
In  connection  with  these  instruments  the  usual  arrangement  of  keys, 
etc.,  was  employed. 

Tfie  Fundajneniul  Iniei'val  of  the  Thermometer. — In  determining  the  ice 
and  steam  point  the  platinum  coil  and  leads  were  enclosed  in  a  glass 
tube  containing  some  paraffin  to  the  height  of  about  3  cm.  above  the 
coil.  An  identical  result  for  the  ice  point  was  obtained  by  protecting 
the  thermometer  by  means  of  a  glass  tube  \vith  holes  in  the  side  of  it 
and  inunersing  it  directly  in  melting  ice  and  water.  The  follo\ying  are 
the  results  of  the  experiments,  which  need  not  be  given  in  detail : 


•  *  Phil.  Mag./  February,  1899. 

t  *  Wied.  Ann.;  1896, 69,  p.  213 ;  1901,  6,  p.  242. 
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loa  point  Stesm  point 
Date  and  place.                           meMured.  meMnrMl.  a. 

July,  1903,  London    Three  times        Twice  0-0038989 

October,  1903,  London  ...  „  Once  0-0038977 

July,  1904,  Bristol „  Twice  0-0038988 

The  probable  value  of  the  coefficient  is,  therefore,  about  0*003899. 
It  may  be  pointed  out  that  the  maximum  variation  in  the  ice  point 
would  correspond  to  one  unit  in  the  next  place  of  decimals.  The 
variations  in  the  experimental  values  of  a  are  entirely  attributable  to 
errors  in  the  determination  of  the  steam  point.  In  any  case  an  error 
of  one  unit  in  the  last  place  of  decimals  is  insignificant  and  amounts 
only  to  an  error  of : — 

O-OOS"  at  +  33°  Tp 
005  „  ~ 200°  T, 
Oomparison  of  the  Platinum  and  Hydrogen  Thsrmomelers  in  Liquid 
Air. — The  hydrogen  thermometer,  employed  for  this  purpose,  has 
already  been  described  hy  one  of  ua  in  conjunction  with  Drs.  Senter  and 
Jaquerod.*  The  method  of  working  with  and  the  degree  of  accuracy 
of  ^e  readings  have  been  discussed  in  detail,  and  it  is  only  necessary 
to  state  that  the  maximum  errors  never  exceed  0'05°  at  - 190°  C. 
At  the  ice  point  the  pressure  of  the  gas  in  the  thermometer  was  about 
1000  mm. 

The  platinum  thermometer  was  held  in  a  clamp  so  that  the  coil 
was  almost  in  contact  with  the  bulb  of  the  platinum  thermometer. 
The  liquid  air  surrounding  them  was  contained  in  a  cylindrical  silvered 
vacuum-Teesel  20  cm.  in  diameter  and  5  cm.  deep,  which,  in  the 
second  and  third  set  of  experiments,  was  placed  inside  a  somewhat 
larger  silvered  vacuum-vesseL  Some  liquid  air  was  poured  into  the 
space  between  the  two  vessels,  and  both  the  opening  of  the  annular 
space  and  the  mouth  of  the  inner  vessel  were  plugged  with  sheep's 
wool. 

With  this  arrangement  the  rate  of  rise  of  temperature  as  the  air 
evaporated  amounted  to  0*002°  per  minute.  And  under  these  condi- 
tions it  can  safely  be  assumed  that  the  temperature  of  neither  ther- 
mometers differed  from  that  of  the  bath  by  an  appreciable  amount. 

It  is  noteworthy  that  under  such  conditions  liquid  air  appears  to 
evaporate  from  the  surface  and  does  not  undergo  regular  fractiona- 
tion. 

The  following  are  the  results  of  our  experiments : — 


•  '  Pliil.  Iniu.,'  A,  ToL  200,  IWi-a. 
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A. 


So  =  7*3322  ohms. 


a  =  0*003899. 


Date. 


June  11,  1903 
June  20, 
June  28, 
June  24, 

»» 
June  26, 

M 
«» 


B. 


T.H.  scale. 


I 


A(oba.).|  A(9  -  1-90). 


1 
1 
1 
1 
1 
1 
I 
1 


•5141 
6170 
5266 
5459 
6799 
6267 
6289 
6215 


203-68 
-199-91 
203  18 
-202-46 
20]  -26 
199-66 
199-64 
208-81 


192-72 
189*46 
192-27 
191-71 
190-62 
189  18 
189-03 
192-48 


10-84 
10-86 
10-86 
10-74 
10-^4 
10-48 
10-51 
10-83 


10-72 
10-42 
10-68 
10-65 
10-W 
10-89 
10-38 
10-72 


In  this  set  of  experiments  the  liquid  air  was  contained  in  a  single 
silvered  vacuum  vessel. 


B. 


Ro  =  7-3319  ohms. 


a  =  0-003899, 


Date  and  time. 


Nov 


Nov 


3,  1903,  12.00  A.M. 
12.15  P.M. 

2.00     „ 

5.00     „ 
11.00  A.M. 
12.15  P.M. 

2.15 

3.00 


4, 


>> 

>» 
>» 
)> 
'J 


»» 


R. 


1-5901 
1-5909 
1-6072 
1  -6123 


T. 


-200-86 
-  200  -82 
-200-25 
-200  07 


T.U.  scale. 


-190-33 
-190-29 
- 189  -78 
-189-61 


A.       A(3  =  1-90). 


I 


10  -53 
10-53 
10-47 
10-46 


1 
1 
1 


Vacuum  vessel  refilled  with  liquid  air. 


-6573  I  -198-50 
•6754  i  -197-86 
-6781  i  -197-77 


-188-14 
-187-61 
- 187  -57 


10  -87 

10-26 
10-20 


10-50 
10-49 
10-45 
10-43 

10  30 
10-25 
10*24 


C. 


Ro  =  733  19. 


a  =  0- 003899. 


Date  and  time. 


R. 


T*. 


T.H.  scale. 


aO  =  1-90). 


Nov.  11, 

1903,  2.00  P.M. 

1-6364 

-199-24 

-188-84 

ft 

„  3.00  „ 

1-6487 

- 198  -80 

- 188  -51 

), 

„  3.55  „ 

1-6583 

- 198  -46 

- 188  -14 

» 

„  4.50  „ 

1-6668 

-198  16 

-187-85 

10-40 
10-29 
10-32 
10-31 


10-86 
10-88 
10-80 
10-27 


The  second  and  third  sets  of  experiments,  in  which  the  rate  of 
rise  of  temperature  was  exceedingly  slow,  are  probably  the  meet 
accurate. 

If  we  calculate  the  value  of  A  for  the  Centigrade  temperature  - 190 
for  value  of  3  corresponding  to  1  90  and  1  -50,  we  find 

A  (T  =  190,  8  =  1-90) 10-47' 

A  (T  ^  190,  8  =  1-50) 8-27' 


Ill 
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This  difference  is  of  the  same  order  as  that  found  by  other  investi- 
gators. 

ComparUffn  of  Ihe  Thermomelent  at  the  Temperature  of  Solui  C«r6o»tc 
Acid  and  Aleohd. — A  mixture  of  solid  carbonic  acid  and  ether  or 
rectified  methylated  spirit  has  frequently 
been  employed  aa  a  means  of  maintaining  a 
constant  temperature.  Olszewski  states  that 
the  temperature  remains  constant  bo  long  as 
the  mixture  has  the  consistency  of  butter, 
but  that  as  soon  as  ether  appears  on  the 
surface,  the  temperature  begins  to  rise.  He 
gives  the  temperature  as  -  78'2°  C. 

Our  experiments  lead  to  the  conclusion 
that  to  obtain  the  beat  results  tbe  solid  car- 
1>onic  acid  should  be  free  from  lumps,  and 
should  be  added  to  the  spirit — for  there  is 
no  advantage  in  using  ether — till  the  mix- 
ture has  the  consistency  of  a  fairly  thin 
paste,  and  can  be  stirred  with  a  glass  rod. 
The  stirring  should  be  repeated  at  short 
intervals. 

At  the  outset  of  the  experiments  we  were 
met  witb  the  difficulty  of  exposing  tbe  plati- 
num coil  to  the  action  of  tbe  mixture,  and  at 
tbe  same  time  protecting  it  from  strain 
during  the  process  of  stirring.  When  the 
b.-tre  wire  was  exposed  to  the  mixture,  it 
was  found  that  the  values  of  R^  before  and 
after  an  experiment  were  in  every  case 
different,  and  when  the  coil  was  enclosed  ^~\ 
in  a  glaas  tube  with  holes  in  the  side  of  it, 
the  circulation  of  the  mixture  was  obstructed, 
and  the  results  were  discordant.  The  diffi- 
culty was  at  last  overcome  by  snrrounding 
the  coil  with  a  tube  of  wire  gauze,  as  is 
showninfig.l.  The  glass  and  gauze  tubes  are 
shown  in  section,  the  thermometer  in  plan. 

a,  Glass  tube  passing  inside  gauze  tube 
and  connected  to  vulcanite  head  b  of  thermo- 
meter, e,  Nickel  gauze  tube  made  rigid  by 
binding  it  with  wire  on  to  the  glass  tube  a, 
.and  on  to  thin  vulcanite  rings  d  d,  which  a)so 
serve  to  prevent  the  coil  and  leads  from 
touching  the  gauze,  e.  Brass  ring  and  wire 
grnting  soldered  to  tube. 

VOL.  LZXIV.  1  ■«. 
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The  gas  thermometer  was  the  same  as  was  used  in  the  Equid  air 
experiments.  As,  however,  the  volume  of  the  bulb  waa  kiiowa  only 
at  100^  0%  and  - 185*  C.,*  the  volume  at  -  80  waa  ealcnlatad  hj 
means  ol  a  parabolic  formula  with  two  constants.  We  have  taiknn  as 
our  values  for  the  volume^ 

100*  24-332  C.C 

0*  24-262  „ 

-   78*  24-216  „ 

-185'  24-162  „ 

lie  arrangement  of  the  thermometers  and  the  vacanm-veaaeb  was 
the  same  as  in  the  liquid  air  experiments,  the  only  difference  in  the 
manner  of  carrying  out  being  that  the  bath  waa  stirred  at  intervals. 
The  following  are  the  results : — 

A.  Bo  »  7-3319  ohms.  a  =>  0-003899. 


Date  sad  time. 

K. 

T/. 

T.H.  icale. 

A. 

dr/8tiBML 

J 

Oct.  22, 

1903, 

3.65  P.M. 

6-0213 

-80*83 

-78*25 

2-58 

1 

1 

1) 

11 

4.25     „ 

5  0230 

-80-77 

-78-21 

2-57 

O-002 

11 

11 

5.00    „ 

5-0242 

-80*74 

-78  19 

2-65 

0-001 

Oct.  28, 

II 

10.00  a.m. 

5-0276 

-80*62 

— 

o-ooo 

If 

11 

5.30  P.M. 

5*0448 

-80*02 

-77-23 

2-79 

o-ooi 

Oct.  24, 

)> 

10.00  A.M. 

5-4386 

-66*41 

-64*40 

2-01 

O-O04 

II 

)) 

10.20    „ 

5*4506 

-65*82 

-63*72 

2-10 

O-103 

11 

11 

2.30  P.M. 

5*6961 

-67-23 

-55-47 

1-76 

0-035 

f> 

II 

3.25    „ 

5*9782 

-47-35 

-46-04 

1-81 

II 

»» 

4.15    „ 

6  0160 

-46*06 

^~" 

"^ 

B. 


Ro  =  7-3319  ohms. 


a  =  0- 003899. 


Date  and  time. 


B. 


T.H.  scale. 


A. 


3r/3u 


time. 


Oct.  27, 1903, 12.20  p.m. 

.1       2.20 

„  „       4.15 

Oct.  28,     „      10.00 

.,       4.00 


II 


» 
II 
II 
11 


5  0194 
5*0223 
5*0243 
5-0441 
5*0545 


-80*87 
-80*80 
-80*78 
-80-04 
-79*68 


78*28 
78*27 
78*18 
78*38 
77*09 


O-006 
O-O06 


Though  these  results  point  to  the  conclusion  that  a  mixture  of  solid 
carbonic  acid  and  alcohol  varies  in  temperature  by  less  than  one  degree 
over  a  period  of  more  than  36  hours,  it  is  only  during  the  first  few 
hours  that  it  remains  steady  enough  for  this  purpose.  Taking  the  first 
three  observations  of  each  set  we  obtain  the  result — 

Mean  T/.        Mean  T.H.  scale.  A.  d(calc.). 


-  80-79'*  -  78-23  2-56 

*  *  Phil.  Trans.;  A,  toI.  200,  p.  138. 
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Taking  the  value  for  d,  viz.,  1  *90,  obtained  by  comparing  the  thermo- 
jnaeters  in  liquid  air,  we  obtain  for  A  the  value  2*64,  introducing  an 
^iTor  of  less  than  O'l". 

Attempts  to  Maintain  Constant  Temperatures  beloto  the  Freezing  Point  of 
1Vatei\ — We  have  not  succeeded  in  making  comparisons  of  our 
thermometers  at  temperatures  other  than  -  78  and  the  temperature  of 
liquid  air.  The  use  of  liquefied  gases  such  as  nitrous  oxide  and 
ethylene  in  quantities  up  to  100  c.c.  did  not  give  sufficiently  constant 
temperatures,  and  larger  quantities  could  not  be  procured  except  at  a 
prohibitive  cost.  Attempts  were  also  made  to  compare  the  thermo- 
meters in  baths  of  melting  solids,  such  as  ethyl  acetate,  but  without 
success. 

Compaiison  of  tlie  Themunneters  at  the  Transition  Point  of  Sodiwa 
Sulphate, — Richards  and  Wells*  have  shown  that  the  transition  point  of 
sodium  sulphate  decahydrate  to  the  anhydrous  salt  may  be  considered 
as  a  standard  temperature  in  thermometry.  They  measured  this 
temperature  on  three  Baudin  thermometers  and  on  one  Tonnelot 
thermometer,  and  found,  as  the  mean  of  results  which  differed  among 
themselves  by  O'Ol**,  the  value  32-383  on  the  normal  scale. 

For  the  purpose  of  measuring  the  transition  temperature  on  the 
platinum  scale,  we  prepared  some  pure  sodium  sulphate,  dried  the 
crystals,  and  ground  them  to  powder.  The  powder  was  heated  in  a 
beaker  in  a  water-bath  at  about  40**  C.  till  the  mass  became  pasty, 
and  was  then  transferred  to  the  vessel  surrounding  the  thermometer, 
which  was  enclosed  in  a  tube  containing  paraffin  oil  (p.  532).  The 
vessel  containing  the  sulphate  was  a  glass  cylinder,  8  cm.  wide  and 
20  cm.  deep,  with  a  round  bottom.  The  cylinder  was  supported  in  a  largo 
thermostat,  and  it  was  found  that  when  the  temperature  of  the  latter 
was  kept  at  32''*6  C.  the  temperature  of  the  sodium  sulphate  remained 
quite  steady,  and  was  not  affected  by  stirring. 


Date. 

1 

Bo. 

». 

T,. 

T^ 

A. 

Oct.  12, 1904   .... 

Oct.  13,    „      .  •  • « 

j     Oct.  26,     „      .... 

7-8326 

»» 

8-2704 
8-2701 
8*2706 

82-799 
82*788 
82*806 

1 

82*883 

»»         1 

-0  -416 
-0*406 
-0  -422 

The  value  of  3  corresponding  to  the  mean  value  of  A  is  1  -98,  and  it 
will  be  observed  that  this  is  identical  with  that  obtained  at  -  190*",  and 
very  close  to  the  value  at  -  78*  C,  viz.,  1'84.  Indeed,  it  appears  that 
a  parabolic  formula  may  be  applied  to  the  calculation  of  A  between  30* 
and  -  190*  G.  with  a  maximum  error,  probably  not  greater  than 
0*2*  G.  at  about  -  100*  C.    This  result  is  mainly  dependent  on  the 

•  *  Zeit.  Phji.  Obemie,'  1896,  toI.  26,  p.  690 ;  1903,  toI.  48,  p^  465. 
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■ 
accuracy  of  our  detomiiiiatioii  of  the  traiudticm  .point  of  sodiiim  sulpliate 

on  the  platinum  scale  and  that  of  Bichards  and  Wells  on  the  hydrogen 
scale.  If  this  result  is  correct  it  would  appear  that  since  the  value 
1*5  for  8  gives  for  A  0*320  at  32*38"  C,  there  most  be  at  this  tem- 
perature a  difference  of  0*08"*  between  the  constant  pressure  air  scale 
and  the  constant  volume  hydrogen  scale. 

Comparison  of  the  Thermometers  ai  Higher  Temperahares. — In  order  to 
make  certain  that  our  thermometer  behaved  normally  at  hi^^ier 
temperatures^  we  repeated  the  original  experiments  of  Callendar  and 
Gtriffiths,  and  obtained  the  same  result. 

The  Boiling  Point  of  Naphthalene,  Benzophenone  and  Sulphur  on  ike 
Platinum  Thermometers, — The  apparatus  employed  in  these  ezperimenU 
was  exactly  similar  to  that  described  by  Callendar  and  Qriffitha.*  In 
the  case  of  the  two  organic  substances  the  top  of  the  glass  Meyer  tube 
was  closed  by  a  cork,  and  a  bent  glass  delivery  tube  served  to  condense 
the  vapour  and  conduct  the  liquid  into  a  receiver.  The  constancy  of 
the  temperature  while  the  substance  distilled  served  as  an  indication 
of  its  purity. 

The  naphthalene  was  first  crystallised  from  absolute  alcohol,  was 
then  distilled,  and  subsequently  redistilled  before  each  experiment. 
The  benzophenone  (Kablbaum)  was  dissolved  in  alcohol,  water  was 
added  to  the  hot  solution  till  it  appeared  cloudy,  and  then  ether  was 
added  till  it  again  became  clear.  On  standing  large  crystals 
separated,  and  thescf  were  taken,  dried  in  a  desiccator,  and  distilled. 

In  the  sulphur  experiments  we  sometimes  employed  pure  sulphur. 
sometimes  crude  roll  sulphur,  without  observing  any  difference  in  the 
result. 

Naphthalene. — Callendar  and  Griffithst  taking  444*55  for  the  boiling 
point  of  sulphur  on  the  constant  pressure  air  thermometer,  measured  the 
boiling  point  by  means  of  a  platinum  thermometer,  and  found  the 
value  217*94.  Crafts^  measured  the  boiling  point  by  means  of  an 
air  thermometer  and  found  218*06.  Recently  Jaquerod  and  Wassmerg 
have  determined  the  vapour  pressure  on  the  scale  of  a  constant 
volume  therpaometer, :  filled  with  hydrogen  at  a  pressure  of  500  mm. 
at  the  ice  point.  Their  results  for  the  temperatures  corresponding 
to  pressure  in  the  neighbourhood  of  760  mm.  may  bie  expressed  in  the 
form 

T^  =  21 7*68"  +  0057  (p - 760). 


*  *  Phil.  Trans.,'  A,  1891,  p.  119. 

t  Loe,  cit. 

t  '  l^alletin  Soc.  Chiui.'  [2],  toL  39,  p.  282. 

S  '  J.  de  Chim.  Pbys.,'  toI.  2,  p.  ^2. 
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ResultH  (a.  =  0  003899). 
D«te.  i      R,.  E.  T,.         Tj,  +  A(3-l-6).    T{J.»ndW.). 


I  Nov. 


1 


13  -4291 
13-4480 
13'44H7 


213-20 
212-91 
212-90 


!17-fl 


216-63 
817-28 
217-28 


It  will  appear  that  our  results,  calculated  on  this  basia,  are  0-36 
higher  than  those  of  Jaquerod  and  Wassmer,  and  0-10  higher  tbau 
those  of  Callendar  and  Oriffitha.  The  agreement  with  the  latter  ia, 
however,  good  enough  to  prove  our  point. 

Benzophenone. — Callendar  and  Oriffitha*  found  the  boiling  point  to 
be  305-8,  while  Jaqnerod  and  Waasmer'a  reanlt  can  be  expreascd  in 
the  form 

T^  =  305-44  +  0-062(p-760).    ' 

The  reaiilt  of  the  single  experiment  which  we  carried  ont  ia  as 
follows — 


Date.  Bg. 

Nov.  18,  1904    7  3322 


16-8171     296-73 


+  4(3-  1'6).    (J.MdW.). 
30619  305-83 


The  result  calculated  in  thia  manner  ia  again  0*36*  higher  than  that 
of  Jaqnerod  and  Wassnier,  and  conaequently  agrees  exactly  with  that 
of  Callendar  and  GrifBths. 

Sulphur. — According  to  Callendar  and  Oriffitha  the  boiling  point  of 
sulphur  on  the  constant  pressure  air  thermometer  ia  given  by  the 
expression 

T^  =  444-53  +  0-082  {;>-760). 
Chappuis  and  Harkert  find  for  the  boiling  point  of  nitrogen  on  the 
constant  volume  nitrogen  scale  the  value  446-27°. 

Results  (Ro  =  7-3325,  a.  = 
!  Date.  -    B. 


Sept.  28 19-3738 

Sept.  29 19-3817 

Oct.     4 19-3806 

, 19-3766 

„     19-8736 

„     19-3826 


421-08° 
421-36 
421-32 
421-18 
421-08 
421-39 


T{C.MdO.). 

A. 

a 

4W37'' 

v,^ 

1-62 

444-34 

22-81 

1-60 

444-06 

22-74 

1-49 

32-88 

1-60 

22-98 

1-60 

" 

22-67 

1-48 

As  the  mean  of  these  results  we  may  take — 
Tf.  T{0.»ndO.). 

421-23°  444-14 

i  •  Brit.  Aasoo.,'  IB99,  p.  246. 


a. 

1-50 
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or  taking  Ghappois  and  Barker's  value  for  the  boiling  pcdnt^  whieh  is 
0*74"  higher,  we  obtain  for  d  1'54. 

C€nelusi4m, — ^Ab  might  be  expected,  it  is  posuble  to  apply  the  puaboGc 
formula  of  Callendar  and  Griffiths  to  the  recalculation  of  the  dilTereuces 
between  the  platinum  scale  of  temperature  and  the  scale  of  the  gas 
thermometer,  though  the  range  through  which  it  is  applicable,  and  the 
valuis  of  the  constant  d,  precludes  the  possibility  of  employing  it  except  for 
interpolation.  A  standard  scale  of  temperature,  based  on  GaUendai's 
tbree  fixed  points,  using  standard  wire,  and  taking  1  *5  for  the  Talae  of  dr 
would  obviously  lead  to  absurd  results  at  low  temperatures ;  and  the 
eonversemaybe  said  of  our  own  observations.  To  sum  the  matter  up, 
we  will  tabulate  the  results  that  have  been  referred  to  in  this  paper. 


KaUire  of  gat  thennometer. 
Ck>iifltant presBore  air  (a*  to iil"")   .... 
CoDitant  Toluiiie  nitrogen  ( — 2S°  to  4i5°) 
Conftant  Tolume  nitrogen  atandardised 

by   oonatant   premire   air   at    4441* 

(50(f  to  lOOOP) 
Constant  volume   hjdrogen  (—100^  to 

84*0 

Obaer^er. 
OaUendar  and  Grifithi 
Ohappoit  and  Harker 
Hariwr  

a 

i-co 

1-M 
1  *61— >1  "49 

Trarers  and  Qwjrer 

1-90 

"  The  Arc  Spectrum  of  Scandium  and  its  Relation  to  CelestiiJ 
Spectra."  By  Sir  Norman  Lockyer,  K.C.B.,  LL.D.,  ScD. 
F.R.S.,  and  F.  E.  Baxandall,  A.RC.Sc.  Received  January  o, 
—Read  Febniary  9, 1905. 

Very  little  has  been  published  regarding  the  spectrum  of  this  rare 
element.  The  records  of  Thalen,^  and  Exner  and  Hasehek.f  a,re  the 
only  ones  previously  given,  the  former  observer  confining  his  atten- 
tion to  the  spark  spectnun,  whereas  Exner  and  Haschek  have  recorded 
the  lines  under  both  arc  and  spark  conditions.  In  the  latter  lists^ 
however,  no  lines  are  given  in  the  region  less  refrang;ible  than 
X  4744-0.  Rowland,  in  his  "  Tables  of  Solar  Wave-lengths,**  certainly 
ascribes  a  small  number  of  solar  lines  to  scandium,  but,  of  course,  do 
indication  is  there  given  as  to  the  relation  of  these  lines  to  others^ 
which  occur  in  the  scandium  spectnun,  either  in  regard  to  number  or 
intensity.  In  connection  with  the  work  at  Kensington  on  stellar  and 
other  celestial  spectra,  it  has  been  found  that  in  some  types  of  spectra 
scandium  is  conspicuously  represented  by  some  of  its  lines,  in  fact,. 

*  *  Ofrenigt  af  Kongl.  Vetensk.  Akad.  Forhandl./  vol.  38,  No.  6,  p.  18. 

t  *  WeUonlangen-TabeUen  fiir  Spektralanaljtische  Untenuchiuig^ti  Muf  Gmnd 
der  UltraTiolettoQ  FunkenBpektren  und  Bogenspekt-ren  der  Elemente,*  Ifetinig  mid 
WieD,  Franz-Deuticke,  1902. 
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amongst  the  rarer  elements  it  apparently  stands  by  itself  from  this 
point  of  view.  This  prominence  of  scandium  lines  in  some  stellar 
spectra,  and  particularly  in  the  chromospheric  spectrum,  makes  it 
desirable  to  give  as  complete  a  record  of  the  lines  as  possible,  and  also 
to  analyse  them  in  relation  to  their  appearance  or  non-appearance  in 
extra-terrestrial  spectra. 

Some  time  ago  Sir  William  Crookes  was  good  enough  to  send  a 
sample  of  scandium  oxalate,  and  very  good  photographs  of  the  arc 
spectrum  have  been  obtained  with  a  larger  Rowland  concave  grating, 
having  a  ruled  surface  of  5f  x  2  inches  (14^  x  5  cm.),  and  a  radius  of 
21  feet  6  inches.  The  scale  of  the  photographs  is  such  that  the 
distance  between  K  and  D  is  30^  inches,  or  77  cm.  This  is  equivalent 
to  2*6  tenth-metres  per  millimetre.  The  scandium  oxalate  was 
admittedly  impure,  and  for  the  purpose  of  eliminating  lines  due  to 
impurities,  the  spectrum  has  been  directly  compared  with  the  spectra 
of  all  the  chemical  elements  available  at  Kensington,  which  were 
photographed  under  identical  instrumental  conditions.  The  chief 
sources  of  impurity  were  found  to  be  cerium,  thorium  and  ytterbium. 
The  lines  of  the  first  two  elements  were  easily  eliminated  by  com- 
parison with  the  Kensington  photographs  of  their  respective  arc 
spectra.  In  the  case  of  ytterbium  it  was  a  more  difficult  matter,  as 
this  is  one  of  the  elements  not  investigated  at  Kensington.  The 
elimination  of  its  lines  has,  however,  been  accomplished  as  far  as 
possible,  by  ascertaining  whether  there  were  lines  in  the  scandium 
photograph  in  the  position  of  the  stronger  lines  of  ytterbium  as 
recorded  by  Thalen,*  and  Exner  and  Haschek.f  If  such  were  found 
to  be  the  case,  and  the  intensity  in  the  scandium  photographs  such 
that  the  line  was  thought  to  be  due  to  ytterbium,  it  was  discarded 
from  the  list  of  scandium  lines. 

The  fiducial  lines  used  for  the  reduction  of  wave-lengths  were  the 
H  and  K  lines  of  calcium  (which  occur  as  impurity  lines  in  the 
scandium  spectrum),  and  Rowland's  solar-scandium  lines  3907*62, 
4020-55,  4082-59,  424700,  4314-25,  440056,  4670-59,  5672*05.  The 
coincidence  of  these  lines  was  first  confirmed  by  a  direct  comparison  of 
the  Kensington  photographs  of  the  solar  and  scandium  spectra.  In 
addition  to  the  foregoing,  well-marked  scandium  lines  were  found  to  be 
exactly  coincident  with  the  isolated  solar  lines  5031-20,  5239*99,, 
and  5527-03,  for  which  Rowland  had  given  no  origin.  The  solar 
wave-lengths  of  these  were  adopted  and  used  in  the  reduction  of  the 
wave-lengths  of  the  remaining  lines. 

The  table  at  the  end  of  the  paper  gives  the  residuum  of  lines  after 

•  *  dtVenigt  k.  Yetensk.  Akad.  ForhaDdl.'  (1881). 

t  WelleDlangen  Tabellen  fiir  Spektralanaljtitche  Untersuchungen  auf  Q-riind 
der  Ultrayioletteu  Bogenspektren  der  Elemente,*  Leipzig  und  WieD,  Franz-Deutioke, 
1904. 


540 


Sir  N.  Lockyer  and  Mr.  F.  K  BazandalL  [Jan.  S^ 


the  diminatioii  of  those  due  to  odier  metals,  llunne  can  be  Uftlb 
.  doubt  that  the  majority  of  the  lines,  exoept,  perhsiiB,  some  of  the  Tety 

lowest  intensity,  really  belong  to  scandium.  Ebmer  and  Haachek'i 
,  wave-lengths  and  intensities  of  the  scandium  arc  lines  are  given  lor 

comparison. 

Scandium  Lines  in  the  Solar  SpedrttnL 

Bowland,  in  his  "Tables  of  Solar  Wave-lengths,''  aseribes  a  null 
,.  number  of  lines  to  scandium,  but  a  comparison  of  the  Kensangtoa 
photographs  of  the  arc  spectrum  of  this  element  with  the  solar  apectmm 
shows  that  in  addition  to  these  there  are  other  sdar  lines  neaify 
certainly  due  to  the  same  element.  The  table  gives  the  solar  lines 
which,  by  a  careful  comparison  of  the  metallic  and  solar  spectra,  have 
been  considered  to  correspond,  without  any  doubt,  with  scandiam 
lines.  In  addition  to  these,  there  is  a  considerable  number  which 
agree  closely  in  position  with  weak  solar  lines,  but  of  their  identic 
there  is,  perhaps,  some  doubt.  In  some  cases  the  solar  lines  are  so 
weak  that  it  is  impossible  to  establish  their  identity  with  scandium 
lines  by  direct  comparison  of  the  two  spectra,  the  only  guide  being  the 
close  agreement  in  wave-length,  and  the  relative  intensity  oi  the 
metallic  and  solar  lines.  In  other  cases  it  is  doubtful  whether  the 
metallic  lines  are  strong  enough  to  account  for  the  solar  lines.  In  the 
table  these  lines  are  denoted  by  an  asterisk,  and  must  be  accepted  only 
provisionally  as  "possible"  scandium-solar  lines. 

The  following  analysis  of  the  scandium  lines,  with  reference  to  their 
intensities,  and  their  appearance  or  non-appearance  in  the  solar 
spectrum,  will  be  of  interest. 


Intentitj 
(Sc.  arc  lines). 


10 
9 
8 
7 
6 
5 
4 
3 
2 
1 


Total  number 
of  Sc'.  line«. 


4 

3 

7 

4 

5 

7 

15 

21 

28 

16 


Number 
undoubtedly 
represented 

m  solar 
spectrum. 


4 
3 
6 
3 
2 
3 
6 


Number 
possibly  repre- 
sented in 
lolar  spectrum. 


1 
1 
1 

4 
3 
5 
2 


Number 

apparentyj 

absent  from 

solar  apectarum. 


2 

6 

16 

ai6 

16 


It  will  be  seen  that  of  the  23  lines  of  intensity  6  or  greater,  18 
occur  in  the  solar  spectrum,  three  others  are  doubtfully  present^  while 
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two  appear  to  be  lacking.     Of  the  lines  below  intensity  6,  the  great 
majority  are  missing  from  the  Fraunhoferic  spectrum. 

Scandium  LineJi  and  the  Chromoiiplieric  Spectrum, 

The  scandium  lines  which  occiu*  in  the  chromospheric  spectrum, 
though  not  so  numerous  as  those  in  the  solar  spectrum,  are  of  con- 
siderably greater  prominence.  The  strongest  line  of  scandium  at 
A  4247*00  is  very  well  developed  in  the  chromosphere,  and  is,  as  far  as 
the  metallic  lines  are  concerned,  inferior  only  to  the  lines  of  strontium 
and  calcium.  Although  all  the  scandium  lines  represented  in  the 
chromosphere  have  high  intensities  in  the  scandium  arc  spectrum, 
there  are  a  few  others  of  equal  prominence  in  the  metallic  spectrum 
which  are  either  lacking  or  occur  only  as  quite  insignificant  lines  in  the 
chromospheric  spectrum. 


Chromospheric  Lines  probably  due  either  wholly  or  partially  to 

Scandium. 


■ 

Chromofl 

ipheric  line. 

i 

Scandium  line. 

1 

Remarks. 

i 
iDtenBitj. 

Intensity. 

\. 

\ 

'*  • 

Max.  lu. 

t\. 

Arc. 

1  Spark. 

4247  -0 

4247-00 

Max.  10. 
10 

Max.  10. 

10 

Due  solely  to  scandium. 

7 

4314  0 

2 

4314  25 

9 

8 

99                                       %% 

4321-2 

5 

4320-90 

9 

6 

» "                                                       9  9 

Probably  partially  due  to 
pTi  4321-20. 

4374-9 

7 

4374  -65 

8 

6 

Probably  partially  due  to 
j»Ti  4374-90. 

4399-9 

5-6 

4400-56 

8 

5 

Probably  partially  due  to 
i^Ti  4399-94. 

4670-8 

3-4 

4670  -59 

7 

4 

Due  solely  to  scandium. 

5031  -2 

2 

5031-20 

8 

3 

99                                          99 

5527  -6 

6 

6527  -03 

10 

7 

This  chromospheric  line 
IS  broad  and  is  prob- 
ably composed  of  the 

scandium  line  and  the 

1 

• 

strong   Mg  spark  line 
K  5528-64. 

Scamdium  Liiie^t  in  Sun-Sjpot  Spectra, 

Between  Y  and  D,  the  region  over  which  the  Kensington  observations 
of  sun-spot  spectra  extend,  there  are  nine  solar  lines  which  have  been 
found  to  be  due  to  scandium,  either  wholly  or  partially.     Of  these,  ^yQ 
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•ccur  amongst  tiie  most  widened  lines  obBonreddiiriiig  the  hmt  24  jean. 
Four  of  them,  however,  have  only  heen  reoorded  a  few  times.  The 
remaining  one,  X  5672*047,  is  a  very  persistent  widened  line  and  it 
nearly  always  greatly  affected.  It  is,  of  course,  quite  possible  that 
the  solar  line  in  question,  although  weak,  may  be  a  compound  one, 
and  that  an  additional  chemical  element  is  involved  in  its  formation. 
No  origin  other  than  scandium  has  been  suggested  by  Rowland,  and 
no  alternative  origin  has  been  found  for  it  by  reference  to  Kensington 
spectra  of  metals.  It  must,  therefore,  be  accepted  provisionally  as 
being  really  due  to  scandium. 

Scandium  Litt€8  in  SieUar  Spectra, 

It  is  quite  probable  that,  as  the  stronger  scandium  lines  occur  in 
the  solar  spectrum,  they  also  appear  in  the  spectra  of  stars  resembling 
the  sun,  such  as  those  of  the  Aldebarian  and  Arcturian  typee.  The 
closeness  of  the  lines  in  these  stars  with  the  dispersion  usually  employed 
on  stellar  spectra  makes  it  difficult  to  establish  definitely  whether  the 
scandium  lines  are  really  present.  At  the  next  higher  stage  (Polarian, 
^'9'f  7  Cygni)  those  scandium  lines  previously  given  as  occurring  in  the 
chromospheric  spectrum — at  least,  those  in  the  ordinary  photographic 
region,  say  A.  3900  to  A  4700 — occur  as  well  marked  lines,  as  has  been 
shown  in  a  previous  paper.* 

At  the  next  higher  stage  Cygnian  (a  Cygni)  the  only  line  which  can 
with  certainty  be  ascribed  to  scandium  is  that  at  X  4247*00,  corre- 
sponding to  the  strongest  line  of  the  element.  Its  stellar  intensity^ 
has,  however,  decreased  considerably  from  that  of  the  Polarian  stage. 
At  the  higher  stages  represented  successively  by  Rigelian  ()8  Ononis), 
Taurian  (f  Tauri),  Crucian  (y  Orionis),  and  Alnitamian  (f  Orionis)  types 
scandium  lines  are  entirely  lacking. 

The  photographs  of  the  metallic  spectra  involved  in  the  discussion 
were  taken  by  Mr.  C.  P.  Butler,  A.R.C.Sc. 


•  « 
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Arc  Lines  of  Scandium. 
*  =  Doubtfully  identical  with  solar  lines. 
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t  Possibly  masked  in  Kensington  photograph  by  K  line  of  Ca. 
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Arc  Lines  of  Scandium — (xmimued. 
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[Plate  18.] 

In  the  publication  of  the  results  derived  from  a  study  of  the 
Kensington  photographic  spectra  of  the  1898  eclipse,  it  was  stated* 
that  a  fairly  prominent  line  recorded  near  A  4686,  for  which  no 
terrestrial  origin  could  be  found,  agreed  closely  in  position  with  a 
well-marked  line  of  unknown  origin  in  one  of  the  Kensington  photo- 
graphs of  the  spectrum  from  a  helium  tube.  In  the  helium  photo- 
graph the  position  has  been  recently  found  from  careful  measures 
made  on  the  lines  4120*97,  438810,  4713*25,  and  the  line  in  question, 
and  subsequent  use  of  Hartmann's  formula. 

The  resulting  wave-length  of  the  strange  line  was  4685*97.  Similar 
measurements  were  made  on  the  eclipse  photographs,  the  fiducis] 
Hues  used  being  4508*5  {p  Fe),  4584*0  {p  Fe),  and  4713*25  (He).  The 
result  gave  4685*90. 

The  two  calculated  wave-lengths  so  nearly  agree  that  it  is  very 
probable  the  line  is  of  identical  origin  in  the  two  cases.  The  eclip^ 
line  is,  moreover,  of  the  same  nature  as  the  helium  eclipse  lines,  long 
and  sharply  defined.  It  would  therefore  seem  that  the  line  is  due 
to  a  gas  which  is  associated  in  some  way  with  helium.  The  line, 
however,  only  appears  in  one  photograph  of  the  helium  spectrum,  and 
whether  this  is  due  to  the  'particular  sample  of  helium  used,  or  to 
some  special  condition  of  current  which  is  conducive  to  the  appearance 
of  the  strange  line,  it  is  impossible  to  say. 

A  line  near  the  same  position  has  been  recorded  by  various 
spectroscopists  in  different  celestial  spectra.  The  following  table 
contains  the  available  records  of  the  line  in  question  : — 


Spectrum. 


Bright  line  stars 

ji  »i      •••... 

II  II      •• ••.. 

Nebulae 

Orion  stars 

f  Ononis 

Tra|>ezium  star  (Bond  628) 

^  Crucis 

Chromosphere 

»i 

II  •••....•...< 

»i  «••• 

II  ...........i 


ObserTer. 


Campbell 

Pickering 

McClean 

Campbell 

Pickering 

Lockjer 

Keeler 

McClean 

ETershed 

Lockyer 

Frost 

Lord 

Humphreys 


Mean  A   . . 


A. 


4688 

4688 

4687*5 

46S7 

4686*4 

4687-0 

4686-4 

4686-1 

4686-7 

4687-0 

4686*7 

4686-3* 

4686-4 


4686*4 
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It  will  be  seen  that  the  mean  wave-length  is  in  fairly  good  accord 
with  that  of  the  unknown  terrestrial  line  4685*97.  The  line,  how- 
ever, in  the  nebular  atid  bright-line-star  spectra  is  broad  and  ill-defined, 
and  the  estimated  wave-lengths  are  probably  somewhat  uncertain,  and 
not  to  be  depended  on  so  much  as  those  obtained  from  spectra  in 
which  the  line  is  sharply  defined.  If  in  seeking  the  mean  wave- 
length these  probably  less  accurate  wave-lengths  be  excluded,  the 
result  is  4685 '9,  which  is  in  very  close  agreement  with  the  position  of 
the  terrestrial  line. 

Kydberg  has  shown  that  the  stellar  line  near  4686 — associated  with 
the  new  series  discovered  by  Pickering  in  the  spectrum  of  f  Puppis— 
is  probably  the  first  line  of  the  principal  series  furnished  by  hydrogen. 
His  calculated  wave-length  value  for  the  line  is  4687*88,*  which  woiild 
appear  to  be  about  two  tenth-metres  in  error,  as  the  corresponding 
celestial  line  probably  has,  as  is  shown  in  the  present  note,  a  wave- 
length near  4685-9. 

In  the  light  of  this  evidence  for  the  probable  identity  of  the 
terrestrial  and  stellar  lines,  it  seems  desirable  to  institute  further 
research  on  the  spectrum  of  helium  under  varying  electrical  conditions, 
with  the  object  of  possibly  obtaining  the  terrestrial  eqiiivalents  of  the 
so-called  new  hydrogen  series  of  f  Puppis. 


DESCBIPTION    OF    PLATE. 

The  plate  shows  a  comparison  of  the  spectrum  (region  4460  to  4750)  of  the 
chromosphere,  the  helium  spectrum  containing  the  line  4680,  and  that  of 
^  Ononis  (Alnitamian).  The  identity  of  petition  of  the  helium  lines,  and 
4686,  with  lines  in  the  cfaromospherio  and  stellar  spectra  ia  clearly  shown. 
The  fainter  lines  in  the  helium  spectrum  are  all  due  to  oxygen. 


•  *  A  St..  Phys.  Jour.,*  toI.  6,  p.  237. 
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"Note  on  the  Spectrum  of  /i  Centauri,"  By  Sir  Norman 
Lockyer,  K.C.B.,  LL.I).,  Sc.D.,  F.RS.,  and  F.  E  Baxandall^ 
A.RC.Sc.     Eeceived  January  4, — Read  February  9,  1905. 

An  investigation  of  Pickering's  reproduction  of  this  spectrum* — 
which  apparently  consists  of  the  spectrum  of  an  Orion  star  +  bright 
hydrogen  lines  and  certain  other  bright  lines  of  minor  intensity — 
suggested  that  the  latter  are  radiation  lines  corresponding  to  some  of 
the  stronger  absorption  lines  of  a  GygnL  These  a  Gygni  lines  have 
previously  been  attributed  to  the  enhanced  lines  of  certain  metals^ 
chiefly  Fe,  Ti,  Cr,  Mg,  and  Si. 

A  close  investigation  has  now  shown  that  nearly  all  the  most  marked 
bright  lines  in  /a  Centauri — other  than  those  of  hydrogen — occupy 
positions  closely  corresponding  to  those  of  the  most  conspicuous 
enhanced  lines  of  iron.  The  wave-lengths  of  some  of  the  bright 
a  Centauri  lines  are  compared  with  those  of  the  enhanced  lines  of  iron 
and  a  Cygni  lines  in  the  table  at  the  end  of  this  nota  The  close 
agreement  is  very  noticeable. 

It  is  worth  while,  then,  to  analyse  in  detail  Pickering's  statement  in 
his  notet  on  the  fi  Centauri  spectmm.  He  states  :  "  Lines  4922*1  and 
5015*8  are  bright  on  the  edge  of  greater  wave-length."  The  lines 
whose  wave-lengths  he  gives  are  the  helium-Orion  absorption  lines. 
ITie  only  two  enhanced  iron  lines  in  this  region  are  at  A.A.  4924*11  and 
5018*63,  which  occupy  exactly  the  positions  relatively  to  the  helium 
lines  which  Pickering  notes  as  being  bright  in  the  fx  Centauri  spectrum 
— that  is,  they  border  the  helium  lines  on  the  edge  of  greater  wave- 
length. 

Again,  he  says :  "  The  two  most  conspicuous  (bright  lines)  are  at 
wave-lengths  4232  and  4584  approximately."  Two  of  the  most  marked 
lines  in  the  a  Cygni  spectrum  are  at  A.X  4233*25  and  4584*02,  and 
these  undoubtedly  correspond  to  the  two  most  conspicuous  enhanced 
lines  of  iron  between  Ha  and  H^. 

Again.  "  Line  4387*8  is  bright  on  the  edge  of  shorter  wave-length. ^'^ 
In  a  Cygni  there  is  a  well-marked  line  at  X  4385*55,  which  agrees  in 
position  with  another  enhanced  iron  line. 

Also :  "  A  diffuse  bright  band  appears  on  the  side  of  shorter  wave- 
length of  the  dark  line  4531  *4."  There  is  a  distinctive  group  of  a  Cygni 
—enhanced  iron  lines  at  XA.  4508*46,  4515*51,  4520*40,  4522*69,  which, 
thrown  together  into  an  irresolvable  group  in  fi  Centauri,  may  well 
correspond  to  the  diffuse  line  quoted  by  Pickering. 

Further:  "The  dark  line  4553*4  is  superposed  on  a  bright  band.'* 

•  '  Annals  Harr.  Coll.  Obs./  toI.  28,  Part  II,  Plate  1. 
t  *  Annals  Hftrr.  Coll.  Obs.,'  vol.  28,  Part  II,  p.  178. 
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550  Sir  WiUiam  Crookes.  [Jan.  26, 

This  bright  band  may  very  well  correspond  to  the  a  Cygni  enhanced 
iron  Ikies  4549*64  and  4556*06  thrown  together  in  the  /x  Centauri 
spectrum.  It  is  possible,  though,  that  the  dark  line  4553*4,  quoted  by 
Pickering,  is  only  the  dark  interspace  between  the  bright  4549*64  and 
4556*06  lines. 

It  may  be  here  remarked  that  among  the  brightest  lines  in  the 
spectra  of  Novsb  at  their  initial  stages  are  lines  agreeing  in  position 
with  the  most  marked  a  Cygni  and  enhanced  Fe  lines,  and  in  this  way 
we  trace  a  resemblance  between  the  minor  bright  lines  of  fi  Centauri 
and  the  most  conspicuous  bright  lines — other  than  those  of  hydrogen 
— in  the  early  spectra  of  Novae. 

Lines  corresponding  to  these  bright  lines  in  fi  Centauri  also  occur  in 
the  spectrum  of  y  Cassiopeise,  but  they  are  far  less  well-defined  in  the 
case  of  the  latter  star. 

The  wave-lengths  of  the  fi  Centauri  lines  given  in  the  table  were 
reduced,  by  means  of  Hartmann's  formula,  from  measiu*es  made  on 
Pickering's  reproduction,  the  fiducial  lines  used  being  41210  (He),  Hy, 
and  H/9. 


**  On  Europium  and  its  Ultra-violet  Spectrum."  By  Sir  William 
Crookes,  D.Sc.,  F.RS.  Received  January  26, — Read  February 
9, 1905. 

Europium  was  discovered  in  1901  by  Demar9ay,*  accompanying 
samarium,  from  which  he  separated  it  by  fractional  crystallisation  of 
the  double  nitrates  of  magnesium  and  the  earths.  Demar9ay  considered 
that  his  new  earth  was  identical  with  De  Boisbaudran's  Zc  and  Z(,  and 
was  the  same  which  I  had  announced  in  1885t  as  giving  an  extremely 
sharp  red  line  in  the  phosphorescent  s|)ectnim  at  wave-length  609 — an 
earth  which  in  1889^  I  said  was  a  new  one,  and  designated  by  the 
name  of  S3.  I  detected  the  earth  S3  during  an  examination  of  the 
phosphorescent  spectra  given  by  some  of  the  fractions  of  samaria  and 
of  yttria,  neither  of  the  earths  being  pure. 

Europium  is  the  first  member  of  the  terbium  group,  gadolinium  being 
the  second  member.  On  the  other  side  it  comes  next  to  samarium,  the 
last  member  of  the  cerium  group.  Assuming  the  oxide  of  europium 
to  be  EU2O8,  the  element  has  an  atomic  weight  of  151*8,  from  the 
analysis  of  its  sulphate,  Eu2(S04)8i8H20. 

•  •  Coisptes  Bcndus,*  toI.  182,  p.  1484,  and  *  Ohemioal  News,'  vol.  84,  p.  1 
t  '  Phil.  Trans.,*  vol.  176,  p.  691. 
t  'Joum.  Chem.  Soc.,'  vol.  66,  pp.  250—285. 
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MM.  Urbain  and  Lacombe*  have  sharply  separated  europium  from 
samarium  in  the  manner  outlined  by  them  in  my  note  on  gadolinium t 
by  fractional  crystallisation  of  the  double  nitrates  of  bismuth  or 
magnesium  with  the  nitrates  of  the  rare  earths.  I  owe  to  the 
kindness  of  M.  Urbain  a  sufficient  quantity  of  the  oxide  of  europium 
to  enable  me  to  obtain  a  good  series  of  its  photographed  spectrum,  a 
copy  of  which  accompanies  the  present  paper.     (Not  reproduced.) 

Exner  and  Haschek  have  measured  the  wave-lengths  of  the  europium 
lines t  from  material  supplied  by  Demarfay.  A  comparison  of  their 
lines  with  mine  shows  that  the  material  was  by  no  means  pure. 

Urbain's  europia  is  not  quite  so  free  from  impurities  as  his  gadolinia. 
I  have  been  able  to  detect  in  my  photographs  the  following  lines : — 
Gadolinium  is  represented  by  very  faint  lines  at  3450*55,  3481*99, 
3585*10,  3646-36,  3654*79,  3656*32,  3664*76, 3697*90,  3699*89,  3743*62, 
3768*52,  3796*58,  3805*70,  3850*83,  3851*16,  4050*08,  4225*33. 
yttrium  is  represented  by  the  line  at  3774*51,  lanthanum  by  the  line 
ut  3988*66,  and  calcium  by  the  two  lines  at  3933*825  and  3968*625. 

No  lines  of  bismuth  or  magnesium  are  to  be  seen. 

Most  of  the  lines  of  impurities  are  exceedingly  faint,  showing  that 
the  impurity  is  only  present  in  very  minute  proportion.  Indeed,  I 
have  only  mentioned  them  if  they  correspond  with  strong  lines  in  the 
gadolinium  or  other  spectra.  Both  in  the  eiuropium  and  the  gadolinium 
spectrum  I  have  not  attempted  to  give  wave-lengths  of  all  the  excessively 
faint  lines.  If  at  some  future  time  it  becomes  of  interest  or  value  to 
ascertain  their  wave-lengths,  all  the  necessary  data  are  present  whereby 
they  can  be  identified. 

•  'Comptes  Rendufl/  toI.  138,  pp.  84,  627,  1166;  'Chemical  News,'  vol.  SO, 
pp.  52,  179,  277. 

t  Sujtra,  p.  420. 

X  *  Wellenlilngen-Tabellen  f iir  Spektralanal jtische  Untersuclmngen,'  F.  Deuti<!ke, 
Leipzig  und  Wien,  1902. 
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"On  a  Belatioii  between  Autumnal  Sainfall  and  the  Yield  of 
Wheat  of  the  Following  Year. — Preliminary  Note."  By 
W.  N.  Shaw,  Sc.D.,  F.E.S.,  Secretary  of  the  Meteorological 
Council.   Eeceived  February  2,- — Read  February  2,  1905. 

By  autumn,  in  this  note,  is  to  be  understood  the  period  from  the 
36th  to  the  48th  week,  both  inclusive,  of  the  year,  as  represented  in  the 
Weekly  f leather  Report  of  the  Meteorological  OflBice;  it  covers  the 
months  of  September,  October,  and  November,  approximately.  The 
rainfall  to  be  referred  to  is  the  average  amount  in  inches,  for  the 
*'  Principal  Wheat  Producing  Districts,"  for  the  period  mentioned,  in 
successive  years.  The  amounts  are  taken  from  the  summaries  of  the 
WeeUy  Weailier  ReporL 

The  yield  of  wheat  is  that  given  for  successive  years  in  the  annual 
summaries  of  the  Board  of  Agriculture  and  Fisheries  as  the  average 
yield  in  bushels  per  acre  for  England,  since  1884,  or  more  strictly 
since  1885,  as  that  is  the  first  year  for  which  the  figures  for  England 
are  given  separately.  In  1884  the  figure  for  Great  Britain,  which 
generally  differs  but  little  from  that  for  England,  is  used. 

These  are  the  only  figures  in  the  official  publications  which  are 
immediately  available  for  the  piu'poses  of  comparison.  The  totals  of 
rainfall  for  the  13  weeks  have  been  compiled  from  the  weekly  amounts, 
otherwise  the  figures  are  taken  as  they  stand  in  published  returns. 
The  areas  referred  to  are  not  exactly  cotemiinous,  but  they  are  more 
nearlv  so  than  if  the  rainfall  values  had  been  taken  for  the  whole  c»f 
England,  or  the  wheat  yield  for  Great  Britain. 

AMien  the  autumn  rainfall  and  the  yields  of  wheat  for  successive 
years  from  1884  to  1904,  as  thus  defined,  are  plotted,  the  rainfall  curve 
being  inverted,  i.e.,  rainfall  being  measured  downward  on  the  paper 
while  yield  is  me^isured  upward,  there  is  a  very  striking  similarity 
between  the  curves,  so  much  so  as  to  suggest  that  if  the  scales  were 
suitiibly  chosen  the  two  curves  would  superpose  and  show  genensl 
consonance,  with  exceptions,  more  or  less  striking,  in  a  few  of  the  years. 
In  other  words,  the  yield  of  whciit  in  any  year  seems  to  depend  mainly 
on  the  absence  of  rainfall  in  the  pre\ions  autumn,  and  but  little  on  any 
other  factor. 

The  ob^'ious  algebraical  expression  for  such  a  condition  as  the  curves 
represent  is  a  linear  equation,  and  the  equation  which  represents  the 
relation  between  yield  of  wheat  for  England  and  the  previous  autumn 
rainfall  is : — 

Yield  =  39*5  bushels  per  acre  -5/4  (previous  autumn  rainfall  in 
^     inches). 
K       If  we  call  the  yield  obtained  from  the  lainfall  by  this  equation  the 
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"  computed  yield,"  a  comparison  with  the  actual  yield  for  the  21  years 
shows  that  the  computed  yield  agrees  with  the  actual  yield  within 
half  a  bushel  in  7  years  out  of  the  21.  In  14  years  the  agreement 
is  within  2  biishels ;  in  the  remaining  7  years  the  difference  between 
computed  and  actual  yield  exceeds  2  bushels.  The  extreme  variation 
of  yield  in  the  21  years  is  9  bushels,  from  26  bushcU  per  acre  in  1892 
and  two  other  years,  to  35  bushels  per  acre  in  1898. 

Of  the  7  years  for  which  the  formula  gives  yields  differing  from  the 
actual  by  upwards  of  2  bushels,  1896  is  the  most  conspicuous,  its 
actual  yield  exceeds  the  computed  yield  by  4*5  bushels. 

These  7  years  all  show  anomalous  seasons.  Taken  atiiatitfh,  they 
are  1887,  1888,  1893,  1895,  1896,  1899,  and  1903. 

In  1888  and  1903  the  crops  were  washed  away  by  10  inches  of  rain 
in  the  summer;  1893  is  the  year  of  phenomenal  drought  and  the 
crop  was  below  the  computed  figure  by  2*5  bushels.  The  years  1892 
and  1899  are  interesting,  because  though  the  amounts  of  rain  were 
Up  to  the  average,  the  former  had  8  dry  weeks  and  the  latter  10  dry 
weeks  out  of  the  13  included  in  the  conventional  autumn.  They 
were  thus  dry  autumns,  the  average  amoiuit  of  rainfall  being  made 
up  by  a  few  exceptionally  wet  weeks.  The  yields  correspond  with 
dry  autumn  values.  They  are  above  the  average  and  above  the 
computed  figures  by  some  2  or  3  bushels  per  acre. 

There  remain  1895  and  1896.  1895  was  the  year  of  remarkably  cold 
weather,  and  in  that  year  the  yield  fell  short,  but  in  the  following 
year  the  deficiency  was  made  up  by  a  yield  as  much  above  the  com- 
puted value  as  the  previous  one  fell  short.  It  would  appear  that  in 
this  instance  the  productive  power  not  utilised  in  the  year  of  the  great 
cold  was  not  lost  but  stored.  On  the  other  hand,  it  must  be  remarked 
that  1896  had  the  advantage  of  a  specially  dry  winter. 

It  appears  from  these  considerations  that  the  dryness  of  autumn  is 
the  dominant  element  in  the  determination  of  the  yield  of  wheat 
of  the  following  year.  The  averages  of  yield  and  of  rainfall  are  taken 
over  very  large  areas,  and  it  may  be  taken  for  granted  that  the 
investigation  of  the  question  for  more  restricted  areas  would  introduce 
some  modification  in  the  numerical  coefficients,  if  not  in  the  form  of 
the  relation. 

The  data  for  making  such  an  investigation  are  not  yet  in  an  avail- 
able form.  A  comparison  has  been  made  between  autumnal  rainfall 
for  "  England,  East "  and  the  average  yield  for  the  counties  of  Cam- 
bridge, Essex,  Norfolk  and  Suffolk,  which  shows  a  similar  relation 
but  a  magnified  effect  of  autumnal  rainfall  upon  the  crop,  and  also 
two  exceptional  years  which  have  not  yet  been  investigated. 


554  Dr.  A.  J.  Ewait.  [Nov.  2, 


"  The  Ascent  of  Water  in  Trees."  By  Alfred  J.  Ewart,  B^c, 
Ph.D.,  F.L.S.,  lecturer  on  Botany  in  the  University  of 
Bii-mingham.  Communiciitert  by  Francis  Darwin,  Foi. 
Sec.  RS.     Received  November  2. — Read  December  1,  1904. 

(Abstract.) 

As  the  result  of  a  series  of  experimental  observations  bearing  upon 
this  problem,  the  author  has  been  led  to  the  conclusions  stated  in  brief 
below. 

The  flow  of  water  through  open  vessels  filled  with  sap  takes  place 
in  accordance  with  Poiseuille's  formula  for  the  flow  through  rigid 
cylindrical  tubes,  divergences  being  due  ito  the  presence  of  irregular 
internal  thickenings  in  the  vessels,  and  to  local  constrictions  or 
deviations  from  the  circular  outline. 

Hence  the  velocity  of  flow  is  directly  proportional  to  the  pressure 
and  to  the  square  of  the  radius  of  the  tube,  inversely  proportional  to 
the  length  of  the  tube  and  to  the  viscosity  of  the  liquid.  A  small 
numl>er  of  large  vessels,  therefcwe,  offer  very  much  less  resistance  to 
flow  than  a  large  number  of  narrow  ones  having  the  same  length,  and 
the  same  total  internal  area  of  cross-section.  Since  viscosity  is  largely 
dependent  upon  temperature,  the  hitter  forms  an  important  factor  in 
regulating  the  flow,  the  viscosity  and  the  resistance  falling  with  a  rise 
of  temperature. 

With  an  average  rate  of  flow  the  total  resistance  due  to  the  viscosity 
of  the  water  flowing  through  the  vessels  is  always  less,  and  in  climbing 
plants  >vith  large  vessels  is  considerably  loss,  than  a  head  of  water 
equal  in  height  to  the  stem.  The  adult  vessels  of  actively  transpirmg 
Angiospermous  trees  always  conUiin  air-bubbles,  and  these  introduce  a 
resistance  to  flow  which  is  inversely  proportional  to  the  radius  of  the 
tube,  when  the  air-bul>bles  and  water-columns  move  together.  When 
the  air-bubbles  are  com pii rati vely  stationary,  lis  in  most  vessels,  the 
resistance  is  still  further  increased,  and  it  l>ecomes  very  great  when 
the  vessels  are  small  and  the  air-bu1)])les  mimerous.  In  intact  vessels 
containing  air  the  rates  of  flow  under  similar  [iressures  are  propor- 
tional to  a  power  of  the  nidius  lying  between  1  and  2,  the  volume 
passing  to  a  power  of  the  radius  lying  between  2  and  4. 

Estimations  of  the  amount  of  flow,  made  from  the  rate  of  flow  and 
the  diameters  and  mmiber  of  the  vessels,  showed  that  the  actual  flow 
takes  place  in  the  wood  of  Dicotyledons  almost  entirely  through  the 
cavities  of  the  vessels  and  hardly  at  all  through  the  tracheides.  lu 
young  stems  saturated  with  water  under  pressure,  a  considerable  flow 
takes  place  through  the  pith,  but  practically  none  in  intact  transpiring 
stems. 
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III  a  cut  stem,  apart  from  the  blocking  at  the  cut  surfaces,  a  gradual 
(iimiuution  of  conductivity  occurs  along  its  entire  length  after  water 
has  been  passed  through  for  some  time.  This  appears,  in  part  at 
least,  to  bo  due  to  the  development  of  micro-organisms  in  the  vessels, 
but  may  be  aided  by  swelling,  by  lessened  permeability,  or  by  other 
changes  in  their  walls. 

The  length  of  the  vessels  in  the  wood  of  the  branches  examined 
averages  from  7  to  36  centimetres,  the  tracheides  of  the  yew  being  from 
0*2  to  0'5  of  a  centimetre  in  length.  Since,  however,  the  vessels  appear 
mainly  to  end  at  the  nodes  where  branches  arise,  it  is  possible  that 
they  may  be  much  longer  in  the  young  wood  on  old  bare  trunks.  The 
resistance  to  transverse  flow  through  saturated  wood  is  800  to '45,000 
limes  greater  than  to  longitudinal  flow,  the  resistance  to  filtration 
under  pressure  through  a  single  partition  wall  being  from  2  to  10  times 
greater  than  that  to  the  flow  through  the  entire  length  of  a  vessel  filled 
with  water  in  the  wood  of  a  crab  apple. 

The  total  resistance  to  flow  in  the  erect  stems  of  actively  transpiring 
plants  appears  to  correspond  to  a  head  of  water  of  from  6  to  33  (shrubs 
and  small  trees),  or  from  5  to  7  (large  trees)  times  the  height  of  the 
plant.  Hence  in  the  tallest  trees  the  total  pressure  required  to 
maintain  active  transpiration  may  be  equivalent  to  as  much  as 
100  atmospheres. 

No  leaf  could  produce  or  maintain  an  osmotic  suction  of  this  intensity, 
and  in  the  presence  of  large  air-bubbles  in  the  vessels  the  stress 
transmitted  in  them  from  the  leaves  could  never  be  as  great  as  an 
atmosphere.  Vines^  found,  for  instance,  that  the  suction  force  of  a 
transpiring  branch  was  never  greater  than  two-thirds  of  an  atmosphere. 
The  supposition  that  these  forces  might  summate  is  entirely  erroneous. 
On  the  contrary,  the  leaves  at  the  base  of  a  tree  would  pull  water 
down  from  the  upper  vessels  and  leaves,  instead  of  up  from  the  roots, 
in  the  absence  of  any  pumping  action  in  the  stem,  and  of  any  root- 
pressure. 

If  the  air-bubbles  in  the  vessels  were  exceedingly  minute,  they  might 
be  under  a  small  positive  pressure,  while  the  water  outside  was  under 
;i  maximal  strain  of  five  atmospheres.  This  would  suflice  to  overcome 
the  resistance  offered  during  active  transpiration  by  30  to  80  feet  of 
stem,  hence  the  results  obtained  by  Strasburger  with  dead  stems.  The 
maximal  osmotic  suction  exercised  by  the  leaves,  as  determined  by 
comparing  the  osmotic  pressures  during  active  transpiration  of  the 
leaves  at  the  top  and  bottom  of  an  elm  18  metres  high,  appears  to  be 
from  2  to  3  atmospheres,  and  is  usually  less  than  this.  At  the  same 
lime  the  total  resistance  to  flow  in  the  trunk  of  this  tree  would  be 
from  10  to  12  atmospheres. 

It  appears,  therefore,  that  to  maintain  flow,  a  pumping  action  of 

•  *  Annals  of  Botany,'  1896,  toI.  10,  p.  438. 
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some  kind  or  other  must  be  exercised  in  the  wood,  for  which  the 
presence  of  active  living  cells  is  essential.  In  support  of  this  it  has 
been  shown  that  the  production  of  wood  in  a  slowly  growing  tree  is 
greater  than  is  necessitated  by  mechanical  requirements.  In  other 
words,  the  production  of  new  wood  is  largely  determined  by  the  length 
of  time  during  which  the  wood-parenchyma  can  remain  active. 

There  is  no  known  means  by  which  these  cells  can  directly  pump 
water  in  a  definite  direction,  although  the  existence  of  a  power  of 
absorbing  and  exuding  water  under  pressure  has  been  empirically 
determined  to  exist  in  the  living  wood  of  cut  branches.  It  is  suggested 
that  the  wood-parenchyma  cells  by  the  excretion  and  re-absorption  of 
dissolved  materials  may  bring  into  play  surface-tension  forces  within 
the  vessels  of  sufficient  aggregate  intensity  to  maintain  a  steady 
upward  flow,  and  to  keep  the  water  of  the  Jamin's  chains  in  the 
vessels  in  a  mobile  condition  ready  to  flow  to  wherever  suction  is 
exercised  upon  it.*  The  rapid  rates  of  diffusion  required  for  such 
action  do  actually  exist  in  the  wood-parench3rma  cells. 

It  appears  that  the  terminal  branches  of  trees  at  heights  of  from 
22  to  44  feet  above  groiuul  exhibit  little  or  no  power  of  bleeding  in 
spring.  Possibly  in  such  trees  the  pumping  action  is  only  used  or 
developed  in  the  wood  of  the  older  stems,  or  is  only  exercised  when  trans- 
piration is  active,  and  when  the  water-columns  in  the  vessels  attain  a 
definite  size  relatively  to  the  wood-parenchyma  cells.  The  importance  of 
the  Jamin's  chain  in  the  vessels  is  that  it  renders  a  staircase  piunping 
action  possible,  and  eihablcs  the  water  to  be  maintained  in  the  vessels 
in  a  labile  condition,  ready  to  flow  to  any  point  where  moderate  suction 
is  exercised.  This  pumping  action  l>eing  diffused  and  probably 
regulated,  need  not  produce  any  high  pressure  of  exudation  at  the 
terminal  branches  of  tall  trees,  which,  in  fact,  appears  always  to  be 
absent  at  high  levels. 


•  Surface-teiiBiou  uotions  would  be  jx)88ible  in  the  absence  of  air  .bubbles 
vhereyer  the  wood-papecchyma  cells  contained  oil  or  any  other  subiitance  non- 
Diiscible  with  water,  as  tliev  often  do. 
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The  main  purpose  of  the  present  paper  is  to  describe  what  the  author 
believes  to  be  a  novel  method  of  investigating  the  micro-structure  of 
metals,  and  to  give  some  account  of  preliminary  results  obtained  by  its 
aid.  The  method  was  devised  in  order  to  throw  further  light  on  the 
true  nature  of  slip-bands,  and  the  preliminary  results  relate  mainly  to 
this  question.  The  investigation  described  in  this  paper  is  thus  a 
further  development  of  researches  carried  out  in  the  first  place  by 
Professor  J.  A.  Ewing,  F.R.S.  and  the  author  jointly  ("  The  Crystal- 
line Structure  of  Metals,"  Bakerian  Lecture,  1899),*  and  subsequently 
by  the  present  author  alone  (**  The  Plastic  Yielding  of  Iron  and 
Steel.")t  In  the  course  of  correspondence  on  the  latter  paper,  M.  F. 
Osmond  drew  the  attention  of  the  author  to  certain  experimental  facts 
concerning  the  behaviour  of  slip-bands  under  oblique  illumination,  which 
had  formerly  escaped  attention.  The  difficulty  met  with  in  convincing 
M.  Osmond  of  what  the  author  Injlieves  to  be  the  true  interpretation  of 
these  phenomena  has  led  him  to  seek  another  means  of  examining  the 
character  of  slip-bands,  which  should  not  be  based  upon  the  interpreta- 
tion of  effects  of  illiunination. 

A  direct  means  of  examining  the  surface  configuration  of  a  piece  of 
metal  upon  which  slip-bands  have  been  produced  would  be  presented 
by  a  transverse  section  of  such  a  specimen,  provided  that  the  section 
could  be  produced  with  an  (absolutely  sharp  edge,  and  that  the 
sectional  elevation  of  the  features  in  question  were  large  enough  to  be 
visible  under  the  microscope.  The  difficulties  in  the  way  of  obtaining 
a  section  even  approximately  satisfying  the  first  of  these  conditions  are, 
however,  considerable.  No  useful  result  can  be  obtained  by  cutting 
the  specimen  through  and  simply  polishing  the  exposed  section. 
It  is  a  well-known  fact  that  the  extreme  edges  of  specimens  prepared 
by  the  usual  methods  of  polishing  are  always  more  or  less  rounded  off, 
so  that  it  becomes  impossible  to  focus  upon  any  definite  edge  with 
high-power  lenses ;  and  even  apart  from  this  defect,  there  would  be  no 
guarantee  that  the  edge  represented  a  true  section  of  the  pre-existing 
surface,  since  the  processes  of  cutting,  grinding,  and  polishing  would 
probably  fray  out  the  edge  and  remove  some  of  the  weaker  or  more 
delicate  features.     In  some  departments  of  optics  a  somewhat  similar 

♦  *  Phil.  Trans./  A,  1899,  vol.  193,  pp.  863  to  376. 

t  '  Journal  of  tb^  Iron  and  Steel  Institute,*  1904,  pp.  333  to  390. 
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problem  is  mot  with,  and  is  satisfactorily  overcome  by  embedding  the 
glass  in  pitch,  supported  by  other  pieces  of  glass. 

The  author  has  adopted  this  principle  of  supporting  the  surface,  which 
in  section  1)ecomes  the  edge,  by  means  of  an  adherent  layer  of  hard 
nuiterial ;  but  the  conditions  which  such  a  layer  must  satisfy  for  thfr 
purposes  of  mebillography  are  very  stringent.  The  adherent  layer  should 
be  of  approximately  the  same  hardness  as  the  metal  under  examination. 
It  must  adhere  to  it  with  extreme  closeness,  and  with  strength  enough 
to  resist  the  processes  of  cutting,  grinding,  and  polishing ;  there  must 
Ijc  no  chemical  action  on  the  surface  of  the  metal  specimen,  and  the 
adherent  layer  must  be  free  from  grit,  which  would  prevent  the 
ix>lishing  of  the  transverse  section.  Finally,  it  is  desirable  that  the 
protecting  layer  should  be  attached  without  heating  the  specimen,  as 
oven  moderate  elevations  of  temperature  frequently  affect  the  micro- 
structure  of  strained  metal.  This  last  condition  eliminates  such  8ul>- 
stsmces  as  pitch  or  fusible  alloys,  which  were,  moreover,  found  unsatis- 
factory in  other  respects  also.  The  difficulty  of  cutting  and  polishing 
eliminates  the  majority  of  cements  and  plasters.  The  author  was  there- 
foie  led  to  use  a  deposit  of  another  metal  obtained  by  electrolj'tic ■ 
me;ins,  and  this  method  has  proved  satisfactory. 

The  specimens  used  consisted  of  strips  of  the  mildest  steel,  such  as 
is  used  for  transformer  sheet,  and  after  preiKiration  an  electro-deposit 
of  cop{)er  was  applied  to  them.  By  first  bending  the  strij>s  into  a 
flat  U  shape,  short  portions  of  their  length  could  be  polished  in  the 
usual  manner  for  microscopic  examination ;  subsequently  the  strijMt 
could  be  readily  strained  and  even  broken  in  tension  by  means  of  an 
ordinary  vice  provided  with  clamping-plates  attached  to  the  jaws. 
The  slipbands  and  other  features  of  the  specimens  having  l>een 
satisfactorily  observed,  electro- deposition  was  proceeded  with.  The 
specimens  could  not  be  immersed  directly  in  the  usual  acid  solution 
of  copper  sulphate  used  in  copper-plating,  as  the  surface  would  have 
been  attacked  and  spoilt  by  the  action  of  simple  substitution  ;  they 
were  accordingly  first  coated  with  a  thin  film  of  copper  in  a  bath  of 
cof)i>cr  cyanide  under  the  action  of  a  very  weak  current,  and  were 
only  then  removed  to  the  usual  bath  where  deposition  could  Ik? 
carried  on  as  rapidly  as  is  consistent  with  the  formation  of  a  solid 
and  coherent  deposit.  The  copper  deposit  was  generally  allowed 
entirely  to  envelope  the  strips  of  iron,  and  deposition  was  carried 
on  until  a  thickness  of  4  to  5  mm.  was  reached.  This  occupied  from 
8  to  14  days.* 

The  specimens  were  then  cut  across,  generally  in  a  direction  roughly 
parallel  to  the  direction  of  the  original   tensile  strain.     In  order  to 

*  The  eleciro.dcposition  on  the  majority  of  the  »iH»ciuieus  here  referred  to  was 
^wried  out  by  Mr.  S.  Field,  at  the  Northampton  Inr^titute,  London,  and  the  autlior 
greatly  indebted  to  his  8kiU  and  kindned;^. 
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obtain  h  satisfactory  polish,  however,  the  ordinary  method  of  polishing 
with  emery  papers,  followed  by  rouge,  had  to  be  slightly  modified ; 
not  only  is  it  difficult  to  polish  electro-deposited  copper  by  means  of 
rouge,  but  it  was  found  that  this  polishing  medium  rapidly  eroded 
a  deep  groove  between  the  copper  and  iron,  thus  defeating  the  object 
of  the  method.  After  some  trials,  a  satisfactory  polishing  medium 
for  this  and  other  purposes  where  surface  erosion  is  undesirable  was 
found  in  calcined  oxide  of  magnesium.  The  powder,  as  purchased 
under  the  description  of  "  chemically  pure  light  oxide  of  magnesia," 
was  used  by  the  author  without  further  treatment,  but  still  better 
results  could  no  doubt  be  obtained  by  using  an  elutriated  product. 
The  magnesia  powder  is  used  in  much  the  same  way  as  rouge;  a 
revolving  disc  of  metal  is  covered  with  several  layers  of  fine  well- 
washed  calico,  and  fed  with  a  thin  paste  of  magnesia  and  water ;  it  is, 
however,  essential  that  only  distilled  water  should  be  used,  as  the 
magnesia  becomes  gritty  in  the  presence  of  dissolved  salts.  In  any 
case,  its  use  requires  some  care,  as  such  a  magnesia  disc,  if  allowed  to 
dry,  becomes  hard  and  useless. 

The  section,  when  satisfactorily  polished  by  means  of  magnesia,  is 
not  yet  ready  for  detailed  examination ;  even  when  the  grinding  on 
emery  has  been  carried  so  far  that  very  little  polishing  is  required, 
it  is  found  that  a  considerable  amount  of  metal  has  been  smeared  or 
dragged  over  the  siuiace,  more  or  less  obliterating  the  true  boundary 
line  which  it  is  desired  to  examine.  In  order  to  overcome  this 
obstacle,  it  is  advisable  so  to  arrange  matters  that  the  last  rubbing  on 
emery  paper  shall  1)e  done  in  a  direction  approximately  parallel  to 
the  boundary  of  the  two  metals  ;  the  direction  of  rubbing  during  the 
final  polishing  should  then  be  at  right-angles  to  the  boundary,  and 
the  specimen  should  be  so  held  on  the  revolving  disc  that  the  un- 
avoidable tendency  to  drag  or  smear  will  be  such  as  to  draw  the  iron 
over  the  copper  on  the  side  where  the  boundary  is  to  l>e  examined. 

Fig.  I  illustrates  this  point  on  an  exaggerated  scale ;  the  diagram 
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represents  the  face  of  the  section,  AB  representing  the  boundary  between 
iron  and  copper  which  gives   the  sectional  view  of  the  previously 
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prepared  surface,  while  the  arrow  C  indicates  the  proper  direction  of 
nibbing  during  the  final  polishing  process.^ 

The  film  of  metal  smeared  over  the  boundary  under  these  circum- 
stances is  extremely  thin,t  and  can  be  removed  by  slight  etching, 
preferably  by  means  of  a  reagent  which  dissolves  the  iron  while 
leaving  the  copper  untouched.  Such  a  reagent  is  found  in  a  10-per- 
cent, solution  of  picric  acid  in  alcohol,  acting  for  about  30  seconds. 
This  treatment  leaves  a  clearly  defined  boundary  line  appearing  under 
a  certain  incidence  of  "  vertical  "  illumination  as  a  narrow  black  line, 
and  under  other  illumination  being  visible  merely  by  the  colour- 
contrast  between  the  iron  and  copper.  Even  under  the  highest  power 
of  the  microscope  the  boundary  line  can  be  seen  sharply  in  focus,  but 
it  then  becomes  evident  that  there  is  always  a  very  slight  difference 
of  level  between  copper  and  iron,  and  that  the  black  line  seen  at  the 
boundary  under  certain  conditions  of  illumination  is  the  shadow  of 
the  edge  of  the  copper  projected  on  the  iron.  As  the  copper  is 
entirely  unacted  upon  by  the  etching  reagent,  the  edge  of  the  copper 
may  be  taken  as  the  true  outline  of  the  transverse  section  of  the 
previously  prepared  surface. 

When  a  previously  polished  and  etched  specimen  of  iron  which  has 
had  slip-bands  developed  upon  its  surface  by  strain  is  treated  and 
examined  in  this  way,  the  boundary  line  shows  well-marked  steps  or 
serrations,  readily  visible  under  a  magnification  of  1000  diameters. 
It  was,  however,  necessary  to  show  that  these  were  really  the  sections 
of  slip-bands,  and  were  not  due  to  any  of  the  other  processes  gone 
through  by  the  specimen,  such  as  the  initial  etching  of  the  prepare*! 
surface  or  the  electro-deposition  itself.  For  this  purpose  a  series  of  test 
specimens  were  prepared  and  treated  in  a  similar  manner.  The  first 
of  these  had  been  polished  in  the  initial  stage,  but  neither  etched  nor 
strained,  and  the  boundary  in  the  transverse  section  showed  an  almost 
unbroken  straight  line,  thus  proving  that  the  electro-deposition  in  no 
way  produced  irregularities  on  the  ])Oundary ;  in  fact,  the  extreme 
closeness  of  adhesion  of  the  deposit,  and  the  accurate  manner  in  which 
it  follows  the  minutest  details  of  the  prepared  siuiaee,  is  a  most 
remarkable  feature  of  the  whole  process. 

It  was  at  first  thought  that  the  examination  of  such  boundaries 
might  throw  light  on  the  mode  of  adhesion  of  electrolytic  deposits, 
but  none  of  the  features  observed  afibrd  any  evidence  on  that 
question.  In  a  second  specimen  the  initial  surface  had  been  polished 
and  etched,  but  not  strained,  and  here  also  there  was  an  entire  absence 

*  The  »j)ecial  process  of  polishing  here  described  was  worked  out  in  conjunction 
with  Mrs.  W.  Rosenhoin,  who  entirely  carried  out  its  application. 

t  Mr.  Beilby  believes  such  surface  films  of  metal  to  be  transparent,  but  in  the 
present  instance,  where  one  metal  was  smeared  over  the  other,  trantparencj  would 
have  been  easily  detected,  but  no  eyidence  of  its  existence  was  found. 
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of  steps  or  serrations  in  the  boundary  in  the  transverse  section* 
Although  the  etching  had  been  carried  rather  far,  so  that  the  outlines 
of  the  crystals  on  the  initial  surface  were  very  well  nuirked,  yet  the 
differences  of  level  between  adjacent  crystals,  which  are  one  result 
of  etching,  were  only  barely  visible  on  the  transverse  section.  A 
third  specimen  was  polished  and  strained  without  any  preliminary 
etching,  and  examination  of  a  transverse  section  showed  steps  and 
serrations  in  the  boundary  line  similar  to  those  foimd  on  specimens 
which  had  been  etched  before  being  strained,  but  they  appeared  to  be 
somewhat  smaller  and  slightly  less  well-defined. 

It  has  thus  been  shown  that  these  steps  or  serrations  in  the  boundary 
line  are  found  in  previously  strained  specimens,  whether  etched  or  not, 
but  that  they  are  not  found  in  unstrained  specimens.  The  author  there 
fore  feels  justified  in  concluding  that  the  steps  seen  in  transverse  sections 
of  strained  specimens  are  the  sectional  views  of  slip-bands.  Fig.  2 
(Plate  14)  is  a  photomicrograph  of  an  example  of  these  steps,  under  a 
magnification  of  1 000  diameters.  It  will  be  seen  that  the  steps,  although 
very  minute,  are  perfectly  distinctive,  and  that  they  could  not  be  mistaken 
for  generally  roimded  foldings  of  the  surface ;  they  possess,  in  fact,  a 
general  geometrical  character,  which  the  author  regards  as  conclusive 
evidence  that  they  are  caused  by  slip  on  cleavage  or  gliding  planes  of 
the  crystals,  and  not  by  any  folding  or  crumpling  of  the  metal.  On 
the  other  hand,  these  steps  as  seen  in  section  are  so  minute  that  it  is 
not  very  safe  to  draw  conclusions  as  to  the  detmls  of  their  configura- 
tion; under  the  most  critical  conditions  of  observation,  the  upper 
edges  of  these  steps  do  not  appear  to  be  sharply  angular,  but  rather  to 
be  rounded  off  slightly,  and  in  some  cases  they  even  appear  to  possess 
a  minute  crest  or  ridge.  Such  a  configuration  would  readily  accoiuit 
for  some  of  the  phenomena  pointed  out  by  Osmond,  but  the  dimensions 
of  these  details  are  so  near  the  limit  of  resolving  power  of  the  lenses 
used  by  the  author  (2ieiss  3  mm.  apochromat.  oil-immersion,  r40 
N.A.)  that  no  great  reliance  can  be  placed  upon  their  apparent  shape, 
particularly  as  the  tendency  of  microscopic  vision  is  to  obliterate 
minute  angles  whose  dimensions  lie  near  the  limits  of  resolution. 

In  general  teiins,  however,  there  can  be  no  doubt  that  the  sectional 
views  of  slip-bands  obtained  by  the  author  strongly  confiim  the  theory 
of  deformation  by  slip,  and  in  order  to  emphasise  this  confirmation  the 
diagram,  Fig.   3,  is  given  for  comparison  with  the  photomicrograph, 
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'Fig.  2  (Plate  14).  (The  diagram  is  a  repliea  of  one  originally  tued  by 
Professor  Ewing  and  the  present  author  to  illustrate  their  exphuiation 
of  the  character  of  slip-hands,  see  paper  referred  to  above.)  The 
change  of  direction  of  the  steps  on  passing  from  one  crystal  to  another, 
as  indicated  on  the  diagram,  is  readily  observed  on  the  actual  sections. 
The  method  above  described  of  supporting  the  surface  of  a  metal 
specimen  by  means  of  an  electrolytic  deposit  so  as  to  render  possible 
the  production  of  acciu'ate  transverse  sections,  is  capable  of  application 
to  a  number  of  questions.  The  author  is  engaged  in  appljring  it  to  one 
of  these,  viz.,  the  study  of  fractures  produced  in  various  ways.  The 
difficulty  of  obtaining  satisfactory  sections  of  fractures  has  hitherto  stood 
in  the  way  of  systematic  investigation  of  the  path  taken  by  fractures ; 
the  photomicrograph,  Fig.  4  (Plate  14),  shows  how  the  present  method 
overcomes  this  difficulty ;  it  represents  a  section  through  a  "  fibrous " 
fracture  of  a  piece  of  very  mild  steel,  under  a  magnification  of 
^0  diameters.  As  compared  with  the  sections  of  slip-bands,  the  details 
of  such  a  fractim)  are  very  large,  but  even  under  the  highest  magnifi- 
cation the  sharpness  of  the  boundary  is  maintained,  and  it  is  even 
possible  to  follow  the  path  of  the  fracture  among  the  lamellae  of  the 
pearlite  in  this  steel.  The  investigation  of  flaws,  of  the  edges  and 
cuts  of  cutting  tools  are  further  examples  of  questions  which  can  1^ 
investigated  by  the  aid  of  the  method  here  described. 

Specimens  of  iron  and  steel  for  the  experiments  here  described  hnve 
been  very  kindly  supplied  to  the  author  by  Messrs.  Joseph  San  key,  of 
Bilston,  and  Messrs.  Cammell,  Laird  and  Co.,  Limited,  of  Sheffield.  The 
cost  of  some  of  the  apparatus  and  a  portion  of  the  expense  of  this 
investigation  have  been  defrayed  out  of  a  grant  from  the  C4overnment 
Grant  Committee  of  the  Royal  Society,  and  the  author  is  also  indebted 
in  this  connection  to  the  Council  of  the  Iron  and  Steel  Institute  for  the 
award  of  an  Andrew  Carnegie  Research  Scholarship. 
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'"  Ionic   Sizes  in  Relation  to  the   Conductivity  of  Electrolytes." 

?>y  W.  R  BousFiELD,  M.A..  K.C.,  M.P.     Commuuicated  by 

Professor  Larmor,  Sec.  E.S.     Received  Febniary  10, — Reod 

March  9,  1905. 

(Abstract.) 

The  law  of  mass  action,  which  gives  iis  Ostwald's  law  for  weak 
electrolytes,  has  not  hitherto  been  harmonized  with  the  empirical  data 
for  strong  electrolytes.  But  it  may  be  reconciled  with  the  conductivity 
<lata  for  strong  electrol3rtes  as  well  as  weak,  on  the  hypothesis  that  the 
ions  of  an  electrolyte  consist  of  molecular  aggregates  in  combination 
with  water,  and  on  this  h3rpothesis  gives  Van't  HofTs  Law. 

If  Stokes's  results  as  to  the  motion  of  a  sphere  in  a  viscous  fluid  ))e 
supplied  to  the  motion  of  the  ions  of  a  binary  electrolyte,  it  is  again 
necessary,  in  order  to  reconcile  theory  with  empirical  facts,  to  make  the 
same  assumption,  and  to  suppose  that  the  ions  are  molecular  aggregates 
largely  composed  of  water  molecules,  the  size  of  an  ion  depending 
upon  the  amount  of  water  in  combination  with  it,  and  being  a  function 
of  the  temperature  and  concentration. 

Upon  this  hypothesis  the  form  of  the  fimction  may  be  represented, 
within  a  temperature  range  of  0"*  to  36*  C,  and  a  concentration  range 
{\\\  the  case  of  KCl)  from  twice  decinormal  to  infinity  as 

rjr  =  (1+AT  +  BT2)  (l+CA"!) 

where  h  is  the  "  hydration,"  t.c,  the  ratio  of  the  molecules  of  water 
present  to  the  molecules  of  the  solvent,  A  and  B  are  the  radial 
temperatvu'e  coefficients,  C  the  radial  concentration  coefficient,  and  T  is 
temperature  - 18". 

A  correction  for  the  coefficient  of  ionization  is  thus  attained,  which 
gives  the  true  coefficient  of  ionization  in  the  case  of  KCl  as 


A      1  1 

a  = 


A'«7  '1  +  3-33A-5' 

where  /  is  the  fluidity  of  the  solution. 

With  this  coefficient  of  ionization  Van't  Hoff's  law,  modified  hy 
substituting  the  **  hydration  "  of  the  solute  for  its  concentration,  gives 
an  accurate  agreement  with  experimental  results  to  within  an  error  of 
1  part  in  2000  down  to  twice  decinormal  solutions — a  greater  accuracy 
than  has  been  attained  by  the  best  empirical  formula  hitherto 
proposed. 

The  water  entering  into  combination  with   the    ion  is  probal>ly 
abstracted  from  the  solvent  largely  as  "trihydrol"  or  "hydrol,"  according 
to  the  temperature  of  the  solution,  and  enters  into  <»o\iv\atv\n.\I\cw\  ^'-^icv^Njsft 
ion  as  "dihydrol,"  thus  causing  contraction. 


564    Ionic  Sizes  in  rdaiion  to  the  Cwiductivity  of  Electrolytes. 

In  the  two  cases  hitherto  investigated  it  is  found  that  the  ionic 
volumes  calculated  from  the  conductivities  on  the  above  hypothesis  are 
in  agreement  with  the  "solution  volumes"  calculated  from  the 
densities.  This  is  a  striking  confirmation  of  the  hypothesis  and  of  the 
soundness  of  the  method  adopted. 

The  expression  (1+C^"')~^  which  is  deduced  from  the  conductivi- 
ties as  being  proportional  to  the  ionic  volume  changes  of  KCl,  is  applied 
to  a  consideration  of  the  density  law  of  KCl. 

Hence,  one  arrives  at  a  rational  density  law  for  KCl,  which  repre- 
sents the  experimental  values  of  the  density  from  1  to  6  per  cent 
accurately  to  five  places  of  decimals. 

A  remarkable  difference  is  manifested  in  the  relation  of  ionic  volume 
to  solution  volume  as  between  concentration  changes  and  temperature 
changes. 

For  isothermal  concentration  changes  the  ionic  volume  decreases  as 
the  solution  voliune  increases,  that  is  to  say,  with  increasing  water 
combination  there  is  increasing  contraction,  a  result  which  was  to  be 
anticipated.  But  in  the  case  of  temperature  changes  at  constant 
concentration,  there  is  increming  water  combination  with  diminishing 
contraction — a  quite  unexpected  result.  This  result  is  completely 
explained  by  reference  to  the  variation  in  the  proportions  of  trihydrol 
and  dihydrol  in  the  constitution  of  water  with  varying  temperature. 
Assuming  that  the  attiick  of  the  ions  upon  the  trihydrol  and  dihydrol 
is  in  proportion  to  their  concentrations  at  the  temperatures  considered, 
the  volume  changes  as  determined  from  the  conductivities  are  shown 
to  be  in  accord  with  the  volume  changes  as  determined  by  the 
densities. 

A  new  variety  of  viscosity  apparatus  is  described,  and  a  series  of 
measurements  of  the  viscosities  and  densities  of  KCl  from  0  to  21 
per  cent,  are  given. 
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"The  Origin  and  Growth  of  Eipple-Mark."  By  Mrs.  Hertha 
Ayrton.  Communicated  by  Professor  W.  E.  Ayrton,  F.B.S. 
Eeceived  April  21 ;  received  in  revised  form  May  26, — Bead 
June  16,  1904. 

(Abstract.) 

The  object  of  the  investigation  was  to  determine  how  ripple-mark 
started  in  perfectly  smooth  sand,  apart  from  accidental  variations  of 
sui'face  friction ;  how  the  ripples  grew ;  how  the  amplitude  and  depth 
of  the  water  affected  them;  and  whether  there  was  any  connection 
between  ripple-mark  and  kindred  phenomena,  such  as  the  dust  figures 
in  a  Kundt's  tube. 

In  the  course  of  the  investigation  the  causes,  form,  and  mode  of 
action  of  **  ripple  vortices "  in  the  water  were  determined,  and  the 
fact  that  no  vortices  of  this  kind  can  form  in  a  current  flowing 
steadily  in  one  direction  over  an  obstacle  was  demonstrated,  both 
theoretically  and  practically.  Also  many  minor  details  came  to 
light,  such  as  the  fact  that  each  ripple  is  continually  travelling,  as  a 
whole,  and  why  it  does  so. 

As  regards  the  starting  of  ripple-mark,  it  was  found  that  a  single 
ridge  forms,  on  perfectly  smooth  sand,  wherever  the  water  happens  to 
have  the  same  place  of  maximum  longitudinal  velocity  during  several 
oscillations.  That  as  soon  as  this  ridge  is  high  enough  (less  than  a 
millimetre  is  sufficient),  the  water,  in  flowing  over  it,  forms  a  spiral 
vortex  with  horizontal  axis,  which  starts  a  new  furrow  and  ridge  in 
the  lee  of  the  first — on  one  side  during  one  swing  and  on  the  other 
side  .during  the  next.  That  the  vortex  that  forms  in  the  lee  of  each 
of  these  two  ripples  in  turn  originates  a  new  ripple  there,  and  that 
in  this  way,  fresh  ripples  are  begun  with  each  succeeding  swing  of  the 
water  till  the  whole  sand  is  ripple-marked. 

It  was  shown  that  the  "  ripple  vortices  "  only  came  into  existence 
during  the  time  when  the  water  was  rising  above  the  mean  level,  and 
the  causes  and  manner  of  formation  of  the  vortices  were  given. 

It  was  found  that  when  the  place  of  maximiun  horizontal  velocity 
was  constant,  not  merely  for  several  oscillations,  but  for  a  considerable 
time,  as  at  the  loop,  for  horizontal  motion,  of  a  stationary  wave,  the 
ridge  mentioned  above  grew  into  a  ripple-marked  heap  which  was 
highest  at  the  loop  and  lowest  at  the  nodes.  By  oscillating  water  in 
the  simplest  possible  way,  t.«.,  so  that  it  alternately  rose  and  fell  at 
one  end  of  the  trough  while  it  alternately  fell  and  rose  at  the  other, 
a  stationary  wave  having  its  length  twice  the  length  of  the  troug^h 
was  obtained,  and  in  this  case  a  ripple-marked  Tao>axA  ^xq»»  ^V  ^Vvs2<a. 
the  apex  was  at  the  middle  of  the  trough — otie\oo^  oi  \>aft  ^v^^^ — ^scA. 
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the  lowest  parts  were  near  the  ends — the  two  nodes.  When  the 
stationary  wave  was  of  the  same  length  as  the  trough  two  mounds 
arose,  one  near  each  end,  and  so  on. 

It  is  suggested  that  the  tidal  ridges  in  estuaries  and  the  chains  of 
sand  banks  under  the  sea  are  formed  in  this  way,  by  stationary  or 
nearly  stationary  water  waves,  and  that  the  sand  dunes  of  the  sea- 
shore and  of  the  desert,  and  the  clouds  in  a  ''  mackerel  sky  "  may  be 
similarly  the  products  of  stationary  air  waves. 


"  The  Sdle  of  Diffusion  in  the  Catalysis  of  Hydrogen  Peroxide  by 
Colloidal  Platinum."  By  George  Senter,  Ph.D.,  RSa 
(Lend.).  Lecturer  on  Chemistry  at  St.  Mary's  Hospital 
Medical  School  Communicated  by  Sir  William  Ramsay, 
KC.B.,  F.RS.    Received  March  7,— Read  March  30,  1905. 

According  to  a  theory  of  reaction-velocities  in  heterogeneous  syBtems 
recently  put  forward  by  Nernst,*  the  observed  velocities  are  those 
with  which  diffusion  and  convection  renew  the  reacting  material  at 
the  boundary  of  the  two  phases,  the  actual  chemical  change  at  the 
boundary  being  very  rapid  in  comparison.  Nemst  is  of  opinion  that 
the  same  considerations  apply  to  the  catalytic  decomposition  of 
hydrogen  peroxide  by  colloidal  platinum  and  similar  substances,  but 
has  not  gone  fully  into  the  discussion  of  this  particular  class  of 
heterogeneous  reactions. 

In  a  recent  paper  on  the  effect  of  poisons  on  the  catalysis  of 
hydrogen  peroxide  by  hsemase,!  I  have  discussed  the  probable 
mechanism  of  catalysis  by  colloidal  particles,  and  have  arrived  at  the 
conclusion  that  the  experimental  results  obtained  by  Bredig  and  his 
pupils  and  by  myself  are  best  accounted  for  on  Nernst's  hypothesis. 

In  an  important  paper  on  this  subject,  Sand,^  starting  from  certain 
assumptions  regarding  the  size  and  nature  of  the  particles  in  a 
colloidal  platinum  solution,  has  calculated  the  minimum  value  of  the 
velocity-constant  (which  we  may  call  Kd)  to  be  expected  on  Nemst's 
hypothesis,  and  finds  that  it  is  at  least  16  times  as  great  as  the 
velocity-constant  obtained  experimentaUy  by  Bredig.§  Hence,  he 
concludes  that  Nernst's  hypothesis  does  not  apply  to  this  particular 
reaction ;  the  observed  velocity  is  really  that  of  a  chemical  action. 

•  *  Zeitschrift  fiip  physikal.  Chemie/  vol.  47,  p.  52,  1904. 
t  *  Koy.  Soo.  Proc./  toI.  74,  p.  201,  1904. 
t  *Boy.  Sac.  Proc.,'  vol.  74,  p.  366  (1906). 

§  Bredig  and  MuUer  von  Berneck,  *  Zeit.  fur  physikal.  Chemie,'  vd.  31,  p.  2S8, 
1S99 ;  Bredig  and  £.  Ikeda,  *  Zeit.  fur  physikal.  Chemie,'  vol.  37,  p.  1, 1901. 
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In  another  part  of  his  paper  Sand  discusses  the  observation  of 
Bredig  that  the  reaction-velocity  increases  more  rapidly  than  the 
concentration  of  the  catalysor,  and  concludes  that  this  can  only  be 
accounted  for  by  increased  convection  owing  to  the  brisker  evolution 
of  oxygen  when  large  amounts  of  catalysor  are  present. 

In  the  present  paper  it  is  shown  that  when  Kd,  which  is  a  measure 
of  the  maximum  rate  at  which  hydrogen  peroxide  can  be  supplied  to 
the  particles  by  diffusion,  is  great  in  comparison  with  the  observed 
velocity-constant  K,  the  hydrogen  peroxide  concentration  at  the 
surface  of  the  particles  will  be  maintained  by  diffusion  at  a  value 
which  does  not  differ  appreciably  from  the  average  concentration  in 
the  solution,  so  that  increased  convection  will  have  practically  no 
effect  on  the  observed  reaction-velocity.  From  this  it  follows  that  if, 
as  Sand  maintains,  increased  convection  does  modify  the  reaction- 
velocity  considerably,  Kd  cannot  be  large  in  comparison  with  K,  since 
convection  can  only  modify  the  value  of  the  former  constant. 

The  question  here  considered  is  somewhat  analogous  to  that  of  a 
slow  chemical  action  succeeded  by  a  rapid  one.  Under  such  circum- 
stances it  is  the  velocity  of  the  slow  action  which  is  measured,  and  it  is 
clear  that  an  increase  in  the  rate  of  the  rapid  reaction  will  have  no 
effect  on  the  observed  velocity.  It  is  not  a  priori  evident  that  the 
same  considerations  apply  to  a  slow  chemical  action,  accompanied  by 
rapid  diffusion,  since  the  constants  of  the  two  changes  are  not  directly 
comparable,  though  both  have  reference  to  the  rate  of  transference  of 
hydrogen  peroxide. 

If  Kj^  {as  defined  above)  be  n  times  as  great  as  the  velocity-constant  K^ 
of  the  chemical  action  at  the  suirface  of  the  eoUMal  particles,  the  ooncentra- 
tion  at  the  boundary  will  be  maintained  by  diffusion  at  a  tnlve  not  less  than 
(n  -  l)/nih  of  the  average  concentration  in  the  solution. 

Let  K  be  Uie  observed  velocity-constant  and  D,  as  defined  below, 
have  a  value  which  does  not  differ  appreciably  from  the  average  con- 
centration C  of  hydrogen  peroxide  in  the  solution,  then  we  have,  for 
the  rate  of  fall  of  concentration  in  the  main  bulk  of  liquid, 

^dC/dt  =  KD  (1). 

Further,  let  Kq  be  the  velocity-constant  of  the  chemical  action,  and 
Cr  the  concentration  of  peroxide  close  to  the  surface  of  any  particle, 
then,  if  we  assume  that  the  reaction  velocity  is  proportional  to  Cr> 
we  find  for  the  rate  of  fall  of  concentration  at  the  boundary  due  to 
chemical  action  (which  is  of  course  equal  to  the  observed  rate  of  fall 
in  the  main  bulk  of  liquid,  since  hydrogen  peroxide  is  only  removed  at 
the  boundary), 

-dC/dt  =  KoCr (2). 

If  this  loss  is  just  compensated  by  diffusion  inwards  towards  the 
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particles,  we  find,  from  Sand's  Equation  (19),  p.  367,  that  the  amount 
removed  by  each  particle  in  the  time  dt  is 

F*  =  i7rhry{D^Cr)dt  (S), 

where  k  is  the  diflusion  coefficient  of  hydrogen  peroxide,  r  is  the 
radius  of  the  particle,  and  y  =  K/B  -  r,  where  R  is  at  such  a  distance 
from  the  'particle  that  the  concentration  there  is  D,  which  does  not 
differ  appreciably  from  the  average  concentration  in  the  solution.*  The 
amount  removed  from  unit  volume  containing  N  particles  (where 
4/3irr^N  =  v)  is  N  times  as  great,  or 

^  4irk(D-Cr)yvxS  ^  12ilt7(D-Cr)  / . v 

4irf2  L2  ^^ 

where  L  ^  2r  =  the  diameter  of  a  particle. 
Hence  K  =  l^(l-9^)  (5). 

Further,  since  KD  =  KoCr,  we  have 

^-'-^{"-0^) • W 

If  Ko  is  infinite  (Nernst's  hypothesis)  Cr  =  0,  and  from  Equation  (5) 
we  obtain  for  K,  which  in  this  case  is  Ko,  the  value 

Kd  =  12iti7/L2 (7), 

which  Sand  shows  is  at  least  16  times  as  large  as  the  velocity-constant 
determined  by  Bredig.  Hence,  if  Sand's  value  far  Kd  be  accepted,  we 
must  conclude  that  Cr  is  not  zero,  and  that  experiment  therefore  does 
not  justify  Nernst's  hypothesis. 

From  Equations  (5)  and  (7)  we  can  readily  find  the  relation  between 
Cr  and  D.  If  we  deal  with  the  case  where  K^  is  16  times  as  large  as 
the  observed  velocity-constant  K,  it  is  obvious  that 

1  -  ^*'  —    ^     nr  n   —  i«D 

1  -  -g  —  y^,    or   Kjr  —  T«^-^' 

In  general,  if  Kd  is  n  times  as  large  as  K,  we  have 

Cr=?--^D    (8). 

The  uoay  in  which  the  observed  velocity  of  a  heierogeneaits  chemical  reacHon 
depends  upon  the  relative  values  of  the  **  diffusion  "  constant  and  the  "  chemical " 
velocUy  constant. — From  Equation  (8)  we  find  that  if  Kd  is  great  in 
comparison  with  K,  the  concentration  at  the  surface  of  the  particles, 
with  a  minimum  of  stirring,  is  practically  equal  to  the  average  concen- 
tration in  the  solution.     Since  KoCr  =  KD,  it  follows  that  in  this  case 

•  Sand,  loc.  cU.,  p.  362. 
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the    chemical    velocity-constant    Ko    is    scarcely  different  from   the 
observed  velocity-constant  K. 

Just  as  in  the  case  of  successive  inter-dependent  chemical  actions, 
there  are,  therefore,  three  cases  to  distinguish : — 

(1)  If  Ko  is  great  in  comparison  with  Kd  (Nemst's  hypothesis),  the 
observed  reaction-velocity  depends  only  on  Kd,  it  is  that  with  which 
diffusion  and  convection  bring  the  reacting  material  to  the  boundary. 

(2)  If  Ko  and  Kd  are  comparable  in  value,  the  observed  velocity  will 
depend  on  both,  and  will,  consequently,  be  modified  by  alterations  in 
either. 

(3)  If  Ko  is  small  in  comparison  with  Kd,  the  observed  reaction- 
velocity  depends  only  on  Ko,  and  will,  consequently,  not  be  affiected 
by  such  changes  as  stirring  may  produce  in  the  value  of  Kd. 

So  far  as  we  have  gone,  it  would  seem  that  the  platinum  catalysis  of 
hydrogen  peroxide  is  an  example  of  Case  (3). 

The  reactionrvelocUy  increases  much  more  rapidly  than  the  Catalysai' 
concentration, — ^Bredig*  has  found  that,  on  doubling  the  amount  of  hi9 
catalysor,  the  reaction-velocity  is  trebled  instead  of  merely  being 
doubled,  as  one  would  expect  if  the  catalysor  particles  act  independently 
of  one  another,  and  Sand,  apparently  with  good  reason,  has  suggested 
that  this  is  due  to  convection  currents  set  up  by  the  rapid  evolution  of 
oxygen  bubbles  in  solutions  containing  large  quantities  of  catalysor. 
This  view  as  to  the  great  effect  of  convection  currents  cannot,  however, 
be  easily  reconciled  with  the  conclusion  arrived  at  above,  that  we  are 
dealing  with  a  "  chemical "  reaction-velocity.  We  have  seen  that,  in 
the  case  considered,  0,^  with  a  minimum  of  stirring,  is  14  of  the 
average  concentration  in  the  solution.  The  effect  of  stirring  would  be 
to  shorten  the  diffusion-layer,  and  bring  Cr  nearer  to  the  average  con- 
centration j  but  it  is  clear  that  the  greatest  possible  alteration  of  the 
reaction-velocity  from  this  cause  will  only  amount  to  ^v  ^^  i^  value, 
which  is  quite  insufficient  to  account  for  Bredig's  results. 

In  searching  for  an  explanation  of  this  difficulty,  we  must  first  con- 
sider what  evidence  there  is  for  the  suggestion  that  the  want  of 
proportionality  between  K  and  the  catalysor  concentration  is  due  to 
the  disturbing  effect  of  convection  currents.  If  this  is  not  the  case — if 
an  explanation  on  chemical  grounds  can  be  found  for  the  deviation  in 
question — then  we  must  regard  the  observed  velocity  as  in  all  proba- 
bility a  chemical  velocity.  If,  on  the  other  hand,  the  want  of 
proportionality  is  due  to  the  effect  of  convection  in  modifying  the 
reaction-velocity,  it  is  clear  that  Kd  cannot  be  great  in  comparison 
with  K,  and  we  must  search  for  a  possible  error  in  the  assumptions 
which  have  led  to  this  conclusion. 

The  Part  Played  by  Convection  Currents. — As  Sand  has  pointed  out» 
'<  the  fact  that  K  increases  more  rapidly  than  the  catalysor  concentra- 

*  Bredig  and  Miiller  Ton  Beraeok,  loc.  ciY.,  p.  812. 
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tion  can  only  be  accounted  for  by  supposing  that  the  process  taking 
place  on  the  surface  of  a  particle  influences  that  of  its  neigfaboon  fay 
some  non-chemical  means,"  and  it  is  difficult  to  imagine  any  other 
way  in  which  this  can  be  effected  than  by  the  production  of  conToe- 
tion  currents.  Sand  suggests  that  these  currents  are  set  up  in  the 
liquid  by  the  bubbles  of  oxygen  evolved,  but  this  cannot  be  regarded 
as  a  complete  explanation  of  the  observed  facts.  On  this  view  we 
would  expect  K  to  increase  with  increasing  peroxide  concentration 
(owing  to  the  more  rapid  evolution  of  oxygen),  but  this  is  not  the 
case.  It  has  been  found  that  K  decreases,*  though  only  to  a  small 
extent,  with  increased  peroxide  concentration.  Further  consideration 
shows,  however,  that  this  apparent  contradiction  can  be  satisfactorily 
accounted  for  on  the  convection  hypothesis. 

We  must,  as  a  matter  of  fact,  consider  three  possible  ways  in  which 
K  may  be  affected  by  the  processes  in  question : — 

(1)  The  particles  themselves  are  in  Brownian  motion  ;t  they  are 
continually  moving  into  fresh  portions  of  the  solution,  and  thus  tend 
to  keep  a  constant  concentration  outside  the  adherent  layer  through 
which  diffusion  is  taking  place.  Further,  owing  to  their  motion,  they  stir 
the  liquid  as  a  whole,  and  thus,  with  increasing  concentration,  the 
average  thickness  of  the  layers  on  all  the  particles  would  be  lessened,  so 
that  K  would  increase  more  rapidly  than  the  catalysor  concentration. 

(2)  Owing  to  evolution  of  bubbles  of  oxygen  in  the  stronger 
solutions,  and  consequent  stirring  of  the  liquid,  the  diffusion  path 
would  be  shortened,  and  K,  as  we  have  already  seen,  would  increase 
more  rapidly  than  the  platinum  concentration. 

(3)  The  formation  of  bubbles  on  the  surfaces  of  the  particles  would 
interrupt  the  diffusion-layer  and  tend  to  retard  the  action.  This 
process  on  one  particle  would  not,  however,  affect  that  on  another, 
so  that,  as  far  as  tids  effect  alane  is  concettied,  the  reaction-velocity 
would  be  proportional  to  the  platinum  concentration.  In  solutions 
containing  the  same  amount  of  catalysor  and  different  peroxide  con- 
centrations, we  would  expect  this  disturbing  cause  to  increase  with 
the  peroxide  concentration,  so  that  the  greater  velocity  to  be  expected 
from  increased  stirring  might  be  more  than  neutralised  by  the  cause 
just  mentioned.  We  have  thus  a  simple  explanation  of  the  observed 
fact  that  K  decreases  slightly  with  increase  of  H2O2.  The  fact  that 
K  increases  considerably  during  the  action,  which  has  up  to  the 
present  not  been  satisfactorily  accounted  for,t  is  probably  due  to  a 
combination  of  the  two  convection  effects  just  discussed. 

*  Bredig  and  Ikeda,  loc.  cit,,  p.  4. 

t  Senter,  loc.  cit.,  p.  213.  Compare  Spring,  '  Bull.  Soc.  Cliim.  Belg.,*  toL  19, 
p.  219,  1900. 

{  Compare  Bredig  and  IlEeda,  he.  cit.,  p.  6 ;  Engler  and  W6hler,  *  Zeit.  Anorg. 
Chemic,'  vol.  29,  p.  13, 1901. 
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In  solutions  of  hydrogen  peroxide  so  dilute  that  the  oxygen  evolved 
would  be  insufficient  to  saturate  the  solution,  we  would  expect  K  to  be 
proportional  to  the  catalysor  concentration,  and  independent  of  the 
peroxide  concentration.  This  has  not  been  directly  determined  for 
platinum,  but  Sand,*  by  collating  results  in  different  parts  of  Bredig's 
paper,  has  shown  that  in  solutions  containing  very  little  platinum,  K  is 
approximately  proportional  to  the  platinum  concentration.  It  is 
strictly  true  of  the  hssmase  catalysis ;  t  only  when  the  evolved  oxygen 
is  more  than  sufficient  to  saturate  the  solution  do  deviations  from  the 
simple  logarithmic  formula  appear. 

The  fact  that  all  the  observations  in  the  platinimi  and  haemase 
catalysis  of  hydrogen  peroxide  are  thus  satisfactorily  accounted  for  on 
the  hypothesis  of  convection  currents,  seems  a  strong  argument  in 
favour  of  the  view  that  the  latter  play  a  considerable  part  in  the  action. 

Possible  errors  in  the  assumptions  used  in  cahaUUing  K^, — If  the  above 
views  as  to  the  part  played  by  convection  currents  are  accepted,  we 
must  investigate  the  assumptions  which  have  led  to  the  conclusion  that 
Uie  value  of  Kd  is  great  in  comparison  with  that  of  K.  Sand 
arrived  at  this  result  by  substitution  of  probable  minimum  values  for 
k  and  v,  and  a  maximum  value  for  L,  the  diameter  of  a  particle,  in 
Equation  (5),  K©  =  12  kvyjU. 

There  would  seem  to  be  at  least  three  possible  sources  of  error  in 
the  calculation  of  a  numerical  value  for  Kd.  (1)  The  value 
(10~^  cm.^  per  sec.)  assumed  for  k^  the  coefficient  of  diffusion  of 
hydrogen  peroxide,  may  be  too  large.  (2)  The  average  diameter  L  of 
the  particles  may  be  greater  than  the  maximum  value  assimied  by 
Sand  (0*5fi).  (3)  Only  part  of  the  platinum  surface  may  be  active 
towards  hydrogen  peroxide ;  the  value  taken  for  t;  may  thus  be  too 
large. 

These  three  possibilities  will  now  be  shortly  considered : — 

(1)  Although  the  di£Eusion  coefficient  of  hydrogen  peroxide  has  not 
been  determined,  there  can  be  very  little  doubt,  from  the  values  obtained 
with  substances  of  similar  molecular  weight,  that  the  value  assumed  for 
k  is  not  too  large,  so  that  an  error  from  this  cause  is  very  unlikely. 

(2)  The  size  of  the  particles. — Since,  according  to  Equation  (7)  Kd  varies 
inversely  as  the  square  of  the  diameter  of  the  particles,  the  velocity 
calculated  on  Nemst's  hypothesis  would  correspond  with  the  velocity 
actually  observed  if  the  average  diameter  of  the  particles  be  four  times 
the  maximum  value  (0*5fi)  assumed  by  Bredig  and  Sand.  Bredigt 
mentions  that  his  solutions  showed  no  suspended  particles  when 
examined  under  a  microscope  capable  of  detecting  objects  of  the 
diameter  0'2fi.     Although  it  ought  to  be  borne  in  mind  that  particles 

•  Loc.  cii. 

t  Senter»  *  Zeit.  physikal.  Chemie/  toI.  44,  p.  267, 1903. 

X  *  Anorganisohe  Fermente,'  Leipzig,  1901,  p.  21. 
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in  motion  may  not  be  so  readily  detected  as  stationary  partides,*  yet 
the  uncertainty  from  this  cause  would  be  least  in  the  case  of  luge 
particles,  so  that  it  seems  very  improbable  that  particles  of  the 
diameter  /a  could  escape  detection  under  the  above  conditions. 

Zsigmondy  and  Siedentopf  t  have  investigated  the  magnitude  of  the 
particles  in  colloidal  solutions  of  gold  prepared  by  reduction ;  they  find 
many  particles  of  the  diameter  1/100/a  and  others  still  smaller.  StocU 
andVaninot  have  independently  arrived  at  the  same  result.  So  far  as 
I  am  aware,  colloidal  solutions,  prepared  by  Bredig's  method,  have  not 
been  examined  by  Zsigmondy  and  Siedentopf  s  method,  but  it  does  not 
seem  probable  that  such  solutions  would  differ  markedly,  as  regards  the 
magnitude  of  the  particles,  from  those  prepared  by  reduction. 

It  may,  therefore,  be  concluded  that  the  want  of  agreement  between 
Kd  and  K  cannot  be  accounted  for  by  too  low  a  value  having  been 
taken  for  the  magnitude  of  the  particles. 

(3)  ITiemggestedifUJuHvUyofparioftheplatimminirfae^ 
peroxide, — Equation  (7)  has  been  derived  on  the  assumption  that  all 
the  particles  are  active  towards  hydrogen  peroxide.  If  only  some  of  the 
particles  are  thus  active,  the  total  reacting  surface,  which  is  proportional 
to  V  for  equal  particles,  would  be  diminished,  and  thus  Kd  woidd  attain 
a  value  more  nearly  coresponding  to  K.  (It  should  also  be  noted  that 
t;  and  consequently  Kd  would  be  diminished  by  the  process  discussed 
under  the  third  heading  in  the  section  on  convection,  p.  670,  but  this 
effect  would,  in  any  case,  be  small  and  would  completely  disappear  for 
solutions  in  which  oxygen  is  not  evolved  in  bubbles,  so  that  we  cannot 
account  in  this  way  for  the  difference  between  Kd  and  K).  Nern8t§  has 
already  suggested  the  possibility  that  part  of  the  platinum  is  inactive, 
and  some  positive  evidence  to  this  effect  is  to  be  found  in  papers  by 
Bredig  and  Fortner||  and  by  Liebennann.H  The  first  two  investigators 
found  that  the  palladium  catalysis  of  hydrogen  peroxide  is  greatly 
accelerated  by  previous  treatment  of  the  palladium  with  hydrogen,  and 
the  same  is  true,  though  to  a  much  smaller  extent,  of  the  platinum 
catalysis.  The  latter  result  has  been  confirmed  by  Liebermann. 
Bredig**  has  also  found  that  platinum  which  has  been  poisoned  with  CX) 
is  more  active  after  recovery  from  the  poison  than  platinum  which  has 
not  been  so  treated. 

*  The  limit  of  visibilitj  under  the  microscope  will  probably  depend  upon  the 
number  of  the  particles  present  in  a  given  Tolume,  as  well  ai  on  the  nature  and 
magnitude  of  their  motion. 

t  *  Zeit.  fur  Elektrochemie/  vol.  8,  p.  686,  1902. 

t  *  Zeit.  fiir  phjsikal.  Chemie/  vol.  30,  p.  99,  1899.  Compare  aUo  Lobry  de 
Bruyn, '  Beceuil  Travaux  Chim.  Pays-bas/  vol.  19,  p.  261,  1900. 

§  Loe,  eU.t  p.  56. 

I  *  Beriehte  d.  deut.  chem.  Ges.,'  vol.  37,  p.  805,  1904. 

f  <  Berichte  d.  deut.  chem.  Ges./  vol.  87,  p.  1519, 1904. 

••  *  Anorg.  Fermente,*  p.  79. 
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The  cause  of  this  increased  actdvity  must  be,  for  the  present,  largely 
a  matter  of  speculation.  It  may  possibly  be  due  to  the  breaking  up  of 
aggregates  of  particles  and  consequent  increase  of  the  reacting  surface, 
but  a  more  probable  explanation  is  that  the  surfaces  are  partly  freed 
from  some  impurity  which  prevents  action  on  the  peroxide.  The 
siiggestion  may  be  made  that  this  surface  impurity  is  platinous  oxide. 
It  has  been  shown  by  Mond,  Ramsay  and  Shields,*  and  by  Wohler,t 
that  this  oxide  results  when  platinum  is  heated  in  air,  and,  having  regard 
to  the  method  of  preparation  of  Bredig's  solutions,  it  is  to  be  expected 
that  the  platinum  will  be  partly  oxidised.  This  is  supported  by  the 
observation  of  Bredig  that  a  trace  of  his  colloidal  platiniun  is  dissolved 
by  sulphuric  acid.  Engler  and  Wohler^  have  shown  that  platinous 
oxide  acts  much  less  energetically  on  hydrogen  peroxide  than  platinum 
itself. 

It  seems  probable  that,  as  many  investigators  have  suggested,  an 
intermediate  oxide  of  platinum  is  formed  in  the  platinum  catalysis  of 
hydrogen  peroxide,  but  most  likely  a  higher  oxide,  perhaps  PtOs» 
which  can  react  rapidly  with  the  peroxide.  This  would  correspond 
with  Manchot's§  explanation  of  the  great  accelerating  effect  of  ferrous 
salts  on  oxidations  as  compared  with  ferric  salts.  He  has  shown  that 
the  action  proceeds  by  intermediate  formation  of  a  higher  oxide  of  iron, 
and  that  the  catalytic  effect  is  much  lessened  when  part  of  the  iron  has 
changed  to  the  ferric  condition. 

Whether  this  suggestion  applies  or  not,  it  is  clear  from  what  has  been 
given  above  that  there  is  reason  for  supposing  that  the  entire  platinum 
surface  is  not  active  under  ordinary  conditions,  and  this  seems  the  most 
probable  explanation  of  the  difference  between  Kp  as  calculated  by 
Sand,  and  K  the  observed  velocity-constant 

Summary  and  Conclusion. 

It  has  been  shown  that  the  deviations  from  the  simple  logarithmic 
formula  in  the  catalytic  decomposition  of  hydrogen  peroxide  by 
colloidal  platinimi  are  probably  due  to  disturbances  caused  by  convec- 
tion currents.  It  has  further  been  shown  that  when  the  velocity- 
constant  calculated  on  Nernst's  diffusion  hypothesis  is  great  compared 
with  the  chemical  velocity-constant,  increased  convection  can  produce 
no  appreciable  effect  on  the  observed  reaction-velocity. 

In  the  case  under  consideration,  therefore,  since  increased  convection 
modifies  the  observed  reaction-velocity,  there  must  be  some  error  in  the 
assumptions  which  lead  to  the  conclusion  that  the  diffusion  velocity- 

•  '  Zeit.  physikal.  Chemie/  toI.  25,  p.  685, 1898. 
t  <  Zeit.  Anorg.  Chemie,'  toI.  36,  p.  8476  (1903). 
t  '  Zeit.  Anorg.  Chemie/  toI.  29,  p.  18, 1901. 
§  '  Annalen  der  Chemie,*  rol.  825,  p.  98, 1902. 
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constant  is  great  in  comparison  with  the  chemical  velocity-constant. 
This  error  is  probably  to  be  found  in  the  aSisumption  that  the  wh<de 
surface  of  tiie  platinum  is,  under  ordinary  conditions,  active  towards 
hydrogen  peroxide. 

We  are  not  entitled  to  assimie,  from  the  above  considerations,  thBt 
Nemst's  hypothesis  is  true  for  the  platinum  catalysis,  but  only  that  the 
diffusion-velocity  is  not  great  in  comparison  with  the  chemical  velocity 
{Cases  1  and  2,  p.  569).  Other  considerations,  however,  such  as 
the  small  value  of  the  temperature  coefficient,  make  it  probable  that 
the  above  hypothesis  does  apply  to  this  particular  action.  Further 
support  for  this  view  may,  perhaps,  be  found  in  tiie  feu^t  that  the 
deviations  from  the  simple  logarithmic  law  in  catalysis  by  pl^tifmi^ 
have  their  exact  analogy  in  the  hiemase  oatalysiB.  On  the  ''  diemical " 
velocity  hypothesis  it  would  seem  rather  remarkable  that  two  catalyaors 
of  so  different  origin  should  show  exactly  similar  behaviour,  hut  this 
becomes  at  once  intelligible  on  Nemst's  hypothesis,  according  to 
which  the  chemical  action  plays  quite  a  secondary  part  in  the  re- 
action-vdocities  in  question. 

In  conclusion,  I  wish  to  acknowledge  my  obligations  to  Professor  A. 
W.  Porter  and  Dr.  Sand,  with  whom  I  have  had  the  advantage  of 
discussing  the  subject-matter  of  the  present  paper. 
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""  Quiet "  Days  during  the  Twelre  Years  1881  to  19U2,  828 ;  Noie  on  the 

Determination  of  the  Volume  Elasticity  of  Elastic  Solids,  618. 
Coker  (E.  Q-.)    See  Barnes  and  Coker. 
Combustion  in  oxygen  (Armstrong),  86. 
Conduction,  mechanism  of,  elucidated  by  sodium  hydroxide  solution  (Bouafield  and 

Lowiy),  280. 
Conductivities,  thermal,  of  electrical  insulators,  effects  of  temperature  on  (Lees), 

337. 
Cotton,  wetting  of,  by  water  and  water  yapour  (Masson),  230. 
Crookes  (Sir  W.)     On  the  Action  of  Badium  Emanations  on  Diamond,  47 ;  

On  the  Ultia-Yiolet  Spectrum  of  Gadolinium,  420 ;  On  the  Coloration 

of  01at«s  by  Natural  Solar  and  Other  Badiations,  524;  On  Europium 

and  its  Ultra-Violet  Spectrum,  650. 
Culm-measures  of  Deyon,  fossil  flora  and  age  (Arber),  95. 
Cunningham  (E.)    On  the  Normal  Series  satisfying  Linear  Differential  Equations, 

839. 
Cuthbertson  (C.)    The  Refractive  Indices  of  the  Elements,  283. 

Dewar  (Sir  J.)    The  Absorption  and  Thermal  Evolution  of  Oases  ooduded  in 

Charcoal  at  Low  Temperatures,   122 ;    The  Separation  of    the    Most 

Volatile  Gases  from  Air  without  Liquefaction,  127 ;  and  Hadfield  (B.  A.) 

The  Effect  of  Liquid  Air  Temperatures  on  the  Mechanical  and  other 
Properties  of  Iron  and  its  Alloys,  326. 

Diamond,  action  of  radium  on  (Crookes),  47. 

Differential  equations,  normal  series  satisfying  linear  (Cunningham),  889. 

Diffusion  during  catalysis  by  colloidal  metals  (Sand),  856 ;  — ^  (Senter),  666. 

Douglas  (S.  B.)     See  Wright  and  Douglas. 

Durham  (F.  M.)  On  the  Presence  of  Tyrosinases  in  the  Skins  of  Some  Pigmented 
Vertebrates,  310. 

Elasticity  of  elastic  solids,  determination  of  (Chree),  618;  — ^  of  metals,  direct 

method  of  measuring  coeffloient  (Mallock),  60. 
Electric  oscillations,  conversion  into  continuous  currents  (Fleming),  476 ;  

waves,  instrument  for  measurement  of  length  of  long  (Fleming),  488. 
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Electrolytes,  amphoteric,  theory  of  (Walker),  271. 

Slephas  Cypriotes,  remains  &om  caye-depont  in  Cyprus  (Bate),  120. 

EUiot  (R.  H.)     See  Fraser  and  Elliot. 

Elliot  (B.  H.),  SiUar  (W.  0.),  and  Carmichael  (Gt.  S.)    On  the  Action  of  the 

Yenom  of  Bungarus  emruleut  (the  Common  Krait),  108. 
Enhanced  lines  of    Titanium,    etc.,   in   Fraunhoi'eric    Spectrum    (Lockyer   and 

Baxandall),  256. 
Enzyme  action,  studies  on  (Armstrong),  188 ;  (Armstrong  and  Caldwell),  195 ; 

(Senter),  201. 

Europium  and  its  ultra-yiolet  spectrum  (Crookes),  650. 
Ewart  (A.  J.)     The  Ascent  of  Water  in  Trees,  564. 

Flame  spectra  (Watteville),  84. 

Fleming  (J.  A.)     On  the  Conversion  of  Electric  Oscillations  into  Continuous 

Currents  by  means  of  a  Vacuum  YaWe,  476 ;  On  an  Instrument  for  the 

Measurement  of   the    Length  of    Long    Electric   Wares,  and    also   Small 

Inductances  and  Capacities,  488. 
Forbes  (G.)     Exterior  Ballistics.    "  Error  of  the  Day  "  and  other  corrections  to 

Nayal  Bange-tables,  392. 
Fraser  (Sir  T.)  and  Elliot  (B.  H.)     Contributions  to  the  Study  of  the  Action  of 

Sea-snake  Yenoms. — Part  I,  104. 
Functions,  conyergence  of  series  of  analytic  (Webb),  816 ;  r(»)   and  x^ 

generalieed  (Jackson),  64. 

Gadolinium,  ultra-yiolet  spectrum  of  (Crookes),  420. 

Gull  bladder  of  frog,  blaze-currents  in  (Waller),  423. 

Galyanic  cells  produced  by  light  (Wilderman),  369. 

Gases,  absorption,  etc.,  by  charcoal  at  low  temperatures  (Dewar),  122  ;  com- 
pressibility of  (Bayleigh),  446;  direct  separation  of  most  rolatile,  from 

air  (Dewar),  127. 

Glass  colouration  by  solar  and  other  radiations  (Crookes),  524. 

Gwyer  (A.  G.  C.)     See  Trayers  and  Gwyer. 

Hadfield  (B.  A.)     See  Dewar  and  Hadfield. 

Hamase,  decomposition  of  hydrogen  peroxide  by  (Senter),  201. 

HsBmolytic  sera,  chemical  combination  and  toxic  action  in  (Muir  and  Bro¥ming), 

298. 
Halogen  hydrides  as  conducting  solyents  (Steele  and  others),  320,  321. 
Harmonic  undertones,  experiment  illustrating  (Knapman),  118. 
Hertzian  oscillator  waves  (Love),  73. 

High-yoltage  continuous  currents,  a  means  of  producing  (Lodge),  319. 
Holt  (A.)     See  Bargess  and  Holt. 

Hopkinson  (B.)     The  Effects  of  Momentary  Stresses  in  Metals,  498. 
Horton  (F.)     On  the  Modulus  of  Torsional  Bigidity  of  Quartz  Fibres  and  its 

Temperature  Coefficient,  401. 
Hydrolysis  of    cane-sugar  (Caldwell),   184;    of    isomeric  glucosides,    etc. 

(Armstrong),  188. 

Induction,  chemical,  cause  of,  in  union  of  hydrogen  and  chlorine  (Chapman  and 

Burgess),  400. 
Ionic  sizes  and  conductiyity  of  electrolytes  (Bousfleld),  663. 
Ions,  drift  produced  in,  by  electromagnetic  disturbances  (Walker),  414. 
Iron  and  alloys,  effect  of  liquid-air  temperatures  on  mechanical  properties  (Dewar 

and  Hadfield),  326. 
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Jackson  (Boy.  F.  H.)     A  Generalisatioii  of  the  FunctioDs  V{n)  and  »**,  64. 

Knapman  (H.)    An  Experiment  illustrating  Harmonic  Undertones,  IIS. 
Krait,  action  of  venom  of  (Elliot,  etc.),  108. 

Lees  (C.  H.)  The  Effects  of  Temperature  and  Pressure  ou  the  Thermal  Con- 
ductivities of  Bodies. — Part  I,  337. 

Li^ht,  gaWanic  cells  produced  by  (Wilderman),  369. 

Lockjer  (Sir  N.)     On  the  Relation  between  the  Spectra  of  Sunspots  and  Stars,  63 ; 

and  Lockyer  (W.  J.  S.)     A  Probable  Cause  of  the  Yearly  Variation  of 

Magnetic  Storms  and  AurorsB,  90  ;  and  Baxandall  (F.  E.)     Enhanced 

Lines  of  Titanium,  Iron,  and  Chromium  in  the  Fraunhoferic  Spectrum,  256  ; 

On  the  Group  IV  Lines  of  Sodium,  296 ;  The  Arc  Spectrum  of 

Scandium  and  its  Belaiion  to  Celestial   Spectra,  538 ;  On  the  Stellar 

Line  near  X  4686,  546 ;  Note  on  the  Spectrum  of  m  Centauri,  549. 

Lodge  (O.  jT.)  Note  on  a  Means  of  Producing  High-Yoitage  Continuous  or 
"  Pertinacious  '*  Currents,  319. 

Lore  (A.  £.  H.)  The  Advancing  Front  of  the  Train  of  Wavei  emitted  by  a 
Theoretical  Hertzian  Oscillator,  73. 

Lowry  (T.  M.)    See  Bousfield  and  Lowry. 

MaoMahon  (P.  A.)     Memoir  on  the  Theory  of  the  Pkirtitions  of  Numbers — Part  III, 

318. 
Magnetic  changes  of  length  in  cobalt  and  nickel  (Bid well),  60. 
Magnetic  storms  and  auroras,  yearly  variation  (Lockyer),  90. 
Magnetograms,  Falmouth,  analysis  of  results  from  1891  to  1902  (Chree),  823. 
Mallook  (A.)     On  a  Direct  Method  of  Measuring  the   Coefficient  of  Yolume 

Elasticity  of  Metals,  50;  Air  Besistanoe  encountered  by  Projectiles  at 

Velocities  up  to  4500  Feet  per  Second,  267. 
Mssson  (O.)    On  the  WeUing  of  Cotton  by  Water,  and  by  Water  Vapour,  230. 
Mees  (C.E.K.)    See  Sheppard  and  Mees . 

Melting  points,  rapid  method  for  determining  (Burgess  and  Holt),  286. 
Metallic  fractures,  slip-bands  in  (Rosenhain),  557. 
Metals,  effects  of  momentary  stresses  in  (Hopkinson),  498. 
Muir  (B.)  and  Browning  (C.  H.)    On  the  Combining  Properties  of  Semm. 

Complements,  and  on  the  Complementoids,  1 ;  On  Chemical  Combination 

and  Toxic  Action  as  Exemplified  in  Hiemolytic  Sera,  298. 

Nitrous  oxide,  denrity  of  (Rayleigh),  181. 

Opsonic  action  of  biood  serum,  nature  of  (BuUoch  and  Atkin),  879. 
Optical  objectives,  theory  of  symmetrical  (Chalmers),  S96. 

Paleodiscus,  stmoture  and  affinities  (Spencer),  31. 

ParamcBcium    aurelia,  lethal  concentration  of   aoids  and    bases   in   reqpect  of 

(Barratt),  100. 
Perman  (E.  P.)  and  Atkinson  (Q-.  A.  S.)     The  Decomposition  of  Ammonia  by 

Heat,  110. 
Phosphorescence  caused  by  radium  (Beilby),  506,  611. 
Photographic  processes,  theory  of ;  chemical  dynamics  of  development  (Sheppard 

and  Mees),  447. 
Plimmer  (H.  J.)     Note  on  the  Effects  produced  on  Bats  by  the  Tfypanosomala  of 

Gambia  Fever  and  Sleeping  Sickness,  388. 
ProjectUes,  air  resistance  encountered  by  (Mallock),  267. 


579 

Quartf  fibres,  modulus  of  tonional  rigiditj  of  (Horton),  401. 

Badio-aetif  ity,  a  theory  of  (Walker),  414. 

Badium  emanations,  action  on  diamond  (Crookes),  47 ;  phosphoresoence  caused  by 

(Beilby),  506,  511. 
Bainfall,  autumnal,  and  yield  of  wheat  (Shaw),  552. 
Bayleigh  (Lord)     On  the  Density  of  Nitrous  Oxide,  181 ;  On  the  CompressibiUty 

of  Gases  between  One  Atmosphere  and  Half  an  Atmosphere  of  Pressure,. 

446. 
Befractiye  indices  of  elements  (Cuthbertson),  287. 
Bontgen  radiation,  polarised  (Barkla),  474. 

Bose  (T.  K.)     On  certain  Properties  of  the  Alloys  of  Silyer  and  Cadmium,  218. 
Bosenhain  (W.)    Further  Obsenrattons  on  Slip-bands  in  Metallic  Fractures. — 

Preliminary  Notice,  557. 
Bussell  ( W.  J.)    On  the  Action  of  Wood  on  a  Photographic  Plate  in  the  Dark,  181. 

Sand  (H.  J.  S.)    The  Itdle  of  DifFusion  during  Catalysis  by  Colloidal  Metals  and 

Similar  Substances,  356. 
Scandium,  arc  spectrum  of,  and  celestial  spectra  (Lockyer  and  Baxandall),  688. 
Scott  (D.  H.)     On  the  Structure  and  Affinities  of  Fossil  Plants  from  the  Palssosoio 

Bocks. — y.  On  a  New  Type  of  Sphenophyllaoeous  Cone,  etc.,  814. 
Sea-snake  yenoms,  action  of  (Fraser  and  Elliot),  104. 
Senter  (G.)    Studies  on  Enzyme  Actkm  :  The  Effect  of  **  Poisons  "  on  the  Bate  of 

Decomposition  of  Hydrogen  Peroiide  by  Hmnase,  901 ;  The  SdU  of 

Diffusion  in  the  Catalysis  of  Hydrogen  Peroxide  by  Colloidal  Platinum,  566. 
Serum,  production  of  specific  gastrotozio  (Bolton),  186. 
Serum-complements,  combining  properties  of  (Muir  and  Browning),  1. 
Shaw  (W.  N.)     On  the  General  Circulation  of  t  he  Atmosphere  in  Middle  and 

Higher  Latitudes,  20 ;  On  a  Belation  between  Autumnal  Bainfall  and 

the  Yield  of  Wheat  of  the  Following  Tear. — Preliminary  Note,  552. 
Sheppard  (S.  E.)  and  Mees  (C.  E.  K.)     The  Theory  of  Photographic  Processes  : 

On  the  Chemical  Dynamics  of  Deyelopment,  447. 
SiUar  (W.  C.)    See  Elliot,  Sillar,  etc. 
Skins,  pigmented,  tyrosinases  in  (Durham),  310. 
Sleeping  Sickness  and  Gtunbia  FcTcr,  trypanosomata  of  (Plimmer),  888. 
Slip-bands  in  metallic  fractures  (Bosenhain),  557. 
Sodium,  Group  lY  lines  of  (Lockyer  and  Baxandall),  296. 
Sodium  borates,  physical  characters  (Burgess  and  Holt),  285. 
Sodium  hydroxide  in  aqueous  solution,  electrical  conductiyity  of  (Bousfield  and 

Lowry),  280. 
Spectra  of  sunspots  and  stars  (Lockyer),  58. 

Spectrum,  fraunhoferic,  enhanced  lines  in  (Lockyer  and  Baxandall),  256. 
Spencer  (W.  K.)    On  the  Structure  and  Affinities  of  Palssodisous  and  Agelacrinus,. 

81. 
8phenophj/tlum  fertile  from  lower  coal-measures  (Scott),  814. 
Staphylococcus  pyogenee^  action  of  human  blood  fiuids  on  (Wright  and  Douglas),. 

147. 
Steele  (B.  D.)  and  others.    The  Halogen  Hydrides  as  Conducting   Solvents — 

Part  III,  320;  Part  lY,  821. 
Stellar  line  near  A  4686  (Lockyer  and  Baxandall),  546. 
Stream-line  motion  and  critical  yelocity  of  water  (Barnes  and  Coker),  841. 
Sucroclastic  action  of  acids  and  enzymes  (Armstrong  and  Caldwell),  195. 
Sunspots  and  stars,  relation  between  spectra  (Lockyer),  58. 
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Temperature,  platinum  and  normal  ecale  of,  between  444**  and  —190°  C.  (Trarers 

and  Ghryer),  528. 
Trayers  (M.  W.)  and  G-wyer  (A.  G.  C.)    On  the  Comparison  of  the  Platinum 

Scale  of  Temperature  with  the    Normal    Scale    at   Temperatures   between 

440"^  and  -190*'  C,  etc.,  528. 
Trees,  ascent  of  water  in  (Ewart),  554. 

Trjpanosomata  of  Gkunbia  Fever,  etc.,  effects  on  rats  (Plimmer),  888. 
Tubercle  bcMjillus,. action  of  human  blood  fluids  on  (Wright  and  Douglas),  159; 

Taooine,  response  of  human  organism  to  inoculations  of  (Wright  and 

Douglas),  159. 
Tyrosinases,  presence  in  skins  of  pigmented  Tertebrates  (Durham),  310. 

Walker  (0.  W.)    On  the  Drift  produced  in  Ions  bj  Electromagnetic  Disturbances, 

and  a  Theory  of  Badio-actiyity,  414. 
Walker  (J.)    Theory  of  Amphoteric  Electrolytes— Part  11,  271. 
Waller  (A.  D.)     On  the  Physical  BeUtion  of  Chloroform  to  Blood,  55. 
Waller  (A.  M.)    On  the  **  Blascourrents ''  of  the  Gkll  Bladder  of  the  Frog,  423. 
Water,  flow  of,  through  pipes  (Barnes  and  Coker),  341. 
WattCTille  (C.  de)     On  Flame  Spectra,  84. 
Waves  emitted  by  theoretical  Hertzian  oscillator  (Love),  73. 
Webb  (H.  A.)    On  the  Convergence  of  Inflnite  Series  of  Analytic  Functions,  315. 
Wheat,  autumnal  rainfeJl  and  yield  of  (3haw),  562. 

Wilderman  (M.)    On  Galvanic  Cells  produced  by  the  Action  of  Light,  369. 
Wood,  action  on  photographic  plate  (Bussell),  131. 
Wright  (A.  E.)  and  Douglas  (S.  B.)     On  the  Action  exerted  upon  the  Staphylo' 

eoccuM  pyogenes  by  Human  Blood  Fluids,  etc.,  147;  Action  Exerted  upon 

the  Tubercle  Bacillus  by  Human  Blood  Fluids,  etc.,  169. 
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January  19,  1905. 

Professor  J.  N.  LANGLEY,  Vice-President,  in  the  Chair. 

A  List  of  the  Presents  was  laid  on  the  table,  and  thanks  ordered  for 
them. 

In  pursuance  of  the  Statutes,  the  names  of  Candidates  for  election 
into  the  Society  were  read  as  follows : — 


Adami,  John  George. 
Anderson,  Hugh  Kerr. 
Anderson,  Tempest. 
Barlow,  Sir  Thomas. 
Bather,  Francis  Arthur. 
Beilby,  George  Thomas. 
Bemacchi,  Louis  Charles. 
Biles,  Professor  John  Harvard. 
Blakesley,  Thomas  Holmes. 
Blythswood,  Lord. 
Bone,  William  Arthur. 
Bourne,  Gilbert  C. 
Bt*omwich^  Thomas  John  I' Anson. 
Brown,  Adrian  John. 
Budge,  Ernest  A.  Wallis. 
Campbell,  John  Edward. 
Chattaway,  Frederick  Daniel. 
Cowell,  Philip  Herbert. 
Crossley,  Arthur  William. 
Davison,  Charles. 
Dines,  William  Henry. 
Dixon,  Professor  Henry  H. 
Durston,  Sir  Albert  John,  K.N. 
Field,  Captain  Arthur   Moetyn, 

RN. 
Forbes,  Henry  Ogg. 
Forster,  Martin  Onslow. 
Fox,  Francis. 

Gamble,  Frederick  William. 
Goodrich,  Edwin  S. 
Green,  Professor  Arthur  George. 
Hamilton,  Professor  David  James. 
Harmer,  Frederic  William. 
Heape,  Walter. 
Hopkins,  Frederick  Gowland. 


Lamplugh,  George  William. 
Lees,  Charles  H. 
Lewis,  William  James. 
Macallum,  Archibald  B. 
MacBride,  Ernest  William. 
Major,  Charles  Immanuel  ForsytL 
Marsh,  Howard. 
Masterman,  Arthur  Thomas. 
Matthey,  Edward. 
Maunder,  Edward  Walter. 
Mill,  Hugh  Robert. 
Mitchell,  Peter  Chalmers. 
Moore,  John  Edmond  S. 
Morley,  Professor  Frank. 
Oliver,  Professor  Francis  Wall 
Oliver,  George. 
Petavel,  John  Ernest. 
Plimmer,  Henry  G. 
Pocock,  Reginald  Innes. 
Prain,  David,  Lieut.-Col.  LM.S. 
Ridley,  Henry  Nicholas. 
Sclater,  William  Lutley. 
Searle,  George  F.  C. 
Sidgreaves,  Rev.  Walter. 
Smith,  Professor  Grafton  Elliot. 
Smith,  James  Lorrain. 
Stromeyer,  Johann  Phillip  E.^C. 
Strutt,  Hon.  Robert  John. 
Tarleton,  Francis  Alexander. 
Vernon,  Horace  Middleton. 
Whittaker,  Edmund  Taylor. 
Wilson,  Professor  Ernest. 
Wright,  Almroth  Edward 
Young,  Professor  Alfred  H. 
Young,  William  Henry. 
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The  following  iPapers  were  read : — 

I.  "  The  Dual  Force  of  the  Dividing  Cell.  Part  I.  The  Achro- 
matic Spindle  Figure  illustrated  by  Magnetic  Chains  of 
Force."  By  Professor  M.  Hartog.  Communicated  by  Sir 
William  T.  Thiselton-Dyer,  K.C.M.G.,  F.R.S. 

II.  *'  Note  on  the  EiSects  produced  on  Bats  by  the  Trypanosomata  of 
Gambia  Fever  and  Sleeping  Sickness."  By  H.  G.  Plibimer. 
Communicated  by  Dr.  C.  J.  Martin,  F.R.S. 

ni.  '*'  Further  Histological  Studies  on  the  Localisation  of  Cerebral 
Function.  The  Brains  of  Felis,  Canis,  and  Sus,  compared  with 
that  of  Homo."  By  Dr.  A.  W.  Campbell.  Communicated 
by  Professor  C.  S.  Sherrington,  F.R.S. 

IV.  "  Experiments  on  the  Nature  of  the  Opsonic  Action  of  the  Blood 
, :  Serum."    By  Dr.  W.  Bulloch  and  E.  E.  Atkin.    Communi- 

cated by  Dr.  Leonard  Hill,  F.R.S. 


January  26, 1905. 

Sir  WILLIAM  HUGGINS,  K.C.B.,  O.M.,  President,  in  the  Chair, 

A  List  of  the  Presents  was  laid  on  the  table,  and  thanks  ordered  for 
them. 

The  following  Papers  were  read  : — 

I.  "  On  the  Boring  of  the  Simplon  Tunnel,  and  the  Distribution  of 
Temperature  that  was  encountered."  By  F.  Fox.  Communi- 
cated by  C.  V.  Boys,  F.R.S. 

II.  "On  the  Comparison  of  the  Platinum  Scale  of  Temperature 
with  the  Normal  Scale  at  Temperatures  between  444**  and 
- 190°  C,  with  Notes  on  Constant  Temperatures  below  the 
Melting  Point  of  Ice."  By  Professor  M.  W.  Travers,  F.R.S., 
and  A.  S.  C.  Gwyer. 

III.  "  On  the  Modulus  of  Torsional  Rigidity  of  Quartz  Fibres,  and 

its  Temperature  Coefficient."    By  Dr.  F.  Horton.     Commu- 
nicated by  Professor  J.  J.  Thomson,  F.R.S. 

IV.  "On  a  Method  of  Finding   the  Conductivity  for  Heat."    By 

Professor  C.  Niven,  F.R.S. 

V.  "On  the  Drift  produced  in  Ions  by  Electro-magnetic  Disturb- 
ances, and  a  Theory  of  Radio-activity."  By  G.  W.  Walker. 
Communicated  by  Professor  A.  Gray,  F.R.S. 
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VI.  "  Exterior  BallisticB. — *  Error  of  the  Day '  and  other  Corrections 
to  Naval  Bange  Tables."    By  Professor  O.  Forbes,  F.R.S. 

VII.  "  The  Theory  of  Symmetrical  Optical  Objectives.  Part  II."  By 
S.  D.  Chalmers.  Communicated  by  Professor  J.  Larmor, 
Sec.  K.S. 

VIII.  "  Coloration  of  Glass  by  Natural  Solar  and  other  Badiations." 
By  Sir  William  Crookes,  F.R.S. 

IX.  '*  Note  on  the  Cause  of  the  Period  of  Chemical  Induction  in  the 
Union  of  Hydrogen  and  Chlorine."  By  D.  L.  Chapman  and 
C.  H.  Burgess.  Communicated  by  Professor  H.  B.  Dixon, 
F.B.S. 


IV 


Ftbruain/  2,  1905. 

Sir  WILLIAM  HUGGINS,  K.C.B.,  O.M.,  President,  in  the  Chair. 

A  List  of  the  Presents  was  laid  on  the  table,  and  thanks  ordered  for 
them. 

The  following  Papers  were  read  : — 

I.  "  On  the  Compressibility  of  Gases  between  One  Atmosphere  and 
Half  an  Atmosphere  of  Pressure."  By  Lord  Rayleigh, 
O.M.,  F.R.S. 

II.  "  On  the  *  Blaze  Currents '  of  the  Gall  Bladder  of  the  Frog." 
By  Mrs.  A.  M.  Waller.  Communicated  by  Dr.  A.  D. 
Waller,  F.K.S. 

III.  "The  Theory  of    Photographic   Processes:    On   the  Chemical 

Dynamics  of  Development."  By  S.  E.  Sheppard  and 
C.  E.  K.  Mees.  Communicated  by  Sir  William  Ramsay, 
K.C.B.,  F.R.S. 

IV.  "On  the  Relation  between  Variations  of  Atmospheric  Pressure 

in  North-East  Africa  and  the  Nile  Flood."  By  Captain 
H.  G.  Lyons.     Communicated  by  Dr.  W.  N.  Shaw,  F.R.S. 

V.  "  Note  on  the  Determination  of  the  Volume  p]lastieity  of  Elastic; 
SoUds."    By  Dr.  C.  Chree,  F.R.S. 

VI.  "  Theory  of  the  Reflection  of  Light  near  the  Polarizing  Angle." 
By  Professor  R  C.  Maclaurin.  CommiuiicAt^d  1)y  Professor 
J.  Larmor,  Secretary,  R.S. 

VII.  ''On  a  Relation  between  Autumnal   Riiinfall  and  the  Yield  of 
Wheat  of  the  Following  Year."    By  Dr.  W.  N.  Shaw,  F.R.S. 


February  9,  1905. 
Sir  WILLIAM  HUGGINS,  K.C.B.,  O.M.,  President,  in  the  Chair. 

A  List  of  the  Presents  was  laid  on  the  table,  and  thanks  ordered  for 
them. 

The  following  Papers  were  read  : — 

L  "On  the  Conversion  of  Electric  Oscillations  into  Continuous 
Currents  by  means  of  a  Vacuum  Valve."  By  Professor 
J.  A.  Fleming,  F.R.S. 


IL  "On  ail  Instrument  for  the  Measurement  of  the  Length  of 
Long  Electric  Waves,  and  also  Small  Inductances  and 
Capacities."    By  Professor  J.  A.  Fleming,  F.R.S. 

III.  "Report  on  an  Area  of  Local  Magnetic  Disturbance  in  East 

Loch  Roag,  Lewes,  Hebrides."  By  Captain  A.  M.  Field, 
R.N.  Communicated  by  Rear- Admiral .  Sir  Wiijjam 
Wharton,  K.C.B.,  F.R.S. 

IV.  "Phosphorescence  caused  by  the  Beta  and   Gamma  Rays  of 

Radium."  By  G.  T.  Beilby.  Communicated  by  Professor 
J.  Larmor,  Secretary,  R.S. 

V.  "The  Spectrum  of  Scandium  and  its  Relation  to  Celestial 
Spectra."  By  Sir  Norman  Lockyer,  K.C.B.,  F.RS.,  and 
F.  E.  Baxandall. 

VI.  "On  the  Stellar  Line  near  A.  4686."    By  Sir  Norman  Lockyer, 
K.C.B.,  F.R.S.,  and  F.  E.  Baxandall. 

VII.  "Note  on  the  Spectrum  of  fi  Centauri."    By  Sir  Norman 
Lockyer,  K.C.B.,  F.R.S.,  and  F.  E.  Baxandall. 

VIII.  "  Europium  and  its  Ultra- Violet  Spectmm."    By  Sir  William 
Crookes,  F.RS. 


Feb-nuii^  16,  1905. 

Sir  WILLIAM  HUGGINS,  K.C.B.,  O.M.,  President,  in  the  Chair. 

A  List  of  the  Presents  was  laid  on  the  table,  and  thanks  ordered  for 
them. 

The  following  Papers  were  read : — 

I.  "  Polarised  Rontgen  Radiation."    By  Dr.  C.  G.  Barkia.     Com- 
municated by  Professor  J.  J.  Thomson,  F.R.S. 

II.  "  The  Eflfects  of  Momentary  Stresses  in  Metals."  ^y  Professor 
B.  Hopkinson.  Communicated  by  Professor  J.  A.  Ewing, 
F.R.S. 

III.  "  The  Halogen  Hydrides  as  Conducting  Solvents.     Parts  I  to  IV." 

By  B.  D.  Steele,  D.  McIntosh,  and  E.  H.  Archibald. 

IV.  "Further  Observations  on  Slip-bands.     Preliminary  Note."    By 

W.  Rosenhain.     Communicated  l^y  Professor  J.  A.  Ewing, 
F.R.S. 


VI 


February  23, 1905. 
Sir  WILLIAM  HUGGINS,  K.C.B.,  O.M.,  President,  in  the  Chair. 

A  List  of  the  Presents  was  laid  on  the  table,  and  thanks  ordered  for 
them. 

The  following  Papers  were  read : — 

I.  "  On  some  New  Species  of  Lagenostoma ;    a  Type  of  Pterido- 

spermous    Seed    from    the    Coal    Measures."  By  E.    A. 

Newell  Arber.  Communicated  by  Dr.  D.  H.  Scx)TT, 
F.R.S. 

II.  '*  On  a  New  Rhabdosphere."    By  G.  Murray,  F.R.S. 

III.  "  Two  Cases  of  Trichromic  Vision."    By  Dr.  F.  W.  Edridge- 

Green.     Communicated  by  Dr.  F.  W.  Mott,  F.R.S. 

IV.  **0n  Changes  observable  in  the  Liver  Cells  during  Digestion, 

and  their  Relation  to  Hepatic  Secretion."  By  Professor 
E.  Wage  Carlier.  Communicated  by  Professor  C.  S. 
Sherrington,  F.R.S. 

V.  "  The  Colour-Physiology  of  the  Higher  Crustacea.  Part  III." 
By  F.  Keeble  and  Dr.  F.  W.  Gamble.  Communicated  by 
Professor  S.  J.  Hickson,  F.R.S. 

VI.  "Phosphorescence  caused  by  the  Beta  and  Gamma  Rays  of 
Radium.  Part  II."  By  G.  T.  Beilby.  Communicated  by 
Professor  J.  Larmor,  Secretary,  R.S. 


Ml 


March  2,  1905. 
ISir  WILLIAM  HUGGINS,  K.C.B.,  O.M.,  President,  in  the  Chair. 

A  list  of  the  Presents  received  was  laid  on  the  table,  and  thanks 
-ordered  for  them. 

In  pursuance  of  the  Statutes,  the  names  of  the  Candidates  recom- 
mended for  election  into  the  Society  were  read  from  the  Chair  as 
follows: — 


Adami,  John  George. 
Bone,  William  Arthur. 
OampbeU,  John  Edward. 
Dines,  William  Henry. 
Field,  Arthur  Mostyn,  Capt.  R.N. 
Forster,  Martin  Onslow. 
•Goodrich,  Edwin  S. 
Hopkins,  Frederick  Gowland. 


Lamplugh,  George  William. 
MacBride,  Ernest  William. 
Oliver,  Francis  Wall. 
Prain,  David,  Lieut.-Col.  I.M.S. 
Searle,  George  F.  C. 
.  Strutt,  Hon.  Robert  John. 
Whittaker,  Edmund  Taylor. 


The  following  Papers  were  read : — 

I.  '^  Further  Researches  on  the  Temperature  Classification  of  Stars. 
No.  2."    By  Sir  Norman  Lockyer,  KC.B.,  F.R.S. 

11.  "  On  the  Radio-active  Minerals."  By  Hon.  R.  J.  Strutt.  Com- 
municated by  Lord  Ratleigh,  F.RS. 

III.  ''  Atmospheric  Electricity  in  High  Latitudes."   By  G.  C.  Simpson. 

Communicated  by  Professor  A.  Schuster,  F.RS. 

IV.  "  On  the  Spectrum  of  Silicon,  with  a  Note  on  the  Spectrum  of 

Fluorine."    By  J.  LuNT.     Communicated  by  Sir  David  Gill, 
ELC.B.,  F.RS. 

V.  *'  On  the  Electric  Resistance  to  the  Motion  of  a  Charged  Sphere  in 
Free  Space  or  in  a  Field  of  Force."  By  G.  W.  Walker. 
Communicated  by  Professor  A.  E.  H.  Love,  F.RS. 


March  9,  1905. 

Sir  WILLIAM  HUGGINS,  K.C.B.,  O.M.,  President,  in  the  Chair. 

.A  List  of  the  Presents  received  was  laid  on  th^  tA3c\!^^  \^^\N^ctass^uk 
ordered  for  them. 


"% 


X 


March  30, 1905. 

IVof e(B8or  W.  A.  TILDEN,  Tioe-President,  in  the  Chair. 

A  List  of  the  Presente  receiyed  was  laid  on  the  table,  and  thanks 
<iirdered  Ux  them. 

The  following  Papers  were  read : — 

L  '*  On  the  Observations  on  Stars  made  in  some  British  Stone 
Circles. — ^Preliminary  Note."  By  Sir  Norman  Lockyer, 
K.C.B.,  F.XV.S* 

n.  "  On  the  Distribution  of  Velocity  in  a  Viscous  Fluid  over  the 
Cross-section  of  a  Pipe,  and  on  the  Action  at  the  Critical 
Velocity."  By  J.  Morrow,  Communicated  by  Professor 
H.  S.  Hele^haw,  F.B.S. 

in.  "  The  Direct  Synthesis  of  Ammonia."  By  Dr.  K  P.  Perman. 
Communicated  by  Professor  K  H.  Griffiths,  F.RS. 

IV.  "  The  Determination  of  Vapour  Pressure  by  Air  Bubbling." 
By  Dr.  E.  P.  Perman  and  J.  H.  Davies.  Communicated  by 
Professor  E.  H.  Griffiths,  F.R.S. 

V.  "  Note  on  Fluorescence  and  Absorption."  By  J.  B.  Burke. 
Commimicated  by  Professor  J.  Larmor,  Sec.  RS. 

VI.  *'  The  Determination  of  the  Specific  Heat  of  Superheated  Steam 
by  Throttling  and  other  Experiments."  By  A.  H.  Peake. 
Communicated  by  Professor  J.  A.  EwiNG,  F.R.S. 

VII.  **  The  Rdle  of  Diflftision  in  the  Catalysis  of  Hydrogen  Peroxide 
by  Colloidal  Platinimi."  By  G.  Senter.  Communicated  by 
Sir  William  Bamsay,  K.C.B.,  F.E.S.  h 

• 

VIII.  "  The  Theory  of  Photographic  Processes.  Part  II. — On  the 
Chemical  Dynamics  of  Development,  including  the  Microscopy 
of  the  Image."  By  S.  K  Sheppard  and  C.  E.  K.  Mees. 
Communicated  by  Sir  William  Eamsay,  K.C.B.,  F.RS. 


